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IMMPEAUCJ/IOBHE

TpeTtbe nsnanue nepsoro Toma «Kypca ofieit GH3MKU» TOYTH He
OT/IHYAeTCA OT BTOPOro H3AaHus. BHeceHl JIMILb HeGOJbIIHE lICNIPaB-
JIEHHA M YTOUHEHHA. B OCHOBHOM TEKCT OCTaJICi NPEXKHUM.

IlpH HanMcaHMM Kypca MBI CTPEMHJIMCH TIPEACTaBHUTh GI3IIKY He
KaK «3yGpH/IbHYIO» HAYKY, He KaK HEKOTOpblit 06beM HH(POPMELUIH, KO-
TOPBIff HYHO YCBOMTb, a2 KaK OYeHb YMHYIO, JIOTHUHYIO H KDPacHBYIO
HayKky. B kakoit cremeHM HaM 3TO yHa/locb — CYAHTb UYHTaTe.TlO.

Xopouwo co3HaBasi, 94TO MYXJOe PYKOBOACTBO CaMHM CBOIM BHIOM
JeiicTBYeT Ha CTy[eHTa yApyuaroule, Mbl CTPEMHJIHCh MO BO3MOZHOCTI
OrpaHHYNTb 0GBEM Kypca. DTO AOCTHrasoCh MyTeM TILATEIbHCTO OT-
6opa MaTepHasia, KOTOphHIH, O HalleMy MHEHHIO, C/Jef0BaJ0 BK/IOUHTH
B TPeXTOMHHK. KpoMe TOro, Mel crapanuce GbiTh KpaTKiMd (HO He
B yuep6 ACHOCTH H3JI0MEeHHS).

Hecmorpsa Ha cTpemJyieHHe K cokpauleHH!o oGneMa, Mbl COUTil Heol-
XOAUMBIM BKJIIOUHTb B KypC PAJ MaTeMaTHYeCKHX maparpagoB: O BeK-
TOpax, JIHHeHHbIX AuddepeHUHANbHEIX YPABHEHHAX, OCHOBHLIX MOHA-
THAX TEOPHH BEPOATHOCTEH M T. A. JTO CHeNIaHO IJA TOro, 4Tobhl NMpH-
IaTh COOTBETCTBYIOWYM MOHATHAM H COOTHOWEHHAM «(GH3HUECKYIOY
oKkpacky. Kpome Toro, mMatemarHyeckue «BKJIOYEHHA® MO3EOIAOT Npit
H3JMOKEHHH DH3HKH IBUraThCs Jafiblie Jaxe B TOM cjydae, ect (Kax
370 4acTo GblBaeT) B Kypce MaTeMaTHKH COOTBETCTBYIOUIMIL MaTepital
eme He ObLT PaccMOTpeH.

B oBnazenun ¢GM3MKOM OTPOMHYIO pOJIb MIPaeT CaMOCTORTE/IbHO2
pellleHHe HeTpPHBHaMbHBIX 3adady. Mbl He cuMTaev 1eJiecooOpasHblil
nomeuwlatb 3ajadll B OCHOBHOM Kypc. Jlyumie AOMoaHATbL Y4eGHHK OT-
NeNbHO H3JaHHBM 3aJauHMKoM. TakuM JOMOJHEeHHeM K JaHhoMy «Kyp-
cy obueit duanku» cayxut «COG0pHHK BONpOCOB M 3ajay no obuielt -
auke» M. B. CaBesibeBa, BoinyiieHHbIH H3gatenscrsoM «Haykas B 1982 r.

®dusuxa Ttpebyer OT yuwamerocs OOGZYMBIBaHHS, Ppa3MbllLIEHHI].
B ycBoeHnu MaTtepHasa OCHOBHYIO POJb JO/KHA HrpaTb MaMsTb JOTH-
yecKas, a He (opMma/jbHad. 3anoMiHaHHe JOMKHO JOCTHrATLCH Yepe3
ray6okoe noHuMaHnue, [Ipexae uyeM MpPHCTYNuTb K pa3Gopy BHIBOAL
KaKoro-it60 COOTHOIIEHHS, MOJEe3HO MOPAsMBIC/AHTL Hafd TeM, KaKIfl
MOXKeT ObITb 3TO COOTHOLIEHHE, NMpPeACTaBHTh cefe, OT KaKiX ¢aKkTopos
M KaK MOJKeT 3aBHCETb paccMaTpHBaeMmas BeJHYIIHA.



8 HPEJHNCJIOBHE

Tlpu pabore Haj KHUIOR cjiefyer o6pauiaTb BHHMaHIle Ha NPOCTOTY
(ecnu oHa MMeeT MecTO), CHMMETPHIO H KPacOTy MOJyYeHHBIX Pe3yJ/bTa-
TOB, TBITATLCH OLULYTUTh, YTO HCMBITHIBAJ TOT WM MHOH yueHLIH, cienaB
OTKDBLITHE WJIH TNOJYYHB BaXXHBIH pe3yJbTaT.

Y4eGHUK (DH3UKH HeJb3sl YHTATb «/JIexKa Ha AMBaHe», Haj HUM HYHKHO
paboTaTh «c KapaHJAlIOM B pyKax». TOJbKO NPH OCMBICTEHHOM, BIYM-
4{BOM TPYJe TpollecCc U3y4YeHHs (PU3MKH MpeBpallaercs H3 TATOCTHOH,
GespafocTHOH 06s13aHHOCTH B yBJleKaTesJbHOe, 3aXBaTblBaiollee 3a-
HATHe.

JlaHHBI KypC IpefjHa3Ha4yeH B IepBYI0 ouepelb AJA BTY30B C pac-
LIMpeHHo# nporpamMMoit mno ¢usMke. OJHAKO H3JI0KEHHE IOCTPOEHO
T4aK, YTO, ONYCTHB OTJE/NbHBIE MeCcTa, 3Ty KHHI'Y MOXKHO KHCHOJb30BaThb
B KauecTBe ydeGHOro mnocobusi Asifi BTY30B C OOBLIYHOH NpOrpamMmos.
B npexanociaHHBIX OCHOBHOMY TEKCTY METOAHYECKHX PeKOMeHIanHusXx,
HapsLy C IpyrHM MarepuajoM, NpHBeIeH OpPHEHTHPOBOUHBLIH MepeuyeHb
Kynop (T. e. U3BSTUH, COKpallleHH# B TeKCTe), KOTOPble MOXKHO ClieNlaTh
B cJy4yae HeZOCTAaTKa BPEMeHH JJIs1 H3yuYeHHA KHHIH B MOJIHOM ofbeMe.

Mocksa, aBryct 1985 r.

H. B. Casenrves



METOAUYECKHE PEKOMEHJIALMH

B HacTosmux pekoMeHJalUMsIX COAEPMATCA YKa3aHHUs Ha Te CTOPOHLI B CYIlecTae
HeKOTOpbIX BONPOCON, Ha KOTOphie 06kIY HO He 06 palllaeTcst JOJINHOTO BHINMaHUA. Kposie
TOro, NPHBOANTCHA OPHEHTHPOBOUHLIT nepeyeHb naparpacdoBs JHG0 OTIEIbHBIX a63:UEE,
paccMOTpeHHe KOTOPBIX He 00si3aTe/bHO B CJydYae HEXBATKH BPeMelM Ha H3yuyeHie
Kypca B MOJHOM obGbeMe. DTOT NepedeHb OTPAMAET JIHYHYIO TOUKY 3peliMsi aBnTopa
H HOCHT JIHLIb PeKOMEHAATeNbHbI Xapakrep.

1. Muorne ¢H3HuecKHe BelHYMHBI SBIAIOTCA BekTopuniMu. Iloatomy xopouwee
yCBOeHHe CBeeHHH O BEKTOpax, cojepxalixcs B § 2, ApasieTcA HeOGXOAUMOH npei-
IOCRIIKO# YcreluHoil paGoThl 'Hajl KHHIOH.

Cnenyer o6paTHTb BHHMaHHe 11a HETON(IECTBEHHOCTb Bhlpaxcenmii |Aa] (nau |da))
1 Aa=A|a] (unu da=d|a|). VHorna BcTpeuaercs cMellleHe 3THX ABYX BhIpaceHHii.

2. TlousTtre cpeaHero urpaer B HHU3HKe BaXHYI0 poJb. [TosToMy Hys(HO 106HTbCA
xopoutero ycsoenus hopmya (3.20) — (3.22). Crenyer noMuHTb, YTO cpelHHe GbBAIOT
pa3Hble: MOXKHO TOBOPHTb O CPeJHeM MO BPeMeHH, CpeliHeM Mo OTPe3Ky JHHUM (HamNpH-
Mep, MO Y4acTKy TPaeKTOpHH), MO NOBEPXHOCTH, IO oGLeMY, CPefHeM IO 4acTHLAM
HT I

Iosie3aHo NOMHHTB, 4TO CPERHee MO NMEpPHOAY OT KBajpaTa CHHYCAa HJIH KOCHHYca
paBHo 1/2. 310 u36aBHT B pALe CY4aeB OT HEOOXOAHMOCTH BBIYHCJATL COOTBETCTBY IO
LIHE HHTErpajLl.

3. BMecTo HeOHO3HAYHOI'O TEPMHHA «H3MEHEHHE» HYXKHO MOJIb30BATBCS TOUHLIMIH
TepMHHaMH «NpHPalleHner U «yOGblIby (CM. MOACTPOYHOE MpHMeYaHHe Ha cTp. 77). Yacto
DCTpeyaioleeca npesyGexaeHHe NPOTHB STHX TePMHHOB 06YCJIOBJIEHO TeM 06CTOATE. Tb-
CTBOM, YTO TePMHH <«NpHpalleHHe» acCOUHHPYETC C YyBeJHuYeHHeM, BO3PaCTaHHeM
BEJIMYHHDI, 2 TEPMHH «YGEVIb» aCCOLMHPYeTCA C yMEeHblUEHHeM, YObIBaHHEM BeJHUYHHEL.
3TH accoLMAUHH HeNnPaBOMepHbl, HX Haflo OTGPOCHTL M MCXOAMTb H3 ONpejeseniii:

NPHPZLIEHHe = dyoneun — Anawaawn = Aa (W da),
yObUIb = Gyayansn — dxonesn = — Aa (van —da).

W3 onpenesiennii BbITeKaeT, 4TO U NPHPAILEeHHe, U YOBUIb ABJAIOTCA anre6paHuecKuMH
BeJIHUHHAMH, T. €. MOTYT GLITb He TOJbKO MOJIOMHTEJNbHbIMH, HO M OTPHLATEJIbLbIMH,
B cayuyae oTpHLATeILHOTO NpHpaUleHisl JaHHAs BeIHYHHA He BO3PAcTaeT, a yMeHbllia-
eTcsl; B CJ1yYae OTPHILATeNIBbHOI yObLIH laHHAaA B IHYHHA He YMeHbILAeTCA, a BO3PAcTaer.
UTo6H MOKa3aTb HeNOCTaTOYHOCTb TepMHHA «M3MEHEHHe», COMOCTABUM ]88

¢GopMyJIRL:

Ajp=Ts—=T;=AT (cu. (19.11)),

Ap=U;—U.=— AU (cM. (22.1)).

B nepsylo ¢opMy/ly BXOAMT N p M p a Ul € H H € KHHeTHYeCKOo# SHepriH, BO BTOPYIO —
y 6 Bl 1 b NOTEHLHaJbHOH 3HepruH. Ecsan nosb3oBaTthesl B O60MX C/yYasix TEPMHHOM
«H3MEHEHHe», TO XapaKTep H3MEHEHHS OCTAeTCA HEOonpefeeHHbIM.

4. B § 14 «Ynpyrue cuibl» MOXHO OrpaltHiYMUTECA H3YHYEHHEM TOMbKO MNepBbIX
a63aleB, B KOTOPHIX HAET peub o 3akoHe ['yKa A1s npyXuHbl. OcTajabuylo yacTb napa-
rpaga, HauuHas ¢ abuasa, B KoTopoM npusoAuTes (opmyaa (14.3), MOXKIO onycTHTb.
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CootsetctBenno B § 20 «Pabota» MoxHO He paccMaTpuBath topmyay (20.3), a B § 25
«DHeprus ynpyroi fehopMalnu» MOXHO He paccMaTpuBaTh Gopmyian (25.2) — (25.5).

5. INaparpadm 30 «IBHxKeHHe B LeHTPaIbHOM noje cua» H 31 «3afaua AByx Ten»
MOXHO ONYCTHTb.

6. B §34 «Cuna Koprosauca» MOXXHO OTpaHHIHTBCA BEIBOJOM hopMyanl (34.3) pis
cay4as ABHXKEHHS Tesa 1o OKPYKHOCTH H BBICKA3aTh 63 J10Ka3aTe/1bCTBA YTBEPHKIeHHe
0 TOM, 4To 3Ta ¢opMyJia CripaBefanBa H B JI060M ApyroM caydae. Yactb naparpada,
HauMHaPILYIocs ¢ ab3ala, B KOTOPOM colepKuTes opmyna (34.4), n 3aKanyiBaoLLy I0-
ca abaaleM, B KOTopoM JaHa dopmyaa (34.16), MOXHO HCK/IOUHTE.

7. Naparpad 35 «32KOHBI CcOXPaHeHHSI B HEHHEPLUAJbHLIX CHCTEMAX OTCYeTa»
MOXHO ONYCTHTb.

8. IMaparpag 40 «IToHsATHE O TeH30pe HHEPLUHH> MOKHO HCKJIOYHTh, PABHO KaK H
BTOPYIO 4acTh § 41, B KOTOpO#H BEIBOAHTCA BbipaXKeHHC KHHETHUECKOH 3HeprHH uepe3
Tensop uHepuuH. OfHaKO cleayeT o6paTHTh BHHMAHHe y4allHXCst HA TO, 4TO dopMyJa
(41.1) cnpaBefnuBa JHIUb B HEKOTOPEIX 0CcOBBIX C.Iyuasx (cM. mocaennui a6sau § 41).

9. lNaparpad 44 «['MpocKOnbl» MOMXKHO HCKJIOYHTh.

10. B § 46 «paBHTaUHMOHHOE MO.Ie» MOXHO OMYCTHTh BTOPYIO 4acTh, HayHHa0-
myrpocs ¢ a6aaia, caexylowero 3a dopmyJoit (46.7).

11. B § 47 Mox10 ONYCTHTb ONMHCaHHe ONbITa STBella.

12. B § 60 «Brnyx1eHHBle Kole6aHAA» JOCTATOYHO PacCMOTPETh TOJbKO OXHH H3
JIEYX TIPHDEJIeHHBIX CocOBOB HaXOXAEHHS YaCTHOrO pellleHHs: Jnbo cnocob, HCmogb-
3YIOLHA KOMILIEKCHYI0 GYHKLUMIO, JH60 cnocob, 11Cno.Ib3yIOmMi BEKTOPHYIO AHa-
rpammy.

13. B § 63 npeo6pa3opanus JlopeHua MoXHo AaTh Ge3 BmBoza. llesecoo6pasno
3aMOMHUTL 5TH npeoGpa3oBaHus B dopme (63.17).

14. B § 68 BuBon dhopMyanl (68.4) MOXHO ONYCTHTb.

15. TnaBy- 1X «['MApOAMHAMHKA» B MHHMMAJbHEEIH BapHAHT NMpPOrpaMMbl MOMKHO
He BKJIOYaTh.

16. B § 95 «Uncno yaapoB MOMEKYJT O CTEHKY» MOXHO OrPaHHYHTBCA YNPOUIeH-
HBIM BEIBOAOM thopMmyanl (95.7), OTMETHB, 4TO 60Jiee CTPOTHil BHIBOA NMPUBOXMUT JHIUb K
Gosee TOYHOMY SHAUEHMIO HHMCJIOBOro Kospduumenta: 1/4 BMecto 1/6. Tekct ke, co-
JepxKawuit popmyarl (95.1) — (95.6), MOXKHO MCKIIOUHTB.

17. B § 96 «JlaBieHHe rasza Ha CTEHKY» TaKKe MOXKHO OTPaHHYHTLCS BBIBOAOM
tdopmyant (96.4), ONYCTHB BHKJIAAKH, NpHBoAAmMHEe K dopmynam (96.1) n (96.2). Cae-
AyeT NMOXYepPKHYTh, YTO, HeCMOTPSA Ha YNpOIUIeHHHH BHBOA, Pe3yIbTAT AJs AaBJIECHHS
Tio/1yyaeTcss TOYHBIM BIUIOTh A0 3HAUeHHA YHCJOBOro KostbHuueHTa.

18. B § 98 «Pacnpenesienne MakcBeasa» MOXHO He pacCMaTpHUBATh BHIBOX Y HK-
uuf (98.13) u (98.14), a Taxxe BEIYHC/IEHHe 3HATEHHA HOPMHUPOBOYHOrO MHOXKHTENS A
H HaxoxJeHHe Buipaxkenus (98.26) pnfA cpenHell CKOPOCTH MOJEKYJI.

19. B § 103 «duTponus» MOXHO ONYCTHTb TeKCT, HauyWHAWWIMHACA c a63ana,
cienytomero 3a opMyJsiof (103.4), u 3akanunBawoowuiica nepex opmyoir (103.20),
OrPaHHYHBLINCE YTBEpXKAeHHeM: «MoXHO N0Ka3aTe, 9TO B Xofle 06paTHMOro mpouecca,
COMPOROKJAIOIEIOCH COCGIIEHHEM CHCTeMe H3BHe KoJauuecTBa Tenna d’'Q, SHTPOMHS
CHCTEMBI TIOJIy9aeT npHpameHHte, onpefensieMoe dopmysoit (103.20) (nonyuaromas Ha-
BHe TeIVIO CHCTeMa MIBJISETCA HeH3OJHPOBaHHOH, NMOSTOMY ee SHTPONHA He obf3ana
COXPaHATBCA B XOAe Ipolecca)s.

20. Maparpager 106 1 108 MOXHO ONYCTHTB.

21. B § 109 «TepmonnHaMuyecKHe MOTEHLIHANL® MOXHO OrpaHHYMTBCA PACCMOT-
PeHHeM JIHIIb TEKCTa, OTHOCAWIEToCcA K CBOBOAHON 3Hepruu, jo dopMyas (109.12)
BKJIIOUHTE/BHO.

22. B § 111 «Kraccugukanus KpHCTaANOB» He clefyeT CTapaThCA 3aNOMHHTb
Ha3BaHHA M OMNpefiesleHUd KPUCTALIOrpadMyecKHX CHCTeM.

23. Maparpagd 113 «dedekT B KPHCTANIAX» MOMKHO HCK.IIOUHTB.

IoauepkHeM elle pas, uTO NPHBEEHHBIA NepedeHb COKpalleHu i ABAsAeTcA cyry6o
OPHEHTHPOBOYHBLIM. B 3aBHCHMOCTH OT OGCTOSITENECTB OH MOMKET GHITb M3MEHEH HJH
pacliipey IO YCMOTPECHHIO NpelojapaTeis.
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®usuka ectb nayka o HauGoJsee OGUIHX CBOHCTBAX I
dopMax IBHXEHHS MaTepHH.

Kaaccuueckoe onpeaesende Matepuu naxo B. H. Jlenu-
HBIM B ero KHure «MartepHanuam H 3SMIHPHOKPHTHIH3M»:
«Matepus ectb ¢us0codckas KaTeropusi s 0O603HayeHUs
0OBEeKTHBHON peasbHOCTH, KOTOpas faHa ueJ0BeKY B ollyile-
HHUSAIX ero, XKoTopasi Konupyercs, ¢otorpadupyercs, orobpa-
aeTcqd HaLUHA OL[YLIEHHAMH, CYLIeCTBYsl He3aBHCHMO OT
HHX» '). B aToM onpesesieniy CyluecTBeHHb! ABa NOJOXKEHHA:
) matepus — 5T0 TO, 4YTO CYIIeCTBYeT OGBEKTHBHO, T. €.
He3aBHCHMO OT Ybero 6bl TO HH GBLIO CO3HAHHS MJH Ollylle-
HHMA, ¥ 2) MaTepusl KomupyeTcs, oToOpaxaeTcs HalIUMHU
OUYIIEHHUAMH H, C.1elOBaTe/bHO, [103HaBaeMa.

M3 omnpenenennst ¢H3ukH cregyer, 4To B HeH cocpefo-
TOUHBAETCSl YueHHe O HaHGoJiee OOGLIHX CBOHCTBaX H ABJe-
HHAX BHellHero Mupa. Kak oTMeTHs B OZHOH M3 CBOHMX CTa-
teft akagemuk C. Y. BaBunos, «npelensHass o6LUIHOCTL 3Ha-
YHTeJIbHOM YacTH cofepxkaHusl QU3UKH, ee (PAKTOB H 3aKo-
HOB HCKOHH cOJHxkasta ¢H3HKY ¢ dunocodueit... Muorna
¢hH3HYeCKHe YTBEepXKAEHHS NO CBOEMY XapaKrepy TaKOBHI,
YTO HUX TPYAHO OTJHYHTL M OTAGJHTb OT HJIOCOGCKHX
yTBepXKIAeHHU{l, U QU3HK 06s3aH ObITh (HIOCOPOMY.

B Hactosiee Bpems 1i3BecTHBHI ABa BHAA MaTepHHU: Be-
mecTBO M moJe. K mepBoMy BHAY MaTepHH — BelIeCTBY —
OTHOCATCS, HampHMep, aTOMBI, MOJEKYJBbl K BCe NOCTPOEH-
Hble M3 HUX Tes1a. Bropoft BHI mMatepiun o6pa3yoT 3JeKTpo-
MarHHTHBIE, T'PaBHTAlLHOHHBIE H JpyrHe noas. Pasnuuibie
BHABI MaTepHH MOTYT NpeBpauiathcs APYr B apyra. Tak,
HanpHMep, 3JeKTPOH M NO3HTPOH (mpeAcTaB/sAollHe COGOH
BellleCTBO) MOTYT NpeBpauiaTbcs B QOTOHHI (T. €. B JEKTPO-
MarHuTHoe moJe). BoasmoxceH M o6paTHBI npolecc.

1) B. M. J1 e u u 1. Moxuoe co6panue counnenni, T. 18, crp. 131,
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Matepuss HaxoAMTCA B HENPEPLIBHOM JBUMKEHHH, IOI
KOTOPBIM B AHAaJEKTHYECKOM MaTepHaJju3Me !) MOHHMaercs
BCSIKO2 H3MeHeHHe BooGlle. [IBHkeHHe NpPencTaBasieT cofoit
HeOTBEM/IEMOE CBONCTBO MaTeplH, KOTOPOE HECOTBOPHMO
H HeYHUUTOXKUMO, KaK M cama martepusi. Marepus cyiuecrt-
ByeT U JBMIKETCA B NPOCTPAHCTBE M BO BpPeMEHH, KOTOpPhLIE
ABASIOTCA (GopMaMM GLITHA MaTepHI.

@1i3MyecKHe 3aKONBI YCTAHABAHBAIOTCA Ha OCHOBe 060G-
IIeHHA ONBITHBIX (akTOB M BHIPAMAIOT OOBEKTHBHBIE 3a-
KOHOMEPHOCTH, CYLIeCTBYIOLUIMEe B TNpHpoje. IDTH 3aKOHEBI
OGLIYHO (POPMYJHPYIOTCA B BHAE KOJHUYECTBEHHLIX COOTHO-
IieHMH MeXIy pasJMYHBIMH BeJHYHHaMH.

OCHOBHBIM METOIOM HCCNeJOBaHHSI B (pM2HKE SIBJIAETCA
ONBIT, T. €. HaOJIOfeHlle HCCJIeIyeMOro SIBJIEHUSI B TOYHO
KOHTPOJIMPYEMBIX YCJOBHAX, TNO3BOJAIOMIUX CJAEAHTh 3a
XO0JI0OM fIBJIEHHS1 H BOCCO3[laBaTh ero Kaxjplil pas npu rmno-
BTOPEHHH 3THX YCJOBHH. DKCNEPHUMEHTAJbHO MOTYT OLITh
BLI3B2HLl SBJIEHHS, KOTOpHIE eCTeCTBEHHO B INPHPOJEe He
Ha6monaorcss. Hanpumep, U3 yuc/a M3BeCTHEIX B HACTOS-
Llee BpeMs XHMHUYECKHX 3JIeMeHTOB §oJiee JeCSTH B IpHpoJe
NoKa He OOHapyXeHbl M OBIM NOJYYeHBI HCKYCCTBEHHBIM
nyTeM C NMOMOIUIbIO ANEPHBIX DeaKIHH.

[na o6bACHEHHA 3KCNEPHMEHTaJIbHLIX JaHHLIX MpHBJe-
KaloTcsl THUNOTe3bl. ['MMoTe3sa — 3T0 HayyHOe IIPeRnoJIoxKe-
HHe, BbIBUTaeMoe 1/ OOBACHEHHA Kakoro-an6o axra
WM ABJeHHs H TpeGylolllee NMPOBEPKH H J0Ka3aTesbCTBA
LJISL TOTO, YTOOBl CTaTh HAayYyHOH TeopHeHd HWJH 3aKOHOM.
INpaBuabHOCTE BLICKa3aHHON THINOTE3Bl NpOBepsAeTcs Io-
CPeNCTBOM IIOCTAHOBKH COOTBETCTBYIOIIMX OIBITOB, NyTeM
BHISICHEHII A1 COTJIACHS CJAeLCTBHI, BBITEKAOMINX U3 THIIOTE3EI,
C pe3ysnbTaTaMd ONMBITOB M HaGJMIONeHHH. Y ClellHo Npoilen-
mas TaKyl NPoBepKy M JOKa3aHHas I'MMoOTe3a NpeBpaula-
eTCsl B HAY4HBIH 3aKOH HJM TeOpHIO.

®p3uueckas TeopHA TNpelcTaBAseT co6oi cHCTeMy oc-
HOBHbIX lJeH, o606lIamlX ONbITHBIE JaHHBle M OTpaxa-
IOIMUX OGBEKTHBHBIE 3aKOHOMEPHOCTH NpPHpoARl. Pusuue-
cKast TeopHsA JaeT oGBLACHeHHe LeNOH ob6JacTH sBJeHHi
INPUPOIALI ¢ eAMHOH TOYKH 3peHus.

1) InanekTuueckKHit MaTepHasu3M — husocopuss MapKCH3IMa-JeHH-
HH3Ma, HayyHOe MHPOBO33peHHe, BCeoOlHi MeTOl MO3HAHHMA MHpA,
Hayka O HauGoJee OOLIMX BaKOHaX ABHMIKEHHS M Pa3BMTHA NPHPOIH,
ofwecTBa H MblwIeHus, JMajexkTiidecKuit MaTepHananaM OCHOBBIBAETCS
Ha JOCTHXEHIIX HayKH M NepefRoBOH OOMIECTBEHHOH INPaKTHKH, TMo-
CTOSIHHO pa3BHBaeTc H oforaiulaerca BMecTe € HX TIPOrpeccoM.
JnaiekTHUeCKHIT MaTeplasMi3M — Bbicluas hopma MaTepHanusMa, npeg-
crasasioulas cofoff MTOr BCeit TNpejulecTnyiouwleit HCTCPHH Ppa3BHTHA
(11.10CGHCKON  MBICITH,
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du3NKy NOAPasgeNsloT Ha TaK Ha3biBaeMyio KJaccHyec-
Ky ¢u3nky M ¢U3HKY KBaHTOBYI0. Knaccuueckoil Hasbl-
BaeTcss Ta ¢U3MKa, co3naHHe KOTOpoH Obl1O 3aBeplieHO
B Hauase XX cronetus. Hayano KJaccuyeckod QU3NKH
6u110 nosoxkerio HbloToHOM, cdopayTHpOBaBIIHM OCHOBHbIE
3aKOHbl KJacclueckoil nexaHHkH. HbloTOHOBCKas MexaHHKa
0Ka3ajaCb HaCTONbKO MJIOJOTBOPHOIT, HaCTOJAbKO MoOrylile-
CTBEHHOH, YTO Y (U3HKOB CJOXKHJIOCE NpeaCTaBJIeHHe
0 TOM, YTO JioGoe (pH3IUECKOe sIBJEeHHE MOXHO OOBACHHUTH
C NOMOLLBIO HBIOTOHOBCKHX 3aKOHOB.

Co3maHHOe K KOHIly NPOILJIOro CTOJIETHS 3JaHHe. KJac-
cuyeckoit (M3uKU Gpl10 OueHb CTPOHEBIM. DoO/BLIMHCTBO
(hu3HKOB 6blM10 YGEeXKAEHO B TOM, HYTO OHH Y2Ke 3HAIOT O MpH-
polle BCe, YTO MOXHO Ok10 y3Hath. OnHako HauGosee npo-
HULaTe/ibHEle (U3HKHM TOHHMAJM, YTO B 37aHMM KJaccuye-
ckofl ¢u3vkH ectb cnabule Mecra. Tak, HanpHmep, aHIVIMH-
ckuit ¢pusux Y. Toncon (on ke sopa KenbsuH) roBopui,
YTO Ha TOpU30OHTe Ge306/Ma4HOTO Heba K/1acCHYeCKOH (hU3HKH
IIMElOTCSl ABa TeMHBIX ofJauka: Heyjaya MOMNBITOK CO3fa-
HHS TEOPHH H31yueHus abCOMIOTHO YepHOTO Tea ¥ NPOTHBO-
peunBoe TnoBeleHHe 3pMpa — THUNOTeTHYECKOH cpexbl, B
KOTOpOii mpeAnoJ/aranock pacnpocTpaHeHHe CBETOBLIX BOJIH.
HacroiiynBble nonbiTKH npeononieTb 3TH 3aTPYIAHEHHS NPH-
BeTH K HEOXHAaHHBIM pesysabraTam. [as Ttoro urobnl pe-
IIMTh MpoGJeMbl, OKa3aBlIHeCs HemOCHAbLHBIMU AJISl KJ1acCH-
YyecKkolf (M3HMKH, NPHULIOCL KOPEHHLIM 0Gpa3oM mepecMoT-
peTb CJOXKHUBILHECSs,, NPHUBLIYHbIE NpeACTaBJeHHA M BBECTH
NOHATHA, UYYXKAble AYXY KJaaccuueckoH ¢H3ukH. Bpens
npeicTaBJeHHe 00 MCNYCKaHHM CBeTa OTAENbHLIMU TNOpUH-
ssMH — KBaHTaMHM, Makc Ilnank (1858—1947) B 1900 r.
pelinT 3ajauyy ob u3anyyeHUH abCOJIIOTHO YepHOro Tesa.
Taxnn obpasom, Ha nopore XX cTOJIETHS NOSIBHJIOCDH TOHS-
THe KBaHTa, Hrpaiolliee B COBPeMEeHHOH (H3HKe HCKJIOUH-
TeJIbHO BaXXHYIO POJib I NpHBejlllee K CO3/JlaHNI0 KBaHTOBOMH
MeXaHMKH.

IlpoTHBOpeYHBOCTL ONLITHBIX (PAKTOB, Kacawlluxcs 3¢H-
pa, nobyausaa AnsGepra Diiniureiina (1879—1955) nepecmot-
peThb cyHTaBluMecsi cO BpemeH HEbloToHa oueBHAHBIMM Npel-
CTaBJIeHHs O HpPOCTpaHCTBe M BpeMeHH. DTO INpHUBEJIO K
CO3JaHHIO TEOPHH OTHOCHTENLHOCTH, KOTOpas JaeT AJIs Ted,
JABHXKYIIMXCA CO CKODOCTAMH, 3aMETHBIMH N0 CpPaBHEHMIO
CO CKODOCTbIO CBeTa, ypaBHEHHs ABHXKEHHH, CYLIeCTBEHHO
OT/IHYaKIilMecs OT YpaBHeHHIl HBIOTOHOBCKOH  Mexa-
HIIKHM.

B 1897 r. Gbl1 OTKPBIT 3JEKTPOH, MPHYEM BLISCHHJIOCH,
YTO 3JIEKTPONLI BXOAAT B COCTAB aTOMOB BCeX XHMHYECKHX
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3semeHTOB. TaknM 06pasoM, GBLIO YCTaHOBJICHO CIOXKHOE
CTPOeHHMEe aTOMOB, CYHTaBIIHXCHA TNpexJe HeAeJHMBIMH.

Hrak, Hagano XX BeKka 03HaMeHOBAaJOCh B (pHU3HKe
KODeHHOHl JIOMKOiH LeJoro psiia NPHBBEIYHBIX NOHATHH I
npencraBienufi. Hobble ¢uanyeckHe OTKPHITHA M TeODHH
paspymajnu CcJAOXKHUBIIMeCS Yy (PU3HKOB IPEACTaBJEHHA O
CTPOEHHH BelllecTBa, YTO ObIIO BOCTIPHHATO HEKOTOPLIMH
¢du3MKaMH KaK HCUe3HOBeHHe MaTepHH. MHorue ¢Qu3HKH
BlaJdH B HAeanH3M W HayaJcsi KpH3UC (H3HKH.

JleHHH B KHHMre «MarepHasuaM H SMIHPHOKPHTHIIH3MY,
HanucaHHot B 1908 r., Jan YHHUTOXAKOLLYIO KDPHTHKY
«buanveckoro» Hfeanuama. OH noKasaJ, YTO HOBbIE OTKpHLI-
THS CBHJETENBCTBYIOT He 06 HCYe3HOBEHHH MaTepuH, a 06
IICUe3HOBEHHH TOro npejesa, A0 KOTOpOro 3HaJjHM MaTepHio
Io Tex mop. «, MaTepus ucuesaer”,— nucaa B. V. Jlenun,—
5TO 3HAYHT HCYe3aeT TOT Npeje.], 10 KOTOPOro Mbl 3HaJH
MaTepHIo JI0 CHX MoOp, Halle 3HaHKe HJeT riy6Ke; HCYe3aroT
TaKHe CBOHACTBA MaTepHH, KOTODhle Ka3aJuchb paHblle
a6CoMIIOTHEIMM, HeH3MeHHBIMH, epBOHAYaJbHEIMH (HEMPOHH-
11aeMoCTh, MHeplIHA, Macca ¥ T. II.) U KOTOphle Tenepb O6Ha-
PYXKHBAIOTCs, KaK OTHOCHTE/BbHEIE, NDPHCYIIUE TOJBKO He-
KOTODLIM COCTOSTHHAM MaTepHH. HM60 eduncmesenroe | cBoOIii-
CTBO” MaTepHH, C MpHU3HaHHEM KOTOPOro CBs3aH (pujaocod-
CKHH MaTepHaiu3M, €CTb CBOHCTBO Obitne 006BeKMUBHOLL
peaisHocmelo, CYLIeCTBOBATb BHe HAlllero CO3HaHHSA» !).

INpouecc mosnannsi mupa Geckoneuen. Hawm 3HaHHSA
Ha KaxJo#l JaHHOH CTYNEHH Pa3BHTUA HaYKH 06YCJIOBJIEHBI
HCTOPHYECKH NOCTHTHYTHIM YPOBHEM NO3HaHHA M HE MOTYT
CYHTATBCS OKOHYaTeJNbHbIMH, noJaHbiMH. OHM no Heo6xonu-
MOCTH SIBJISIIOTCS OTHOCHTEJbHBIMH 3HAHHAMH, T. €. HYX-
JaloTcs B JasbHeflleM pa3BHTHH, B JajbHelilliell mpoBepKe
U yToyHeHHH. BmecTe ¢ TeM, Bcsikas NOAJIMHHO HaydHas
TEOPHUsI, HECMOTPS Ha CBOIO OTHOCHTEJBHOCTh H HEMOJHOTY,
COJIEPXKHT 3JEeMEHTEI alCOJIIOTHOro, T. €. NMOJHOTO 3HAaHHS,
O3HayaeT CTYNeHb B NMO3HaHMH o6LeKTHBHOro Mupa. Hampu-
Mep, MeXaHHKa, OCHOBaHHas Ha 3akoHax HeioToHa, crporo
roBops, HeBepHa. Ho nn1s HekoToporo kpyra siBieHHiH 3Ta
MeXaHHKa BIIOJIHE YNOBJIeTBOpHTeNbHAa. TakuMm ofpa3oM,
pasBUTHE HayKHM He IepedepKHYJNO HBIOTOHOBCKYIO Mexa-
HHKY, OHO TOJIbKO YCTQHOBMJIO Tpefesbl, B KOTODHIX OHa
cnpaBeAInBa. HbloToHOBCKasi MexaHHKa BOIUJIa KaK CoOC-
TaBHaf 4acTb B ofllee 31aHHe (H3NUECKOH HaYKH.

Hawano XX Beka xapakrtepusyercsi HACTOHYMBBIMH
TMONbITKAMH NPOHHKHYTh BO BHYTPEHHeE CTPOEHHE aTOMOB.

1) B. . Jl e n n 5. Ioauoe cobpanne coyunennst, T. 18, crp. 275.
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KnoyoM K BLISICHEHHIO CTPOEHHSI aTOMOB IIOCJYMHJIO M3V-
yeHMe aTOMHbIX cnekTpoB. IlepBbiif pasuTenbHbIli ycrex
B OOBSACHEHHH HaGJIONaeMblX CIEKTPOB INpHHecJa TeOopHs
atoma, passurass Hunbcou Bopom B 1913 r. Onnako 3ara
TEOPHsI HOCHJIA SIBHEIE YepThl HENOC/eJ0BaTe/]bHOCTH: Ha-
PALY C NOJAYHHEHHEM ABHXKEHHS 3/JeKTPOHA B aTOMe 3aKOHAM
KJaccHyecKofl MeXaHHUKH, OHa HaJjaraja Ha 5TO JABH)KeHHe
crelHaJbHble KBAaHTOBble OrpaHHYeHHs. 3a 3Ty Henoc/elo-
BaTeJLHOCTb TEOPDMH BCKOpe TPHILIOCH pacnjJaTHTbCA.
Ilocne nepBbIX ycnmexoB B OOBLSICHEHHHM CHEKTpa NpocCTeit-
11ero aToMa — BOJOpOJa — OOHapYKHJIach HeCMoCOBHOCTh
Teopu Bopa OOLACHHTL MOBefleHHE aTOMOB C ABYMA I
6O IbITUM YHCJIOM 3J1eKTPOHOB.

Ha3pena HeoGXoIMMOCTb CO3J1aHHS HOBOi LEJOCTHOI
Teopun aToMoB. Hauaso cospanuio Takoi TeopuH O6bl10
nojgoxeHo B 1924 r. cmenoit runortesoit Jlyn ae Bpoiins.
K Tomy BpemeHH OBLIO M3BECTHO, HTO cBeT, OYAYYH BOJIHO-
BBIM IIPOLIECCOM, BMeCTe C TeM B psifie cayuaeB oGHapyxXi-
BaeT KOPNYCKYJAPHYIO TNpHpoAy, T. €. BeleT cebs Kak
notok uactui. Jle Bpoltsnp BbICKa3aJ MEICJb, YTO M YaCTHLLI
BelllecTBa, B CBOIO Ouepellb, AO/KHB OGHapyXHBaTh Npil
onpeneseHHEIX YCJOBHSX BOJHOBble CBOMHCTBAa. ['HmoTesa
ne Bpoitna Bckope nosyuusa GJecTsiillee SKCHepHMEHTa ] b-
HOe NOATBepXKJleHHe: OblIO A0Ka3aHO, YTO C YacTHUAMH Be-
1eCTBa CBSI3aH HeKHil BOJHOBOH NpoOLecC, KOTODHLIA MOJ/IKEH
OBITH YYTEH DU paCCMOTPEHHH MeXaHHKH atoMa. Pe3y.bra-
TOM 3TOr0 OTKPBITHS 6blJI0 co3aanne DpBrHoM HlpennHrepom
1 Bepnepom TIefizen6eprom HoBO# ¢H3MUeCKOH TeOpHH —
BOJTHOBOII MJIM KBaHTOBOH MexaHWKH. KpaHTOBasi MexaHHKa
NOCTHIJIa NOPa3HTeJIbHEIX YCNEeXOB B OOGBACHEHHH aTOMHBIX
TIpOLIECCOB M CTPOEHHS BellleCTBa. B TeX cJayyasix, KOraa
yaaJjoch Npeofo/ieTb MaTeMaTHYecKHe TPYIHOCTH, GbLJIH ITO-
JIV4eHBI pe3yJIbTaThl, NPEBOCXOAHO COTJacyoUHecs C Ombl-
TOM.
Ilocnennne pecATHJIETHS O3HaMEHOBAJHCh 3aMeyaTellb-
HBIMH JIOCTHXKEHHSIMH B 06JacTH M3YyYyeHHUs] aTOMHOro sipa.
YyeHble N MHXeHepbl B TAKOH CTENEHH OBJIaJeNIN SAePHBIMI
npoieccaMH, 4To CTalO BO3MOMXHLIM NPaKTHYECKOe HCMOJb-
30BaHHe s/lepHOit sHepruu. CoBeTcKOM (hH3UKe NPHHAAIEKHUT
B 3TO#f 06/1aCTH OJHO H3 Beayulux MecT. B yactHocty, B CCCP
6blna co3flaHa mepBasi B MUpe aTOMHas SJIeKTpOCTaHIHA.

HaxkoHen, B nocjefHHe roibl CTeHbl JlaGopaTopui, CO3-
INaHHBIX PYKaMH YesoBeKa, GbIIM Pa3ZBHUHYTHI 3a Mpefe/nl
semMHoro mapa. 4 oxts6pa 1957 r. B Coserckom Corose
BriepBble B UCTOPHH ObLJ 3aNylleH HCKYCCTBEHHBIH CMTYTHHK
3eMJH, KOTOPHII NpencTaB/isaa cofoil HeGoaburyio Jgaboparto-
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PHIO, OCHAM[eHHYIO Hay4YHO-HCC/elN0BaTeNbCKOH anmnapary-
poit. 12 anpens 1961 r. coBepiuisc nepBEI B MHpe MOJET
uesioBeKa B KOCMHUeCKoe NpocTpaHCTBo. [lepBblit coBeTeKI:ii
kocMoHaBT [Opuit AnekceeBuy Iarapun o6setes BOKpYT
3emsan u GaarononyuHo npusemmicsa. B CoBetcKoM e
Coto3e GLITH CO3AaHLI MEPBble KOCMHYECKHE PAaKeThl, KOTO-
pHle MOKHHYJH cdepy 3eMHOro NpPHTAMNEHHSA M Nepefadil
Ha 3eM/II0 ¢ MOMOIIBIO PaHOCHI'HANOB UEHHBIE Pe3yJbTaThl
HCC/IeNOBaHMH KOCMHYECKOro NPOCTPAHCTBA M, B YaCTHOCTI,
dotorpaduu obpatHoil ctopoHsl JlyHer. B 1969 r. amepi-
KaHCKi{e acTpOHaBThl nobeiBann Ha Jlyne. B 1975 r. ngme
COBETCKHe aBTOMaTHYeCKHe CTAHLIHMH COBEPIUHJH MATKYIO
nocaaky Ha BeHepe M nepejanu lLeHHYIO HHGDOpManHio o
(dH3HYeCKHX YCJOBHAX Ha 3TOH [JIaHeTe, a TaKxKe ¢oOTo-
rpagHu ee NoBepXHOCTH.

ITocnieanue roapt 03HaMeHOBaJHCh GOJBLIMMH HOCTHKe-
HHSIMM B 00JIaCTH (PU3HKH 3JeMeHTapHBIX 4acTHL, Ympas-
JIIeMOr0 TEPMOSIEPHOTO CHHTe3a, KBaHTOBOH 3JIEKTPOHHKII,
(M3HKH TBeploro Tesa H T. A.

XXVII cwe3sn Kommynucruyeckoit naptuu CoBeTcKoro
Corosa yTBepAMJI B KayecTBe OCHOBHOM 3afauM YCKOpeHie
COLHANILHO-3KOHOMHYECKOTO Pa3BHTHA Halllelf CTpaHbl, yn-
poueHHe mHpa Ha 3emae. Ilns peluenus 3ToH 3axaym He-
06X0NMMO YCKOpEHHe Hay4yHO-TeXHHYeCcKOro nporpecca, B
KOTOPOM BaKHasi POJib NPHHaIJIEXKHT Hayke. B obmaciui
€CTECTBEHHBIX H TEeXHHYECKMX HayK CBbe3], MOCTaHOBH.I
Pa3BHBaTb TEOPETHUYECKYIO M MPHKIAZHYIO MaTeMaTHKY,
HHQOPMATHKY U KHOEepHETHKY, GH3HKY 3JeMeHTapHBIX
YacTHl, aTOMHOTO fiipa M TBepJOro TesJa, MHKPO- M KBal-
TOBYIO 3JIEKTPOHHKY H ONTHKY, PaZHO(pH3HKY, a TaKxe
HceeloBaHUs B 06JacTil aTOMIION H TCPMOSLACPIION 3licp-
FeTHKH, TnpeoGpasoBaHHsl H Mepefaul 3JEKTPOIHEprui,
OCBOEHHS HeTPaAMLHOHHBIX HCTOYHHKOB 3HeprHd. Pelennc
3THX nNpob6/JeM c034acT HeoGxo/uMble NPeANnOChUIKH I.151
KapAMHANBHOrO YCKOpEHHs HayYHO-TeXHHYeCKOro nporpec-
ca M TeM caMbiM JJIfl pelleHHs OCHOBHOI 3ajayH — YCKO-
peHHus counanbHo-3KoHOMuueckoro passutus CCCP.



UACTHDBI
®U3UYECKHUE OCHOBbl MEXAHHKH

FrMTABAI
KHHEMATUKA

§ 1. MexanHuecKoe IBHMeHHe

[Npocteitiveii dopmo ABHKEHHSI MaTepHM sIBJASETCS MeXaHHuecKoe
IBHXKEHHE, KOTOpPOe COCTOMT B NepeMelleHMH Tes HJAH HX yacTed ApyT
OTHOCHTEJbHO apyra. IlepemelneHust Ten Mbl Hab.lojaeM NOBCEIHEBHO
B obObeHHOH >ku3HH. OTclola clefyeT HarjsjHOCTb MeXaHHYeCKHX
npepcTaBJgeHH. DTHM ke OOBACHSETCS TO, UTO M3 BCEX €CTECTBEHHBIX
HayK MeXaHHKa Tpex/e APYTHX NoJyuuja IIMDOKOoe pasBHTHE.

COBOKYINHOCTb TeJ, BblieJeHHass AJs DacCMOTPeHHs, Ha3blBaeTcs
MexaHHuecKoON cucTemo ii. Kakue Teaa cienyer BKJIOYUHUTD
B CHCTeMY, 3aBHCHT OT XapaKrtepa pellaemofi 3ajaud. B yacTHom cnydae
CHCTEMa MOMET COCTOATB U3 OJHOrO-eIHWHCTBEHHOro Tena.

Bhiile 6b1710 YKa3aHO, UTO JBHXKEHHEM B MeXaHHWKe Ha3blBaeTcs
H3MeHeHHe B3aHMHOro pacnoJioxeHus Tesa. Ecam BooGpasutb cebe
OTHeJbHOE H30JHPOBaHHOE TeJ0, Haxojslleecs B NMpPOCTPaHCTBe, Tiae
HeT HHMKaKWUX APYTHX TeJ, TO Mbl HE CMOXEM TOBOPHTb O ABHXKEHHII
TaKoro Teja, MOTOMY UTO HET HHYEro, MO OTHOIIEHHIO K UeMYy 3TO TeJo
MOrJI0 6Bl U3MeHsITh cBoe moJjoxeHue. OTcloga caefyer, YTO e€CJaH ML
cobupaeMca H3yyaTb JABMMEHHE KaKoro-1ubo Teta, To o6si3aTeNbHO
HYXHO YKa3aTb, 110 OTHOWIEHHIO K KaKHM APYTHM TejaM NPOHUCXOAHUT
JaHHoe JBIKEHHe.

IIBxKeHHe NPOMCXOAUT KaK B NpPOCTPAHCTBE, TaK H BO BpPEMCHII
(npocTpaHCTBO M BpeMsi — HeoTheMJeMble (OPMBI CYLIECTBOBAHHS Ma-
tepun). IlosTony s onMcanist ABHKEHHS HEOGXOAMMO TaK¥Ke onpeje-
JATb Bpemsfi. D10 JeaaeTcsi ¢ NMOMOULbIO YacoB.

CoBOKYNHOCTb HENOXBHMKHBLIX APYr OTHOCHTENBHO ApYra Tef, Mo
OTHOLIEHHIO K KOTOPBIM pacCMaTpHBaeTCs ABHXKEHNe, H OTCUHTBIBAMOILIX
BpeMs 4acoB ofpa3yeT CHCTEeMY OTcUYEeT a.

ZlBHKeHNEe OHOTO M TOrO e Tejla OTHOCHTENbHO PA3JIHYHBLIX CHCTEM
oTCYeTa MO:XKeT MMeTb pasHblii Xapakrep. [lns npumepa npeacTaBHM
cebe HzOupatomnii ckopocTb moesf. IlycTe 1m0 KOpHAOPY OAHOrO 13
BaroHOB 3TOr0 I0e3[a WAeT C MNOCTOSTHHOH CKOPOCTBIO IaccaXKup.
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Torpa nBukeHMe maccakMpa OTHOCHTENIbBHO BaroHa GyZeT paBHOMep-
HBIM, 2 OTHOCHTEJbHO MOBEPXHOCTH 3eMJIHM YCKODPEHHBIM.

Onucath iBUXeHHe Tesa O3HauyaeT YKa3aTb A/ KaXJAOro MOMEHTa
BpEMEHH NOJIOXKEeHHe B NPOCTPaHCTBe H CKOPOCTH Teqa. 1 Toro uTolsl
33/JaTh COCTOSTHHE MeXaHHYeCKOH CHCTEMBI, HYXKHO YKa3aTb MOJIOMKEHHS
H CKOPOCTH BCeX TeJl, o6pasylolux cucreMy. THMHYHas 3ajaua Mexa-
HHUKH 3aKJ04aeTcsd B TOM, YTOObI, 3Has COCTOSIHHE CHCTEMBI B HEKOTO-
pHIfl Haya/IbHBIA MOMEHT BpPeMeHH I,, a TaKXKe 3aKOHEI, YIDaBJsIOLle
IBHXKEHHEeM, OMNpeAeJHTb COCTOSIHHA CHCTEMBl BO BCe NOC/EAYIOLLNE
MOMEHTEI BpeMeHH .

OtmeTnM, YTO HM OfHa (H3HYecKas 3aJauya He MOXKET GbITh pellleHa
abco.oTHO TouHO. Beeraa mosyyaioT npuGamnkeHHoe perueHue, CreneHb
NpUOGJIHKEHUST ONpelessieTcsl XapaKTepoM 3ajlauM, leblo, KOTOpOil
XOTAT Joctuyb. Pemasi 3ajauy npu6JHKeHHO, NpeHeGperaioT HEKOTO-
puIMH (haKTOpaMH, KOTOpHIE B JaHHOM CJyuae He cyulecTBeHHH. Hanpu-
Mep, YacTo MOXHO ObiBaeT npeHefpeub pa3MepaMM Tesa, ABUKEHIe
Kotoporo HayuaeTcs. CKa)KeM, NPH PacCMOTPEHHH ABHXKEHHS 3eMsu
Bokpyr CoJsHUa BMOJIHE MOXHO npeHeGpeub pasmepamH 3emsu. Ilpu
3TOM ONHCAHHE JIBHXEHHS 3HAUHTEJBHO YNPOLIAETCS — MOJIOXKEHHe
3eMsiH B NMpOCTpaHCTBE MOXHO ONPEENHTb ONHOM TOYKOH.

Teso, pasmepaMH KOTOpPOro B VYCJOBHUAX JaHHOH 3afadyd MOIKHO
npeHe6peyb, Ha3biBaeTcd MaTepHaJdbHON ToyKO . Bonpoc
O TOM, MOXHO JIH JaHHOe KOHKPEeTHOe TeJOo paccMaTpuBaTh KaK Mmare-
PHAJIBHYIO TOUKY HJIHM HET, 3aBHCHT He OT PasMepoB 3TOro Tena, a oT
yci1oBuH 3aiaun. OJHO M TO e TeJO B OAHHUX CJAydasiX MOXeET ObITb
COYTEHO 3a MaTepHaJbHYIO TOYKY, B APYTMX 2Ke NO/IKHO paccMaTpil-
BaTbC KaK NPOTHAXKEHHOE TeJo.

T'oBopsi 0 KakoM-TO Tesie KaK O MAaTepHaJbHON TOYKe, Mbl aGCTparH-
pyeMmcs oT ero pasmepoB. BTopas aGcTpakiums, ¢ KOTOPOH IPHXORMTCH
MMeTb JIeJ0 B MeXaHHKe,— 5T0 abCONIOTHO TBepoe Teso. B npupone
HeT coBeplleHHO HeledopmHpyeMblx Ted. Besikoe Teso moa AefCTBHeM
NPHJIOXKEHHBIX K HeMY CHJ B Gosbluefl MJIH MeHblued creneHH nedop-
MHpYeTcs, T. €. M3MeHSieT CBOI0 ¢opMy U pasMephl. OMHAKO BO MHOTHX
cayyanax nedopMauMsiMH TeJl NPH PACCMOTPEHHH MX ABHMKEHHMH MOMKHO
npeHeGpeyb, Eci¥ 3TO HMeer MeCTO, TO TeJsO Ha3bIBAalOT aB6COJIOTHO
TBepAbIM. TaknM o6pa3oM, a6 COJIOTHO TBEepALH M TeJdOM
Ha3blBaeTcsi Teso, neopMalUAMH KOTOPOTO MOXHO B YCJOBHAX AaH-
HOH 3ajauM npeHeGpeusb.

Besikoe IBHXKEHHe TBEpPAOTrO Te/ia MOXHO Pa3J/IOXHTb Ha JBa OCHOB-
HBIX BUJA ABHXKEHHS — MOCTYyNaTeJdbHOE H BpallaTeJb-
Hoe.

IToctynaTenbHoe JBHXKEHHE — STO TaKoe IBHXKEHHE, MPH KOTOPOM
Jobas npAMas, CBA3aHHasA C JBHKYLIHMCS TeJIOM, OCTaeTcs napaJiielb-
HOlt camoif cebe (puc. 1.1).

Ilpn BpamaTesbHOM JBHXKEHHH BCE TOYKH Tesa IBHXKYTCS MO OK-
PYKHOCTAM, LIeHTPbI KOTOPHIX JIeXaT Ha OJHOI! U TOH Xe NpsMOM, Ha3bl-
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paemoii ocblo BpameHHusa (puc. 1.2). Ocp BpalleHUs: MOXKeT
HaxoguThcs BHe Tesa (cMm. puc. 1.2, 6). .

[TocKoJbKY, ToBopsi O KaKOM-IHGO Tejle Kak O MaTepHaibHOH
TOYKe, MBI OTBJIEKaeMCsl OT €ro NPOTSKEHHOCTH, MOHSTHE BpaLlaTesib-
HOTO IBHXXEeHHS BOKPYI NPOXOAfUIeH 4yepe3 HEero OCH K TakKOMY Tesy
HenpHMEHHMO.
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Pue. 1.1, Pue. 1.2

Has toro uToGbl MONYYHTL BO3MOMKHOCTH ONHCHIBATH JIBHKEHHE
KOJIHYEeCTBEHHO, NMPHXOAMTCA CBA3BIBATH C TeslaMH, 06pasyIOHMH CH-
CTEMY OTCYETa, KaKylo-MH60O CHCTeMYy KOO P A M HaT, HanpuMmep
AexapTtoBy. Tora nosoxeHne MaTepHa/ibHOR TOYKH MOXKHO OTIPEIeNHTb,
3ajaB TPH uucaa X, y, z — JeKap-
TOBEI KOOPAHHATH 3TOHl TOUKH. CH-
CTeMY KOOpZHHAT MOXHO peasn3o-
BaTb, HapaB W3 OXMHAKOBEIX Mac-
IITaBHBbIX CTEpPXKHEH HJIH JUHEEK NpsA-
MOYTLOJbHYIO pelleTkKy (puc. 1.3).
B yanax aTofi pelleTKH HYXHO pas-
MECTHTb OJHHAKOBble CHHXPOHH3HU-
poBaHHBlE ADYr € ApYyroM gackl. Ilo-
JOXKEeHHe MaTepHaJbHOH TOYKH H
COOTBETCTBYIOLIHI €My MOMEHT Bpe-
MEHH PerucTpHpYIOTCH no Gamxai-
IIMM K MaTepHaJbHOM TOUKe MacIliTa-
6amM M yacaMm.

HmeTh neso ¢ MaTepuasibHOM TOY-
Koil Tpollie, YeM C NPOTHKEHHBIM
tesioM. [ToatoMy MEI cHayasa Gylem H3y4YaTh MEXaHHKY MaTepHa/bHON
TOYKH, a MOTOM INepeiifieM K MeXaHUKe TBepAOro Tesa. Manoxenne Mpl

Puc. 1.3.
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HayHeM ¢ KHHEMaTHKH, a 3aTeM 3afiMeMCsl AWHAMHKOII. HaﬂO;\IHll.\I,
UHTO KHHE€MaTHKa H3yuaeT ABHXKEHHE TeJ, HE HHTepecyscCh Ipll-
YHHaMH, O6yCJIOB.'IHBaIOLLLI’h\'IH 3TO JABHxeHHe. JTHHaMHKa H3YV-
yaet ABHXKEHHE Te.1 B CBA3H C TEMH INpHYHHaMH (BSQHMO}.{QﬁCTBHﬂMII
MexXAy TeJ'laMH), KOTOpbIE 06YCJ'IOBJ'IHBaI-OT TOT WJU HHOMH XapakTep
ABHMKEHHs,

§ 2. HexkoTopnle cBejeHHS O BeKTOpax

Onpenenenve BeKTopa. BeKTOpamMH HasbBAKOTCS BeJHUHHEBI, Xapak-
TepU3YIOLUHECS YliCIeHHBIM 3HAYeHHEM M HanpaBJeHHeM I, KpoMe Toro,
CKJIajbIBalolHecss MO MpaBilay napaJgenorpamma !). [Tocnennee Tpe-
GoBaHHe fBJsieTCS BechMa CYIIeCTBeHHLIM. MoX(HO yKas3aTb TakHe Bell-
YHHBI, KOTOPblE X2paKTepH3YIOTCSl YHCJIEHHBIM 3HaueHMeM M HampaBb.ie-
HHeM, OJHAKO CKJ/IaJblBaIOTCs HHaue, 4eM BeKTOphl. B KauecTBe npaepa
MpHBeJeM MOBOPOT Te/a BOKPYr HEKOTOPOH OCH Ha KOHEYHBIH yroJa .
Takoft noBopoT MOiHO 13006pa3HTb B BUAE OTpe3Ka N/IMHEI ¢, HANpPaB-
JIeHHOTO 0 OCH, BOKPYT KOTOPOH OCYluecTBJsieTCsl MOBOPOT, B CTOPOHY,
CBA3aHHYIO C HaNpaBJeHHeM BpalleHHs] MNpPaBHJIOM MPAaBOro BHHTA.
Ha puc. 2.1 B BepXHem psiiy NMOKa3aHbl ABa NOCJeA0BATeNbHEIX [0BO-
pora Iapa Ha yrJsl n/2, usobpaxaeMmble OTpe3KaMH ¢ 1 ¢p. [lepBhiid

o=l

Pue. 2.1.

MOBOPOT, COBEplIaeMulil BOKPYr ocH [—I, mepeBoguT TouKy A wapa
B no.oxenue A’, BTOpoil, coBepluaembiif BOKpyr ocu 2—2,— B IIOJIO-
wenne A” Taxoro e pe3y’bTara (T. e. mepeBoja TOUkKH A B NG.10XKe-
uue A”) MOXHO JOCTIYb, MIOBEPHYB 11ap BOKPYr ocH 3—3 (CM. HHIKHHH
psii Ha puc. 2.1) Ha yroa m. CrefoBaTe/bHO, TaKOH MOBOPOT CJeAYeT
paccMaTpHBaTh KaK CYMMY MOBOPOTOB ¢ M @.. OJHaKo ero Hesb3sl

1) CorstacHo 60Jee CTPOrOMY ONpejleleHHI0 BEKTOPOM Ha3biBaeTCH COBOKYMIOCTL
Tpex BeJHYHH, Mpeobpas3yIoUXCA NPH NOBOPOTaX KOOPAHHATHBIX Oceil MO Onpeie.1eH-
noMy 3akouy (cm. Ilpunoxenne III).
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TIONIYYUTE U3 OTPE3KOB @; U Py, CAOKHB HX MO NPABUJIY Mapasieso-
rpamma. Takoe C/loXKellHe 1aeT 0Tpe3ok AuuHE 1/} 2 BMecTo TpeGyemoit
panubl %, TloBopoT Ha yroa 5/} 2 nepesoant Touky A B Touky A’’’
Ortclona BbITeKaeT, 4TO H300paXkaemble HAMpaBJeHHBLIMH OTpe3KaMi
MOBOPOTHl Ha KOHEYHble YTJbI He 00/1ajJaloT CBOHCTBAMH BEKTOpOB.

UYucaeHiioe 3HaueHHe BeKTOpa Ha3blBaeTcst €ro M o Ay J e M. OG-
pPasHo roBopsi, MOAYJb AaeT AJHHY BeKTopa. Moxaynb BeKTOpa — CKa-
Jiip, NpHUYeM Bcerja MNOJIOMHTE/bHbI.

Ha ueprteikax BekTOpb! H306pamaloTcsi B BHAE MPSIMOJHHENHBEIX
OTPe3KOB CO CTpesKoil Ha KoHue. laiiHa oTpe3ka ompejessieT B ycra-
HOBJIEHHOM MacuitTabe MOAyJb BeKTopa, a CTpesKa yKa3blBaeT HanpaB-
JeHHe BeKTopa.

BekTtopb! npuHATO 0603HayaTh GyKBaMM XKHPHOTO LIpHdTa, HAampi-
Mep, a, b, v, F u T. 1. Takas xke 6yksa o6bluHOrO WpHdTa HCHOJB3YeTCo
AJs1 0603HaueHUs MOAYJs BeKTopa, HampHMep @ ecTb MOAYJb BeKTOpa
al). UHorga ansi o603Ha4YeHHs] MOAYJS MPHXOJAUTCH MOJIb30BAThCH
CHMBOJIOM BEKTOPa, 3aK./I0YeHHBIM MeXJ1y IBYMS BePTHKAJbHBIMH
yepToyKaMu: |a|=mony.i0 BekTopa a. TakuMm cnocobom o6o3Havaercs,
HanpHMep, MOAYJ/Ib CYMMbI BEKTOPOB a, H a,:

| 2; +a, | =mMoaysb BekTopa (a;-a,). 2.1
B stoM ciyvyae cuMBos a;,+a, o3HayaeT cyMMy MoAynel cKaajibiBae-
MBIX BEKTOpDOB, KOTopasi, BooOlle roBOPs,, He PaBHA MOAYJIO CYMMbI
BEKTOPOB (PaBEHCTBO HAlEE€T MECTO JIHUWIb B TOM CJydae, KOTJa CK.Jajbl-
BaeMble BEKTODBl HMEIOT OJMHAKOBOE HamnpaBJeHHe).

BekTophl, HampaB/eHHble BIOJIb HapafJelbHbIX NPSAMBIX (B OLHY
M TY e HJIM B NPOTHBOMOJIOXKHBIE CTOPOHBL), HA3bIBAIOTCH K O J J Ii-
HeapHB MHU. Bekropel, KoToprle JiexkaT B napaJJe/bHbIX JIOCKO-
CTSIX, HA3bIBAIOTCT KOM M J a H a p H bl M U. [locpencTBoM napaJnenb-
HOrO mnepeHoca KOJIJIHHEapHble BEKTOPbl MOTYT ObITb PacnoJio:KeHsl
BJOJIb OJJHOM M TOH Ke NpsiMOil, a KOMMJaHapHble BEKTOPLI MOTYT OBbITh
CBeJeHbl B Oliy MJIOCKOCTb.

CoBnajaiouiye no MOAYJIO KOJJMHHeapHLIE BEKTOPHI, HAelolllle
OJHIIaKOBOE HamnpasJ/eHHe, CUHTAIOTCH PaBHBIMM IPYr APYry 2).

CnoxeHnue H Bol4MTaHHE BeKTOPOB. [IpakTHUECKH C/10XKEHHe BEKTOPOB
yao6Hee mpou3BOAHTh 6e3 NOCTpoeHHs napaJiiesorpamma. Kak BHIHO

1) Ilpu nmucbMe BeKTOPHl 0603HaYal0TCA GYKBAMHI €O CTPeJKOM Haf HUMH (Hanpu-

5
Mep, a). B atom ciyvae Ta e Gykpa Ge3 CTpesKH O3HauaeT MoAyJb BEKTOpa.

?) MiMetoTcs B BHAY TaK HaamiBaemble CBOGOA bl e BeKTOPH, T. €. ReK-
TOPHI, KOTOpbIe MOTYT GbITh OTJI0MKeHBI N3 JioGoit Toukn nmpocTpaHcTsa. PaccMarpiisa-
IOTCATAKKE CKOJM b3 AULH € BeK TO P bl, HAYa10 KOTOPLIX MOXeET GLITh NoMelleHO
B J106Y10 TOYKY NPAMOIi, BAO/Ib KOTOPOH HanpaBJjieH BEKTOD, HCBA 332 HH bl e Be K-
TOPHI, T. €. BEKTOPHI, PHJIOXKeHHLe K onpelesenHoil Touke. [locieanne asa Buja Bek-
TOPOB MOTYT GbITh BLIpaXKeHbl Yepe3 CBOGOJAHLIE BEKTOPH; IO 3TOH NMpHYHHE B OCHOBY
BEKTOPHOTO HCYHCJIEHHMS TOJIQXKEeHO NOHATHE CBOGOJHOrO BEKTOpa, Ha3hHIBAEMOro
06LIYHO TPOCTO BEKTOpOM.
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U3 prc. 2.2, TaKOM JKe pe3yJbTaT AOCTHraeTCs, €C/lM Hayajo BTOPOTo
BEKTOpPa COBMECTHTH C KOHILOM MepBOro, a 3aTeM MpOBECTH M3 Hadasa
NepBOTo B KOHEl BTOPOro pe3yabTHpYloulni Bektop. OcoGeHHO mene-
coo6paseH TaKoH mpHeM B TOM cjydae, KOT/a [IPHXOHTCH CKIaJbIBaTh
GoJiblllee YeM JBa KOJMYECTBO BeKTopoB (pHC. 2.3).

Puc. 2.3.

Pa3noctbio 18yX BeKTOpoB a U b HasnBaeTcs Takoil BeKTOp €, KOTO-
puIff B cymme ¢ BeKTopoM b naet Bektop a (puc. 2.4; 06 uso6paKeHHOM
NYHKTHpOM BeKTope —b peuyb ufer Hibke). Moaynb pa3sHOCTH ABYX
BEKTOPOB, KaK H MOAyJb CYMMHI (cM. (2.1)), MOX<HO 3amucaThb TOJBKO C
NOMOIIBI0 BEPTHKAJBHBEIX UYEPTOYEK:

|a;—a,|=wmoayns BekTOopa (a;—a,), (2.2)

MOCKOJIBKY CHMBOJ Q;—@, O3HauyaeT pa3HOCTb MoAyJell BeKTOpOB
a; U a,, XoTopas, BooGlle roBOps, He paBHa MOAY.IIO Pa3HOCTH.

e a

Puc. 2.4. Puc. 2.5.

YMHoKeHHe BeKTOpPa Ha CKaasp. B pesyjbpraTe yMHOMEHUSI Bek-
TOpa a Ha CKa/lfp o NoJydaeTcsl HOBbI BekTop b=aa, Moay/b KOTO-
poro B |a| pa3 Gosbmie, yeM MOAysab BekTopa a(b=|ala). Hanpas-
JieHHe ke BekTopa b nH6o coBmajsaeT ¢ HampaBJeHHeM BeKTopa a (ec/H
>0}, 1160 MPOTHBONOJIOKHO HanipaB/JeHHIO BeKTopa a (ecau a<<0).
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I3 ckasaHHOro BLITEKaeT, YTO YMHOXeHHe Ha —1 M3meHsieT Hampas-
JleHHe BeKTopa Ha obpaTHoe. Ciie0BaTe/IbHO, BEKTODHl @ H —a HMeIoT
OAHHAKOBBIE MOAY.1M, HO IPOTHBONOJIOXHH NO HarpabseHuto. C mo-
MolLbI0 pPHC. 2.4 Jerko y6eauTbCs B TOM, YTO BHIYHTAHHE H3 BeKTOpa a
BeKTOpa b paBHO3HauHO nNpuGaB/IEeHHIO K BEKTOPY a BeKtopa —b.

M3 onpejeneHus onepauuu yMHOXKEHHS BEKTOpa Ha CKaJjap cJe-
JAYET, YTO BCSIKHII BEKTOpP @ MOMXHO NPENCTaBHTb B BHIE

a=ae,, (2.3)
rle @ — MOALYJb BEKTOpa a, e, — BEKTOp C MOAYJeM, PaBHBIM €IHHHIE,
IIMEIOLIMI TaKoe :Ke HampaBJeHue, Kak ¥ a (pHc. 2.5). Bekrop e, Ha-

3plBaeTC e IM HHYHBIM BEKTOPOM MJIH OP TOM BEKTOpa a.
OpT MOXHO NpeiCTaBUTb B BHJE

e, =—, 2.4)

a

Q|

OTKVIa C.Jei1yeT, YTO OpT fABJAeTcAd Oe3pasMepHON BeJHYHHOI.
OpTHl MOXKHO CONMOCTAaB.ISATh HE TOJBKO BEKTOpPaM, HO M JIOOBIM
HanpaeJeHEsM B MpocTpaHcTBe. Hanpumep, e, €cTb OPT KOOPAHHATHOM
OCH X, €,-— OPT HOpMaJM K KPHBOH HJH [MOBEPXHOCTH, €;— OPT
KacaTeJbHOH K KPHMBOH H T. .
Jluneiinast 3aBHCHMOCTb MeXay BeKTOpaMH. PaccMOTpHM TPH HEKOJI-
JHHEeapHBIX BeKTopa a, b M ¢, KoTopble JieXXaT B OJHOM MJIOCKOCTH.

l:,j.':- W e = e
\

|

a;=acsy

Puc. 2.6. Prc. 2.7.

W3 puc. 2.6 BugHo, uto mo6oi U3 HUX (HarpHMep, €) MOXHO BHIPasHTb
yepe3 JBa JpPYrHX € [OMOLLBIO COOTHOLUEHHS
c=aa-}-fb, (2.5)
rre o u P — HekoTOphle uMcaa (AnA M300PaXKEHHOTO Ha DHCYHKe
cnydas a>1, —1<Cf<<0). Otciona 3ak/mouaeM, uTO JIOGOH BEKTOD C,
Jexallui B OQHOI MJIOCKOCTH C HEKOJJIHHEAaDHHIMH BeKTopamH a H b,
MOXeT GBITb BbIpaxieH 4Yepe3 5TH BEKTOPHl C I[OMOIIBIO JHHEHHOTO
cootHowenus (2.5). Ilpu ¢pukcupoBaHHBIX BekTOpax a u b Bcakuit tpe-
THH BEKTOp OJHO3HAYHO ONMpeensercsi ABYMS BeJHYMHamu o M f.
ITycte nanbl TpH BeKTOpa a, b, ¢, KaxcAbli M3 KOTOPBIX HEKOMIJa-
HapeH ¢ ocTajbKREIMH ABYMs 1). [To aHasoruu ¢ (2.5) merko cooGpasuth,

1) pa BeKTOpa BCerja KOMIJIAHAPHHEL. DTo cleAyeT M3 TOrO, YTO NAPAJIEAbHEIM
NEPEHOCOM MOXKHO COBMECTHTh HMX Hayasa., Torfa OHH OKaMyTCA PacloJIOMeHHbIMY B
OJHOI IIIOCKOCTH,
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uTo JitoGoit BeKTOp d MOXKHO NpPEACTaBUTh KaK JHHEIHYI0 KOMOGHHALHIO
3a/laHHbIX BEKTOPOB:

d=aa-+Bb-+yc. (2.6)

Ilpu ¢uKcnpoBaHHBIX BeKkTopax a, b W ¢ mo6oit BekTop d OfHO3HAUHO
onpefensieTcss TpeMs BeJAMYHHAMH &, B M y, KaXK/1asd U3 KOTOPLIX MOMKET
ObITh KaK IOJIOKHTeJNbHOH, TaK U OTpHLUATEJbHOII.

INpoekuus Bexkropa. PaccMoTpHM HeKoTopoe HanpaBjeHHE B IIpo-
CTpPaHCTBe, KoTopoe Mul 3ajaiuM ocblo [ (puc. 2.7). Ilycre BekTOp a
obpa3yeT ¢ ocbto [ yroa ¢ '). BenuuuHa

a,=a cos ¢ (2.7)

(@ — MomysL BeKTOpa) HasklBaeTCsl NIPOEKLKell BEKTOpa a Ha ocb /.
Ilpoexuus o6o3HauaeTcs ToH »Ke OYKBOI, YTO H BeKTOp, ¢ foGaBJIeHHEM
MHJIeKCa, YKasblBalOIIEro HanpaBJieHHe, Ha KOTOPOE CIPOEKTHpOBaH
BEKTOP.

Ilpoekuust BeKTOpa ecTb BejH4YHHAa airebpanueckas. Ec,ju BeKTOp
obpa3syeT C JaHHBLIM HanpaBJ/JeHHeM OCTPLII yroJ, 1o cos ¢=>0, TaK uTO
NpoeKUUA NoJOXKUTeabHa. Ecau yroa ¢ Tynoit, To cos <O u, cie-
LOBaTeJIbHO, TPOeKUHs OTpHllaTesabHa. Korja BekTOop HepreHAHKYJA-
peH K JaHHOH OCH, NMPOEKIUsl paBHa HY.JIO.

ITpoekuuss BekTOpa MMeeT NpPOCTOH reonerpHueckHii cabica. Ona
paBHA PacCTOSHHIO MeXJAY NpPOeKLHsSAMHM Ha OCh Hayaja M KOHUa OT-
pe3Ka, usoGpaxaloulero AaHHblil BeKTop. B cayuae ¢<<m/2 sto pac-
cTosiHKe GepeTcsi co 3HAKOM IJIIOC, B c1y4ae @=>7/2 — o 3HaKOM MUHYC.

ITycre a=a,+a,+as+a, (puc. 2.8). M3 pucyHKa JIerko 3akJio-
YHTb, YTO NPOEKLHS pe3y/bTHPYIOLIEro BeKTOpa a Ha HEKOTopoe Ha-
NpaB/leHHe paBHa CyMMe NpOeKUHMH CKJajAbiBaeMblX BEKTOPOB:

;=0 )+qQ,+as+ag. (2.8)

HanomHuM, uTO npH CYMMHpPOBaHHM NpOeKUMI H300pa)KeHHHIX Ha
puc. 2.8 BekTOpoB paccrosinust 0—I1, 1—2 u 2—3 HYXHO B3ATh CO
3HAKOM ILJIIOC, a paccTosinie 3—4 — co 3HakoMm MHHYC. @opmyiaa (2.8)
CrpaBefJHBa NIPH JIOOOM YHCJe cjlaraeMmblX.

BhipaxeHHe BeKTOpPa 4epe3 ero NMPOeKLUHH Ha KOOpAHHATHbie OCH.
Bo3bMeM JieKapTOBbI OCH KOOPAMHAT H PACCMOTPHUM BEKTOD a, JeKallHi
B IJIOCKOCTH, NEPHEHAMKYJsIpHOH K ocH z (puc. 2.9). Bsezem opTwt
KOOPAMHATHBIX OCeH, T. €. eAHHHYHbIE BEKTOPHI €y, €, M e, (e, Ha pH-
CYHKe He IOKa3aH, OH INepNeHAHKY/fpeH K IJOCKOCTH pPHCYHKa H
HanpaB/ieH Ha Hac). 3aMeTHM, YTO 3Ta TPOiKa OPTOB MOJHOCTBIO ONpe-

1) Ecau npamas, BIOAb KOTOPOM HanpaejeH BeKTOp a, H 0cb [ He MepeceKaioTcH,
IJfl OnpejiefieHHs YI/1a ¢ HYKHO B3fTh NepeceKalollYIOCH € OCbio [ MpAMYIo, napal-
JIeJIbHYIO BEKTOPY 4, ¥YTOJ MeXJAy 5Toi npsAMoil Y ochlo / i GyAeT HHTEPECYIOUWHM HAC
yriaom .
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JesIAeT CHCTeMY KOOpAMHAT M M03TOMY Ha3biBaetTcs 6a3 HCOM
KOOPAMHATHOI CHCTEMBbL

M3 puc. 2.9 BUAHO, YTO BEKTOD @ MOXKHO NPEACTaBUTb B BH/E JIHHEl-
HOH KoMOGMHAIMH OPTOB e, H €, (cM. (2.5)):

a=a.e,t+a,e,.

Posb K03puLHEHTOB & H f HrpaioT MPOEeKUHH BEKTOPA Ha OCH KOOpiH-
HaT. B paccmaTpuBaeMOM nplMepe NMpOEKLUHS a, OTpHUATEe/bHa, MO-
3TOMY BEKTOpD a.€, HMeeT Hampas/jeHHe, MPOTHBONOJOXKHOE Hanpas-
JIEHHIO OPTa €.

y —_—t———
‘l\! I
S !
ng' |
N |
] |
g
B, arez
[/ V/j ez £

Puc. 2.9.

Mpt B3fnM BeKTOp a, MepNeHAHMKYJAPHBIE K OCH 2z, BCIENCTBHE
uero a,=0. B ofuem cayyae, Koria Bce TPH MPOEKLHH BEKTOpd OT-
JIHYHBL OT HYJ4,

a=aze,ra,e,tae,. 2.9
Takum oGpasoM, /000 BEKTOP MOXHO BBIPA3HTb Yepes ero IpoeKIHH
Ha KOODAMHATHHIE OCH H OPThI 3THX oceil. B cBA3u ¢ 3TUM NpoeKUUH
Ha KOODJIMHATHEIE OCH HA3bIBalOTCA KOMMOOHEHTaMH BeKropa.

Beanuunsl a,, a,, a, paBHbl (C TOYHOCTbIO JO 3HaKa) CTOPOHaM
NpAMOYroJbHOTO MapaJsJenenunena, 60/bLIOH AHArOHAJNBIO KOTOPOro
c1yxHT BekTOop a (puc. 2.10). ITostoMy HMeeT MeCTO COOTHOLIEHHE

a*=a;+a;+a;. (2.10
IMycrb c=a-b. IIpeacraBuB Kaxiplii U3 BEKTOPOB B COOTBETCTBUH
¢ cdopmydoit (2.9), noayumm:
cce,+c.e, +c.e,=(a,+b,) e, +(a,+b,)e,+(a,+ b,) e,

(MBI BBIHECJIH 33 CKOGKH OGLille MHOXHTEJH €y, €, I e,). PaBHEle Bek-
TOPHl HMEIOT OJHHAKOBEIe MPOEKLUUH Ha XoopAMHATHHie ocH. Ha stom
OCHOBAHHM MOXHO HamucaTh, 4TO

Cr=a,+b,, c¢,=a,+b, c,=a,+b, (2.11)

(cp. ¢ (2.8)). Gopmyast (2.11) ABAAIOTCA aHATUTHYECKHM BhIpaXdeHHeM
npaBuJa CJAOXeHHS BeKTopoB. OHM crpaBelsiuBbI NpH JIOGOM YHCIIe
cJaraembix.
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Papnyc-sektop. PaznycoM-BeKTOPOM F HEKOTOPOH TOYKII Ha3kl-
BaeTCsl BEeKTOD, NpPOBENEHHBIH H3 HauyaJja KOOpAMHAT B JaHHYIO TOUYKY
(puc. 2.11). Ero npoeKuuH Ha KOOPAHHATHHIE OCH PaBHHl JeKapPTOBLIM
KoopAMHAaTaM A2HHOH TOYKH:

re==Xx, r,=y, r,=z. (2.12)
CnezoBatesbHO, B COOTBeTCTBMH ¢ (2.9) paanyc-BeKTOp MOXKHO npen-
CTaBHTb B BHIE
r=xe,--ye, --ze,. (2.13)
Corgacro (2.10)
ri=x2-y?--z, (2.14)
CkansipHoe mpou3sBeleHHe BekTopoB. [IBa BekTopa a 1 b ‘MOXHO

YMHOXHTb ADYT Ha Apyra ABYMs cnoco6aMH; OAWH CIoCO6 NPHBOAHT
K CKaJspHOH BelHYHHe, APYrofl naer B pe3y/ibTaTe HEKOTOPHII HOBBIH

zZ
R
z 7/
————— ,/ 7 I
7 yd [ ]
a [ I I |
P B
Vo | —
- P T 7
7/
g S 7
&
Z z
Puc. 2.10. Puc. 2.11.

BEKTOp. B COOTBETCTBHH C 3THM CYILIECTBYeT ABa NPOH3BeNeHUS BeK-
TOPOB — CKaJsipHOoe H BeKTopHOe. OTMETHM, YTO ONEpauMH JeJieHHs
BEKTOpa Ha BEKTOp He CYLIeCTBYeT.

CxanspHBIM TPOM3BEACHHEM BEKTOPOB a M b HasmiBaeTcsi cKansp,
PaBHBIl POM3BEREHUIO MOAYJeEH 3THX BEKTOPOB Ha KOCHHYC yrJja o
MEXKIY HHMH:

ab=ab cos a (2.15)

(puc. 2.12). I'lpn 3ammcu ckaasspHOTroO NPOH3BeJeHHS CHMBOJIH NIepeMHO-
aeMbIX BEKTOPOB MHIUYTCS PAAOM Oe3 KaKoro-inGo 3HaKa Mexay
HUMH. Bripaxkenne (2.15) ecTb anre6panueckas BeJIMUMHA: NIPH o OCT-
pom ab>0, npu a TynoM ab<<0. CkanspHOe mpou3BeJeHHe B3aHMHO
NepreHINKYJ/IAPHEIX BEKTOPOB (0 =:/2) paBLO HYJIO.
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33METHM, 9TO NOA KBaApaTOM BEKTOpa BCerja rnoapasyMmeBarT CKa-
JIApHOE IPOH3BEACHHE BEKTOpPAa Ha CaMoro cebs:

a’=aa=ag cos a=a?, (2.16)

Taxkum 06pa3oM, KBaZpaT BeKTopa paBeH KBaApaTy ero MoayJas. B yacr-
HOCTH, KBajpaT JitoGoro opta paBeH eAHHHIE:

e;=e;=e;=1, (2.17)

IMonyTHO OTMETHM, YTO BCJEICTBHE B3aWMHOH IepNeHIUKYJSAPHOCTH

OpPTOB CKa/sipHble MPOM3BEJeHHs BHIAA €;€, DPAaBHbI HYJIO, €CAH [k,

Ouenb yio6eH cuMBoa KpoHexepa 0§, KoTophii onpe-
IeJISieTCs CJEAYIOUIHM 00pa3oM:

(1, ecmn i=k,
= .
710, ecam  i=k.
C HCHo/1b30BaHHEM 3TOr0 CHMBOJA YCTAHOBJIEHHbIC BHIIE CBOHCTBa
CKaJApHLIX MPOU3BENeHHI OPTOB KO-

OpPAMHATHBIX OCEH MOMKHO BBbIPAa3HThb
ORHOH (opMyJIOf:

ee,=6, (i.k=x 9y 2)(2.19)

8 (2.18)

(MHIOEKCHl [ ¥ 2 MOTYT NPHHHMATb He-
3aBHCHMO JIpYr OT Ipyra 3HauyeHHs
X, Yy H2).

M3 onpepenenus (2.15) caeny-
€T, YTO CKa/JsipHOe [poH3BeleHHe
KOMMYTATHBHO, T. €. He 3aBHCHT OT
Nopsiika COMHOMKHTeJel: Puc. 2.12.

ab=ba. (2.20)
Bripakenne (2.15) MOXHO 3anucaTh HEeCKOJbKHMH CrocoGamu:
ab=ab cos a=(a cos a) b=a (b cos a).

M3 puc. 2.12 BUAHO, YTO @ cOS & PaBHO @, — MPOEKUHH BEKTOpa a
Ha HampaBJieHHe BeKTopa b. AHanormudo b cos a=b, — npoeKuH
BeKkTOpa b Ha HampaBseHHe BekTopa a. ITo3TOMY MOXHO CKa3aTb, YTO
CKa/NAPHEIM NPOH3BeAEHHEM IBYX BEKTODOB Ha3hIBAeTCS1 CKalsdp, paB-
HHIHl MPOM3BEEHHIO MOLYJISl OJHOTO H3 NEpEMHOXAaeMBIX BEKTOPOB Ha
NPOeKLHIO BTOPOrOo BEKTOPa Ha HampaBJIeHHe MepBOro:

ab=ab=ab,. .21

IlpuHaB Bo BHUMaHHe, YTO NPOEKIHUSI CYMMEI BEKTOPOB paBHa CyMMe
NPOeKIH{l CKNaAblBaeMblX BEKTOPOB, MOXXHO HamHCaTh:

a(btct...)=abtct+...)p.=ab,+c,+...)=
=ab,+-ac,+ ... =ab+tac+t... (2.22)
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Otcioga cjenyer, 4TO CKalsipHOoe NPOM3BeleHHE BEKTOPOB JHCTPUGY-
THBHO — NpPOH3BeJleHHe BeKTOpa a Ha CYMMY HeCKOJBKHX BEKTOpPOB
pPaBHO CyMMe NpOH3BelleHHIl BEKTOpa a Ha KaXKIBA M3 CKJafblBaeMbIX
BEeKTOPOB, B3ATHII B OTAEJbHOCTH.

IlpencTaBuB mepeMHOXKaeMble BEKTOPH B BHAe (2.9) M BoCnosb3o-
BaBLUINCh AHCTPHOYTHBHOCTBIO CKaJISPHOTO MNDOM3BENEHUS, INOJY4YHM:

ab=(a.e,+ae, +a,e,)(be,+be, +be,)=
=a,b.e.e.tabee +abee, +abee,
+abee, +-abee +abee . +abee {abee,.
Tenepp yurem (2.19). B utore nonyuyumM Bripa)keHHe CKaJIspHOTO Npo-
113BeJIeHHs] 4epe3 NPOeKUHH IIepeMHOMKaeMblX BeKTOpOB:

ab=a,b,+a,b,+a.b,. (2.23)

3aMeTuM, YTO NpH MOBOPOTaX KOOPAHHATHBIX OCeil MPOEKLHH BEKTOPOB
Ha 3TH och MeHsmtotes. OxHako BeanuuHa ab cos o oT BuiGopa oceil He
3aBHCHT. OTCI0NIa 3aKJ/II0YaeM, YTO H3MEHEHHs NpOoeKUUi BEKTOPOB a U b
NP NOBOPOTaX OCEH HOCAT TaKOH XapakTep,
4yTo WX KoMOuHauusa Buaa (2.23) ocraercs
HHBapHAHTHOH (HeH3MeHHOH):

ab,+ab,+ab,=inv. (2.24)
Jlerko coo6pa3uTh, YTO NMPOEKLHIO BEKTO-

pa a Ha HampasJieHHe [ (cMm. (2.7)) MOKHO
Puc. 2.13. NPEACTaBUThL B BHJE

a,=aey, (2.25)

rle e; — OpT HampaBJjeHHs [. AHaJOrHyHO

a,=ae,, a,=ae, a,=ae, (2.26)

Bektopuoe npousseneune. BeKTOpHLIM NDPOM3BefieHHEM BEKTOPOB a
u b Ha3sbiBaeTCA BEKTOp ¢, onpejessieMblil dopmyJoil

c¢=ab sin a-n, (2.27)

rie @ U b — MOAYJH MepeMHOX<aeMblX BEKTOPOB, o — YTOJ MeXAYy
BeKTOpaMH, M — eJIHHHYHBIH BEKTOp HOpManM !} K MJIOCKOCTH, B KO-
Topolt Jiexkat BekTopht a M b (puc. 2.13). Hanpasnenne n seiGupaercs
TaK, 4TOGbI TMOC.JIEeNOBaTeIbHOCTb BeKTOpOB a, b, n o6pa3oBhiBaja
TPABOBHHTOBYIO CHCTEMY. JTO O3Hayaer, 4TO, €CJH CMOTPETb BCJEX
BEKTOPY n, TO COBepllaeMblii MO KpaTyaiilueMy NYTH NOBOPOT OT mep-
BOTO COMHOXHTEJA KO BTOPOMY OCVLIECTBJSETCSl MO HacOBOIl CTPEJKe.
Ha puc. 2.13 BeKTOp n HamnpaBJleH 3a 4epTeX W NMOITOMY H300parkeH

1) O6Gosnauenne n mpoille U HarLIfIHee, yeM e,.
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KpYXKoM ¢ KpectnkoM *). Hanpasienne BekTOpa € COBNajaer ¢ Ha-
npaBjeHHeM 1.
CuUMBOJMIHYECKH BEKTOPHOE NpOU3BeJeHHe MOXHO 3amucaTtbh ABYMS
cnocobamu:
[ab] uan aXb.

Mbl 6yeM nosib30BaThcs MEPBEIM H3 HUX, MPHYeM HHOrAa Bo n3bexaHue
nmyTaHMOel GYZACM CTAaBHTb 3amATYI0 MeXAy COMHOXHTensmH. Hrtak,

coraacHo (2.27)
[abl=ab sin a-n. (2.28)

M3 puc. 2.13 BUAHO, YTO MOAVJb BEKTOPHOTO I1POH3BEJEHHS HMEET
NPOCTOH TeOMeTPHYEeCKIH CMBIC — BhbipaxkeHHe ab sin o YHCJIEHHO
PaBHO NJOLAAK NapaJijiesorpaMma, NMOCTPOEHHOrO HA NepPeMHOMXKAeMbIX
BEKTOpax.

Hanpasnenne Bexktopa lab] Mbl onperennsn, cBf3aB ero ¢ Hanpas-
JieHHeM BpalleHHsl OT NepBOro COMHOXHTeNsT Ko BTopoMy. IIpH pacemot-
PEHHN TaKHX BEeKTODOB, KaK pajuyc-BeKTOp T, cKopocTb v, cuia F
W T. ., BOnpoc o BHI6Ope WX HanmpaB/leHHS He BO3HHKaeT — OHO BhITe-
KaeT eCTeCTBeHHBIM 06pa3oM H3 MpPHPOAW CaMHX BesH4YHH. IlopoGHble
BEKTOPbl Ha3bIBAIOTCA HCTHHHBIMH (WM MOJSPHEIMM). Bektopwl THna
[a, b], HanpaB/eHHe KOTOPHIX CBA3BIBAETCA C HalmpaBJeHHeM BpalleHUsd,
Ha3bIBAOTCA NCeBJOBEeKTOpPaMH (HIH aKCHAalbHBIMH BEKTO-
pamu). [lpu M3MeHeHHH YCJOBHSI, HanpHUMep NpPH Mepexoje OT NpaBoi
CHCTEMEI KOODJAMHAT K JeBOH, HanpaBJ/leHHsl IICeBIOBEKTOPOB H3Me-
HAIOTCS Ha oOpaTHble, HCTHHHbIE e BEKTOphl NMpHU 3TOM OcCTatoTcs Ge3
M3MeHeHHH.

Crnenyer uMeTh B BHAY, YTO BEKTOPHOe NPOM3BeJicHHe GyleT mnceB-
JIOBEKTOPOM TOJIbKO B TOM C/ydae, Korja o6a nepenHoMXaeMblX BEKTopa
AABJISIIOTCA HCTHHHBIMH (MaM o6a — ncepjoBeKTopamH). BekTopHoe ke
Nnpon3BefieHHe HCTHHHOIO BEKTOpa Ha MceBlOBeKTOp 6YyIeT HCTHHHBIM
BeKTOpOoM. M3MmeHeHHe ycs0BHs, onpenensiioulero HanpabB/ieHHe ICEB-
JOBEKTOPOB, Ha o6paTHOe NpPHBeJEeT B 3T0M C.1ydae K H3MEHEHHIO 3HaKa
nepell BEKTOPHBIM [IPOH3BeIeHHeM H OJHOBPEMEHHO K H3MEHeHMIO 3HaKa
nepei OfHUM H3 COMHOXKHTeseil. B ntore BeqMuMHa, Bhlpaxiaemas Bek-
TOPHBIM TPOH3BeJeHHeM, ocTaHeTcsl Ge3 H3MEeHEeHHH.

[lockoabKy HampaB/ieHHe BEKTOPHOTrO NpPOM3BENEHHS OnpenenseTcs
HanpaB/ieHHEM BpalleHHst OT MePBOrO COMHOXHTES1 KO BTOPOMY,
pe3ysbTaT BEKTOPHOTO MEPeMHOXEHHS 3aBHCHT OT NOPSAKA COMHOXKH-
teneil. IlepectanoBka coMHOXHTesel! BbI3BIBAaeT M3MEHEHHe Hamnpabie-

1) BexTopbl, nepnenAHKyIApHLIe K TIOCKOCTH PHCYHKA, MLI 6YJeM H306pamaTh
KPYX(KOM € KPECTHKOM, €c/IH BEKTOp HAaMpaBJeH OT HAac, H KPYKKOM C TOYKOIl B ero
UCHTPe, eC/IKH BEKTOp HanpasjieH Ha Hac. JI/1s HarAfA1HOCTH MOXHO TPEICTaBaAThL cebe
BCKTOD B BHJl@ CTPEJIkl C KOHYCOO6Pa3HBIM HaKOHEYHHKOM H KPeCcToo6pa3ubiM OnepeHHeM
na xsocre. Torna, ecnn BeKTOp HampaBJeH 112 11ac (cTpenia JIETHT K HaM), Mbl YBHIUM
KPYMOK C TOYKOM, €c/M JKe BEeKTOp HampapJjeH OT Hac (CTpena JETHT OT Hac), MH
YBHAHM KDYMXOK C KPECTHKOM.
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HHUS Pe3yJILTHPYIOLIETO BeKTOPa Ha [IPOTHBOMNOJOKHOe., TaKuM 06pa3on,
BEKTOpDHOE Mpou3BefeHHe He 006JsajfaeT CBOHCTBOM KOMMYTATHBHOCTH:

[bal]=—Iab]. (2.29)

MoxHo nOKa3aTh, YTO BEKTOPHOE NPOM3BEJEHHE IHCTPHOYTHBHO,
T. €. 4TO

la, (bi+bs+-. . )I=lab,]--[ab,]+-. .. (2.30)

PaccmoTpuM BeKTOpHEIE NMPOHM3BeIEHHS OPTOB KOOPAHHATHBIX Oceil
(puc. 2.14). B cootsercTBUH C onpernesenuenm (2.28)

[e.rex] = [eyey] = [ezez] =0,

[exey] = [e ex]_= e,
[eyez]='_ [e:ey]=ex, (231)
[ezex] = [exez] = ey_

[IpencraBuB nepemvHOMaeMble BeKTOpPH B BuAe (2.9) H BOCnosab3oBaB-
IHCh RUCTPUOYTHBHOCTBIO BEKTOPHOIO NPOM3BEAEHUSA, IOJTYYHM:
[ab] = [(axex + ayey —I_ azez) ’ (bxex ':_ byey + bzez)] =
=ab;[e.e.]+ab,[ee]+ab,[ee]+ab, [e,ec]+ayb,[ee,]+
+ayblee,]--ab,[ee.]+ab, [ee]+ab,[ee]
Vura cootHomrenua (2.31), mpuieM K CrleayiolleMy BBIpaXeHHIO:
[ab]=e, (a,b,—a,b,) +e, (@b, —a,b,) +e, (a,b,—ab,). (2.32)
[TosyueHHOe BhIpaxeHHe MOXHO NPEACTaBUTb B BHAE OIpefesHTenn:
ex €, €

a, ay a
bz

: (2.33)

[ab]=

x y

Cwmemannoe npousseneHne, CMelUaHHEIM (MM CKaJIIpHO-BEKTOP-
HEIM) TpOM3BeJEHHEM TPEX BEKTOPOB HashlBaeTcs BhipaxkeHue a [bcl,

er

Puc. 2.14. Pue. 2.15.

T. €. CKaJApHOe NpoH3BelieHHe BEKTOpPa a Ha BEKTOpHOe NpOH3BeAeHHE
BekTopoB b u ¢. CorsiacHo omnpegesnenusym (2.15) u (2.28)

a[bc]=a{bcsin (b, ¢)}cos (a, n).
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3nech (b, ¢) — yroa mexay b u ¢, (a, n) — yroa mexay BeKTopoM a
M OpPTOM N, ONMpeZe/ISIOWNM HanpasJieHHe BeKTopa [bel. Us puc. 2.15
BHAHO, 4TO BhIpaxenue bc sin(b, ¢) YHMCIEHHO PaBHO MJIOWANH OCHO-
BaHMA NapaJiiesenunesa, NoCTPOEHHOrO Ha MePeMHOMKaeMbIX BEKTOpax,
a BbipaXKeHMe a C€os(a, m) YHC/eHHO DAaBHO BBICOTE STOTO MapaJiese-
nunesa, B3ATOR CO 3HAKOM ILIIOC, €/ YroJ (a, n) OcTPhd, H €O 3HAKOM
MHHYC, ecu 3ToT yroa tynoii. CiegoBartenbHo, Bhipaxenue albcl
MMeeT MpOCTOl IeOMETPUYECKHH CMBIC — OHO YHCJIEHHO PaBHO o0beMy
napajsesienunesa, MOCTPOEHHOTO Ha NePEMHOXaeMblX BeKTopax (B3si-
TOMY CO 3HAKOM ILIIOC MJIH MHHYC B 3aBHCHMOCTH OT BEJHYHHBI YrJa
(a, n)). Tlpn BbIYMCIEHAH OoObeva Napasefienunena pesyJbTaT He
MOXeT 3aBHCETb OT TOro, Kakas W3 ero rpaseil B3sTa B KayecTBe OC-
nopanua. Otciofa cienyer, 4To

albc]=blca]=clab]. (2.34)

TaKHM o6pasoM, CMellIaHHOe nponaaeneﬂue Jonyckaert I.lHKJIH'-leCKYlg
HepeCTaHOBKy COMHO)KP[TeJIeﬁ, T. €. 3ame1—1y KaXJa0oro U3 COMHOXKHTEJEH
CJ'IelIleUJ.HM 3a HUM B ILHKJ/IE:
a
N\
c<—b

/lBoiiHOe BEKTOpHOe mpoH3BejeHHe. PaccMOTPHM JBOIHOE BeKTOp-
HOe NpOou3BeieHUe Tpex BeKTopoB a, b ¢

d=I[a, [bell.

Bcakoe BekTopHOe NMpoHM3BefeHHe NEPHNEHAUKYJIAPHO K OGOMM COMHO-
xuteaaM. [lostomy BekTop d nepneHAMKYAsipeH K OpTY nh, onpeaessio-
memy Hanpasjende Bektopa [bcl. Orcioga BbiTekaet, uto Bektop d
JIEXHT B IJIOCKOCTH, 06pa3oBaHHoil BeKTopamMu b U ¢, U clieoBaTe/bHO,
MOXET GBITb NpPEACTaBJeH KaK JHuHellHass KOMOMHAUUsI 3THX BeKTOPOB:

d=ab+-fc
(cM. (2.5)). CooTpeTcTBYIOmIIf pacueT faeT, u4To ot=ac, p=—ab. Ta-
KHM 06pa3omM,
[a, [bc]]=b(ac)—c(ab). (2.35)

3anoMHHaHue 3To# GOPMYJIBI 06/IETYaeTCS TEM, UTO ee MOMKHO [poYecTsb
KaK «6am MHHyC 1al».

IponsBoanas BekTopa. PaccMOTPHM BeKTOp, KOTODHIfi H3MeHsieTcs
CO BPEMEHEM IO M3BECTHOMY 3aKoHYy a(f). Ilpoexuun storo Bekropa

Ha KOODIMHATHbIE OCH NPEACTAB/AIT COG0H 3ajaHHble QYHKLMH Bpe-
meny. CieloBaTesibHO,

a(f)=e.a.()+ea, () +ea, () (2.36)

(MBI IpeIosaraeM, YTO KOOPAHHATHbE OCH He MOBOPAaYHBAKTCS B npo-
CTPAHCTBE, TAK YTO OPTHI OCEil CO BPeMeHeM He M3MEeHSIOoTCH).
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ITyete 3a npomexxyTok BpemeHH Af NpOEKHHUH BeKTOpa MOJNYyYaloT
npupamenna Aa,, Aag,, Aa,. Toria BeKTOp NOMYYHT NpHpalLleHHe
Aa=e,Aa,+e,Aa,1-e,Aa,. CxopocTb H3MeHeHHUs BeKTopa a Cco
BpeMEHEM MOXHO oxapamepusoBaTb oTHomeHneM Aa k At

Aa Aa Aa -
AF = s At"+ , At + . z (2.37)

DT0 OTHOLIEHHE JaeT CPEeRHIOI0 CKOPOCTb H3MEHEHHS a B TeueHHe Npo-
MeXYyTKa BpemeHW Af. JlonmycTHa, 4TO a H3MEHSeTCs CO BpeMeHeM
HenpepriBHO, 6e3 CKauKoB. Torjga ueM MeHbIIEe NPOMEXYTOK Af, Tem
TOUYHee BeJIMUHHa (2.37) XapaKTepH3yeT CKOPOCTb H3MEHEHHS & B MOMEHT
BpeMeHH {, mpexllecTBYooLUHI UHTepBany Af. CrefoBaTenbHO, CKOPOCTh
M3MEHEHHs] BEeKTOpa a B MOMEHT BpPeMeHH { paBHa Npejeny OTHOLUEHHH
(2.37), mnoayuarmomeMycs Opy HeOTPaHHMYEHHOM YMeHblLUeHHH Af:

CKOpPOCTh H3MeHelusa a=lim — da _
At-»OAt
Aa
A H Z
= e, lim At F+e, 11m +e ]1m AL (2.38)

AIO

Ecsau ecTb HeKoTopast QyHKIUA f(t) apryMeHTa f, TO npelen OTHO-
eHus npupalleHns GYHRUMH Af K npupaiueHdio aprymenta Af, mojay-
yalowHics npH cTpeMaeHHH Af K HYJIO, HasbiBaeTcsl NPOU3BOJHOI
dyukuuu f mo ¢ 1 o6o3nauaercs cuMBoJioM df/dt. TlosToMy BEIpaXkeHue
(2.38) MoxHO 3anucaTh CJERYIOLIUM o6pasom:

da_ day daz
E_' xdf _l" v dr + z (239)

TNonyueHHwiit pe3ynbTaT O3HAYaeT, YTO NMPOEKUHMH BeKTopa da/df Ha
KOOpJHHATHbIE OCH PaBHBI NPOM3BOLHBIM MO BPEMEHH IPOEKIMH Bek-

TOpa a:
: da
da _da; (da = (E —%% (240
dt np. x dt ,at np. y dt dt np. z dt

B qansnxe MNPHHATO NPOH3BOJHBIE 110 BPDEMEHH 0603HaYaTb CHMBOJIOM
COOTBeTCTBy}OU.leﬁ BEJIHYMHBE C TOYKOH Hag HMM, HanpuMep,

dp _ - d@_r da_- da_ -
T=0, T=0 Z=a, jm—4 (2.41)
Bocro/ib30BaBIINCh TaKHM o0o3HaueHHeM, ¢opmyse (2.39) MOXHO
npuaaTe BHJ
a=e.a,+e,a,+e.a,. (2.42)
Ecnn B KauectBe a(f) B3ATb pajuyc-Bekrop r(f) ABMXKYuleHcA TOUKI,
TO corJacHo (2.42)
r=e.x+ eyy+ e,z, (2.43)
rae %, Yy, z CyTb OYHRUuH oT £ x=x(f), y=y (), 2=2(f).
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Inddepenunanom («npupaumenueM») ¢ysHkuun f(f) HasmnBaercs
BHIpaXKeHHe
df=f'dt, (2.44)
rie ' — npousBogHas f no £. Cornacuo (2.39) audpepenunan («<npupa-
LleHHe») BeKTopa a onpenensiercs GopMyJsoR
da=e,da,+e da, +e,da,. (2.45)
B wactHocTH,
dr=e,dx-1 e, dy-e,dz. (2.46)

3ameTuM, uTO npHpaileHHe GYHKUHUH 32 OYeHb MaJbllf, HO KOHeYHhI
NpOMEXYTOK BpeMeHH Af npHOGINIKEHHO PaBHO

Af = f =T At (2.47)

B npenene npu Af— O npuGamkenHoe paBeHCTBO (2.47) mepexogut
B TOYHOE PaBeHCTBO (2.44).
dopmy.ty, aHaJOTHYRYIO (2.47), MOXHO HamucaTb H ]I BEeKTOPHOR

PYHKILUK:
da
Aa =~ 5 At, (2.48)

NMpousBogHan npouabepseHua ¢yuxuuid. PaccmorpuM  ¢yHKuMO
b(f), xotopas paBHa NpOH3BeNEHHIO CKajsipHOil GyHKuuu @(f) Ha
BEKTOPHYIO QyHKUHIO a(f): b())=q(¢)-a(f), nan coxkpauenHo: b=qa.
Haiinem npupamenue ¢pyHKunu b:

Ab = A(pa) = (p+Ag) (a+Aa) —ga = ¢ Aa + aAg+Ag Aa.
IlpencraBuB npupamennss ¢pyuknuii B Bune (2.47) u (2.48), nonyunm:

d d do d
Ab zthjAt +aT“; At 22 2 (A,
OTKYAa
Ab _ da dp , dop da

B npenene npr Af — 0 3to npuGiMKeHHOe paBeHCTBO MpeBpallaeTcs
B TouyHoe. TaxkuM oGpa3som,

IURT A_b_ . da @ dqad_a
@ M a7 = A, ((Pd_t—l_adt +ar At)'

ITepBrie nBa cnaraeMelx He 3aBHCAT OT A/ M NO3TOMY NpH nNepexoge
K nipefieny He H3aMeHsoTcs. [Ipenes1 TpeTbero cjlaraeMoOro pPaBeH HYJIO,
CrepoBatesibHO, 3aMeHHB b Ha @a, noJyuum:

d d. d - N
7 @) =95+ 2L =¢a+qa. (2.49)

2 u. B. Casenpen, T. 1
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Teneps paccMOTpUM CKaJsipHOe NpOU3BeleHHE IBYX BeKTOPHBIX
byukunit a(f) u b(f). Ilpupamenue 3Toro npou3BeJieHHA PaBHO:

A (ab) = (a4 Aa) (b+Ab) —ab=aAb+bAa+{AaAb ~

~ ab Af+ ba At - ab (At)2.
O1crona
d, oy g Af@b) e i s
7 (ab) = 2:210 2= AItl_ngo(ab -+ ba - ab Af),
UM OKOHYATENbHO
4 (ab) = ab +-ab. (2.50)
Ywmuoxus (2.50) Ha df, nonyuum nuddepenunad:
d (ab)=adb+bda. (2.51)

BriuitciiM npousBoarylo H AuddepeHUMaN KBajpata BEKTOPHOM
¢yuxkuuu. Corsacho (2.50) u (2.51)

ea({:) d .
4 7 4% = 2aa, (2.52)
e
vy d (a%) =2ada. (2.53)
I Yura, uto a*=a? (cM. (2.16)), MOXKHO HanucaTtb:
;ea 9ada=d(a®) win ada=d(a¥/2). (2.59)
e
e Hakonen, paccMOTpUM NpPOH3BOAHYIO Bek-
Puc. 2.16. TOpPHOTrO mpou3BeleHUs oyHkuui a(f) u b(?).

Ipupaiienre paccMaTpuBaeMoil GYHKUHH PaBHO
Aflab]=[(a+ Aa), (b+Ab)]—[ab]=
=[a, Ab]+[Aa, b]--[Aa, Ab] ~[a, b Af]4-[aAt, b]+[a At, bAL].

Co0IBEICTBEHHO
d . o . .a
—lab]=1 At}
a7 [ab] = lim {[a]+[ab] + [ab] At}
OcyuecTBUB NMpefe/bHEI Nepexoj, npuieM K ¢opmyse
d . .
a7 [ab]=[ab]-[ab]. (2.55)

Ipon3sonnas exunnuHoro BekTopa. PaccmMoTpuMm opT e, BeKTOpa a.
OgeBHHO, YTO BEKTOP €, MOXKET H3MEHATbCA TOJBKO MO HaMpaB/eHHO..
ITycTe 3a oueHb MasBIif MPOMeXYTOK BpeMeHH Af BEKTOp a H BMecTe
C HHM OPT e, noBopaduuBaercsi Ha yroa1 A¢ (puc. 2.16). Ilpu majsom
Ap monynp Bektopa Ae, mpHOIMKEHHO paBeH yray Ag: |[Ae,|=x~Aq@
(oTpesok, u3obpamaiomuit Ae,, SBJSAETCS OCHOBAaHUEM PpaBHOOEJpeH-
HOTO TPEeYroJibHHKa CO CTOPDOHaMH, PaBHBIMH eJuHHUe). 3ameTHM, 9TO
YyeM MeHblle A, TeM TouHee cOG/IOAaeTCA HAaMHCAHHOE HaMH MPHOJH-
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xeHHoe paBeHcTBO. CaM BeKTOp Ae, MOXHO NpeACTaBUTb B BHJE
Ae, =|Ae,| -ere = Ag-ea,

rne eje — OpPT Bextopa Ae,. Ilpu cTpemsenun Ag K HYJIO OPT €ae
GyJeT MOBOpauMBaTbCH M B Npejese COBNAJET C NepreHAHKY/spHhIM
K e, eIMHHUHbIM BeKTOpoM e; (cM. puc. 2.16).

IlpousBoiHasA e, 1O { MO ONpeje/eHHIo paBHa
Ap de

—= —% = lim —eae=—-€].
At ppo BT g A T0 T dE

Takum obpa3om,

e, =¢e,. (2.56)
Beanunna ¢=d¢/df ecThb YrioBas CKOpPOCTb BpallleHHs BeKTOpa a
(cM. § 5). OpT e JIeXHT B TOM NJIOCKOCTH, B KOTOPOH NOBOPauiBaeTCs
B JIaHHBI MOMEHT BEKTOp a, IpHyeM HanpapjeH B TY CTOPOHY, B KOTO-
PYIO IIPOMCXOZMT BpallleHHE.

§ 3. CxopocTb

MaTtepuanpHast To4Ka NPH CBOEM JABHIXKEHHH ONHCEIBAET HEKOTOPYIO
JIMHHIO. DTa JIMHHA HasbiBaeTCI Tpa e KT o p U e it ). B aaBucumoctn
oT (GOpPMEl TPaeKTOPHUH Pa3aJNyaloT NPAMOJIHHEHHOe ABHXEHHe, ABHXKE-
HMEe IO OKPYXHOCTH, KDHBOJIMHeHHOEe IBUXKeHHWe M T. II.

1) OTtMeruM, 4YTO TOHATHe TPAEKTODHH TNPHMEHHMO TOJBKO K &KJACCHYECKOi»
yacTHLle, KOTOPOA MOMHO NPHNHCATh B KaXJKM MOMEHT BpeMeHH TOUHHE 3HayeHHS
KOOPAMHATH M MMNyJbca (T. e. ckopocts). CornacHo KBaHTOBOH MeXaHHKe peaJibHble
YaCTHUL MOTYT GhITh OX3apPAKTEDH30BaHK! C NMOMOLIbIO KOOPJAHHATH H HMNYJhCa JHINb
¢ HexoTopoil TouHocThio. Ilpenesr 3Tofi TOYHOCTH onpefie/INeTCA COOTHOW e HH €M
HeonpepeJseHHocTH [eflaen6epra

Ax-Ap=h,

3nech Ax — HeonpelieIeHHOCTb KOODAHHATHL, Ap — Heompeje/eHHOCTh HMINYJbCa
yacTHUH, P —mnocToAaHHaAl Ilaanka, sHasenne kKotopot pasHo 1,05
x10-3 JIk-c. 3HaK > o3HauaeT «6oJblle BeJHYHHH NOPARKA».

3aMeHHB HMNyJbC NPOM3BEJleHHEM MacChl Ha CKOPOCTb, MOMKHO HamucaTh
Ax-Av= ﬁ/m'.

H3 aT0ro cooTHomeHHs BHIHO, 9TO YeM MeHblle Macca YacTHLH, TeM MeHee OnpeleleH-
HHMH Jie1aloTcA ee KOOPAMHATa M CKOPOCTb M, CJIeflOBATENbHO, MeHee NPHMEHHMEIM
OKa3nBaeTcsl NOHSATHe TpaeKTopuH. [l MakpockonmuyecKux. Ten (T. €. Tea, oGpaso-
BAHHHIX OYeHb OOJBLINM KOJHYECTBOM MOJIEKYJ) HeonpeleNeHHOCTH KOOPAMHATH H
CKOPOCTH He NPEBOCXOAAT NPAKTHUECKH JAOCTHXKHMOH TOUHOCTH H3MEPEHHA ITHX BejiH-
UHH, BCJEJCTBHE Yero K TaKAM TejlaM NOHATHE TPaeKTOPHH NPHMEHHMO 6€3 BCAKHX Oro-
BOPOK. [l MHKpoYacTHL, (3/IEKTPOHOB, NPOTOHOB, HEATPOHOB, OTAEJNBHEIX aTOMOB H
MOJIeXYJ) TIOHSATHE TPAEKTODHH OKA3HIBaeTCH B 3aBHCHMOCTH OT YCJIOBHHA, B KOTOPHIX
TIPOHCXOJHT JIBH)KeHHe, JHO0 HenpHMEHHMMHM COBCeM, JHOO NMPHMEHHMHM C OTPaHH-
ueHHOR TouHocTblo. Hanpumep, nBHKeHHe 3/1eKTPOHOB B 3J€KTPOHHO-JIy4eBoi TpybKe
MOXKHO NPHGJIHKEHHO pPacCMATPHBAThk KaK NpPOHCXojsAlllee N0 HEKOTOPHM TPaEK TOPHAM.

2%
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[Tycts MaTepmanbHasi TOYKa (B JajbHefeM JAIA KPaTKOCTH MBI
GyleM Ha3LIBaThb ee YacTHIEH) nmepeMecTH/ach BIOJIb HEKOTOPOH Tpaek-
tTopuu u3 Touku I B Touky 2 (puc. 3.1). PaccrosiHue Mexay Toukamu I/
¥ 2, OTCYHTAHHOE BJOIb TPAGKTOPHM, Ha3LIBaeTCs My T e M, NpOiJeH-
HbIM yacTHuel. Mbl 6ynemM ofo3HauaTh ero 6YKBOi S.

TlpsaMonuHeltHbIl OTPe30OK, MpoBefeHHEBII H3 TOYKH I B TOUKY 2,
HasplBaeTcs mepemelle HH eM yacTuuel. O603HAYHM €ro CHMBO-
JIoM Ty,. TlpennosiosiM, YTO YacTHUA COBepIuaeT MOCJeX0oBaTe/IbHO ABa
MepeMCLIEeHUs: I, 1T Typ (pHC. 3.2). Cyamioft 3THX nepemelleHHil ecTecT-
BEHHO Ha3BaTh Takoe MepeMellleHHe Ty;, KOTOpPOe MPHBOIMT K TOMY e
pe3ynbTaTy, YTO M MepBhle ABa NepeMelleHHs BMmecTe. Takum obpa3om,

Jpaexmapug

Tz

Pue. 3.1, Puc. 3.2.

nepeMelleHHAA XapaKTepH3YIOTCA YHCJCHHBLIM 3HaYeHHEM W Ilanpaslie-
H#EeM M, KpOMe€ TOro, CKJ/aAbIBAIOTCA MO MNPaBHJY MapaljJesorpamMma.
Orciona C/MeAyeT, YTO NepeMEIEHHE eCTb BEKTOP.

v &r ds
r \ ar
T+dr L T+ A
Vi T Y
Puc. 3.3. Puc. 3.4.

B o6biieHHOM YKH3HH MOA CKOPOCTBHIO MOHHMAIOT MYThb, NPOXOAHMbBIA
yacTHieil 3a eAMHNLY BpemeHH. Ecyii 3a paBHble, CKOIb YTOZHO MaJble
MPOMEXYTKH BpPeMEHH YACTHIA NPOXOAHT OJMHAKOBbIE MYTH, ABHMKEHHE
YaCTHUB! Ha3bIBalOT paBHOMEDP HB M. B 3ToM cayyae CKOpOCTB,
KOTOpO#t 06/1afaeT yacTHila B Ka/IbIH MOMEHT BPeMEHH, MOXHO BHIYHC-
JIUTb, pa3sfenuB NyTb S Ha Bpems f.

B ¢usuke noa CKOpoCTbIO MOHHMAIOT BEKTOPHYIO BeJHYHHY, XapakK-
TEPU3YIOLLYIO He TOJNBKO GLICTPOTY MepeMellleHHs YacTHUH MO TPaeKTo-
PMH, HO M HanpaB/eHHe, B KOTOPOM ABHXKETCH YacTHUa B KaXIpid MO-
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MeHT BpemeHH. Pa3oObeM TpaekTopHio Ha GeCKOHEUHO MaJLle y4YacTKH
nauubl ds (puc. 3.3). KaxjoMy M3 y4acTKOB CONOCTaBHM GeCKOHEYHO
MaJjioe mepeMellleHne dr. PasgesuB 310 mepemellieHHe Ha COOTBETCTBYIO-
WK DPOMEXKYTOK BpeMeHH df, NOJYY¥M MTHOBEHHYIO CKOpOCTb B
DNaHHO! TOYKe TPAeKTOPHH: .
. -

v= E— T. (3. ])
Takum oGpa3oM, CKOpPOCTh eCTh NPOH3BOAHAS paiauyca-BeKTOpa 4a-
CTHURI Mo BpeMeHu. Ilepememenne dr coBnmafaeT ¢ GECKOHEWHO MaJkIM
3neMeHTOM TpaekTopuu. CJeJoBaTelbHO, BEKTOp V HalpaBjleH IO
KacaTeJIbHOR X Tpaekropuu (cm. puc. 3.3).

Paccyxpasn Gonee ctporo, Ajs nosaydeHust ¢opMyJml (3.1) HyKHO
NOCTYNHThL cJeAyIoluM o06pa3oM. 3adUKCHPOBAB HEKOTODBIA MOMEHT
BEpEMEHH [, PAacCMOTpPHUM MNpHpalleHHe pajuyca-BeKtopa Ar 3a maJbli
NPOMEXYTOK BpeMeHH Af1), caexyiomuii 3a ¢ (puc. 3.4). OTHoweHue
Ar/At paer cpenHee 3HaueHHe ckopocTH 3a Bpems Af. Ecau 6patb Bce
lMeHblIHE MPOMEXYTKH Af, oTHoweHHe Ar/Af{ B npegese aacT 3HaueHie
CKOPOCTH V B MOMEHT BpeMeHH [:

. Ar _dr
v—llltTOE—H. 3.2)
Myt npuman x dopmyae (3.1).
Haitzem Mopyab Bhipaxkenuss (3.2), T.e. MoayJb CKOPOCTH V:

. Ar . |Ar|
lim == lim . 3.3
A0 Ot | arsg Al (3.3)

v=|v|=

B stoit ¢opmyne Heab3a Hamucatk Ar BMecto |Ar|. Bekrtop Ar ecThb
N0 CYWECTBY Pa3HOCTb ABYX BEKTOPOB (r B MOMeHT f-+Af Munyc r
B MOMeHT f). [ToaToMy ero Moay/ib MOXKHO 3aMHCaTh TOJBKO C TOMOILbIO
BePTHKaJbHHIX gepToueK (cM. (2.2)). CumBoa |Ar| oGo3Hauzer MOAyJb
npHpalleHHs: BEKTopa I, B TO BpeMs KaK Ar npejcraBJseT coGoli MpH-
palieHHe MORyJas Bekrtopa r: Alr].

= 2
OGe 3Tt Be.HYMHBI, BOOGLIE roBops, A
ne paBHBI ApYT APYry: 7

|Ar] = Alr| = Ar. tir
B atom MOxHO yGenuTbcs Ha cJe- Puc. 3.5.

ayiomeM npumepe. Ilycts Bextopr
noJyyaeT TaKoe NpHpauieHHe Ar, YTO MOAYJb €ro He H3MmeilsfeTca:

1) CumBonoM A (menbTa) MOAB3YIOTCA B HBYX CAYYasx:

a) ana ofo3HaueHHs NPHpaIlEHHsA KaKkolN-au6o Beanununl. B paccMarpneaemom
cayyae Ar ecTh NpHpallerHe paiHyca-BeKTopa r 3a Bpems Al;

6) a1s 0603HaueHHs JOJH KaKofi-au60 Besuunnn. Hanpumep Af ecTh yacts Beero
EpeMeHH !, B. TeUEHHe KOTODOFO NPOHCXOJHT JABH:KeHHe, As — 4acTb BCETO NYTH &,
DPOXOZMMQro HacTHLeH.
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r4+Ar|=Ir] (puc. 3.5). Torma npupanieHHe MOAYJs BEKTOPA DPaBHO
Hymo (Alrl=Ar=0). B To xe BpeMs MOAY/b MpHpAallEHUs BeKTOpa r,
T. €. |Ar], otauded ot Hy s (OH paBeH JJMHe oTpe3Ka 2—3). CKasaH-
HOe CrpaBedJIHBO IJIA JoGOro BeKTOpa a: B obilem cayyae |Aal#=Aa.
M3 puc. 3.4 [BuaHO, uto myTh As, BoOOIIE FOBOPS, OTJHMYEH MO BeJH-
yyHe OT MOAYJs mnepeMemienus |Ar|. Opnako, eciau OGpaTh OTPE3KH
nyTd As M nepemelleHHsi Ar, COOTBETCTBYIOLIHE BCe MEHBIUWM IIpOMe-
WKYTKaM BpemeHH Af, TO pasnnuue Mex1y As u |Ar] 6yaer yOuIBaTh H HX
OTHOLlIEHHE B Ipefiefle CTaHeT PaBHBIM eXHHHLE:

. As
lim =1.
At—>0 lArl

Ha atom ocHOBaHMHM MOXHO 3aMeHUTb B ¢opmyJse (3.3) |Ar]| uepes As,
B pe3y/bTaTe 4Yero NMoJy4YHTCS BEIpaXKeHHe
As ds
i T G4
Taxkum 06pa3oM, MOAYJb CKOPOCTH paBeH NPOM3BOZHOH MYTH IO Bpe-
MEHH.

OueBHIHO, YTO BeJIMYMHA, Ha3biBaeMasi B OOBIAEHHOH XKH3HH CKOPO-
CTBIO, Ha CaMOM JIeJie IpelCTaBageT cob0il. MoAyIb CKopocTH V. [1pu pas-
HOMEPHOM JBHXXEHHH MONY/b CKOPOCTH OCTaeTcsl HEeH3MEeHHBIM (V=
=const), B TO BpeMsl Kak HamnpaB/ieHHe BEKTOpa V H3MeHseTcs Mpo-
H3BOJIbHBIM 0Gpa3oM (B YAaCTHOCTH, MOXeT OblTb MOCTOSIHHEIM).

B coorBerctBHM ¢ ¢opmymoit (3.1) asemeHTapHOe nepemelleHHe

4aCTHLOBI pPaBHO
dr=vdt. (3.5)

HHorza mna HarAsAHOCTH MBI GyjneM 0603HauaTh SJeMeHTapHOe mepe-
MellleHHe CHUMBOJIOM ds, T. €. mucathb (3.5) B BHfe

ds=vdt. (3.6)
Bektop ckopocTtH, Kak ¥ BCAKHH APYrofl BeKTOp, MOXKHO IIpeAcTa-

BHTb B BHJE
v=u,e,+v.e, 1,8, 3.7

TAC Uy, Uy, U, — NPOSKLHH BEKTOpa V Ha KOOPAHMHATHBIE OCH. Bmecre

€ TeM paBHBIH V BEKTOp r COryacHO opmyde (2.43) BHIIVIAAHT Clefyio-
IHM 06pas3oM:

r = xe, -+ ye, + ze,. (3.8)
M3 cpaBuenns serpaxenuii (3.7) u (3.8) BriTekaer, urto
vx=:2, vy=_i/, v,=2 3.9

CrenoBaTe/IbHO, NPOEKLHs] BeKTOpa CKOPOCTH Ha KOOPAHHATHYIO OCh
paBHa NpPOH3BOAHOH IO BPeMEHH COOTBETCTBYIOMIEH KOOPAHHATHL JBH-
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xyweiics yacTHunl. [IpuHsB Bo BHMMaHne (2.10), nonyanm dopmyay:

v=]/x2+y’—{-2’. (3.10)

BekTOp CKOpPOCTH MOMHO NpeiCTaBHTb B BHAE V=Ue,, Tle U—

MOIYJb CKOPOCTH, a e, — OPT BeKTopa v. Bpesem opT KacaTenbHoi

K TPaeKTOpPHH T, YCJOBHMBLUIHCb HanpaBisiTb €0 B TY K€ CTOPOHY,

uto n v. Torga, o4eBHAHO, OPTH! €, H T COBNaAyT, TakK UYTO MOXKHO HamH-
caTb CJIeayloliee BLIpaXieHHe:

vV =1ve,=UT. (3.11)

TTonyuum elle oaHO Bhipakenue A.1s v. C 3Tolt LeNbl0 NMOACTaBHM
B ¢opmyay (3.1) paanyc-Bektop B Buze r=re,. Cornacio (2.49)

v=r=re,+re,. (3.12)

Jnsi mpocTOTEI OTPaHHYMMCH C/lYyyaeM, KOTAa TPAaeKTOPHUS ABJSETCA
NJOCKOM KpPHBOH, T. €. TaKOH KpHBOH, BCe TOUKM KOTOPOH JIeXaT B O/~
Hoil nsocKoctu. Ilpumem 3ty nJo- 7 v
CKOCTb 32 IJIOCKOCTb X, y. B dopmy- Y
Je (3.12) BekTop Vv OKasajaca npex- v N
CTaBJIEHHBIM B BHJle CYMMHEl ABYX CO- Y
craBasownx (puc. 3.6). IlepBas co- vy
cTaBJfilollasi, KOTOPYIO MH 00603Ha-
UHM V,, PaBHa

v, =re,. (3.13)
Oxa HanmpaBJ€Ha BJOJb pafyyca-BeK- er
TOpa I M XapaKTepuayeT GHICTPOTY  eg @
nameHeHHs Moaysia . Bropas cocra- -
BJfOLLaA, KOTOPYIO MH 0603HauUM o z
Vg, PaBHA Puc. 3.6.

Vo=re,. (3.14)

Ona xapakrepuayeT GLICTPOTY M3MEHEHHS pajHyca-BeKTOpa NO Ha-
npaBleHHIO.
Bocnonb3oBaBuych ¢opmyJsoi (2.56), MOXKHO Hanucatb, 4TO

. d .

e, = d_q; ey = (eq,
TJe @ — YroJ MeXAy PainycoM-BEKTOPOM H OChIO X, €y — NepheHiau-
KYJSpHRIA K paaMycy-BeKTOpY OPT, HampaBJeHHHH B CTOPOHY Bo3pa-
cTaHusa yrya ¢ (B gopmyse (2.56) aTor opt 6ula oGo3HaueH e,). Iox-
CTaBHB 3TO 3HayeHHe B (3.14), monydum

Vo= r¢e,. (3.15)
Mu BBesin 0603HaYeHHS Vo M €g, YTOOH NOAYEPKHYTh, 9TO COCTaB-
Jsolas Vo U COOTBETCTBYIOUMH OPT CBS3aHHl C W3MEHEHHeM YrJja ¢.



40 rJ. 1. KHHEMATHKA

OueBuaHo, 9TO BEKTOPH! V, H V B3aHMHO nepneHAHKyaapHel. Cie-
NOBATRJLHO,

v=y v%—}—v"=]/r3—{—r2cp2. (3.16)
PaccmoTtpum Bompoc o ToM, Kak, 3Haf BeJdHYHHY CKOPOCTH B Ka-
LBl MOMEHT BpeMeHH, BBIYHCJIHTB MYTh, MPOXOAHMBIA 4HacTHUeHd C
MOMEHTa BpeMeHH f; IO MoMeHTa !;. PasoObeM NMpOMEXYTOK BpeMeHi
{,—ti Ha N Ma.biXx, He o6A3aTe/IbHO OJHHAKOBBIX MPOMEKYTKOB: Af,
Ats, . ., Aly. Becb nyTh s, nNpoiAeHHBIN YacTHUeil, MOXHO NpejcTa-
BHTb KaK cyMmy myTteil As;, As,, . .., Asy, mpoiiieHHBIX 3a COOTBETCT-
BYIOLLUE NPOMEKYTKH BpeMeHH Af:

s=As;4+-As,+ ... +Asy= Z,As
(=1
B cooteerctBHM c dopmydofi (3.4) Kaxaoe M3 cjaraeMEIX MOKET GbITb
NpHGAMMEHHO MpeACTaBJIeHO B BHJE

Asizvi Ati,

rae Af; — npoMexyTOK BpeMeHH, 3a KOTOphIH Gbll mpoiizex nyTb As;,
a v; — ONHO M3 3HaYeHHUH cxopocm 3a Bpemsa Af;. CaenoBaTesbHO,

La At,. (3.17)
i=1
Hanucannoe paBeHCTBO BHIMOJ/IHAETCA TeM TOYHee, 4YeM MeHbIlle NpoMe-
KYTKH BpemeHH Af;. B npemene npu crpemseHun Bcex Af; K HyJio
(kosiuuecTBO MpoMeXxyTKoB Af; GyneT NPH 3TOM HEOrpaHHYEHHO BO3-
pacratb) nNpHOMIKEHHOE paBeHC'rno CTaHeT TOYHBIM:

s= lim 2,0 At

A!—)Ol"‘

[MonyyenHoe BhipaxkeHHe NpeicTaB/feT coGofi ONpefeNeHHbi HH-
TerpaJ oT QYHKUHM v(f), B3ATHI B npeaeaax or #; 1o £,. Takum o6pa-
30M, NyTb, NPOXOAHMBIL YacTHUeil 33 MPOMEXKYTOK BPeMEHH OT & 10 ¢,,
paBeH

ty
={v@a. (3.18)
ty
[Tonuepknem, 4To 3gech HAET peub O MOAY/e CKopocTH. Ecau B3ATh
HHTErpa.;l oT caMoifl CKOPOCTH V (£), TO IOJIYYHTCH BEKTOp MepeMelleH s
YaCTHIL 3 TOUKH, B KOTOPOil OHa Oblila B MOMEHT {5, B TOYKY, B KOTOPO#X
OHa 0Ka3asJacb B MOMEHT f;:
ty 1s
fvipat={dr=r, (3.19)
tg “

(. (3.5)).
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Ecau H3o6pasuTs rpaduK 3aBHCHMOCTH v oT ¢ (pHc. 3.7), To npoii-
ISHHbBIH MYTb MOMNHO MPEACTaBHTb KaK MJolafb (GUrypbl, OrpaHHueH-
HOH KpuBOM v(f) ¥ npaAMbIMH [=!; U {=[,. [ellcTBHTe/IbHO, MpOH3-
pafletide v;Af; UHCTEHHO PAaBHO IL10-
twagd (-# nosocku. Cymma (3.17)
paBHa [JIOLIAAH, OF PAHHUEHHOMH cBep-

v

XKy JloMaHoHl JHHHe#, obpa3cBan- | ‘

HOMl BepXHHMH KpasiMH Bcex Mozo0- I i l

HelX mosocok. Ilpu cTpemsennn Bcex R

At; K HYJIIO LUHPYHA [OJOCOK YOHI- : ' I !

BaeT (OfHOBPEMEHHO YMCJIO HMX pac- HENER [

TeT), M JIoMaHas JIHHUA B npefete g ¢, s t,
{

combeTcsl ¢ KpuBoil v=v(f). Takum
o6pa3oM, myTh, MpPOitAeHHBIA 3a Bpe- Puc. 3.7.
MA C MOMEHTa [y 0 MOMeHTa f,, 4IC-
JIEeHHO paBeH MJOLaAHM, orpaHHyeHHold rpadukoM GyHKunn v=v(f),
OCbi0 BpeMeHH { U MPAMBIMHU {={, U {={,.

3ameTuM, UTO CpefHee 3HaueHde MOAYJA CKOPOCTH 3a BpeMs OT {
Jo [, IO ONpeneseHHIO PaBHO ')

§ .
==
[MoacraBuB ciofa BepameHue (3.18) nada s, moayymm:
ty
Wy = S v () dt. (3.20)
2 1“l
AHaNOrMYHO BHIYUC/MIOTCA CPefHHE 3HaUeHHS JIOGBIX CKAJAPHBIX HJH
BEKTOPHBIX ¢yHKuuii. Hanpumep, cpenHee aHayeHHe CKOPOCTH PaBHO
ts
— 1_ I
W= S vt dt =2, (3.21)
1y
(cM. (3.19)). Cpennee 3Hauenne YHKUMM y(x) Ha MPOMEXYyTKe OT X
IO x, onpefesseTcsd BbiparKeHHEM

Xy
N 1
<> ==\ v () dx. (3.22)
Xy

§ 4. Yckopenune

CKOpOCTh YaCTHUEI V- MOXET H3MEHATbCA CO BpeMeHeM KaK [0 BeJH-
YHHe, TaK M 1O HampaBJieHHIO. BHICTpOTa M3MeHeHHs BEKTOpa Vv, Kak
H OBICTpOTA HM3MeHeHUs J1000# (YHKUMH BpEMEHH, Onpejensercs
ApoH3BoJHOM BeKTOpa v no {. OGo3Ha4MB 3TY HPOU3BOAHYIO GYkBOi W,

1) Isin 0603HAYeHHSA CPeAHero 3HaYeHUsT KAKOM-/1HG0 BeJIHYAHE Mbl yAeM 9aKio-
YaTh CHMBOJ STOR BENIHYUHH B YIJIOBHIE CKOOKH ( ).
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HOJTyUHM:

w=lim —=—=v. 4.1)

Bennunna, onpenensemas gopmysoi (4.1), HaseiBaeTca y CK O p e-
HHeM YacTHUBL
3aMeTiiM, YTO YCKOPEHHe W HrpacT N0 OTHOUIEHHIO K V TaKVIO XKe
poJb, KaKylo BEKTOP V HIpaeT MO OTHOIUEHHIO K PaiuyCy-BEKTOpY T.
PaBHble BEKTOPHl HMEIOT OJMHAKOBble NPOEKLMH Ha KOOPAHHATHHIE
oci. CiefoBaTe/bHO, HamNpHMep,

wo= () —¥=_,
¥ \dt Jnp.x  dt %
(cM. (2.40)). Bmecte ¢ Tem coryacko (3.9) v,=x=dx/dt. TlosTomy
dv, d (dx\ _d% =
ar T dt (E) =z =%
Me! noJyYH/IH, YTO NPOEKIHS BEKTOPa YCKOPEHHS Ha OCh X paBHa BTO-

poil NpOH3BOLHOH KOOPAMHATEL X MO BPeMeHHM: w,=xX. AHanoruyHbe
BEIDXKEHHST MOJYYaloTCsl AJf MPOEKUHH YCKOpeHHs Ha OCH y U 2.
Takum obpasom,

w, =X, wy=.§/, ,=2. 4.2)
IloacrapuM B dopmyay (4.1) eeipaxenue (3.11) ang v:
d
w = (vT). (4.3)

HanoMHunM, 4TO T eCTb OPT KacaTeJIbHON K TPaeKTOPHH, HamnpaB/eHHbI
B TY »Ke CTOopoHy, uT0 U v. CorzacHo (2.49)

w=0t} vt. (4.4)

CJieI0BaTEeJIBHO, BEKTOp W MOXKHO MNpeACTaBHTh B BHAE CYMMbl IBYX
coctaBasomux. OnHa M3 HHX KoJi/inHeéapHa € ¥, T. €. HallpaBJieHa
TIO KacaTeJIbHOH K TPaeKTOPHH, H NO3TOMY o603HauaeTcs W. H Ha3blBa-
€TCA TaHreHOnHaJbHHM YCKOpPpEHHEM. Ona paBHa

W, =0T, (4.5)

Bropas cocraB/siomas, paBHas UT, HanpaBJieHa, Kak Mbl TOKaXeM
HHIKe, 110 HODMaJIH K TPaeKTOpHH H NO3TOMY 0G03HavYaeTcsi W, H Hashi-
BaeTCd HOPMAaJbHHEM YCKopeHHUEeM TakuMm obpa3om,

w, =T, (4.6)

Hccnenyem cBoficTBa 0GeHX COCTABJSIOUIMX, OrPAaHMUMBLIMCH A5
WIPOCTOTHl CJ1y9aeM, KOTJa TPaeKTOpHS SIBJAsSETCH NJIOCKOA KpHBOM. -
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Mopaynp TanreHnuanbHoro yckopexus (4.5) paseH
lwt]=li’|- (4.7)

Ecnit v >0 (ckopocTh pacTeT NO BeJHYHHE), BEKTOp W, Hampasb.ieil
B TY 3Ke CTOPOHY, YTO H T (T. €. B TY 3Xe CTOpOHY, uTo U v). Ecan v<< 0
(CKOpOCTb CO BpEMEHEM YMEHbIUAeTCs), BEKTOPbl V H W, HalpaBJeHbl
B NPOTHBOMOJOMKHbIE CTOpOHH. IIpH paBHOMepHOM ABHKeHHH U=0),
H C/1eI0BaTe/IbHO, TAHTEeHLHANIBbHOIO YCKODEHHS HeT.

Uto6bl BHIACHHTL CBOHCTBAa HOPMAaJBHOTO YcKopeHHsi (4.8), HYKHO

YCTaHOBHTb, YeM Onpefessercd T, T. €. ObICTPOTa H3MEHeHHsl CO Bpe-
MEeHeM HampaBJ/ieHHsl KacaTeqIbHOil K TpaeKTopHH. Jlerko cooGpasiith,
yto 3Ta GhICTpOTa GyAer TeM GoJibllle, YeM CHJbHEE HCKPIBJEHA Tpaek-
TOplist M 4YeM OmICTpee mepe)lelllaeTcsl YacTHLA MO TPaeKTOPHH.

CreneHb HCKPHBJEHHOCTH IJIOCKO# KPHBOH XapaKTepuayercs K p H-
BH 3 HOH C, KOTOpas onpefe/seTcd BbipaXKeHHEM

— lim Y9 __do

¢= ASITO As — ds’ (*8)
rae Ap — yroJa Mexay KacaTe/JbHbIMH K KPHBOH B TOYKaX, OTCTOSILIHX
apyr oT apyra Ha As (puc. 4.1). Takum o6pa3oM, KpHBH3Ha ONpee/seT
CKOpPOCTb MOBOPOTA KacaTeJqbHOH NpH TepeMellleHHH BA0Jb KPHUBOM.
BenuunHa, o6paTHas KpuBu3He C, Ha3biBaeTci pafHUyCOM
KPHBH3HB B JaHHOH TOYKe KPHBOH H

o6o3Havaetcs 6ymaoﬁ R'

ds

—emlm g 69
Paauyc KpHBH3HBHI NpeicTaBJsAeT coboi pajy-
yC OKPYXHOCTH, KOTOpas CJiMBaeTcsi B AaH-
HOM MecTe ¢ KPHBOH Ha 6eCKOHEYHO MaJloM ee
yuacTke. LleHTp Takol OKPYXHOCTH Ha3biBa-
eTcl LeHTPOM KPHBH3HB MIA AaH-
HOHl TOYKH KpPHBOH.

Paguyc #' UeHTp KpUBHM3HBI B TouKe [
(cM. puc. 4.1) MOXKHO OIpefe/NHTB CJefylo-
WHM obpa3oM. BoabmeM HenopaseKy OT Tou-
ku I Ttouky I' TlocTpouM B 3THX TOYKax
KacateJqbHele T H T, Ilepnennukynsper K
KacaTe/IbHbIM NIEPECeKYTC B HEKOTOPOIi TOUKe O’. 3ameruM, 4YTO AMA
KpHBOH, He ABJSAIOIEHCH OKPYKHOCTHIO, paccTosHus R" v R" 6yayr
HEMHOIO OTJIHYaTbCH APYT OT Apyra. Ecsn Touky I’ nmpubaukathb K TOY-
Ke I, nepeceyenie NepneHaHKynspoB o' 6y11e1' nepemeliaTbCa BAOJb
npsmoit R* ¥ B npejenie oKaxeTcsi B HeKOTopoii Touke 0. Dta ToyKa H
Gyler UeHTPOM KPHBHM3HBI Aast Touku I. Paccrosnus R* u R” Gyayr
CTPeMHTBbCA K ofilleMy npefieny R, paBHOMY paauycy KpHBH3HbL, [leii-

Puc. 4.1.
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CTBHTEJIbHO, ecn ToukH I n 1' pacnosoxkeHH 6JH3KO APYT K ApYTY,
MOXHO HanucaTth, YTo Ag@aAs/R’' wman R'~As/A¢. B npenene npn
A — 0 370 npuGiHIKEeHHOE PaBEHCTBO NepeiiieT B CTPOTOE PaBEHCTBO
R=ds/d¢, coBnajawiunee c omnpejesNeHHeM PpaiMyca KPHBH3HH (CM.
4.9).

OGpatimMcs K BryucaeHHI0 W, (cM. (4.6)). Cornacho (2.56)

=2 n, (4.10)
Tle N — OPT HOpPMaJH K TPaeKTOPHH, HanpaBAEcHHLIA B Ty CTOPOHY,
B KOTOPYIO NOBOPaYHBaeTCH BEKTOP T NPH IBHXKEHHH YaCTHLLI 11O TPaeK-
TOpHH (B popmyse (2.56) aHasOrHuHELi OpT 6hl1 0Go3HaueH e ). Benn-
UHHY d@/df MOXHO CBf3aTh C PajHYeOM KPHBM3Hbl TPaeKTOPHH H CKO-
pocThio uacTHuH v. M3 puc. 4.1 caenyer, uto

As v Al
Aemp=TF

rie A9 — yron noBopoTa BekTopa T 32 Bpems A{ (coBmagawouuiii c
YIJIOM MeXLy nepneHaukyaspam# R’ u R"), v — cpemHsis CKOpocTb
Ha nytH As. Orciona

Ap U

At TR
B npenene npn Af-—> 0 npubamkeHHOe PaBEHCTBO CTaHET CTPOTHM,
CpefiHsifA CKOpOCTh v’ NPeBPaTHTCA B MFHOBEHHYIO CKOPOCTb U B TOuKe /,
R’ — B paauyc xpuBH3HEL R. B pe3ysbTaTe TNOMYYHTCA pPaBeHCTBO

dp v

(C — KpuBu3Ha). CilejoBaTesibHO, ObICTPOTAa NOBOpOTa BEKTOpa CKO-
POCIH, KAK Mbl H lpe[lloJlaraiy, iiponoputoHa/lbia KPHBHBHE TPaeK iu-
PIII 11 CKOPOCTH NepeMellleHHs YacCTILLl N0 TPaeKTOpHHU.

Toxacrasue (4.11) B dopmyay (4.10), noayuum, uto t= (v/R)a.
HaxkoHell, noacTaBuB 310 BbipaxkeHKe B (4.6), NpuieM K OXOHYaTeJNbHCH
(opMyJie 1711 HOPMaJIbHOTO YCKOpeHHS:

2

W, =xn. (4.12)

HTak, BeKTOp YCKOpPEHHS NPH ABHMKEHHH YaCTHLH N0 MJIOCKOA Kpu-
COll onpenensieTcsl C.IeAYIOUIMM BbipaKeHHeM:

w=w,+w,,=z:rr+%n. (4.13)
Monyap BeKTOpa W paBeH
w=VTWFFIw,F=V #+@Rp. (419
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[Tpi nmpsmMonuHeiiHOM IBHMXKEHHH HOPMa/lbHOe YCKODEHHe OTCYTCT-

BYeT. 3aMeTHM, YTO w, o0pawaeTcs B Hy/1b B TOYKe Meperuéa KpHBoJu-
““HellHoi: TpaekTopuH (B Touke T/ Ha puc. 4.2). Ilo o6e cTopoHbI OT 5TO¥

TOUKIl BEKTOPH W, HanpasJieHel B pas- w,
Hble CTOPOHH. Bektop w, He MoOxeT 13-
MEHATbCA CKayKOM; H3MeHEHHe HampasJe- b/
HHSL Ha [POTHBOIMOJIOXXHOE MNPOHUCXOXUT
m1aBHO C ofpallleHHeM w, B HyJb B TOYKe
neperiifa. W,

[TycTo yacTHUA JBHIKeTCS paBHOMep- Puc. 4.2.
HO C MOCTOAHHBIM MO BeJHYHHE YCKO-
peuveM. IlocKONBKY MpH paBHOMEPHOM JBHXKEHHH CKOpOCTb He
H3MEHsSeTCA Mo BeJH4YHHe, TO W,=0, Tak uro w=w,. [TocToscTBO MO
BeJIMYHHE W, O3HauyaeT, 4To v?/R=const. OTcioga 3akioyaeMm, 4TO
R=const (v=const BCleACTBHe paBHOMEPHOCTH ABHXKEHMf). 3HAuMT,
yacTHUa ABHIKETCA MO KPHBOI MOCTOSTHHOM KPHBHU3HHL, T. €. MO OKPYMK-
Hoctil. Takum o6pa3soM, B ciiyuyae, Korja yCKopeHHe 4acTHIBI NOCTOSTHHO
no BeHYHHe M Hampap/edo B KamIblii MOMEHT BPeMeHH MNephneHAHKY-
JIIPHO K BEKTOPY CKOPOCTH, TPaeKTOpHell 4acCTHIbI GyAeT OKPYKHOCTb.

§ 5. KnHemMaTHKa BpaWaTeIbHOTO JBHXEHUSA

[ToBopoT Tesla HA HEKOTOPHIH YroJl @ MOXHO 3aJaTh B BHUJE OTPe3Ka,
JIMHA KOTOPOro paBHa @, a HalpaBJieHHe COBMajdeT C OCbi0, BOKPYT
KOTOpOH MpPOM3BOAMTCA MOBOPOT. [1s TOro 4ToGB YKasaTh, B KaKYIO

CTOPOHY COBEpUIAETCH MOBOPOT BOKPYT bg, Ag,
JaHHOH ocH, CBA3BIBAOT Harnpas- -~
|
[
I
t
]
”~
////// A?I
/’///
‘/ ’/’// //
7 7 /
d /// //
/‘/ ar,
Puc. 6.1. Pue. 5.2,

JIeHHs [OBOPOTa H M306parKalollero ero OTpe3ka MpaBHJIOM
NpaBOro BMHTAa: HanpaBJieHUe OTpe3Ka JOMKHO GhITb TaKum,
uyTO6hl, IVIAAS BAOJb Hero (puc. 5.1), MBI BHIENMH IOBOPOT COBEpLIAIO-
LIAMCS MO 4acoBOM cTpesike (Bpalllafd roJIOBKY NPaBOro BHHTa M0 4a-
COBOF CTpe/IKe, Mbl BLI30BEM €ro nepemelllenne ot ce6s). B § 2 6uo
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noxasaHo (cM. puc. 2.1), YTo NOBOPOTH Ha KOHEWHHE YIJIH CKJaJkIBa-
10TCHl He MO NPaBUJY NapaJjyiesiorpanMMa M NO3ITOMY He SBJIAIOTCSH BeK-
Topami. MiHaue o6CTONT feso 4711 NOBOPOTOB Ha OUeHb MaJikle YTJbl Ag.
IlyTb, npoxoauMulf 060l TOYKOH Tesa MPH OYEHb MaJOM MOBODOTeE,
MOXKHO CUMTaTh NpsMoaHHeHHbIM (puc. 5.2). [TosToMy zBa coBepluzeMEIX

z 7
|
]
| (€5 ml
@
—————— 77T~
-~ N ( \5/)/'
( _dw \; ~_-L_/_. v
S | R "
\\~_ )
= s »
|
I 7
aq Vi i
Pue. 5.3 Puc. 5.4. Puc. 5.5.

TIoCJIe0BaTeIbHO MaJeIX noBopoTa Ag; 1 A, 06YCJOBAHBAIOT, Kak
BHIHO M3 DHCYHKa, Takoe e nepemeulenue Ar;=Ar,+Ar, J1060it
TOYKH Tesna, KaK W NOBOPOT AQ,, noayuaeMuil H3 Ag@; u Ag,
CJIOXKEeHHeM N0 NpaBHay napanJejorpamMma. Otciona CJeLyeT, YTO OYeHb
MaJible TIOBOPOTHI MOMHO pacCMaTpHBaTh KaK BEKTOPH (Mul 6yZeM 3TH
BEKTOPH 0003HayaTb cHMBOJiaMM A uau dg). Hanpaenenne BekTopa
NOBOPOTa CBASLIBAETCA C HanlpaBJeHHeM BpalleHns Tesa. Crenosa-
TelbHO, d¢ ABJSAETCS He HCTHHHHIM BEKTODOM, a MCeBAOBEKTOPOM.
BexTopHas BeJMYNHa

o= lim 3¢ =22 G.1)

At->0
(rne Af — Bpems, 3a KoTopoe coBepluaeTcsi MOBOPOT A¢) Ha3bBaeTcs
Yyra1oBOoH CKOpoOCTDIo Tesma?). YrioBas CKOpOCTb @ Hampas-
JieHa BJIOJIb OCH, BOKPYT KOTOpOH BpailaeTcsl TeJlo, B CTOPORY, onpene-
JfIEMYI0O MpaBHJIOM NPaBoro BHHTA (puc. 5.3), M npencTaBiaseT coGoH
ncepoBeKTop. Monysb YrioBoit ckopoctH paBeH dg/dt. Bpamennue c
NOCTOSIHHOH YIJIOBOH CKOPOCTBbIO Ha3blBaeTcs paBHOME P HEH M.
Ecau BpaileHHe sIBIAETCS PaBHOMEPHEIM, TO @=¢/f, Ile ¢ — KOHeu-
KHIH YyToJl MOBOpOTa 3a BpeMsA f (cp. ¢ v=s/t). Takum o6GpasoM, npH
pPaBHOMEDHOM BpaUiEHHH (@ NOKa3nBaeT, Ha KaKof YroJa noBOpauyH-

BaeTCA TeJIO 3a eJMHHOY BpeMeHH.
PaBnoMepHOe BpalleHHe MOXKHO XapaKTepH3oBaTh MepHORoM o6pa-
weHusg 7, nox KOTOPHIM NOHHMalOT BpeMs, 33 KOTOpoe TeJO feJaeT

3) PaccmoTpennylo B § 3 CKOPOCTb V HEOTJA HasuwbaloT AW H e H o A,
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OJAHH 060pOT, T. €. MoBopa4YuBaercs Ha yroa 2n, IToCKOMBKY [IPOMeXYT-
Ky BpemeHH Af=T cooTBeTCTByeT yroJs moBopoTa A@=2m, T0

0=21/T, (5.2)
OTKyJa
T=2n/w. (5.3)
Yucao 0o60poTOB B eIMHHIY BpeMeHH v, OYeBHIHO, PaBHO
v=1/T=0/2m. (5.4)

N3 (5.4) crepyet, 4ro yr/0oBasi CKOPOCTb pPaBHa 27, YMHOMEHHBIM Ha
YHCI0 0GOPOTOB B eJHHHIY BpeMeHH:

0=2mv, (5.5)

ITonaTtus mepuoja ofpallleHHst M Yucja oGOpPOTOB B eIHHHUIY Bpe-
MEHH MOXHO COXPaHHTh M AJI7 HepaBHOMEDHOTrO BpallieHHs, NMOHHMas
0] MrHOBEHHBIM 3HayeHHeM T TO BpeMsi, 3a KOTOpOe TeJO COBEpLIHJIO
Gbl 01MH 06OpOT, ecaH Ghl OHO BpallaJOCh PAaBHOMEPHO C JaHHBIM
MCHOBEHHBIM 3HaYeHHeM YIJIOBOH CKOPOCTH, a MOA v MOHHMAas TO YHCIO
060poTOB, KOTOpOe COBepluaJo Obl Te/lo 3a eIHHHIY BpeMeHH NpH aHa-
JIOTHYHBIX YCJIOBHSAX.

Bektop © Moxer H3MeHATbCA KaK 3a CYeT M3MEHEHHS CKOPOCTH
BpallleHUs Tesla BOKPYT OCH (B 3TOM CJaydae OH M3MEHSIeTCH IO BeJsu-
YiHe), TaK M 3a CHeT MOBOPOTA OCH BPALUEHHA B [POCTPAHCTBE (B ITOM-
ciydyae @ u3MeHsietcs 1o HanpasieHnuio). [Tycts 3a Bpema Af BekTop @
nojy4aer npupauieHve Aw. MaveHenue BekTOpa YrJIOBOH CKOPOCTH CO
BpeMeHeM XapaKTepH3yeTcsl BeJUYHHOH

Ao de
ﬂ-— llmoﬁ ar (56)

KOTOPYIO Ha3uIBAlOT YTJOBH M YCKODpeHHUeM. YIJoBoe yCcKo-
peHHe, KaK M YIJIoBast CKOPOCTb, fIB/ISIeTCH IICEBAOBEKTOPOM.

OrgenbHble TOYKY BpALLAOIIEroCs Tejla HMEIOT Pa3jHyHble JHHed-
Hble CKOPOCTH v. CKOPOCTb KamJ0#f M3 TOYEK HeNpepbIBHO H3MEHsSeT
cBoe HanpaBJjeHnue. BeanunHa ckOpocTH v ompejensieTci CKOPOCTbIO
BpallleHHs Tela @ W paccTosiHHeM R paccMaTpuBaeMOM TOYKH OT OCH
BpauteHus. I1ycTb 3a Masblil IPOMEXKYTOK BpeMeHH TeJIO MOBEPHYJOCh
Ha yron A (puc. 5.4). Touka, Haxopsliascsa Ha PaccTOfAHHH R oOT
OCH, MPOXOAHT MPH 3TOM NyTb As=RAg. JIuHefiHasA CKOPOCTb TOYKH
paBHa

S
v= lim —= lim —=R hm R —-Rco.
at—0 Af T a0 A At >0

Takum o6pasowm,
v=0R. 6.7

®opmyaa (5.7) cBA3nIBaeT MOAYJH JUHeAHOA H YryoBoft ckopocted.
Haiinem Buipa)eHHe, cBs3biBaollee BeKTOpH V H o. [losoxenue pac-
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cMaTpMBaeMOl TOYKHM Tesa GyaeM ompeleniaTh paiHycoM-BEKTOPOM
r, NPOBEIEHHHM M3 JIeXKallero Ha OCH BpallleHHs Hayasia koopauuat O
(puc. 5.5). M3 pucyHka BHAHO, 9TO BEKTOpHOe Npou3seficHHe [wr]
COBMajaeT No HanpaBJ/IeHHIO C BEKTOPOM V H HMeeT MOAY.Jb, PaBHHL
or sin a=wR. CieaoBaTeJbHO,

v=loer]. (5.8)

Monynb HOpMaJILHOTO YCKOPEHHs! TOYeK Bpallalollerocs Tesa paBeH
Iw,|=0v%R. IoacraBuB clofa 3HayeHue v U3 (5.7), moayqgum:

(w,|=w?R. (5.9)

Ecan BBeCTH mepneHAWKYJspPHEIA K ocu BpaileHiis Bektop R, mnpo-
BelleHHHl B JaHHYIO TOUKYy Tena (cMm. puc. 5.5), cooTHoweHuo (5.9)
MOXKHO NPHAATb BEKTODHHIA BUI:

w,=—oR. (5.10)

Munyc B 510t dopMyJIe CTOMT NMOTOMY, YTO BEKTOpPH w, U R HwmeloT
TIPOTHBOMOJIOXKHEIE HaNpaBJieHHs .

IpenmonoxuM, uTO OChb BpalleHHs TeJla He IOBOpauuBaeTcs B
npoctpanctBe. CorsacHo (4.7) MOAyJb TaHIeHUMAJBHOTO YCKOPEHES
paBeH |dv/di!. Bocnonb3oBaBuiuch cooTHouleHHeM (5.7) H yutdA, 4TO
paccTositHHe pacCMaTpHBaeMOR TOYKH TeJla OT OCH BpauleHHs R=const,
MOMHO HanucaTthb:

lim Av

. A(oR)
lim =
At—>90 At

At—»>0 Al

= Rp,

|we =

: Ao . Aw
lim R—|=R/| lim =—
At—>0 At A?1—>0 Al

rie p — Momysab yrJjoBoro yckopenus. CiefoBaTesbHO, MOLY.JIb TaH-
TEeHUHaJbHOrO YCKOPEHHsl CBSI3aH C MOZYJIeM YIJIOBOTO YCKOPEHHSA
COOTHOLIEHHEM

|we|=PR. (.11)

TakuMm o6pa3oM, HOpMaJbHOE H TAaHTEHI[HAJLHOE YCKOPEHMS pacTyT
JHHEAHO C YBeJHUYEHHeM PacCTOAHHSA TOYKH OT OCH BpalleHHs.
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§ 6. Kaacchnueckas mexanuka. I'paHHLbI ee NPHMeHHMOGCTH

KunemaTHKa Jaer onucaHue JBHXeHHs TeJ, He 3aTparuBas Bompoca
0 TOM, NMOYeMY TeJO ABMXKETCA MMEHHO TakK (HampHMep, PaBHOMEPHO
0 OKPYHOCTH, MJM PaBHOMEPHO-YCKOPEHHO I'O NMPAMOH), a He HHaye.

JuHaMMKa H3y4aeT [BHXXEHHe TesJl B CBA3H C TEMH NpPUYMHAMH
(B3aMMOJECTBHAMHE MEXAY TeslaMH), KOTopsle 0O6YCJOBAMBAIOT TOT
1M HHOM XapakTep ABHXKEHHS.

B ocHoBe TaK Ha3biBaeMOH KJacCHYeCKOR HJM HBIOTOHOBCKOA Me-
XaHUKH JiexXaT TPH 3aKOHa AMHaMHKH, cdopmyaunpoBaHHEe HbloToHoM
B 1687 r.

3axkonbl HbioToHa (Kak M Bce ocTajbHEle GM3HUYECKHE 3aKOHEHI) BO-
ZHHKJIH B pe3yabTate 06oGlleHHss GOJbIIOTO KOJHYECTBA ONLITHBIX
(akToB. IlpaBuibHOCTD MX (XOTA M LA OYeHb OGLIMPHOTO, HO BCE XKe
OrpaHUYEHHOTO KPYyra ABJEHHH) NOATBEPHKAAETCS COrJacHeM C OINLITOM
TeX CJIeACTBHMH, KOTOpble M3 HHX BHITEKAIOT.

HruroToHOBCKasi MeXaHMKa AOCTHIJIA B TeUeHHe ABYX CTOJIETHH TaKMX
OTPOMHEBIX YCIIeX0B, 4To MHorue ¢uauku X1X cronetns 6bl1H y6eaeHb!
B ee BceMmoryuectBe. Cuntajoch, 4YTO OGBSCHHTH JioGoe ¢usnyecKoe
fBJIEHHE 03HauaeT CBECTH ero K MeXaHHYeCKOMY NpOLeccY, MOAYHHSAIO-
wmemycs 3akoHam HeloToHa. OJHaKo ¢ pa3BHTHeM HayKH 0GHap YKUJHCh
HoBhle (paKTHl, KOTOPHIE He YK/IalblBaluCh B PaMKil KJacCHyecKol Mexa-
HUKH. DTH aKTHl NOJYYHJIH cBoe OObsCHEHEE B HOBHIX TEOPHAX —
CMennaJbHOH TEOPHH OTHOCHTEJNBHOCTH W KBAHTOBOH MeXaHHKe.

B cneuuanbHOIl TEOPHH OTHOCHTEBLHOCTH, CO3XaHHON DRHIUTEHHOM
B 1905 r., mOABepriMch paiuKaJbHOMY TeEpPeCMOTPY HBIOTOHOBCKHE
NpeACTaB/eHHA O INPOCTPAHCTBE M BPEMEHH. ITOT NEPECMOTP NPHBEJ
K CO3JaHHI0 «MEXaHUKH GOJBLIMX CKOpocTefi» WJIH, KaK ee Ha3blBaIoOT,
penATUBHCTCKON MexaHHWKH. HoBas MeXaHMKa He mpHBeJa, OJlHaKo,
K TOJIHOMY OTPHIAHHIO CTapOofl HBIOTOHOBCKOH MEXaHHKH. Y paBHeHHS
PENATHBHCTCKOH MEXaHHKH B npejene (AJs CKOpPOCTel, MaJbIX MO CpaB-
HEHHIO CO CKOPOCTHIO CBETa) IEPEeXOAAT B YpPaBHEHHs KJacCHYeCcKoH
mMexaHHKH. TakuM o6pasoM, KJacCHyecKas MeXaHHKa BOLLJIA B DeATH-
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BHCTCKYIO MEXaHHKY KaK ee 9aCTHBIH CJyyail # COXpPaHH/Ia CBOe Mpex-
Hee 3HaueHHe [JIS ONMHMCAHUA JBUKEHUH, TPOUCXOASALINX CO CKOPOCTAMH,
3HAYHTEJbHO MEHBILIHMH CKOPOCTH CBeTa. .

AHaJIorH4Ho 06CTOUT JeJI0 M C COOTHOIIeHHEeM MeKAY KJacCHYeCKoU
H KBaHTOBOIl MeXaHMKOH, Bo3HMKIilei B 20-Xx rojax Halllero Beka B pe-
3y/ibTaTe pa3BUTHS (QU3NKH aToMa. Y pPaBHEHHA KBAHTOBOH MeXaHHKH
TaKxe JaioT B npefene (A macc, 60JBIIMX MO CPaBHEHHIO C MaccaMH
aTOMOB) YpaBHEHHs K/accudyecKol MexanukH. C/e10BaTesIbHO, K.J1aCCH-
yecKasl MeXaHHKa BOlLlJa M B KBaHTOBYIO MEXaHHKY B KayecTBe eeIpe-
JeJbHOTO CJaydas.

Takum o6pasoM, pasBUTHE HayKH He MEPEYEPKHY.I0 K/IaCCHUECKYIO
MeXaHHKY, a JIMIIb [I0Ka3ajo ee OTPaHHYEHHYIO NPHMEHHMOCTb. K.iac-
CHUeCKasi MeXaHHKa, OCHOBbIBalollascs Ha 3aKOHax HbloToHa, sABJSA-
eTCSl MeXaHHKOMH Tes GoJsbluiX (MO CPaBHEHHIO C Maccoii aTOMOB) Macc,
ABHXYIIMXCA C MaJbiMu (10 CPaBHEHHIO CO CKOPOCTbIO CBeTa) CKOpo-
CTAMH.

§ 7. lNepsmit 3akon HroloToHa.
HdepuuanbHbie CHCTEMbl OTCYeTa

IMepsuiit 3akor Hetotona dopmynupyercs caenyouwum ofpasom:
6CAKOE MEA0 HAXOOUMCA 8 COCIMOARUY NOKOA UL PABHOMEPHOZ20 U NPAMO-
AUHeliHo20 Osuxcerus, noxa 6o3dericmaue CO CMOPOHbL OpYyeuUX men He
sacmasum e2o0 usmeHums 3mo cocrmoarue. O6a Ha3BaHHbIX COCTOSIHHA
OTJIMYAIOTCA T€M, YTO YCKOpeHHe Tesa paBHO HYJ/o. [Toatomy dopmyu-
pPOBKe MNEpBOro 3aKOHAa MOXHO TNpPHAATL CJAeYIOWHHA BHA: CKOPOCTb
JIt06OTO TeJsla OCTaeTcsl NMOCTOAHHOK (B YaCTHOCTH, pPaBHOH HYJIO), NMOKa
BO3/ICHCTBHE Ha 3TO TeJO CO CTOPOHH JAPYrHX Te/ He BLI3OBET ee H3Me-
HeHUA.

Ilepeeiii 3akon HeloToHa BHIMONIHfAETC He BO BCAKOH CHCTeMe
orcueta. MLl yKe OTMedasl, YTO XapaKTep ABIGKEHHS 3aBHUCHT OT
BbIOOpA CHCTEMEI OTCYeTa. PaccMOTpPHM JiBe CHCTEMBI OTCUETA, JABHXK YILHe-
¢ JpPYr OTHOCHTE/bHO JApYra ¢ HeKOTOPhIM ycKopeHueM. Ecjin oTHoO-
CHTEJIbHO OJIHOM M3 HHX TeJsO NOKOMTCH, TO OTHOCHTEIBHO IPYroif OHo,
OYEBHJHO, OYAeT ABHUrathcsi ¢ yckopenuem. CJ/Ief0BaTe/IbHO, NEPBBIL
3akoH HbloToHa He MOMKeT BBIMOJIHATHCS OAHOBPEMEHHO B 0GEHX CH-
cTeMaXx.

Cucrema oTcuera, B KOTOPOH BBINOJIHSETCS NEpPBHIH 3aKoH HbloToHa,
HasbiBaeTcsi HHepU HaJdbHOH. CaM 3aKOH HasblBalOT HHOIAa
3aKOHOM HHep I ¥ u. Cucrema oTcyera, B KOTOpOIi [iepPBLIH 32 KOH
HeloroHa He BbImONHsETCS, HAa3biBaeTCSl HEHHEPHUAJbHOH CHCTEMOR
orcyeTa. MHepuHanbHEIX CHCTEM CYLIECTBYeT GECKOHEYHOE MHOXKECTBO.
JlioGas cucrema oTcueTa, ABHXKYUIASCSH OTHOCHUTENBHO HEKOTOPOH HHep-
LHa/MIbHOH CHCTEMBI NPAMOJIMHEHHO M paBHOMEPHO (T. €. C MOCTOAHHOM
CKOpOCTbIO), OyneT Takke HHepuuaJjbHOH. [TogpoGuee 06 3tom 6ymer
CKasaHo B § 12.
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OnNbITHEIM NYTEM YCTAHOBJIEHO, YTO CHCTeMa OTcYeTa, LIeHTP KOTOpPOi
coByMelleH ¢ CoJHLIeM, a OCH HanpaB/ieHbl Ha COOTBETCTBYIOIIHM 06pa-
30M BbiOpaHHble 3Be3/ibl, SIBJASETCS C OYEHb BHICOKOH CTENEHbIO TO4-
HOCTH HMHepuMnanbHoii. OHa Ha3blBaeTcsi Te€JMHOLEHTPH Yec-
Ko cucteMOl oTcuyeTa (reMoc — MO-TPEYECKH COJHLE).
Jlio6asi cucTeMa OTcyeTa, IABHKYLIAACA PaBHOMEDHO M MPAMOJHHEHHO
OTHOCHTE/IbHO TeJHOLEeHTPHYeCKO! cHucTeMmbl, OyAeT HMHepUHaJbHOMH.

3eMJs IBHzKeTCS OTHOCHTenbHO CoJsiHLa H 3Be3J Mo KPHUBOJHHEHHOM
TpaekTopHH, HMetoweit ¢opMy 3sanunca. KpuBonnHedHoe ABHXKeHHe
Bcera NPOHCXOIAHT C HEKOTOPHIM YycKopeHHeM. Kpome Ttoro, 3emas
COBepllaeT BpallleHHe BOKpYr cBoed ocH. Ilo aTuM npHYmHam cucrema
oTcueTa, CBA3aHHAsl C 3eMHOIH MOBEPXHOCTHIO, ABHKETCA C YCKOpEHHeM
OTHOCHMTENIbHO TeJHOLEHTPHUYECKO CHCTEMBl OTCYeTa H He fBAdeTCs
itHepumnanbHoll. OQHAKO YCKOpeHHe TaKOH cHCTeMbl HacTOJILKO Malo,
yTO B GOJBLIOM YHCJE CAYYaeB ee MOXKHO CUHTAThb MPaKTHYECKH HHep-
uanasHoit. Ho HHorza HeMHepuManbHOCTBE CHCTEMBI OTCUeTa, CBA3aHHOM
¢ 3emJeit, OKa3biBaeT CYLIeCTBEHHOe BJIHAHHE HAa XapakTep paccMar-
pHBaeMbIX OTHOCHTEJbHO Hee MeXaHWuecKHX siBjeHuil. Hexoroprie u3
TaKHX CJy4aeB Mbl pPacCMOTPHM BIOCJ/EACTBHH.

§ 8. Macca u HMnyJbc Tena

Bo3speiictBHe Ha NaHHOe Tel0O CO CTOPOHBI APYrHX T€J BLI3LIBAeT
M3MEHEHHEe €ro CKOPOCTH, T.e. coOOllaeT AaHHOMY Tely YCKOpeHHe.
OnelT nokasbiBaeT, YTO OAWHAKOBOE BO3JEIICTBUE COOOLIAET pa3HLIM
TeJlaM pasHble NO BelIHYHHE YCKOpeHHs. Bceskoe Teso «npOTHBHTCA»-
TIONEITKAM H3MEHHTb €ro COCTOSIHHE JBHXKEHH 1. DTO CBOMCTBO TNl Hasbl-
BaeTCcsi HHEePTHOCTh 0. B KayecTBe KonHuecTBEHHOW Xapakre-
PHCTHKH HHEPTHOCTH HCMIO/Ib3YeTcs BeJIHYHHA, Ha3biBaeMasi M a cC € O i
Teda.

- UroOul onpenesuTh Maccy HeKOTOpOrO Tesa, HYMHO CPaBHHTb ee
C Maccoil TeJla, NPHHATOrO 3a 3TallOH Macchl. MOXKHO TaKXKe CPaBHHTb
Maccy NaHHOTO Tejla C Maccoi HEeKOTOPOro Tesla ¢ yXKe H3BEeCTHOH Mac-
coil (ompenesieHHOH myTeM cCpaBHEHHA ¢ 3TanoHoM). Omnepauuio cpab-
HEHHsl MaccC m; U m, ABYX MaTepuaJbHEIX TOYEK (4acTHI) MOXKHO OCy-
LEeCTBUTD ceaylomnM o6pa3oM. IloctaBuM 3TH yacTHLLI B Takue yc-
JIOBH#, YTOOBI MX B3aNMOIEHCTBHEM C JPYTHMH TeNaMH MOXHO 6o
npeHeGpeyb. CHcTeMa Tesl, B3aHMOLEHCTBYIOIMX TOJABLKO Mexay coboii
U He B3aHMONEHCTBYIOUMX C APYTHMH TeJlaMH, Ha3blBaeTcss 3 aM K H y-
T 0 1. CJiefoBaTesIbHO, MBI pacCMaTpPHBAaeM 3aMKHYTYIO CHCTEMY IBYX
yacTul. Ec/n 3acTaBuTh 3TH YacTHlBl B3aMMOJEHCTBOBaTb (Hanpumep,
NOCPEACTBOM CTOJIKHOBEHHS JApYT € JPYTOM), HX CKOPOCTH HOJyYaT
npupauenus Av; u Av,. Onbit 1aer, 4To 3T NPUPALLEHHS BCErAa NPOTH-
BONOJIOXHBEI NO HanpasJIeHHIO, T. €. OTJuYaloTca 3HakoM. OtHolneHue
xe MOAYJied npHpalleHHil CKOpOCTel He 3aBHCHT OT cnocoba H HHTeH-
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CHBHOCTH B3aMMOJACHCTBHS JaHHBIX ABYX Te€J 1). 10 OTHOLUEHMHE NnpH-
HHUMAaETCA paBHBIM oépamomy OTHOLUEHHIO MacC paccMaTpHUBaeMbuIX TeJa:

[Av, | Mg

|Ave | Ty (8'1)

(Gosiee HHepTHOe Teso, T. €. Tejo C GOJbLIeil Maccoi, mpeTepneBaer

MeHbllee U3MeHeHHe CKopocTH). [IpHHSIB BO BHHMaHMe OTHOCHTEJbHOS

HanpasJ/eHHe BeKTopoB Av; U Av,, cooTHoweHue (8.1) MOXKHO HanmucaThb
B BHje

mAv,=—m,Av,. 8.2

B HBIOTOHOBCKOH MexaHHKe (T.e. MexaHHKe, B OCHOBY KOTOPOI
noJioxxeHbl 3akoHbl HbloToHa) Macca Tena mpennoJsiaraeTcsi MOCTOSHHOI
BeJIUYUHON, He 3aBHcAlEl oT ckopocTH Tena. IIpH CKOpOCTAX, MaJsblX
Mo CpaBHEHHIO CO CKOPOCTBIO CBeTa ¢ (mpH v<€c), 3TO MpenmnosoxeHue
NpPaKTHYeCKH BHITOJHAETCS. Bocmno/b3oBaBIINCh NMOCTOSHCTBOM MaccChi,
npeactaBuM paseHCTBO (8.2) caepyiomuM o6pa3om:

A (mv,))=—A (mgv,). 8.3)

[MpousBepeHue Macchl Tela Ha €ro CKOPOCTb Ha3blBaeTcs U M-
nynabcom Teaa 2). O6osHaunB uMnysasc GYKBOH p, MOJYyUYHM:

p=mv. 8.4)

Onpenenenne (8.4) cnpaBensnBo AJA MaTepHaJbHBIX TOYeK (YacTHu)
1 MPOTSIKEHHEIX TeJs, ABHKYLIMXCA MocTynaTeibHo. B caydae nports-
KEHHOro TeJa, ABHIKYLIErOcs HeNoCTYNaTeNbHO, HYMHO MPeNCTaBHTb
TEJI0 KaK COBOKYIHOCTb MaTepHajJbHBIX TOYEK C Maccamu Am;, orpe-
NeNUTh UMOYJAbCH Am;v; 5THX TOYEeK H 3aTeM CJIQXKHTb 3TH HMMYJbCHL
BeKTOpHO. B pe3y.brate mosyyuTcs MOJHBIA MMNYJbC TeJa:

p=2Amyv;. (8.5)

[Tpu nocrynaTenbHOM NBUMEHHH Teja BCe V; OJMHAKOBBI U (opMmyJa
(8.5) nepexonur B (8.4).
3amenuB B (8.3) npousBeeHUA mV UMIYJbCAMU P, PHAEM K COOT-
HouleHuio Ap;=—Ap,, oTKyAa A (p;~-p:)=0. PaBeHCTBO HY/IO npH-
palleHHs BeJHYHHEL O3HAYaeT, YTO CaMa BeJHYHHA OCTaeTCA HeH3MeH-
Holl. TakKuM o0pa3soM, Mbl NpPMILIM K BEIBOLY, 9TO MOAHGIL UMNYyasc
3amKHYmoll cucmemst 08yX 63QUMOOEliCMBYIOWUY HaACMUY 0CMAemca
NOCIMOAHHBIM:
p=p:+p2=const. (8.6)

HPHBEIJ,CHHOE BBIIIE YTBEPXKIAEHHE COCTABJIAET COJAepPiKaHUE 3a KO Ha

1) 3710 cnpaBelWIBO B CJydae, KOrAa HajajibHEle H KOHEYHbe CKOPOCTH YaCTHI(
Majbl N0 CpaBHEHHIO CO CHOPOCTbIO CBeTa c.
2) Ycrapebuiee HasBauMe STOA BEMMIHHE! — KO/JIHYECTBO ABIIKEHHS TeJa.
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COXPaHEHHSA UMNYJabca. B§ 27 Me paccMOTpHM 3TOT 3aKOH
6onee noapo6Ho.

OrTMeTHM, YTO B PeJNATHBUCTCKOA MexaHMKe (cM. ra. VIII) Buipa-
JKeHHe JJ1s MMNYJIbCa HMEET Mo cpaBHeHHIO ¢ (8.4) 6oJiee C0KHBIA BHA:

mv
P=V=mra 8.7)

31ecb m — Tak HasbiBaeMasgs Macca N O KO A Tena (Macca Teaa npH
v=0), ¢ — ckopocTb cBera B BakyyMe. Bripaxkenue (8.7) moxHO Hc-
TOJIKOBaTh TaK, YTO Macca Tesla He OCTaeTCsl MOCTOAHHOH (KaK npeamno-
JlaraeTcsi B HbIOTOHOBCKOW MeXaHHKe), a U3MEHAETCs CO CKOPOCTbIO IO
3aKOHY

m
Toraa Bripaxkenre (8.7) MOXXHO NMpPEACTaBUTh B BHIeE
p=m()v, 8.9)

aHaJIOTHYHOM BHIpaXkeHHIO (8.4).

Onpenensiemas ¢opmynoni (8.8) macca m(v) HasbiBaetcss p e Ja -
THBUCTCKOH Maccoil WM MacCOH JABHXEHHH .
B nanbuefiiem Mbl 6yneM o0603HayaTb ee CHMBOJIOM mi,.

§ 9. Bropoii 3akon HrloToHa

Bropoit 3akon HeloToHa ri1acT, uTo cxopocme uamenenus umnyavca
mesa pasHa deticmayroweti Ha meao cuse F:

d
E=F. 9.1)

YpaBHenne (9.1) HasbiBaeTcs ypaBHEeHHEM ABHXKEHHS
TeJa.

3aMeHHB cornacHo (8.4) p nmpoH3BeleHHEM MV H YYTH, UTO B HBIOTO-
HOBCKOH MeXaHHKe Macca npeinoJaraercs NOCTOSHHON, MOXHO npen-
CTaBUTb cooTHolieHHe (9.1) B Bu1e

mw=F, 9.2)

rie w=v. Takum o6pa3oM, Mbl NpHILIH K ApYroii GopMyJHpOBKe
BTOpOro 3aKoHa HbloToHa: npoussedenue maccer meaa Ha e2o ychoperue
PasHo Oelicmeyrowell Ha meao cu.ie.

Cootnomenne (9.2) BLI3bIBaJIO H NPONOIMKAET BLI3LIBATL cpean GH3H-
KOB MHOro cmopoB. 1o cux mop HeT OGLIENnpHHATOrO HCTOJKOBAHMS
5TOro CooTHolleHHA. CJIOXKHOCTb COCTOHT B TOM, YTO HE CYUIECTBYET
He3aBHCHMEIX cnocoGoB onpefeneHns BeqivdHH m H F, Bxoasmux
B ypaBHenre (9.2). Ilna onpenenenns ogHoit U3 HUX (m uiau F) npuxo-
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IUTCA HCIOJb30BaTh COOTHoUleHHe (9.2), cBs3sbIBaiollee 3TY BeJHYHHY
c apyroit ¥ ¢ yckopeHueM w. Tak, Hanpumep, B kuure C, . XafkuHa
«Pu3nyeckHe ocHoBbl MexaHUKu» (®usmartrus, 1963 r.) ua crp. 104
uyyTaeM: «TaK Kak AJNA YCTaHOBJIEHHs crnocoba M3MepeHHS MaccChl TeJsa
HCIOMB3YyeTCsl TOT Ke BTOpoil 3akoH HploToHa (BeMMuMHA Maccel Teja
oripexesieTcsl OJHOBPEMEHHLIM H3MEePEHHeM CHJIBl U YCKOpeHHs), TO
BTOpOil 3aKoH HbloTOHA COAEPIKHUT, C OXHOI CTOPOHEI, YTBEPXKIEHHE, YTO
YCKOpeHH€e MPONOPLHOHAJIbHO CHJe, a C APYroil — onpeae/ieHHe Macchl
Tella KaK OTHOLIEHMS CH.bl, AeHCTBYIOUIEd Ha Tesao, K coobliaeMoMy
37Ol CHJIOH YCKODEHHION.

P. Qefinman no nosoxy cMbicja BToporo 3akoHa HpioTona rosoput
cnenyiouee: «CrpocHUM »Ke: B YeM CMBICT opmyssl F=mw? Mul
MHTYUTHBHO TOHMMaeM, YTO TaKoOe Macca; Mbl MOXKEM TaKXe ompeje-
JINTh YCKOpEHHeE, eCJIH HaM NIOHATHO, YTO TAKOe MECTO U YTO TaKoe BpeMsi.
CMBIC/T 3THX TOHATUE MBI NO3TOMY He OyjaeM of6CyxkaaTh, a COCPeNOTO-
YHMCS Ha HOBOM IOHATHM cHJbl. M 37ech oTBeT Toxe BecbMa mpoCT:
ec/JIM TeJlo yCKopsieTcsl, 3Ha4YMT, Ha Hero JedcTByeT cHJsa. TaK roBopsT
3akoHbl HbloTOHa, H camoe TOYHOe H KPacHBOe H3 MBICJIUMEIX OINlpefiese-
HUI CHJIBI COCTOAJIO 6Bl B TOM, YTO CHJIa eCTh Macca Tesa, YMHOMKeHHast
Ha ero yckopeHue...». OHaKo «...06Hapy>KHB OCHOBHOMH 3aKOH, YTBepX-
JAIOLIHi, YTO CHJIa eCTb MacCa Ha YCKOPeHHe, a TIOTOM ONpeJeUB CHIY
KaK Npou3BeJieHHe MacChl Ha YCKOpeHHe, Mbl HHYero HOBOTO He OTKpHI-
BaeM ... TaKHe BBICKa3bIBAHHSA HE MOTYT COCTaBHTb cOJepxaHHe U3HKH:
3a4yeM JKe elf TOHATb ONpeleJeHNst [0 KPYrY... U3 OJHOTO ONpeJeJIeHHUsT
HUKOrja HM4ero HHKTO He BBIBOJMJ... FICTHHHOe ke coflepikaHHue 3aKo-
HoB HblOTOHA TakoBO: IpeamnoJaraeTcs, 4To CHAa o6/lajaeT He3asucu-
Molmy céolicmsamu B NONOJNHEHHe K 3akKoHY F=mw,; Ho xapaxmepnsie
He3aBHCHMBIE CBOICTBa CHJI He ONHKCaJ MOJHOCTbIO HH HEBIOTOH, HH KTO-
HUGY b etne...» (GefHmMaHOBCKHE JIeKUHH NO ¢H3MKe, BuN. 1, cTp. 209—
210, «Mup», 1965).

ITonuepkHeM, uto BTOpOI 3aKoH HbloTOHA (Tak ke KaK M 1Ba ApY-
TUX 3aKOHa) fIBJAsAETCA KCNepUMeHTaJbHLEIM 3aKoHOM. OH BO3HHK B pe-
3yabTaTe 00OOUIEHHA JAHHBIX ONBLITOB H Hab/oReHU#.

B uactHoM cnyuae, Korga F=0 (T. €. npu oTCYTCTBMH BO3JeACTBHA
Ha TENO CO CTOPOHBI IPYrHX TeJ), YCKOpeHMe, Kak ciexyer u3 (9.2),
TaKKe PaBHO HYJIIO. 3TOT BHIBOJ COBMAaXaeT C yTBEpXKAEHHEM NepBOro
3akoHa Heiotona. ITosToMy nepBEIil 3aKOH BXOAMT BO BTOPOH KaK ero
yacTHell cayuail. HecMoTpsi Ha 37O, nepBhlif 3akoH ¢opMy.aHpyercs
He3aBUCHMO OT BTOPOro, TaK KaKk B HeM IO CYTH 3aK/IOueH MOoCTyJaT
(yTBepxAaeHHe) O CYILIECTBOBAaHHH MHEPLHAJbHBIX CHCTEM OTCYeTa.

B a3ak/ioueHHe OTMETHM, YTO NPH HE3aBHCUMOM BbIGOpe eNHHHLL
Macchl, CHJIbl H YCKOPEHHS BblpakeHHe BTOPOTO 3aKOHA HYXXHO NHCATh
B BUIE

mw=~kF, (9.3)
FAe k& — Ko3pduuKeHT nponopuHOHANbHOCTH.
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§ 10. EaMHHUB M Pa3MepHOCTH (HM3HYECKHX BEJHYMH

3aKkoHbI (PH3MKH, KaK yXKe OTMeuaJoch, YCTAHABJIHBAIOT KOJHYECT-
BeHHble COOTHOUIEHHS MexXAy (H3HuecKMMH BeauyHHamu. Jlas ycra-
HOBJIEHHS] TAKHX COOTHOLUEHH1 He06X0IMMO HMEeTb BO3MOMKHOCTb H3Me-
pPATb pa3iuyHble (PH3HYECKHE BEIMYHHBL,

amepuTb Kakylo-1H60 ¢H31YeCKYIO BeJHYMHY (HampHMep, CKO-
POCTB) 03HauaeT CPABHHTb €e C BeJHYHHON TOTO e BHZA (BO B3ATOM
npHMepe — CO CKOpOCTBbIO), NpPHHSTON 3a eAHHULY.

Boo6lie roBopsi, Ana Kaxaol ¢Hu3H4YeCKON BeJHYHHBI MOXHO GbLIO
6bl YCTAHOBHTb €€ €IHHHIY NpPOH3BOJbLHO, HE3aBHCHMO OT APYIHX.
O1Haxko OKa3sbiBaeTcsi, YTO MOXKHO OrPaHHYHTBCS NPOH3BOJBLHBIM BHI-
60poM ellHHIL JIA HeCKOJbKHX (MMHHMYM TpexX) B NPHHUMNE JNOOBIX
BeJWYHH, NMPHHATHIX 3a OCHOBHBle. EnMHMUBI e BceX NMPOYMX BeNHUMH
MOXHO YCTAHOBHTH C TOMOLIbIO OCHOBHLIX, BOCNOJb30BABUINCHL M
3TOM UeaH (PU3HYECKHMH 3aKOHAMH, CBSI3bIBAIOILMMH COOTBETCTBYIOILYIO
BeJHUYHHY C OCHOBHBIMM BeJHYMHAMH WJM C -BeJIMYMHAMH, LIS KOTOPHIX
€/IIHHIIBl yXKe YCTaHOBJEHBl NMOAOOHLIM OOGpa3oM.

TlosicHuM cka2aHHoe caelylownM npuyepoM. Ilpeanonoxum, yro
MBI yXK€ YCTAHOBHJIH elUHHHLH AJ18 Macchl M ycKopenusi. COOTHOLIeHHe
(9.3) cBA3blBaeT 3aKOHOMEePHbIM OGpPa3oM 5TH BeJHYMHBI C TpeTbeH
¢dusnueckoii BenuunHOH — cuioil. BriGepeM eNMHMLY CHJBI Tak,
yToGBl KO3(pHIHEHT NpPONOPUHOHANLHOCTH B 3TOM YPaBHEHHH Obla
paBeH eauHuue. Toraa dopmyna (9.3) mpuHumaer Gojiee MPoOCcTOH BHA:

mw=F. (10.1)

Hs (10.1) crepyer, uTO YCTaHOBJIeHHAs eJUHHIIA CHJLI NpeACTABJASET
cofoll TaKylo CHNY, NOA AeHCTBHEM KOTOPOH TeJNo ¢ Maccoi, paBHOM
el HHIle, TOJYYaeT YCKOpeHHe, PaBHOe TaKKe eNMHHLe (MOACTaHOBKA
B (10.1) F=1u m=1 paer w=1).

INpu yka3zaHHoM crocobe Bbi6Opa eAMHHLL (H3HYECKHe COOTHOLUEHHSA
npuHuMaloT Gonee nmpoctodl BuA. Cama >Ke COBOKYNHOCTb €IMHHL 00-
pa3yeT oONpeJeseHHYI0 CHCTEMYy.

CyliecTByeT HECKOJbKO CHCTEM, OTNHYAIOMUXCH BEIGOPOM OCHOBHBIX
efuHHLl. CHCTeMbl, B OCHOBY KOTOPBIX MOJIOXKEHbl €IMHMIbI JJIHHDE,
Macchl B BpeMeHM, Ha3biBaloTcsi a 6 COJIOT H bl M H.

[punsteii B 1981 r. rocyaapcreennbiii crangapt ['OCT 8.417—81
(CT COB 1052—78) BBOmMT Kak o6fi3aTe/ibHYyI0 MexAyHapOAHYIO CH-
cteMy efMHMI, 0603Hauaemylo cumBoJioM CH. OcHOBHBIMM elMHMIAMH
CU apasioresi: eIMHMIA LJIHHBI — MeTp (COKpallleHHoe oBo3HaueHHe —
M), eIMHHIIA MacChl — KHJIOTPaMM (KI) M elHMHHIla BPeMeHH — CeKyHIa
(c). Takum o6pasom, CH mpuHaalexHT K YHCIy abBCOMOTHBIX CHCTEM.
Kpome ykasaHHbiX Tpex eannuu, CH npunuMaeT B KauecTBe OCHOBHBIX
eJMHHIYy CHMJIBI TOKa — aMnep (A), eIMHHLY TepMOAHHAMHYECKOH TeM-
nepatypui — keabBHH (K), emMHumy cuabl cBera — KaHjeay (KAn)
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M eIMHHLY KOJIMYecTBa BelllecTBa — MoJb (Moab). O6 3THX eAMHHLAX
OyJeT MATH peub B COOTBETCTBYIOLUIHX pasfiesiax Kypca.

B 1983 r. npuHATO HOBOEe oOmpefesieHHe MeTPa, OCHOBAaHHOE Ha
KOHCTaHTE CKOPOCTH CBeTa. JTO MNO3BOJMHMJO CYIIECTBEHHO MNONHATH
TOYHOCTb JIHHEHHBIX M3MepeHui. [To HOBOMY ompejeneHHIO MeTp mpej-
cTapyisier cofoll paccTosiHHE, NPOXOJHMOE B BaKyyMe IJIOCKOH 3JexT-
poMarHuTHofi BoJiHOH 3a 1/299 792 458 pomo cekynapt. Hoboe onpe-
IelleHHe MeTpa JaHO C YYeTOM COBPEeMEHHBIX JOCTHXKeHHH JasepHOi
TeXHHKH M KBaHTOBON 3JIEKTPOHMKH. MeTp nNpHGJIHXEHHO paBeH
1/40 000 000 pose AMMHBI 3eMHOro MepHiHaHa. IIpUMeHAOTCA TaKXe
KpaTHBie H HOJLHBIE efHHHIBL Kujaomerp (1 kM = 10% M), caHTHMeTp
(I cvm = 1072 M), muanumerp (1 MM = 1072 M) u 1. Z.

KunorpamMm mpejctaBisieT cofoft Maccy MNJIaTHHO-HPHAMEBOTO *)
TesMa, XpaHaulerocs B MexxayHapoaHoM 6iopo Mep U BecoB B CeBpe (6113
[lapuxka). Dro Teao HasbiBaeTcsl MeXAYHAapOAHBIM MPOTOTHNOM KHJIO-
rpavma. Macca mporotina 6au3ka k Macce 1000 cM® yuctoit BoAnl mpH
4°C. TI'pamm paBen 1/1000 xmiorpamma.

CeKkyHa onpele/ifieTcsl KaK NPOMEXYTOK BpPeMeHH, PaBHHIA cymMMme
9 192 631 770 nepuOKOB H3NTYyueHHs, COOTBETCTBYIOLIErO MNEPeXoAy
MEXKAY [IBYMA CBEPXTOHKHMH YDOBHAIMH OCHOBHOIO COCTOSHHA aTtoMa
ue3us-133. CekyHia npubausuTesibHO paBHa 1/86 400 cpemuux coin-
HeyHBIX CYTOK.

B ¢u3uke mpHMeHseTCA TaKKe abCoOJIIOTHAas CHCTeMa eAMHHL, Ha-
spiBaeMad CI'C-crcremoii. OCHOBHBIMH €JUHHLIAMH B 3TOH CHCTeMe fiB-
JIAIOTCA CAaHTHUMETP, T'paMM H CeKyHJa.

ExnHuupl BBeleHHRIX HaMH B KHHeMarHKe BeJHYUH (CKOPOCTH H
YCKOPEHHA) ABIAKTCA MPOU3BOAHLIMH OT OCHOBHRIX eAuHHL. Tak,
3a eJMHHLY CKOPOCTH NPHHHMAETC CKOPOCTb PaBHOMEPHO ABHXKYLie-
rocst TeNa, NPOXOJAIIEr0 B €IMHHLY BpeMeHH (CEKYHAY) NnyThb, PaBHEIH
eIHHHUE IJIHHBEI (MeTPy HJM caHTHMerpy). OGo3HayaeTcsi 3Ta eAHHHULEA
M/c B CH u cm/c B CI'C-cuereMe. 3a efMHHULLY YCKOPeHHS NPHHHMaeTCH
YCKOpPEeHHE paBHOMEDHO-NEePeMEHHOr0 JBHXKEHHS, MPH KOTOPOM CKO-
pOCTh TeNa 3a eIHHHIY BpeMeHH (CeKYHAy) H3MeHsieTcsl Ha efJHHHLY (Ha
m/c ud cM/c). OGo3Hauaercss 31a eaunuua M/c? B CH u cm/ct B CI'C-
cHCTeMe.

Enunuua cuist B CH HasniBaetcs HbloroHoMm (H). Corsacho (10.1)
HBIOTOH paBeH CHJle, MOA JAeACTBHEM KOTOpPO# Teso ¢ Maccoft 1 Kr moay-
yaer yckopenue 1 m/c:. Epunnua cuan B CI'C-cHcteme Ha3blBaeTcs
IuHol (auH). OnHa AMHA paBHa cuJe, NMoj AeHCTBHEM KOTODOH Teso C
maccoit 1 Kr monyyaer yckopenHe | cm/c?. Mexay HbIOTOHOM H IUHOM
HMeeTcsl cllefylolliee COOTHOLUEHHE:

1 H=1 xr-1 wmc2= 10 r.102 cm/c? = 105 pun.

1) Cnaas naTHHBL ¢ HPMAMEM 06/13KaeT 60.1bWOR TBEpAOCTHIO M KOPPOSHOHHOM
YCTOAUMBOCTHIO (T. €. MajJ0 TMOABEPXKEH XHMHYECKOMY BO3JEHCTBHIO OKpyXaiouleit
cpeanl),
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B texnnke wmupoko npumensnach cucreMa MKI'CC (na3uiBaemas
OORIYHO TexHuueckoil cucteMoil eaunun). OCHOBHBIMH €IMHHLAMII
3TOJI CHCTEMBI ABJAIOTCS METP, eAHHHIA CHJIBI — KUJIOTpaMM-cHaa (Krc)
1 cexyHna. Kunmorpamm-Cnia onpepensercss Kak cuJa, coobliatouias
macce B 1 Kr yckopenite, paBHoe 9,80655 m/c?. V13 sToro onpezneneHus
caenyet, uto 1 krc=9,80655 H (npubnuxenno 9,81 H).

3a eqnnuuy maccel B MKI'CC coraacuo (10.1) momxHa GbiTh mpit-
HSIT2 Macca TaKOro TeJsa, KOTOpPOe Moj AeficTBHeM CHabl B 1 Krc noav-
yaeT yckopenue 1 m/c®. 3rta eannuua oGo3HayaeTcs Krc-c*/M, creui-
aJIbHOTO Ha3BanHsa oHa e umeer. OueBuaHo, 4to 1 Kre- c2/Mm=9,80655 kr
(npubausurenphio 9,81 «kr).

M3 cnocoba nocTpoeHHs CHUCTEM eAMHHLl CJAEIyeT, YTO H3MEHeHHc
OCHOBHBIX €IUHHUIL BJeueT 3a cOGOH M3MeHeHUE MPOW3BOJHBIX €IHHUL.
Ecau, Hanpumep, 3a eNMHHLY BpeMeHH NPHHATb BMECTO CEKYHIb!
MHHYTY, T. €. YBeJMUYUTb eJHHULY BpeMeHH B 60 pas, To eauHHLA
CKOPOCTH YMeHbliHTc B 60 pa3, a eaMHHIA YCKOPeHHS YMEHBLUHTCS
B 3600 pas.

CooTHOILIEHHe, MOKas3plBalolllee, KaK HM3MEHAETCS €IUHHIA KaKoii-
7160 BeJHYMHEI [TPH M3MEHEHHH OCHOBHBIX €AMHML, Ha3blBaeTCsd p a 3-
MEepPHOCTBIO 3Tod BenuuuHol. Jlns o6Go3HayeHHs pa3MepHOCTH
NMPOU3BOJBHOH (PH3HYECKOH BeNHYMHBI HCMOJAb3YyeTC ee OYKBeHHOe
o6o3HaueHHe, B3ATOe B KBajpaTHble ckoOku. Tak, Hampumep, cCHMBOJ
[v] o3nauaer pasmepHocTh cKOpocTH. il pasMepHOCTEl OCHOBHBIX
BENHYNUH WCIIOJL3YIOTCHA chelyalbHble 0603HAueHHs: AAA JJHHBL L,
ans Maccel M u ana Bpemenn T. Takum o6pa3om, 0603HaYHB I/IHHY
6ykBoit /, Mmaccy 6yKBoH rm U BpeMsa GYKBOil {, MOXXHO HamHcaThb:

[l1=L; [ml=M; []=T.

B ykasaHHbIX 0603HaYe€HMAX Pa3MepHOCTb NMPOM3BOJNBHOH (H3HYe-
CKoit BesMuMHB! MMeeT BHA LEMPTY (o, B 1 9 MOryT GbITh KaK MOJIONKH-
Te/NbHBIMH, TaK ¥ OTPHLATE/bHLIMH, B YACTHOCTH, OHH MOTYT PaBHATHCA
HYJI0). DTa 3anuchb O3HAayaeT, YTO MPH YBEJHUEHHUH €NHHHUBI IJ/IHHbI
B n; pa3 eqMHHULA JaHHOM BeqHYUHBL! yBelUuuBaetcs B nf pas (cooTser-
CTBEHHO YHCJIO, KOTOPBIM BLIPAMKaeTCs 3HaueHHe BeJHYMHBI B 3THX elu-
HHIAaX, YMeHbLIaeTcss B n{ pa3); NpU yBeJHYEHHH €JHHHLBLI MAcCHl B 1,
pa3 elMHULA JaHHO/ BeJHYMHBI YBeJHYMBaeTCA B nf pa3 H, HaKowel,
NpH YBeJHUYEHHH eAUHHLIbI BDEMEHU B ny pa3 eIVHHKLA JaHHOH BeJHUHHLI
yBesqHuHMBaeTcs B ny pas.

ITockonbKy ¢u3HuecKHe 3aKOHbI He MOTYT 3aBHCEThb OT BblGOpa
eIMHUL QUTrypHpYIOLMX B HHX BeJIHYWH, Pa3MepHOCTH 0OeHX uacrefl
YpaBHEeHHUH, BBIpAXKAIOLUIMX 3TH 33aKOHbI, JOMKHBI GbITb ORMHAKOBBLIMH.
D10 yc/noBHEe MOXKeT GbiThb MCIOJ/b30BAaHO, BO-MEPBLIX, AJA NPOBEPKU
NPaBHJIBHOCTH MOJNYYeHHLIX (PU3HYECKHX COOTHOIUEHMH M, BO-BTOPBIX,
/1 YCTaHOBJIEHHs1 pa3MepHocTeli dM3HyecKHX BeauuuH. Tak, Hanpu-
Mep, CKOpOCTb ompeje.sieTcss Kak v=As/Af. PasvepnocTb As paBHa
L, paamepHocts Af paBHa T. Pa3mMepHocTh NpaBofl YacTH HamHCaHHOIQ



58 TJ. 11. JUHAMUKA MATEPHAJIBHOH TOUKH

cooTHomenus papHa [Asl/[A{]=L/T=LT~!. PasuepHoCTb JIeBO} 4acTH
ZoMKHa ObITh TakoH xe. CreroBaTesbHO,

[o]=LT-1. (10.9)

Hanucannoe cooTHolleHHe HasbiBaeTcsi (opMYyJoH pa3MepHOCTH, a €ro
npaBas 4acTb — Pa3MEPHOCTBIO COOTBETCTBYIOUIeH BeJHUMHBI (B AaH-
HOM CJIyyae CKOPOCTH).
Ha ocnosanuu cootHolleHHsi w=Av/Af MOXHO YCTaHOBHTb Das3-
MEpHOCTb YCKOpeHHs:
[Av] _LT-!

[w]=[M]_ +—=LT2

PaamepHOCTb CHJIBI
[Fil=[mllwl=MLT"2,

AHanoruyHo YCTaHaBJNBAIOTCAA pPa3MEpPHOCTH BCEX MNPOYHX BEJHYHH.

§ 11, Tpernit 3axkon HeloToHa

Bcsikoe peiicTBue Tea APYr Ha Ipyra HOCHT XapakTep B3auMopeii-
CTBHA: ecJM Tesio I eHcTByeT Ha Tesio 2 ¢ cugoit F,y, TO 1 Tes1o 2 B CBCO
ouepelb JHeficTByer Ha Tesno I c¢ cuaoit Fy,.

Tperu#t 3akon HbloToHa YyTBepKaaeT, 4TO cuabl, ¢ Komopbimu Oeli-
cmsyom Opye Ha Opyea 63aumobelicmsyroujue meaa, PasHbL nO 8eAUtUHE
1L NPOMUBONOROHCHE. NO Hanpasaerur. Vicrionib3aysi npHBeJeHHblE BHIllE
0603HaUYEeHHsI CHJI, COJiepIKaHHe TPEThbero 3aKOHA MOXHO TPEACTAaBHTb
B BHJE PaBEHCTBA:

Fi;=—F,;. (11.1)

N3 Tpetbero 3akoHa HbioToHa BEITEKaeT, YTO CHJIEI BO3HHKAIOT NoO-
TapHO: BCAKOH CHJle, NMPHJIOXKEHHOH K KaKOMY-TO TeJqy, MOMXHO COMO-
CT2ZBUTh PaBHYIO ell 1O BeJHYHHE H NPOTHBOMOJOXKHO HampaBJEeHHYIO
CHJY, TPHJIOKEHHYIO K IPYTOMY Tesly, B3aHMOJeHCTBYIOIEMY C JaHHEIM.

Tperuit 3akon Heiotona GriBaeT cnpaBeisnB He BcerAa. OH BHINOJ-
HSIeTCSA BIIOJIHE CTPOrO B CJyyae KOHTAKTHBIX B3aWMOAEHCTBHH (T. e.
B3aUMOJeHCTBUH, Hab/IOAAIOUNXCS NPH HENOCPEeACTBEHHOM CONpHKOC-
HOBEHHH TeJl), a TaKKe NpH B3aHMOJAEHCTBHH HaXOAAILUXCS Ha HeKoTc-
POM PAacCTOAHHUH APYT OT APYra NOKOAUUXCA meA.

B xayecTBe npumMepa HapylleHHs TpeTbero 3aKoHa HbloToHa MOxeT
CJAYIKHTb CHCTeMa M3 JABYX 3apSXEHHBIX YacTHI[ €; H e;, ABHXKYUINXCSH
B pacCMaTpHBaeMBIl MOMEHT TaK, KaK nokasaHo Ha puc. 11.1. B szek-
TPOAMHAMHKe JOKa3hiBaeTcsl, YTO, KpPOMe NOAYHHsIoWeHcA TpeTbeMy
3aKOHY CHJBI 3JeKTpoCTaTHYeCcKOro B3aumopeictBusi Fi,, Ha nepBylo
yacTHLY GyneT JeficTBoBaTh MarHWTHas cuaa F;. Ha Bropylo e wvac-
THIY ReficTByeT saumb cuna Fyi, paBHas —Fj,. Beanunna MaruuTHol
cujbl, AeACTBYIOMEH Ha BTOPYIO 4acTHLY, AJs H300pa*keHBOTO Ha pii-
CYHKe cJyyasi paBHa HyJio. OTMeTHM, YTO NpH CKOPOCTSX YacCTHl,
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MHOTO MEHBIIHX CKOPOCTH CBeTa B nycToTe (npi v,<Lc u v,<&¢), cuaa F;
npeHe6pexUMO MaJsia 1o cpaBHeHHIo ¢ cuioil Fy,, Tak 4To Tpern#t 3akou
Hblotona okasbiBaeTcsi mpaKTHYeCKHM CHNpPaBelJ/IMBLIM H B 3TOM CJYyuae.

Tenepb pacCMOTPHM CHCTeMY M3 ABYX FNEKTPHUECKH HEHTPaJsIbHBLIX
YACTHIL My W mM,, YAAJeHHHIX ADPYT OT APYra Ha paccrosuue r. Beaen-
CTBUE BCEMHDHOTO THATOTEHHMS 3TH YaCTHUbl NPUTATMBAIOT APYT Apyra
c cusoit

F=y232, (11.2)

B naunom ciaydae B3aHMO/Ie/iCTBHE YaCTHI OCyLleCTBJ/JIAETCA 4Yepe3 rpa-
BHTAaUHOHHOE MOJE. CkaxeM, nepsas HacCTHLa CO3JaeT B OKPYKallleMm
€€ NpOCTPAHCTBE I10Ji€, KOTOpPOE€ INpOSBJAET cebss B
TOM, YTO HA MNOMEIUECHHYIO B KaKle-J'IH60 TOYKY 3TOro

yvr Mol 4acTHLY m, JAeHCTBYEeT CHJIa NPHTAXEHHA K
nepBoil yacTHIe. AHaJOrHYHO BTOpas YaCTHLA CO3ja-
A eT nosie, KOTOpoe MposB/seT ce6i B JeHCTBHH Ha

[I€pBYIO YacTHLY. Ongit AAaeT, 4YTO HM3IMEHEeHHUA 110/,
06YCJIOBﬂeHHbIe, HanpHMep, H3MEHEHHEM IMI0JIOKEeHUSd

vFe co3patollel 1noJie YaCTHLEI, PaCHPOCTPAHAIOTCS B NPoO-
CTpaHCTBe HE€ MTHOBEHHO, 2 C XOTH H OYE€Hb 60JIbLHOﬁ,
HO KOHEYHOH CKOpOCTblO, PaBHOH CKOPOCTH CBeTa B
nycrore c.

1

! F
'-'-';;f——;z /”7 2 __..._r.___t:%f
1 /4 Fg - FZI mz
Puc. 1L.1. Puc. 11.2.

IpeanosioxuM, 4TO0 MepBOHAYa/JbHO HaCTHLBI /My H My MOKOSTCA B
nosioxkeHusx I u 2 (puc. 11.2). Cunet Baaumoneitcreus Fy, u Fy; paBHB
no BeJMYMHE H MPOTHBOMNOJIOMHBL IO Hampab/jeHHI0. Tenepb mycTb
YacTHUA My OYeHb OLICTPO (CO CKOPOCTbIO, NMOYTH PaBHOM €) CMeCTHTCH
B nosioxkeHue I’ B 3Toff Touke Ha yactuuy my Gyaer AeHCTBOBATb CH/a
Fi,, MeHbllasi Mo BeJMYHHe (r'™>r) M WHaue HanpabBjeHHas, 4eM F,,
(HamoOMHHMM, YTO NOJle YacTHUEI 771, OcTaeTcs HeuaMeHHbIM). Ha BTopyio
J¥e 4YacTHIy, MOKa BO3MYIIEHHe I0Jisl, BHI3BAHHOE CMELleHHeM rm;,
lle JOCTHrHeT TO4YKM 2, 6yJeT NpoAo/KaTh JeiicTBoBaTb cuja Foj.
CnenoBatesibHO, TNIOKa JBHrajach 4acTHLA m; H B TeYyeHHe HEKOTOPOro
BpeMeHH IIOCJIe TOrO, KaK OHa OCTaHOBHJ/ach B TOYKe I°, TpeTHil 3aKOH
HblotoHa 6bi1 HapylueH.

Ecsin 6u1 yacTHUa my; iepeMelanach U3 ToukH I B Touky I' co cko-
POCTbIO ¥, MHOTO MeHblllel c(v<<c), HWJIH CKOPOCTb PacHpOCTpPaHeHHs
BO3MYLIeHHHE mnoss Oblna GecKOHeYHO GOJBIIOH, TO MCHOBEHHHIE 3Ha-
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YEHHS NOJIA B TOYKE 2 OTBeuyasH Obl MOJOMEHHAM YacTHIH /My B TOT Xe
MOMEHT BpeMeHH, H CJeloBaTe/lbHO, HapYIUEHHil TPEThero 3aKoHa He
Habjofanock Gbl.

HruloTOHOBcKas MeXaHHMKa Boofuie cnpaBelJjHBa JHUIb AJs CKOpPO-
cTeil ZIBHKeHHs, MHOTO MeHbIUMX CKOpocTH cBeta (mpu v&c). Ilostomy
B paMKaX 3TOH MEXaHHKH CKOPOCTb PacrnpoCTpaHeHHsl BO3MYLIEHHH
nons cuutaercss GeckoHeuHofl, a Tperuit 3akoH HbwoToHa BhINOAHSAIO-
IMMCA BCerfa.

§ 12. Mpuuuun otHocHTeabHOCTH Fannnes

PaccMOTpPHM JBE CHCTEMBI OTCYETa, ABHAKYIIHECS APYT OTHOCHTENBHO
Ipyra c MOCTOSIHHOMA CKOPOCThIO Vo. OnHYy M3 3THX cncTeM, 0603HayeH-
Hyio Ha pHuc. 12.1 GyxkBoil K,

JAK %y 6yleM yCIO0BHO CYMTATh HEINoA-
BuxkHOH. Toraa Bropasa cucre-
ma K’ Gyzmer pBuratecs mps-
MOJIHHEHO M DaBHOMEpHO.
0] Yo ) > Brbepem KoopaMHaTHBIE oOCH

J
L z 2 / %% x,y, zcuctemel K u ocu x',
/4‘—”01‘ _74’”—“’;7/ y', 2’ cucremsl K’ Tak, 4to6bl
Z z OCH X ¥ x’ COBMNajaju, a OCH y
Pre. 12.1. Hy',aTakkez 4 2’ GbuM na-
panjenbHel APYr IpYTY.

Haiinem cBaA3b Mexny KoopaWHaTaMH x, Y, z HEKOTOPOH Touku P
B cHcteMe K M KoopauHaTamu x', y', 2’ Toil e ToukH B cucTreme K’
Ecan HayaTh oTcueT BpeMeHH C TOrO MOMEHTa, KOrja Hauana KOOpIH-
HaT 06eHX CHCTeM COBDajaJH, TO, Kak caenyer u3 puc. 12.1, x=x"-}tuv,!.
Kpowme toro, ouernaso, uro y—y’ i z—z' Jlo6aBHB K 3THM COOTHOILe-
HUSM TIPMHATOE B KJAacCHYECKOH MeXaHHKe NpEAnojoXKeHHe, uTo
BpeMsi B 06EHX CHCTeMaxX TedeT OJMHAKOBBIM 06pasoM, T. €. uTO {=!',

NONYYHM COBOKYIHOCTb YETHIPEX YpaBHEHHI:

x=x"+vt’, y=y', z=2', t=t', (12.1)

HasbiBaeMblX npeoGpasoBaHuaMHu laauaes.

IlepBoe u mocnenHee u3 cooTHowenu (12.1) oka3biBaloTCsa cnpabei-
JMBRIMH JIHIUb NPH 3HaYeHHUSIX Uy, MaJbIX MO CPABHEHHIO CO CKOPOCTBIO
cBeTa B BaKyyMe, KOTOPYIO MHEI OyjieM o0603HauaTh GykKBOil ¢ (v,<KC).
Ilpu v, cpaBHEMBEIX ¢ ¢, npeoGpa3oBaHusa ['anuyes IOMKHBI GHITH 3a-
MeHeHbI Goslee OOMIUMH npeoGpa3oBaHusaMy JlopeHua (cMm. § 63). B pam-
KaxX HbIOTOHOBCKOH MeXaHHKH ¢opmysnl (12.1) oxkasbiBaloTcsi crnpaben-
JIUBBIMH C GOJILIIOH CTENEHbI0 TOYHOCTH.

[ponuddepeHnnposas cooTHoweHus (12.1) mo BpemerH, Haitnem
CBA3b MeXJy CKOpPOCcTAMH TOYKH P 1O OTHOLWIEHWI0O K CHCTEMaM
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orcyeta K u K':

x=x"4+v, WM v,=0,+0,
y=y' WM U, =Ty, (12.2)
z2=2' WIH U,=1,.

Tpu ckanapHbix cooTHoweHHs (12.2) sKBHBaJIEHTHHI CJIELYOUEMY
COOTHOLUEHHIO Mex<1y BeKTOPOM CKOPOCTH V MO OTHOLIEHHIO K CHCTeMe
4
K 1 BeKTOpoM CKOpOCTH V' MO OTHOLIEHHIO K cucTeme K':

v=v 4| v,. (12.3)

Uro6bt yGeaHThCA B 3TOM, JAOCTAaTOYHO CHPOEKTHPOBATh BEKTOPHOE
pasencrso (12.3) va ocu x, y, 2.

®opmyast (12.2) 1 (12.3) paoT 0paBHJO CJOXKEHHS CKOPOCTEH B
KJaccHuecKoit MexaHuke. Chenyer MMeTb B BHAY, YTO COOTHOLLIeHHE
(12.3), kak u moGoe Apyroe BeKTOPHOe COOTHOLlIEHHe, OCTaeTcA crpa-
BelJIMBbIM NPH NPOU3BOJNLHOM BHIGOpPE B3aHMHEIX HanpaBjeHHH Koop-
auHatHeix oceit cucteM K u K’ CoorHoweHuns e (12.2) BuIIONHAKTCA
TOJBLKO NPH BHIGOpe oOcell, MOKa3aHHOM Ha puc. 12.].

B § 7 otMeuanoce, uTo JoGas cHcTeMa OTcYeTa, ABHXKYILAACHA OTHO-
CHTEJIbHO HEeKOTOpO# HHepuHalbHOH CHCTeMBl C INOCTOSIHHOH CKOpO-
CTbiO, OyfeT TakiKe HHepuHanbHO#. Tenmepb MbI HMeeM BO3MOMHOCTH
JOKa3aTh 3TO yTBepxieHHe. [yna sToro mnpoiudepeHuypyem no Bpe-
MeHH cooTHowernue (12.3). Yura, 4TO Vv, NOCTOSIHHA, MOJYYHM:

v=Vv uwm w=w. (12.4)

Orclona cileayer, Y4TO YCKOPEHHe KaKoro-au6o Tela BO BceX CHCTeMax
OTcYeTa, ABHXKYIUHMXCA APYr OTHOCHTEJbHO Apyra NpAMOJHHEHHO H
paBHOMEPHO, OKasblBaeTcsl OfZHMM M TeMm xe. [losTomMy ecnu ogHa H3
3THX CHCTeM HHeplUHabHa (3TO 3HAYMT, YTO NPH OTCYTCTBHH cHl w=0),
TO M OCTaJIbHble GYAYT HHEpLMANbHLIMU (W TaKKe PAaBHO HYJIIO).

Cuna F, peficTByiolas Ha wacTHily B cucteme K, coBmajaer ¢ cH-
noit F’, pefictByloweii Ha yactuuy B cucteme K': F=F'. Jto cnenyer
H3 TOro, YTO CHJla 3aBHCHT OT PacCTOAHHH MeXIy NaHHOH dYacTHueH
H JeHCTBYIOIHMH Ha Hee YacTHLAMH (M, BO3MOXHO, OT OTHOCHTEJIbHBIX
CKOpOCTell 4acTHll), a 5TH PAacCTOAHHA (H CKOPOCTH) MOJIAraloTcs B HbIO-
TOHOBCKOH MEXaHHKe OJMHAKOBBIMH BO BCeX HHepPUHaJbHBIX CHCTe-
Max. Macca Takxe OfHHaKoBa BO BceX CHCTeMax.

M3 Bcero ckasaHHOro cliefyer BLIBOI, UTO YpasHeHUA OUHAMUKU He
UBMEHAIMCA npu nepexode om 00HOU UHEPYUAALHOU CUCMEMbL Omidema
K dpyeod, T. €., KaK TOBOPAT, HHBaPHaHTHBLI M0 OTHOILEHHIO K MPeos-
PasoBaHHIO KOOPAHMHAT, COOTBETCTBYIOIlEMY TNEepexofy OT OAHOH HHep-
HHAJIbHOH CHCTEMHEI oTcyera K aApyroil. C MexaHHYecKOit TOUKH 3peHust
Bce HHeplHaJbHbIE CHCTEMbI OTCYETAa COBEpIUEHHO 3KBHBAJIEHTHBI:
HH OJHOM M3 HHX HeJIb3fi OTAAThb MpeAnouYTeHHe mnepen APYruMu. Ilpak-
THYECKH 3TO MPOABJAETCA B TOM, YTO HHKAKHMH MeXaHHYeCKHMH OIHI-
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TaMH, TpPOBEJEHHEIMH B MNpejeJax AaHHOH CHCTeMBI OTCUETa, HeJb3s
YCTAHOBMTb, HAXOAUTCSl JM OHA B COCTOSIHUM NOKOSI MJIH B COCTOSIHHIL
paBHOMEPHOro M npsMosHHeliHoro nBixenus. Haxonsce, Hanpuwep,
B BaroHe noesja, ABHXKYIlerocsi 6e3 TOJYKOB NPSMOJHHEHHO U paBHO-
MepHO, MbI, He BHITMISIHYB B OKHO, HE CMOXXeM ONpPEleNHTh, ABHKETCS
Barod MJH nokxoutcs. CBoGojHOe NajieHue TeJ, ABHKeHHe OpollleHHBIX
HaMH TeJ UM BCe ApPYrue MexaHWueCKHe npouecchkl 6yayT B 3TOM cJayuae
TIPOMCXOAUTD TAK Ke, KaK H B CJy4ae, eCH Obl BarOH OblJT HENOJBIKEH.

VKasanusie 06CTOSITENbCTBA OblIM BhIsACHeHH! eille [anumeem. Ilo-
JIOXKeHUe O TOM, UTO BCe MeXaHHYeCKHe SIBJeHHS B pa3J/IMYHLIX HHep-
LHaJbHEIX CHCTEMaX OTCUeTa NMPOTEKaloT OAMHAKOBEIM 06pa3oM, BC.IEX-
CTBHe Yero HHKAKUMU MeXaHHYeCKHMH OIBITAMH HEBO3MOXHO YCTaHOo-
BHTb, NTOKOUTCS AaHHas CHCTeMa OTCYETA UJH JBHXKETCHA HpPSIMOJIHMHeHHO
I paBHOMEDHO, HOCHT Ha3BaHHe NPHHUHMOAa OTHOCHTE b-
HocTH Taauaed.

§ 13. Cuan

B coBpemeHHOil (H3HKe pa3/NHyalOT YeTEIpe BUJA B3aHMOJEHCTBHI:
1) rpaBuTauuoOHHOE (MJIM B3aNMOJelcTBHE, OOYCJIOBJIEHHOE BCEMIPHLIM
TArOTeHHeM), 2) 3JeKTPOMarHHTHOe (OCYILIEeCTBJsEMOe UYepe3 3NeKTpPH-
yeckKHe U MarHHTHBIE TI0JIf), 3) CHJIBHOE UJH slepHOe (ofecneunBaloLiee
CBfI3b YacTHIL, B aTOMHOM siape) u 4) ciaboe (OTBeTCTBEHHOE 3a MHOTHE
NpoLecChl pacrajga 3/eMeHTapHHX 9acTHLL).

B pamkax kjaccHYecKOH MeXaHHMKH HMMEHT JeJo C TpaBHTallHOH-
HEIMH H 3JIEKTPOMarHUTHEIMH CHJAaMH, a TakXke C YNPYTHMH CHJaMH
M CHJIaMH TpeHHA. JIBa nocyieIHNX BHAA CHJI ONpeNesIsIoTCA XapaKTepoM
B3aUMOJIEHCTBUS MeXAY MoJieKyJaMH BeilecTBa. CHJILI B3aHMOAeRCTBUSA
MEXIY MOJeKYyJaMH HMeIOT 3JIeKTpOMarHHTHoe npoucxoxaeHue. Creno-
BaTeJIbHO, YNIPYrue CHJBI U CHJIBI TPEHUSA ABJSAIOTCA NO CBOeH NMpHpone
3/1eKTPOMarHHTHRIMH.

I'paBUTaunOHHEE H 3JEKTPOMarHWTHbIE CHJLI fABJAsOTCA (yHIa-
MeHTaJIbHRIMH — HX HeJsib3s CBeCTH K JpYTrHM, 6oJiee NpOCTHIM, CHJIaM.
Ynpyrve xe CHJH H CHJH TPEeHHs He ABJAIOTCA GyHIaMEHTaJbHBIMH.

3akoHH (yHIAMEHTaNbHBIX CHJ1 4pe3BHIYaliHO mpocTh. Besnumnna
TpaBMTAlMOHHOH CHJE omnpefenserca dopmysoi (11.2). Beanuuna
CHJIBI, C KOTOPOH B3aUMOJEHCTBYIOT JBa MOKOSUUXCA TOUEYHHX 3apsja
¢i U ¢,, Raercs 3akoHoM KyJoHa:

F=pf (13.1)

(B — KoadpHIHEHT NPONOPUHOHANBHOCTH, 3aBUCAILMA OT Bui6opa enu-
HHI| BXOAAIIUX B (OPMYNY BeJHYUH).

Ecau 3apsau apmxyresi, T0, KpoMe cuanl (13.1), Ha HHX meficTBYIOT
MarHuTHEIE CUJIEI. MarHuTHas cuja, AeiCTBYIOWAA Ha TOYEYHHIH 3apsig
¢, ABHXXYWMECS CO CKOPOCTbIO V B MAarHUTHOM IoJsie ¢ HWHAyKuuei B,
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onpegenserca Gopmyon
F=~F/q[vB] (13.2)

(k" — KO3(pdUUHEHT NPONOPUHOHATIBHOCTH).

dopmyast (11.2), (13.1) u (13.2) sBasworca ToyHbIMH. 15 ynpyrux
CHJ H CHJI TPEHHSI MOXHO MOJNYYHTb JIHLIb NPHOJIHMKEHHEIE 3MIHPUYe-
CKHe (GOpMYJIBI, KOTOPble PAaCCMAaTPHBAIOTCA B CJEAYIOIMX naparpadax.

§ 14, Ynpyrue cuim

[Tox meficTBHEM NPHJIOKEHHBIX K HeMY CHJl BCAKOE peasbHOe Teslo
IedopMUpyeTCsi, T. €. M3MeHsieT CBOH pa3mepnl M ¢opmy. Ecau nocae
npeKpalleHHs JeHCTBHS CHJ TesIo IPUHUMAeT NepBOHAYAJIbHbIE Pa3Mephl
1 ¢opmy, aedopMalus Ha3pBaeT-

ca ynpyroif. Ympyrue fe- Fino F
dopManuu HaGIIOfAOTC B TOM Z ﬂ'*f_"_‘*_'_)_
clydyae, ecaM cuJaa, OOYCIOBMB- g) 7 ' >
mas aedopmanuio, He MPEBOCXO- Ip—
JHT HEKOTOpBIl, Onpeje/eHHbI
I/t KaXJO0ro KOHKPETHOro TeJsa Fyeun F,
npeaen (npeges ympyroctH). ; I S
? Tt Z

F </ TUTTIT o=, F—1—

Puc. 14.1. Puc. 14.2.

BoabmeM MpYXHHY, HMeiolyl0 B HeaehOPMHUPOBAHHOM COCTOSTHHH
MHY o, U NPUJIOXKHM K ee KOHIIaM paBHELIe N0 BeJHYHHe, NPOTHBOIO-
JIOXHO HanpabJ/ieHHble cuabl F; u F, (puc. 14.1). Ilog mefictBuem 3THX
CHJT MPYXHHA DacCTSAHETCH Ha HEKOTOPYIK BenuuuHy Al, nocie uero
HacTynuT paBHoBecue. B cocrosinuu paBHOBecus BHeliHHe cHJabl Fy u
F, OyayT ypaBHOBellleHhl YNpyrMMH CHJiaMH, BO3HHKIIHMH B NpYXHHe
B pesyabrare jJedopmauvu. OnbT HaeT, YTO NPH HeGOJBIIHMX Hedop-
MalHuaX YNJIMHEHHe NpYXHUHbI Al OKasbiBaeTcsl NPOMOPLHUOHAJNbHEIM
pactsaruBawoeit cune: AlwnF (F=F,=F,). CooTBETCTBeHHO Ymnpyras
CHJIa OKa3blBAaeTCA NPONOPIHOHAIbHON YAJIHHEHHIO I YXHHBL:

F=kAl (14.1)

Kostbdnunent nponopuuoHasbHoCcTH % Ha3biBaeTcsl K03 ¢ ¢ o IL H-
€HTOM XECTKOCTH! NPYXKHHBL

YTBepKIeHHe O MpPONOPUHOHAJNBHOCTH MEXAY YNpyroft CH/of u
JedopmanHed HOCHT Ha3BaHHe 3aKoHa [ yKa.

Ynpyrue HaTsiKeHHsl BO3HHMKAlOT BO Bcell npyxuHne. Jlio6as yactb
NPYXKHUHBL JefCTBYeT Ha IPYrylo YacTb C CHJIOii, onpenesseMoi ¢opmy-
qoii (14.1). ITostomy, ecnn pa3pesaTb NMpPYKHHY MoNoJiaM, Ta Xe IO
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BeJU9MHe ynpyras cuja GyZeT BO3HHKATb B KaxKJ0H H3 MOJOBHH IpH
B JiBa pa3a MeHbllleM yAaHHeRHH. OTclofa 3aK/l0uaeM, YTO NIPH 3alaHHHX
MaTepHaJie NMPYKHHBI H pa3Mepax BMTKAa BeJMYMHA YNPYToH CHJLI On-
penensieTcss He abGCOJIOTHEIM YAJIHHEHHeM NpYxKHUHE Al, a2 OTHOCHTE/Ib-
HbIM YaAJHHeHHeM Al/l,.

Tlpy cxaTHM TNPYXHHBI TaKXKe BO3HHKAIOT YIPYrHe HATHXKEHHS,
Ho apyroro 3Haka. O6o6wuM dopmyay (14.1) caenymwownm o6pasom.
3aKkpenuM OAHH KOHeLl TpPYXUHb HemoABHKHO (puc. 14.2), a yaauHe-
HHe NpYxUHH OYZeM paccMaTpHBaTb KaK KOOPAMHATY X APYroro
KOHILIa, OTCYHTHIBAEMYIO OT €ro NoJIOkKeHHs, OTBeualollero HeaedopMu-
poBanHOi npyxHHe 1). Kpome TOro, 0603HAuHM HPOEKLHIO YNpyrofi
cuibl Fy,, Ha ocb x uepe3 F.. Torza MOXHO HamucaTb, 4TO

Fo=—Fx (14.9)

(u3 puc. 14.2 BuaHO, 4UTO MPOEKLUHS YNPYroil CHILI HA OCh X I KOOpPJH-
HaTa X BCerJa MMEIOT pa3Hhle 3HaKH).

OnHopoaHble CTep:KHHM BeAyT Ce6f NPH PacTsXKEHHH WJIH OJHOCTO-
POHHEM CXaTHHM NOofoGHO MpyxMHe. ECMHM K KOHIAM CTEPIKHA NPHJIO-
JKUTb HanpasJieHHble BIOJb ero ocH cuiawl Fy, u F, (Fy=F,=F), neii-
CTBHE KOTOPHIX DPaBHOMEPHO pachpefiefieH0 MO BCeMY CEeUYeHHI0, TO
IJIMHA CTepXKHSA [, MOJYYHT TNOJIOKHTeNbHOe (NPH pacTsaXeHuH) JnGo
oTpHnaTesbHoe (MpH C:KATHM) npupallenue 2) Al (puc. 14.3). B kaue-
CTBe BeJIHUMHBI, XapaKTepuayiolell fedopMaliio CTepXKHSA, eCTeCTBEHHO
B3AITb OTHOCHTEJbHOE U3MEHEHUe ero AJTHHLI:

L (14.3)

OneIT maet, 4TO AN CTep:KHeH M3 JAaHHOTO MaTepHajia OTHOCHTE/b-
HOe yIJaWHeHHe NpH ynpyroii JedopManHH NPOMOPLHOHAJBHO CHJE,
NpHXoAfllefics Ha eMHHLY NJIOWIAAH TONMEePeYHOTO CeYeHHS CTePIKHS:

F
(¢ — Ko3(hbHUHEHT NPOMOPLUHOHAIBHOCTH).

BennunHa, paBHad OTHOLUEHHIO CHJIbl K BeJIHYHHE IIOBEPXHOCTH,
Ha KOTOpYIO HeHCTBYeT CHJsa, Ha3biBaeTcsi Hanmp s x e H 11 e M. Baa-
rojapsl B3aUMOAENCTBHIO YacTell Tesla APYT € ApYroM HanpsiXkeHie nepe-
JlaeTcsi BO BCe TOYKM Tesla — BeCh 06BEM CTepPXKHA OKasplBaeTcs B Ha-
npsKeHHOM cocTosiHuM. Ecau cuna HanpaBseHa no HOpMaJH K NnoBepX-
HOCTH, Hamps)KeHHe Ha3blBaeTcdi HopMaJabHB M. Ecmi cnia

1) Ha puc. 14.2, 6 miuHa oTpe3ka, Ha KOTOPHIA CMEeCTHJICH KOHEL, NpPYXHHH,
o6o3HayeHa — X; 3TO BBI3BAHO TeM, YTO AJHHA OTpe3Ka — NOJOXKHTEJIbHAA BEIHYHHAE,

KOOpJHHAaTa Xe X B 3TOM cJyuyae OTPHLATeJbHa.
B 2) M3MeHeHHe LJIHHLI CTEpXKNS COMPOBOMIAETCA COOTBETCTBYIOLIMM H3MEHeHHeM

NonepevHbIX pa3MEpPOB CTEPXKHA.
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HanpaB/eHa 10 KacaTeJbHOR K MOBEPXHOCTM, Ha KOTOPYIO OHa IeMcT-
BYET, HanpsXKeHHe Ha3blBaeTcsl TaHTr e HI ¥ a /b HH M. Hopuab-
HOe HanpspkeHue NPHHATO o603HauaTb GYKBON O, TaHreHUHAJbHOE —
6yKBOH T.

Ortnowenue F/S B dopmyae (14.4) npencrasasier coGoit HOpManbos
HanpskeHue o. ClejoBaTesbHO, 3TOH (OpMYJe MOMHO NPHUAATh BUJ:

e=oag, (14.5)

Ilnsi XapakTepUCTHKH YNPYrHX CBOMCTB MaTepHasia IMOJAb3YIOTCS
peauuuHoi E=1/a, KoTopasi HasbiBaeTci MoayJaem HHura.
Hamepsiercst ata BesmunHa B nackaasax (1 [Ta=1 H/1 m?),

3amenus B (14.5) o Ha E, mosyuynuMm COOTHOLIEHHE:

e=0/E, (14.6)
H3 KOTOpoOro cjeayetr, 94To MOAYJb IOHl'a paBeH TakKoOMY HOpMaJlbHOMY

HanpsKEHHIO, MPH KOTOPOM OTHOCHTE/IbHOE yIJIHHeHHe Gbl1o 6bl paBHO
enuHitue (T. e. mpupauleHie AJHHE Al

Eqp E 6ol10 6b1  paBHO TNepBOHAYaJbHOIl
A T a __F

I ro e —— —

B EER TS / /
R | | +
LS : i +§ | |N§ y. E}/ I/
1 i b / ;

i N ——

i %
E, y 2
Puc. 14.3. Puc. 14.4.

anube ly), ecan 66l cTob Goabluve ynpyrue gedopmauuu GblIH BO3-
MOXKHB! (B AefiCTBHTEJIbHOCTH MPH 3HAYHUTELHO MEHBUIX HaMpsKeH1IAX
NPOHCXOAHT pa3pylleHHe CTEPXKHSA, ellle paHblile JOCTHrAETCs Mpede.]
yIpYrocTH).

Pewup ypaBuenne (14.4) otHocutensHo F u 3aMeHuB e uepe3 Al'l,,
a o uepes l/E, monyuum cdopmyay

F=Z£3A1=rA, (14.7)

rie k — NOCTOSHHBIA AN JaHHOrO cTepxHs KoadduuneHt. CooTHo-
weHnue (14.7) Boipaxaer 3akoH I'yka nasa crepxHs (cp. ¢ (14.2)). Ha-
NOMHHM, YTO STOT 3aKOH BHINOJIHAETCS TOJBKO AO TeX MOp, MoKa He
JOCTHraeTcs npenes YNpyrocTH.

B 3aksiouenne paccMOTpuM KpaTko Aedopmaunio cisura. Boabmen
OJIHOPOJHOe Te10, HMelollee GOpPMY TNPAMOYTOJNLHOrO TNapaJJenernii-
neja, U TNPWIOKHMM K €ro npoTHBosexalium rpansm cwiabl Fy u F,
(Fi=F,=F), nanpapJjeHHble napaJjJelbHO 3THM rpaHsaM (puc. 14.4).

3 U. B. Capenpes, T. }
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Ecnu pefictBHe cus 6yAeT paBHOMEPHO paclpefeneHo mo Bceft mosepx-
HOCTH COOTBETCTBYIOIWIEH rpaHH, TO B JIIOGOM CEYeHHH, HapaJie/bHOM
3THM TIpaHsM, BO3HHKHET TaHIeHIIHaJIbHOe HamnpsiKeHHe

T=F/S (14.8)

(S — nomaznp rpanu). Ilox meficTBHeM HampsikeHHi Teno jgedopMH-
pyeTcs Tak, 4YTO OfHA IPaHb CMECTHTCS OTHOCHTEJBHO APYrofl Ha HeKo-
TOpoe paccTosiHue a. Ec/H Teso MbICIeHHO pa36UTh Ha 3J1€MEHTapHbIE
napa/jieNbHble PaccMaTpHBaeMbIM TpaHAM CJIOH, TO KaXABH cJoit
OKaXeTCsl CABHHYTHIM OTHOCHTENBHO COCEIHHX C HHM cJioeB. Ilo aToit
npHuMHe AedopMauHsl TaKOro BHJAA NOJYYHJIa Ha3BaHHE CIBHra.

Ilpu pedpopmaumu capura Jo6as npsiMasi, NepBOHaYaJbHO Iep-
NeHAUKYJSIpPHAS K CJI0sIM, NTOBEPHETCS Ha HEKOTOPHH yroa ¢. B Kaue-
CTBe XapaKTepPHCTHKH JedopmalMM ciBura Gepercs BeJMYHMHA

v=5=tgo, (14.9)

Ha3biBaeMass OTHOCHTEJNbHBM CABHTOM (CMBICA BeIHYHH
a u b sceH u3 puc. 14.4). I'lpu ynpyrux nedopmaunsix yroa ¢ GoiBaeT
oyeHb MaJs. ITosToMy MOMKHO HOJOXHTH tg @ ¢. CregoBaTtenbHO, OT-
HOCHTE/IbHBI CABHI § OKa3blBaeTCsl PaBHBIM YTJY CABHra @.

OneIT MOKa3bIBaeT, 4YTO OTHOCHTEJNBHBIA CABHI HPONOPLHOHAJeH
TaHreHUHAbHOMY HaNpPsKEeHHIO:

V=4 (14.10)

Kosdduivent G 3aBHCHT TOBKO OT CBOACTB MaTepHasa H Ha3blBaeTcs
MoAyJeM cABHUT a. OH paBeH TaKOMY TaHIeHIHAaJbHOMY Hamnps-
¥eHHIO, TIPH KOTOPOM YroJ CABHra okasaJjcsl 6bl paBHbiM 45° (tg 9=1),
ecy 66l PH CTONIb GOMBIINX AedopMaluHaX He Obl1 NpeB30HAeH mpejes
ynpyroctu. Mamepsierca G, kak u E, B nackanax ([la).

§ 15. Cuanl TpeHHA

CHJIBL TpeHHMS NOMBAAIOTCA NPH NepeMellleHHN CONMPHKACAIOUWIUXCS
Te1 WM HUX yacTeft APYr OTHOCHTENBHO Apyra. TpeHHe, BO3HHKaollee
NPH OTHOCHTENBLHOM INepeMellleHHH JBYX COMPHKACAOUHXCA Tes, Ha3kl-
BAeTCAA B H € Il H U M; TPEHHE MEXKAY YacCTAMH OJHOTO H TOTO XKe CIJIOLL-
HOro Tesa (Hanpumep, *KMAKOCTH HJIM rasa) HOCHT Ha3BaHHE BH Y T-
PeHHET O TPeHHS.

Cuny TpeHMs, BO3HHKAIOUIYIO NMPH JABHAKEHHH TBEPAOTO TeJia OTHO-
CHTeJBHO >XMJAKOH HJIH ra3oofpasHoOi Cpeapl, C/lefyeT OTHECTH K KaTe-
TOPHH CHJI BHYTPEHHETO TPEHHSA, NOCKOJIBKY B 3TOM C/y4ae CJIOH Cpelkl,
HenocpeICTBEHHO COMpPHKAcCAIoLIMecs C TeJOM, BOBJEKAIOTCH HM B [BHU-
JKeHHe C TOH e CKOpPOCTbIO, KaKYyl0 MMeeT Tel10, H Ha JABHXKeHHe Tesa
OKa3sblBaeT BJAHMSHHE TPEHUE MEXKAY 3TUMH H BHELUHHMH I10 OTHOLUEHHIO
K HIM CJ0SMH CpeAl.
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TpeHue MeXIy NOBEPXHOCTAMH ABYX TBEPABIX TeJ IPH OTCYTCTBHH
Kakoi-1H60 NMPOCJAOMKH, HanpHMep CMa3KH MeXJY HHMMH, HasklBaeTcs!
cyXuM. TpeHHe MeX1y TBepIbIM TeJOM H MKHMAKOH HAM rasoafpasHoii
cpenoii, a TakXe MeXJIy CJIOSMH TaKoH Cpejbl Ha3blBaeTCs B A3 K U M
(MM XKUAKHM). ,

ITpMMEHHUTENILHO K CYXOMY TPEeHHIO pPa3MHyaloT TPeHHE C K O J b-
JEeHHS W TpeHHe Kau4eH H 1. :

Cunbl TpeHHS HampaBJieHBl MO KacaTelbHOH K TpyUIMMCSI TOBepX-
HocTAM (MJH CJIOSAIM), NPHYeM TaK, YTO OHH NPOTHBOAEHCTBYIOT OTHO-
CHTENILHOMY CMeNIEHHIO 3THX moBepxHocteil (caoeB). Ecau, Hanpumep,
IBa CJIOSl XHAKOCTH CKOJB3AT APYr mo APYry, ABHUrasich C pPa3jHYHOM
CKOPOCTBIO, TO CHJIA, NpPHJOXKeHHas K 6o-

Jiee GbICTPO ABMXKYLIEMYCS CJIOIO, Hampa.- Fa
JeHa B CTOPOHY, IPOTHBOMO/IOXHYIO JBH- 3 7 F
XeHHIO, a Ciia, JeficTBylomasi Ha CJoi, 2 o I >
IBHXYLIMICA MeLJeHHee, HampaBjeHa B 2 ;T'p i
CTOPOHY ABHXXEHHS CJIOA.

Cyxoe Tpenne. B cnyuae cyxoro Tpe- Prc. 15.1,

HHA CHJIa TPEeHHS BO3HHKaeT He TOJbKO
NpH CKOJBbXEHHH OfHOH TNOBEpXHOCTH MO JPYrod, HO TaKxXKe
Il IpH MONBITKax BHI3BaTh TaKoe CKoJbxeHHe. B mnociepnem cayuae
OHa Ha3blBaeTcs CHJNOH TpeHUHA 0oOKOSH. Pacemorpum 1Ba
compHuKacaromuxcs Tena I ¥ 2, U3 KOTOPHIX NOC/e/Hee 3aKpenJeHo He-
noxsmxHo (piic. 15.1). Teno I npuxumaerca K Teny 2 ¢ cunoit F,,
HanpaB/eHHOH MO HOPMaJH K MOBEPXHOCTH CONPHKOCHOBEHHST Tel.
OHa HaspiBaeTcs1 CHJAOH HOPMAaJbHOTO AaBJAeHHUS H
MoXeT OhTb 00YCJIOB/JeHa BecoM Tesa MJH APYrHMH npuydHamiu. Ilo-
NBITaeMCA NePeMeCTHTh TeJs10 J, NoAeHCTBOBaB Ha Hero BHellHell cuJoil F.
ITpr sTOoM OGHapYKHTCH, 4TO IJA KaxJIOH KOHKpeTHOH mapnl Ted M
KaXJIoro 3HaueHNsl CHJbI HOPMaJbHOIO JaBJEHHS HMEEeTCs ompejefeH-
HOoe MHHHMaJbHOe 3tiayeHHe Fy cuanl F, npu Kotopom Teso I ynaetcs
CABHHYTB C MecTa. [Ipu 3HaueHHAX BHellHell CHJIBI, 3aKJIOYEHHBIX B
npenenax 0<<F<CF,, Teso ocraercs B nokoe. [lo BTopomy 3akony Heio-
TOHa 3TO BO3MOXHO B TOM ciyvae, ecau cuna F ypapHoBemuBaeTcs
pPaBHOH el no BeJHYHHE W NPOTHBOMNOJIOXKHO HaNpaBJeHHOH CHJOH,
KOTOpasi W ecTb cuJa Tpenus mokos F., (cm. puc. 15.1). Ona aBTOMa-
THYeCKH !) NpPHMHHMaeT 3HayeHHe, paBHOe Be/JWYHHE BHeEIUHeH CH-
aul F (npH YCJOBHH, 4TO TNOCNeNHAsT He npeBocxomut Fp). Bennun-
Ha F, npeacraeisieT cofoit HauGoJsblllee 3HaY€HHE CHJRL TPEHMSA
HOKOA.

OtMeTHM, 4TO B COOTBETCTBHH C TPeTbHM 3aKoHoM HbloToHa Ha Teso
2 Takxe JeficTByeT cuaa Tpenus nokost Fy, (Ha puc. 15.1 ona nokasana

1) 310 npoHcXoAHT nORo6GHO TOMY, KAaK NMpYKHHA NOX AeficTBHeM pacTATHBalolmed
CHAH aBTOMATHYeCKH NPHOGpeTaeT TaKoe YJAJAHHeHHe, NpH KOTOPOM ympyras CHaa
YPAaBHOBEWIHBAET BHEILIHIOI CHAY.

3*
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MYHKTHPOM), paBHasg NO BejuuuHe cuje Fi,, HO MMetowas npoTHBoIIo-
JIOKHOE ell HampasJieHHe.

Ecnv BrHewnsas cuna F npessofizer no Moxysio F,, Tel0 HauHHaeT
CKOMb3UTh, TMpPHYEM €ro YCKOpDeHHe OnpelesseTcsi pe3yJabTHpYlollei
IBYX cu1: BHeliHelt F ¥ cuibl TpeHUs cKoJbXeHus F.,, BequunHa
KOTOpO#f B TO MJM WHOH Mepe 3aBHCHT OT CKODOCTH CKOJIbXKEHHA.
XapakTep 3Toil 3aBUCHMOCTH ONMpeAEJseTC NPHPOAOH H COCTOSAHHEM
Tpyuxcs noBepxHoctefl. Uallle Bcero BCTpevaronuics BUA 3aBHCHMO-
CTH CHJIBI TPEHHsI OT CKOPOCTH NOKa3aH Ha puc. 15.2. I'papHk oxBaThI-
BaeT KaK Cjyuyall MOKosl, TaK M cjay4yail ckoabkeHus. CHaa TpeHHs
I0KOfl, KaK YKe OTMEeYasoch, MOXET MMeTb 3HaueHHs OoT HyJis J0 F,
YTO OTpPaXeHO Ha rpaduke BepTHKaJbHBIM OTpe3KoM. B cooTsercTBHU
c puc. 15.2 cuna TpeHHSs CKOMBIKEHHS C YBeIHUeHHeM CKOPOCTH BHaYaJle
HECKOJMIbKO YOLIBaeT, a 3aTeM HauMHAaeT BO3pacTaTh.

IMpu crneuunanbHoll 06paGoTKe COMPHKACAIOUIMXCA IMOBEPXHOCTEH
cuJla TPEHHS CKOJIBXXEHHU S MOXKET OKa3aThCs NPaKTHUECKH He 3aBHCsLILell
oT cKopocTH. B 3TOM ciyuae KpHBOMMHeHHBIH YydacToK rpaduka Ha
pic. 15.2 mpeBpaluaeTcs B OTpe30K TIOPHM3OHTaJbHON NPAMOH, Hauu-
Haroleiicas B Touke Fy.

3aKoHE CYXOro TpPEeHHSI CBOAATCA K CjelylollleMy: MaKCHMasbHast
cujla TPeHUsl TOKOS, a TAaKXE€ CHJa TPeHHs CKOJNbKeHHUS He 3aBHCAT
OT TIOLIaAK COMPUKOCHOBEHHSI TPYIIMXCA Tes U OKa3blBalOTCA NpHOIU-
31TeJIbHO NPONOPLHOHANBHLIME BeJIHYHHE CHJBl HOPMAJIbHOIO JaBJie-
HIIF, OpHXKHMaiollell TpylMecs NMOBEPXHOCTH APYr K ApYTY:

F,,=kF,. (15.1)

Beapasmepubslfi Ko3(hHIMEHT NpPONOPIHOHANBHOCTH & Ha3blBaeTcs
Ko3¢pbHUHEeHTOM TpPeHUS (co-

f;p OTBETCTBEHHO TIOKOA  MJIH CKOJTb)KeHHH).
OH 3aBHCHT OT NnpHpoAbl U COCTOAHUA TPY-
}; INHXCst nosepxuom‘eﬁ, B YaCTHOCTH OT HX

IlepoxoBatocT. B cnydae cKosabxeHHs
KO3(bpULHMEHT TPeHHs sABJseTCA (yHKLHell

CKOPOCTH.
! —_— Cunbl TPeHMSI UrparoT odeHb GOJIBbLIYIO
4 ¥ posap B mpupoje. B Halell noBceAHEBHOI
Puc. 15.2. KH3HM TpEHHe HepeJKO OKa3blBaeTcs [o-
JIe3HEIM. BcroMHMM oOrpoMHble 3aTpyZHe-
HHSI, KOTOPHIE HCMBLITBIBAIOT IleLIeXOABl H
TPAHCHOPT BO BPEMsI TOJOJEIHIE], KOTZa TPEHHE MeXAY HOKPHITHeM
ZOpOrd M MNOAOLIBAMH {IEILeXOJOB WJM KoJecamMH TPaHCIOpPTa 3Hauu-
TeJAbHO yMmeHbwaetcs. He 6ynb cua Tpenus, mebenbp npuinioch Gbl
NPUKPEIVIATE K 0Ny, KaK Ha CyaHe BO BpemMs Kadkd, W60 OHa
npu Masedflieil HerOpH3OHTAaJbHOCTH [OJ2 croJjsana Gbl B Hamnpas-
JIEHHH MOKaTOCTH. UYHuTaTenb MOMKET cam MNpPHUBECTH aHaJOoTHYHble

NpVEPHL.
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Bo MHOrux cay4asix poJb TPeHHSI KpaiiHe OTpHIlaTesNbHa, W Npl-
XOJHUTCS TIPUHHMATh MepHl K TOMY, 4TOOBI MO BO3MOMHOCTH €ro ocJa-
outb. Tak oGCTOMT, HanpHMep, JAesNO C TPeHHeM B MOJIIMMHHKAX HWJH
C TpeHHEeM MeXIYy BTYJKOH KoJjeca H OChiO.

Hau6onee paankanbHbBIM CnocoGOM YMEHBIUEHHS CHJ TPEHUS fAB-
JIAeTCs 3aMeHa TPEHHs CKOJIbXEHHUsl TpeHHeM KaueHHs, KOTOpOoe BO3HH-
KaeT, HanpuMep, MeXKAy UHIMHAPHYECKHM HJIH 1apoo6pa3sHbIM TeJIoM
i MOBEPXHOCThIO, MO KOTOPOH OHO KaTutcs. TpeHHe KayeHHs MoA-
yiHseTcs (OPMaJBHO TEM JKe 3aKOHaM, YTO U TpeHHe CKOJIbXKeHHS,
HO KO3(QULHEHT TPeHHsS B 3TOM CJydYae OKas3blBaeTCsl 3HAYHTeJLHO
MEHBLINM.

Bs3koe TpeHHe M CONMpOTHBJEHME cpeibl. B OTIMYHe OT cyxoro

BfA3KOe TPeHHe XapaKTepHO TeM, YTO CHJIa BA3KOrO TpeHHs obpauiaercs
B HYJb OJHOBPEMEHHO CO CKOPOCTBIO. [
INosTomy, Kak 66l HH Oblia Maja BHew- '°
HAS CHJIa, OHA MOXET COOBLIHTL OTHO-
CHTEJIbBHYIO CKOPOCTB CJIOSIM BA3KOH Cpe-
Ibl. 3aKOHBI, KOTOPbIM MOJYHHSIIOTCSA
CHJIBI TPEHHS] MEeXIY CJOAMH Cpejkl,
6ynyT paccMOTpeHbl B TJlaBe, [MOCBS-
IleHHOH MeXaHHKe MKHIKOCTeH.

B stoM naparpade Mbl orpaHHYHM- .
Cl PacCMOTPEHHEM CHJI TPEHHSI MeXIy 0 v
TBEpABIM TeJIOM M BSI3KOH (KHMAKOH HJH Pu

o o c. 15.3.
rasoo0pasHoil) cpepoit. Cieayer umeTb
B BHAY, YTO, MOMHMO COGCTBEHHO CHJI Tpe-
HUsl, IPH ABHXEHHH TeJl B XUIKOH UJIH ra3oo6pasHoll cpelie BO3HHKAIOT
TaK Ha3blBaeMble CHU Il COMPOTHUBJAEHHU A CP e xbl, KOTOpLie
MOTYT GHITb TOpa3jfo 3HauuTe/bHee, yeM CHJbl Tpenusi. He umes Bos-
MOXHOCTH pacCMaTpHBaTh MOAPOOHO MPHYHHBI BO3HMKHOBEHHs 3TIX
CUJ, MBl OFpaHHYHMCS H3JIOXKEeHHEM 3aKOHOMepHOCTell, KOTOpBIM MOA-
YHHSIOTCS CHJBI TPEHHSl M COMPOTHB/IEIHA CPeAbl COBMECTHO, NMpHUEM
veaoBHO 6yneM HasbiBaTbh CYMMAapHYIO CHAY CHJOH TpeHHsi. 3aBHCIl-
MOCTb 3TOH CHJIBI OT CKOPOCTH NOKa3aHa Ha puc. 15.3.

[1pu HeGoJBLINX CKOPOCTAX CHJIA PAacTeT JIHHEHHO CO CKOPOCTBIO:

Foo=— kv (15.2)

(3HaK MHHYC O3HayYaeT, YTO 3Ta CHJ1a HaNpaBJeHa NPOTHBOMNOJIOMKHO CKO-
pocty). Besnunna kosdduuvenrta k; 3aBHCHT OT ¢OpMEI H pa3nepoB
Teaa, COCTOSTHUSI ero NOBEPXHOCTH M OT CBOHCTBA Cpellbl, Ha3bIBAEMOrO
Ba3KkocTbio. Hanpumep, mns rauuepuHa 10T KO3(hpHUMUEHT OKa3bl-
BaeTCA ropasao OOJbIIMM, YeM IJS1 BOJBL.

Tlpu GosbIIMX CKOPOCTAX JMHEHHBIT 3aKOH MepeXoauT B KBajlpa-
THYHBIH, T. €. CHJla HaYHHAeT pacTH NpPONOPLHOHAJbHO KBaApaTy CKo-
pOCTH:

Fip=—k,V%e, (15.3)
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(e, — opT ckopocTH). Benuunna xosdxpuUHEHTa R, 3aBUCHT OT pa3me-
poB M ¢OpMEI Tesa.

3HaueHHe CKOPOCTH, MPH KOTOPOM 3aKoH (15.2) mepexonuT B 0(15.3),
3aBHCHT OT (OPMBI H Pa3MepoB Tesla, a TaKKe OT BSI3KMX CBOMCTB H

IVIOTHOCTH CpeJIbl.

§ 16. Cnna THKECTH H Bec

Ilox neiicTBHEM CHJIBL NPUTAMKEHHUST K 3emJie Bce TeJa najaroT C OfH-
HAKOBBIM OTHOCHTEJIbHO IOBEPXHOCTH 3eMJH YCKODE€HHEM, KOTOpOE

w w
w={ l
AN
1
) :
G
a ¢ 6 Gz=m(g-w)
Cp=m(7+w) b=y
Puc. 16.1.

NpHHATO 0603Ha4YaTh GYKBOM g. 3TO 03HayaeT, UYTO B CHCTEMe OTCYeTa,
CBAI3aHHOM ¢ 3eMJell, Ha BCAKOE TENO MACCHl m JefCTBYeT CuJa

P—mg, (16.1)

Ha3piBaeMas cuaA 0 TaxecTn!) Koraa Teno nokoutcs oTHOCH-
TEMbLHO MOBEPXHOCTH 3eMJjHd, cuaa P ypasHoBelunBaeTcs peakuueit °)
F, nonseca wam onopsl, yaepxuBawuux Teno ot nagenus (F,=—P).
[lo Tperbemy 3akony HbloToHa Teno B 3Tom cayyae JeficTBYyeT Ha moj-
BeC HaH onopy ¢ cunoit G, pasuoit —F,, T. e. ¢ cusoit

G=P=mg.
Cuna G, c Kortopoit Teso AefiCTBYeT Ha NOABEC HJIM ONOpY, Ha3bl-

BaeTC BeCOM TeJa. J1a cuia paBHa mg JHIWb B TOM CJaydae,
€C/IM TeJIO H Onopa (MJIH MoJBeC) HEeNOABHMHbl OTHOCHTEJBbHO 3emJH.

1) BesencTBHE HeMHepUHANTLHOCTH CHCTEMBI OTCYeTa, CBA3AHHON € 3eMeff, craa
TAMKECTH HECKOJLKO OTJHMYAeTCA OT CHJIM, € KOTOPOIl Tea0o npHTArHBaeTca 3emieii.
Ionpo6uee 06 3Tom GynmeT ckasawo B § 33.

%) PeaKuusAMH Ha3LBAIOTCS CHJBL, C KOTOPHIMH Ha AaHHOE Telo AeliCTBYIOT Tena,
OTPaHHYHBAKLINE €0 JABHIKEHHE.
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B cnyuae ux ABHXKEHHST C HEKOTOPBIM YcKopeHHeM w Bec G He GyjeT
paBeH mg. DTO MOXHO YACHHWTb Ha cJefylolem npuMepe. I1ycTb noasec
B BHJIe YKpeNnJeHHOH Ha paMKe NpYXHHBl JBHXKETCH BMECTE C TEJIOM
¢ yckopeunem w (puc. 16.1). Toraa ypaBHeHHe ABI)KEHHS Tena Gyaer
IIMeTb BHJ

P+ F,=mw, (16.2)

rae F,— peakuus nopseca, T. e. CHJa, C KOTOPOH Npy>KHHA JeHCcTBYeET
Ha Teso. Ilo Tperbemy 3akoHy HbloToHa Tes10 HeflcTBYeT Ha NP YXKHHY
¢ cunoft, paBHoit —F,, KoTopas no onpejieJleHHIO NpeAcTaBasieT co6oii
eec Tea G B 3THX YcaoBuax. 3ameHuB B (16.2) peakumio F, cuioit
—G, a cuay TskecTH P — mpousselieHHeM mg, TNOMYYHM:

G=m(g—w). (16.3)

®opmyna (16.3) onpenensier Bec Tena B oflueM caydae. OHa cnpabef-
JHBa U1 MoABeca HJIM onopbl JioGoro BHAA.
IlpennosioxkuM, YTO TeJO H MOJABEC ABHXKYTCH B BEpTHKAJbHOM Ha-
npaB/eHHN (B 3TOM NpPeANoJOXKeHHH BhinosHeH puc. 16.1).
CnpoextupyeM (16.3) Ha HanpaBienHe oTBeca:

G=m(g+w). (16.4)

B sToM BolpadteHHH G, g H W CYTh MOAYJIH COOTBETCTBYIOLHX BEKTOPOB.
3HaK «+» COOTBETCTBYeT W, HanpaBJeHHOMY BBEPX, 3HaK «—» COOTBET-
CTBYeT HampaB/jleHHI0O W BHH3,

N3 ¢popmynet (16.4) BeiTekaet, 9ro no monyJo Bec G moxeT ObITh
Kak OoJiblle, TaK H MeHblle, ueM cuia Tsixkectd P. IlpucBoGoaHom
NajeHuH paMKH ¢ noaBecoM w=g U cHjJa G, c KOTopoil Teso AeiicT-
ByeT Ha MojBec, paBHa HYyJo. HacTynmaeT cOCTOsSiHHEe HeBECOMOCTM.
Kocmuueckuit Kopabsb, feTAuinii BOKpYr 3eMJH C BHKJ/IOYEHHBIMH
JBIIraTesnsiMi, ABHMKeTCSl, KaK U CBOGOAHO Nanawomas pamkKa, € YCKo-
peHHeM g, BCJeACTBIIE Yero Teja BHYTPH KopabJ/isi HAXOAATCA B COCTOS-
HHII HeBECOMOCTH — OHHM He OKas3blIBalOT JaBJIeHHS Ha CONpHKacao-
W Hecs ¢ HHMH Teqa.

OrMeTHM, YTO YacTO MYTAKWT cHAY TshkectH P u Bec Ttena G. 310
cOycJIOBNIEHO TeM, HTO B cJyyae HemoaBHKHOI omopel cuibl P 1 G
COEMAajaloT Mo BeJWYMHe M NO HampasJieHHI0 (06e OHM PaBHHL mg).
OnHako cjeayeT NOMHHUTDb, YTO 3TH CHJIBI PUJIOKEHBl K Pa3HBIM TeJsaM:
P npuaoxena k camomy Teay, G nmpusokeHa K mojBecy HJH ONope,
OrpaHHYHBAOLINM CBOOOAHOE [BHXKeHHE Teja B MoJje CHJI 3eMHOro
taroTeHrsi. Kpome Toro, cuna P Bcersa paBHa mg, He3aBHCHMO OT TOTO,
JIBHKETCS TeJIO HJIKH NMOKOMTCS, CHJa e Beca G 3aBHCHUT OT YCKOPEHHs,
C KOTOpbIM JABHXKYTCA ONOpa H TeJo, MpHUYeM OHa MoXeT OHITb Kakx
Gosblle, TaK WM MeHblle /g, B YaCTHOCTH, B COCTOSIHMHM HEBECOMOCTH
OoHa obpaliaeTci B HYJb.

CootHowenne (16.3) mexay maccoil ¥ BecoM Teja JaeT cnocob
CpaBHEHHSI MacC TeJ NYTeM B3BellMBAaHHS — OTHOIIEHHE BeCOB Tel,
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onpelie/leHHLIX B OAMHAKOBBIX YCJOBHAX (0GeuHO npu w=0) B oJHoil
M Toil JKe TOYKe 3eMHOH NOBEPXHOCTH, PaBHO OTHOLIEHHIO MacC 3THX
TeN:

G.:G,:Gy:. .. =myimyitgs ...

Kak 6yzer nokasaHo B § 33, yckopeHHe CBOGOAHOrO NajeHUs g
M CHJIa THXKeCTH P 3aBHCAT OT LIKPOTHI MecTHOocTH. Kpome Toro, Py g
3aBUCAT TaKXKe OT BbICOTHI HaJ YDOBHEM MOpsS — C Y/Ja/leHHeMm OT
ueHTpa 3eMJIH OHHM YMeHbILATCH.

§ 17. Npaxruueckoe npuMeHeHne 3axkoHos HeloTona

Jas Toro 4to6bl COCTaBUThL YpaBHEHHe ABHMEHHS, HYXHO Mpexie
BCEro YCTAHOBHTb, KaKHe CHJbI JeHCTBYIOT Ha paccMaTrpHBaeMoOe TeJ1O.
[pu 3TOoM HEOGXOINMO BLIACHUTb, JEHCTBHE
KaKUX JAPYTUX Tes Ha JaHHOe TeslO Cjefyer
IPHUHATL BO BHUMaHue. Tak, Hanpumep, AJs
TeJia, CHO/3al0lero N0 HaKNOHHOMN IJIOCKOCTH
(puc. 17.1), cyuiecTBeHHO BO3JeACTBHE CO CTO-
poHbl 3emsn (OHO XapakTepH3yeTcsl CHJIOWH
mg) ¥ BO3JeHCTBUE CO CTOPOHBI IJIOCKOCTIH
(ono xapakrtepusyetcs cuioif peakuuu F,).

Hu B koem cavuae He caiefyeT BBOJHTb B
pPaccMOTpeHHe «IBHXKYLIME», «CKATbIBaIOLLHE»,
«LIeHTPOCTPEMHTeNIbHbIE, «LEeHTPOBexKHbIE» !)
U TOMY nonoGHble cuael. HUTo6bl He BmacThb
B OWMKOKY, HYX>XHO XapaKTepW30BaTh CHJBI
He MO BbI3bIBAEMOMY HMH JeHCTBHIO, a MO ¢HCTOYHUKY», BbHI3BaB-
IIeMy NOsIB/JeHHe CHJBl. DTO O3HAYaeT, 4TO 32 KaxIOA CHJIOH HYXHO
BHJIETb TeJo, BO3leficTBHeM KoToporo o0ycnoejeHa cuaa. Torja cra-
HET HEeBO3MOXHOH THUMHYHasA oniWOKa, 3akKjouamloliascs B TOM, YTO
OJIHA U Ta e CHJ1a YYUTLIBAeTCA NOJ Pa3HYHbIM} Ha3sBaHH AMH JBa*K]bl.

B paccmartpuBaemom mpumepe (cM. puc. 17.1) uenecoofpasHo cuay
peakuun F, pasjoKnTb Ha JBe COCTAaBJSAIOLIHE — CHUJIY HOPMAaJIbHOTO
AaBaenuss F, u cuny tpenus F,,. 2710, B YacTHOCTH, 1N0/1€3HO B CBA3K
C TeM, YTO CHJIa TPEHHS NPOmopuHOHaJAbHA MoayJto chael F, (eM. (15.1)).

OnpenennB cuJbl, AelCTBYIOILME HAa TeJNO, COCTAaB/AfIOT YPaBHEHHE
BTOpPOro 3akoHa HewoTona. B Haliem npumepe 0HO MMeeT BUI:

mw=mg+F,=mg+F, +Fpy. (17.1)

YUTo6b! OCYLIECTBUTbL BBIYUCIEHHS, HYXKHO MepeiTH OT BEKTOPOB K HX
MTPOEKUHMAM Ha COOTBETCTBYIOMINUM 00pasoM Bbl6paHHBIE HanpaB/JEHHA.
[pit 3ToM nOJL3YIOTCS CleAYIOUWUMH CBOHCTBAMH MpOEKIMIi:

1) paBHBIe BEeKTOPHI MMEIOT OQMHAKOBbiE MpPOEKUHH;

2) npoekuus BeKTOpa, MOJNYYAIOLIErOCS YMHOMEHHEM KaKOro-To

Pue. 17.1.

1) 370 He OTHOCHTCA K TEpMMHY «lleHTpOGEKHaA CHNa MHepuuu» (cM. § 33).
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IPYroro BeKTOpa Ha CKaJisip, paBHa NPOM3BEJEHMIO NPOEKLHH 3TOro
BTOPOro BeKTOpa Ha CKaJsp;

3) NpoeKuUHs CYMMBI BEKTOPOB paBHa CyMMe MpOEKUHMA CKJajiblBa-
eMbIX BeKTopoB (cM. (2.8)).

CnpoeKkTHpYeM BeKTOpbl, BXoAdlliHe B ypaBHeHne (17.1), Ha Ha-
npaBJjieHHe x, ykadaHHoe Ha puc. 17.1. Ilpoekuny BEKTOpDOB paBHbI:
w,=w (W — MOAYJb BeKTOpa W), g,=gsin a, F, =0, Fy,,=—kF =
=—kmg cos o.. CiiefioBaTe/IbHO, Mbl NMPHXOAHM K YPaBHEHHIO

mw=mg sin a—kmg cos o,

H3 KOTOpOro NerKo Ha#TH w.

B 6GoJiee CIOXKHBIX C/1y4asiX NPHXOAMTCS TNMPOEKTHPOBAaTb BEKTOPHI
Ha HeCKOJbKO HamnpaBJieHMH M pellaTb MOJYYHBLIYIOCH CHCTeMY aJ-
re6panyeckHX MM QudpdepeHUHaNbHBIX YpaBHEHH.



FrJ1ABA I
3AKCGHbI COXPAHEHHA

§ 18. Coxpauswomwyecsi BeJHYHHBI

Tena, ofpasylolye MeXaHHYeCKYyI0 CHCTeMY, MOryT B3auMOJeHCTBO-
BaTh Kak Mexay cofoli, Tak ¥ C TeJaMH, He NPHHaAJEKAIUMYU JaHHOH
cHcteMe. B cOOTBETCTBHH € 3THM CHJIBI, AeliCTBYIOLHE Ha TeJsa CHCTEMB,
JOXHO NMOJPa3fe/HTb HA BHYTpPeHHHEe H BHel HHUe. BHyT-
PEHHIMHU Mbl 6yJeM HasBIBaTb CHJBI, C KOTOPHIMHM Ha JaHHOE TeJO BO3-
rellcTBYIOT oCTajbHEIE Teja CHCTeMbl, BHELIHHMHM — CHJBI, 00YCJOB-
Jenlble BO3JeHCTBHEM TeJ, He NpHHajnexamux cucreme. B cayuae,
€CJIH BHEIUHMEe CHUJBLI OTCYTCTBYIOT, CHCTeMa HasbiBaeTcs 3 aMKH y-
TO .

Hasi 3aMKHYTBIX CHCTEM CYLIeCTBYIOT TaKie (YHKUHH KOODJAMHAT
I cKopocTell ofpasyrmollliX CHCTEMY YacTul '), KOTOpble COXPaHSIOT
NPpH JBIXXEHUH MOCTOSHHBIE 3HAueHHA. DTH (PYHKUHMH HOCAT Ha3BauHe
WHTEerpaJoB JABHXEeHIH.

Jns cuctembl u3 N yacTHL, MeXJy KOTOPHIMH HeT XECTKHUX CBf3eH,
MOXKHO o6pasoBaTb 6N — 1 uHTerpasioB nasu:keHMsi. OfHaKo HHTe-
pec NpeicTaBJsAOT TONbKO T€ M3 HHX, KOTOpble 06s1analoT CBOHCTBOM
42AITHBHOCTH. DTO CBOMCTBO 3aKJIOUaeTCss B TOM, UTO 3HaYeHHE MHTe-
rpaJja JABUXXeHHS A5 CUCTEMDBI, COCTOsIeH H3 yacTed, B3auMOAeHCTBIEM
KOTOpPBIX MOXHO NpeHe6pedyb, paBHO CYMMe 3HaueHHMH I/ KaxAaoil
13 yacTtell B OTAE/NBHOCTH. AJIUTHBHLEIX HHTErpPaJioB JABHIKEHHS HMEeTCs
TpH. ONUH H3 HUX Ha3biBaeTcsl 3 He pr U e i, BTOPol — UM I y J b
COM, TpeTHHi —MOMEHTOM MMINYJbCa.

Hrak, ans 3aMKHYTBIX CHCTEM OKa3biBalOTCHA HeH3MeHHmIMH (coxpa-
HAIOTCA) TPH (PU3NYECKHE BEJHUUHBI SHEPrus, MMIYJbC ¥ MOMEHT HM-
nyJjbca. B cooTBeTCTBUH ¢ 5THM HMEIOT MeCTO TP 3a Ko Ha CO X p a-
HeHH s — 3aKOH COXPaHEHHUs SHEPTHH, 3aKOH COXPaHEHUS HMIYJbCa
H 3aKOH COXPaHeHHsI MOMEHTa HMINYJbca. STH 3aKOHBI TECHO CBsI3aHLI
C OCHOBHBIMH CBOHCTBaMM NpPOCTPAHCTBA M BpEMEHH.

B ocHOBe cOXpaHeH!s SHEPTHU JIEKUT O THOPOAHOCTDH B e-
MEHH, T.e. DPaBHO3HAYHOCTb BCeX MOMEHTOB BpeMeHH. PaBHO3Hay-

1) HanomHHM, 4TO yacTuuel A5 KPAaTKOCTI MK Ha3hBAeM MaTepHaJILHYIO TOYKY,



§19. KHHETHYECKAS 3HEPIHUA 75

HOCTb CJielyeT MOHHMATh B TOM CMBICJIE, YTO 3aMeHA MOMEHTa BPCMEHH
ti MOMeHTOM {, Ge3 H3MeHeHHs 3HauyeHH il KOOPAHHAT U CKOpOCTeil 4acTiii(
He H3MeHseT MeXaHHUYeCKHe CBOMCTBA CHCTEMBI. 3TO 03HAYaeT, uUTo nocJae
YKa3aHHOA 3aMeHbl KOODAMHATHI M CKOPOCTH YacTHL, MMEIOT B JIOGOMH
MOMEHT BpeMeHH ;¢ Takue e 3HaUeHHS, KaAKHe OHH UMeJH Obl 10 3a-
MeHBl B MOMEHT 1.

B ocHoBe coxpaHeHHS HMNYJbca JEXKHT OJZHOPOAHOCTH
NpocCTpaHCTBA, T.e. OIHHAKOBOCTH CBOHCTB NPOCTPAHCTBa BO
BceX Toukax. OAHMHAKOBOCTBb CJ/lelyeT MOHIMAaThb B TOM CMLIC/]E, YTO
nmapaJije/bHbl NepeHoC 3aMKHYTOH CHCTeMbl H3 OJHOTO MecTa MpocCT-
paHCTBa B Apyroe 6e3 H3MEeHEeHHs B3aHMHOrO PaCMoJIOXKEHH U CKopocTeit
YACTHI He NI3MEHSIeT MeXaHHUeCcKHe CBOIICTBA CHCTeMbI (peanoaraeTcs,
YTO Ha HOBOM MeCTe 3aMKHYTOCTb CHCTeMbl HE HapyllaeTcs).

Haxonen, B ocHoBe coXpaHeHHSI MOMEHTa HMINYJbCa JIEXKHT H 3 o-
TPONDUSA NPOCTPAaHCTBA, T.e OIHMHAKOBOCTb CBOHCTB NMPOCT-
paHCTBa Mo BceM HampaBiaeHHsIM. OINHAKOBOCTb CHEAYET MHOHHMATh
B TOM CMBIC/IE, YTO MOBOPOT 3aMKHYTOH CHCTEMBI KaK UEJIOrO He OTpa-
dKaeTcqd Ha ee MeXaHWUYeCKHX CBOHCTBax.

3aKOHbl COXPaHeHWsl NMPeACTaB/sAOT cOGOH MOLIHOe OpynHe HccJe-
JgoBanns. Yacto GplBaeT, UTO TOYHOE pellleHHE YPaBHEHHH IBMKEHHS
OKa3sblBaeTCA KpaiiHe CJIOXHbIM. B 3THX ciyuasix ¢ MOMOWIBIO 3aKOHOB
COXPaHEHHSI MOXHO M 0e3 pellleHHs YpaBHEHHH ABHMKEHHS IOJYYHTh
pAl BaXKHLIX AaHHBLIX O NMPOTEKAHHH MEXaHUYECKHX SBJIeHUH. 3aKOHbI
COXpaHeHHs He 3aBHCAT OT Xapakrepa ReHcTBYoHX cua. Iloatomy
C X MOMOIIbIO MOXHO NOJYYHTb Psii BaXKHbIX CBEeIEHHA O MOBEJEHUH
MeXaHHYeCKHX CHCTEeM Jaxe B TeX C/lyyasix, KOTjJa CHJbI OKa3blBalOTCSH
HeH3BEeCTHBIMH.

B nmocnrenyiomux naparpagd)ax Mbl OJYYHM 3aKOHBEI COXPAHEHHs, HC-
xonsa u3 ypaBHeHuit HetotoHa. OnHaKo clieyeT UMeTh B BHAY, 4TO 3a-
KOHBI cOXpaHeHHs 06/1a4ai0T ropa3zo GoJibilielf O6LUIHOCTBIO, YeM 3aKOHMI
HryloToHa, 3aKOHEI COXpaHEHHS OCTAIOTCS CTPOTO CpaBeAJHBEIMH Jaxe
TOT/la, KOrja 3aKoHbl HbioToHa (B 4acTHOCTH, TpPeTHH 3aKOH) mpeTepre-
BaloT HapyweHHus. [ToquepKHeM, UTO 3aKOHBI COXPAaHEHHS SHEPrHH, HM-
nynbca H MOMEHTa HMMNYJbCa SBIAIOTCH TOUHBIMH 3aKOHaMH, CTPOTO
BBIMOJTHSIIOMIMMHUCS TaAKXKe M B PENSITUBHCTCKOH 06/1aCTH.

§ 19. KuneTHueckass 3Heprus

[MpHCTYnHM K HaXOKAEHHIO aLAHTHBHBIX HHTErPaJIoB ABUKeHHs. JIas
Hayaja pacCMOTPHM MNpOCTEAIIYIO CHCTEMY, COCTOSAILILYIO H3 OJHOI yac-
THUBI (MaTepHaNbHOH TOYKH).

Hanumem ypaBHenHe JABHXKEHHA YACTHLEL:

mv=F. (19.1)
3neck F — pesyapTHpyiomas cus, AeACTBYIOIMIHX HA 4acTHILY. YMHO-
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kB ypaBHeHHMe (19.1) Ha nmepemelneHue yacTHUB ds=Vdf, NMOJYUHM:

mvv dt = F ds. (19.2)

TTpoussenenne vdt npencrabnaser co6ofl npupauleHe CKOPOCTH YaCTHIIb]
dv 3a Bpema df. COOTBETCTBEHHO

. v? mo?
mvv dt =mvdv=md (T)=d(T> (19.3)
(cM. (2.54)). ITpousBens takylo 3aMeny B (19.2), npuaeM K COOTHOILEHHIO
2
d(?):Fa. (19.4)

Ecan cucrema 3aMkHyTa, T. e. F=0, to d (mv*/2)=0, a cama Besau-
YHHa

T="2 (19.5)

OCTaeTCsl NOCTOSIHHOM. 3Ta Be/IMUMHA Ha3biBaeTCA KMUHETHYEeCKO i
3Hepruei uacTHup. B ciyuae H3onMpoBaHHOH YacTHLBI KHHETH-
yecKasl SHePrus sBJAETCS HMHTerpajoM ABHMeHHs 1).

YMHOXHB Ha m 4YHCJAHTEIb W 3HaMeHaTesNb BeipameHus (19.5) u
NpHHSB BO BHUMaHHe, YTO NPOHU3BeJeHHe rmy PaBHO HMIYJbCY TeJa p,
BbIpaXKEeHHIO AJIST KHHETHYECKOH HepTHH MOXKHO NPHAATb BHA:

=P
T=q5-. (19.6)

Ecnau Ha vactnuy geiictByer cusa F, KuHeTHueckass 3Heprusa He
ocTaeTcs nocroaHHofl. B 3ToM caywae corsacHo (19.4) mpupameHue
KHHETHYECKO# 3HepPrUM YacTHIL! 3a BpeMs df paBHO CKaJsipHOMY Npo-
n3BesieHuio F ds (ds — nepenellienne yacTUlpl 32 BpeMs df). Benuunna

dA=Fds (19.7)

Ha3blBaeTcs p a 6 o T O i, coBepiaemot cuaoit F Ha nyTH ds (ds ecThb
MOZyJsb mepemeileHdss ds). CkansipHoe mnpouaBeienue (19.7) MoxHO
IpefCTaBUTh B BHJE NPOM3BEJEHHs NPOEKLMH CHJbl Ha HampaBJjeHHe
nepememtenuss F, ¥ 3jemeHTapHoro nyTH ds. CrnenoBaTenbHO, MOMXKHO
HanmucaTb, 4TO

dA=F, ds. (19.8)

M3 ckasanHoro sicHo, 4To paGoTa XapaKTepH3yeT M3MEHEHMe SHepruu,
06YyCJ/IOB/IEHHOE JEHCTBHEM CHJLI Ha ABHXKYILYIOCS YacTHLY.

1) B cayyae OAHOH H3OJHPOBAHHOH YACTHUH J106asi CTeNeHb CKOPOCTH OCTaeTcs
nocTosiHHell. OfHako B cayyae CHCTeMbl HECKOJIBbKMX B3aHMOJeHCTBYIOLIHX HacTil
HMEHHO BEJIHYHHBI BHAa (19.5) BXOAAT ci1araeMbIMH B 2] 1M THBHRIA WHTeT PaJ ABHXKEHHS.
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IMpounrerpupyem cootHoLueHye (19.4) BAOJIb HEKOTOPOH TPAEKTOPHH

OT Touku I 10 TOukH 2:
2 2
mu?
lgd( : >=5;Fds.

JleBast yacTb npeacTaBjisieT coGoii PasHOCTb 3HAaUeHHH KHHETHYECKOIT
3HePTHH B ToYKax 2 W I, T. e. npupalleHHe !) KHHETHYECKOH SHePrHH
Ha nyTd [—2. YuTa 37O, MOJSYdHM:

2
. 2
T,—T, =Tk _mi Y F ds. (19.9)
1
Bennuuna
2 2
A=(Fds={ F,ds (19.10)
1

—

ecTb pa6ora cuael F Ha nytn /—2. MHorna mel 6yaeM o603HayaTb 3Ty
paGoty cumBoJjoM A,, BMecto A.

Hrak, paboma pesyrbmupyrowedi écex cur, Gelicmeyrousux Ha wacmuyy,
udem HQ npupauiesue KUHemu4ecKol JHepaul Hacrmuypl:

Ay=T,—T,. (19.11)

U3 (19.11) crepyer, uTO 3Heprus HUMeeT TaKYIO e Pa3MepHOCTb,
KaK M paGoTa. B coOTBETCTBHU C 3THM 3SHeprusi H3MEPAETCS B TeX Ke
eqvHHIaX, 4To H pabora (cM. caenywounii naparpadg).

§ 20. Padora

PaccmoTpHM BeJMYMHY, Ha3biBaeMylo paGotofi, GoJsee mnoapoGHO.
Bripaxkenue (19.7) MOXHO mpeAcTaBHTb B BHIE:

dA = Fds=F cos a.-ds, (20.1)

Tle o — YroJ MexJy HanpaB/eHHeM CHJIbl H HamnpaBJeHHeM IepeMelle-
HHA TOYKH TNPHUJIOKEHHS CHIIBL.

Ecay cnna M HanpaBjeHHe nepemellleHHsi o6pa3yloT OCTpPBIH YroJ
(cos 2=>>0), pabora noJoxutenbHa. Ecau yron o — tynoit (cos a<<0),

1) MaMeHenne Kakofi-IHGO BeJIHUHHBL @ MOMHO XapaKTepH30BaTh JnGO ee npHpa-
weHHeM, JHGo y6blibio. TIpupamenneM BeanyHHb @, KoTopoe Mh Gyaem o6oanauathb
Ag, Ha3WBaOT Pa3HOCTb KOHEYHOro (a@,) H HauaJdbHOro (a@,) 3HaueHHH ITOH BeUYHUbL:

npupailleHse = Aa = a, —aj.

Y6bLIbI0 BETHUMHBL @ Ha3hIBAIOT Pa3HOCTL ee HAYaJbHOTO (¢;) M KoueyHoro (a,)
SHaYeHH#|

y6b1b = a; — a; = — Aa.
Y6bI/1b BeTHYHHB PaBHA ee PHPALUCHHIO, B3ATOMY ¢ 0GpaTHBIM 3uakoM. [TpupaweHue «
yOblie — anrebpaHyeckie BeJIHUHHBI
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pabota orpuuaresbHa. Ilpu a=mn/2 paGota paBHa Hymo. Ilocnexuee
06CTOATENLCTBO OCOGEHHO OTHYET/IHBO NOKa3biBaeT, UTO NMOHATHE pPaGoThi
B MeXaHHKe CYLIECTBEHHO OTJIHYaeTcs OT OGLINEHHOTO MPeACTABJAEHHSA
0 pabote. B o6bineHHOM MOHHMaHHMH BCSKOE yCHJHNE, B YACTHOCTH MYC-
KYJIbHOE HaMpsiKeHUe, BCErJa CONMPOBOXAAETCS COBeplleHHeM paloThHI.
Hanpumep, pas Toro uto6hl Aep)KaThb TAHKeJbH Ipy3, CTOS HEMOABHX-
HO, a TeM GoJiee AJis1 TOro, YTOOHI IepeHeCcTH 3TOT IPy3 MO FOpPH30HTAaJ b~
HOMY NYTH, HOCHJIBIIMK 3aTpauMBaeT MHOIO YCHJIHH, T. €. «COBepluaeT
paGoty». OgHako pa6oTa Kak MexaHHuecKasl Be/JHYHHA B 3THX C/ydasix
paBHa HYJIO.
Ha puc. 20.1 nokasaH rpadguK NpoeKuHH CHJLI Ha HanpaBJ/eHye ne-
peMelleHns F; Kak QYHKUHIH NOJOXKEHHs YacTHUBI Ha TPaeKTOPHH (ochb
abCcuHcC MOMKHO Ha3BaTb OChI §; AJiMHA
% OTpe3Ka 3TOi oCH MeX1y Toukamu I u 2
paBHa noJHol anuHe nyTH). M3 pHcyHnka
BHJHO, UTO 3J1eMeHTapHas pabora dA=Fds
YHCJEHHO paBHa TNJOMlaIH 3alITPHXOBaH-
HOH moJockH, a pa6ora A Ha nyTH I—
2 yncJeHHO paBHa nJolaiy (HUTYpHL, Or-
paHudeHHoii KphBoil F,;, BepTHKaJb}bIMH
A 2 & mpampiyu I M 2 11 ochlo s (Cp. C pHC.
@ 3.7).
Pie. 20.1. ITpiMeHUM 3TOT pe3yabTaT AJas HaX0X-
IeHUs paboTel, ccoBepluaemoll MpH Jxedop-
MalUMM TNPYXHHBE, NoluuHsioweicss 3akoHy Iyka (cM. puc. 14.2
dopmyay (14.2)). HauHem ¢ pacTspkeHUs npyxXHHH. PacTsaxe-

S5
fs

"/:-L' EHEUH

RO

AN

|

N\

///

\_r_

Puc.

Pue. 20.3.

HHe 6yleM NpPOM3BOAMTHL OYeHb MeIJeHHO, UYTCOB CHAY Fyemq, € KO-
TOpOR MBI felicTByeM Ha NPYXKHHY, MOXHO OLLIO CYMTaTh BCe Bpem-ﬂ
paBHOi no BennunHe ynpyroit cuie Fy.o. Torna Fi g epy=—Fy ynp=

=kx, Toe X — YIJIHHEHHE NPYXKHHbI (puc 20.2). M3 pucyHKa BHIHO,
uTo pa60'ra KOTODYIO HY>KHO COBEpLUMTb, YTOOH BHI3BaTh YJJHHEHHE
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MPYXHUHHL X, paBHa
kx?

— 2. (20.2)

Ilpu cxkaTHH NMPYXKHHBEI HA BeJHYHHY X COBepllaeTcs TaKas Xe 1o
BeJIMYMHE M 3HaKy paboTa, KaK ¥ NPH pacTsDKEHWM HA BeJHYHHY X.
ITpoekuuss cuiul Fy,.., B 3TOM ciydae orpHuarenbHa (Fyuepn, Hanpas-
JileHa BJeBO, X pacTeT BrpaBo, cM. puc. 20.2), Bce dx TOXKe OTpHUATE]b-
HbI, BCJIEACTBHE 4Yero Ipou3BeleHHE Fy .oy dX TOJOKUTENLHO.

AHa/lorH4HO MOXKHO HalfiTH BblpaMeHue AJs paGoThl, COBepLIaeMoil
NpH YMPYroM DAacCTSXKeHHH HMJIM CXKaTlIH cTepxHsi. B cooTBeTCTBHU ¢
tdopmymoit (14.7) sta paGora paBHa

1 ES 1 AlN\2 1
= ——— 2 = -—_— = — 2
7 (A= ESlo( zo> L EVer, (20.3)
rie V=S/, — o6bem crepxHs, a e=Al/l, — OTHOCHTeJbHOE YAJIHHE-
Hue (cm. (14.3)).
IlycTe Ha Teso HefICTBYIOT OJHOBPEMEHHO HECKOJIBKO CHJI, pe3yJb-

THUDPYIOLIAA KOTOPRIX PaBHA F=ZF,~. U3 auctpuGyTuBHOCTH CKaJfPHOTO

13
npousBejeHHust BeKTopoB (cM. (2.22)) BbiTekaer, uto pabota dA, coBep-
aeMast pe3yAbTHPYIOIIel CHJION HA NYTH ds, MOXeT ObITh MpeACTaBJeHa
B BHIe

dA=(Z,Fl-)ds=2:,F,.ds=§dA,.. (20.4)

310 o3HawaeT, 4TO paGoTa pe3y/abTHPYIOWEH HECKOJbKHX CHJI paBHa
anre6panyeckoil cymme pa6oT, coBepllaeMblX KaXJOH M3 CHJI B OTAE/b-
HOCTH.

dnemeHTapHOE MepeMellleHHe ds MOXkeT ObITb INPEJCTABJEHO Kak
v dt. ITo3TOMY BBIpaMeHHIO A/ 3JeMeHTapHOH paboThl MOXHO MpPHAATh
B

dA=Fv dt. (20.5)

Toraa pa6ora, coBeplaemast 3a IPOMEKYTOK BPeMeHH OT £y J0 Iy, MOXET
ObITh BhIYKCJIEHA MO ¢opmyJie

1y
A={Fva. (20.6)

t

B cootBercrBuu ¢ (2.21) Fds=F dsp, rne dsp — npoekuus sjeMeH-
TapHOTO MepemelteHus ds Ha HampasJenue cuibl F. [TosTomy dopmyny
A5t paGoThl MOXKHO Hamucarth cJjaelylouwuM o6pa3oM:

dA=F ds;. (20.7)

Ecaiv cuia uMeeT MOCTOSIHHBIE BeTHYMHY M HampaBJjeHue (puc. 20.3),
BekTop F B BblpaXkeHuu A/ paGoThl MOXKHO BLIHECTH 33 3HaK HHTerpaja,
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B pe3ysbTaTe 4yero noayuurcs ¢opmyna
2
A=F { ds=Fs=Fs, (20.8)

1

rfie s — BEeKTOp MepeMellleHHs H3 TOYKH | B TOYKY 2, @ Sp — €T0 NpoeK-
WS HA HanpaBJeHHe CHJBL.

Pa6ora, coBepluaevasi B eAHHHLY BpeMeHH, Ha3blBaeTC M O -
HocTbo. Ecnil 34 Bpemst df coBepiuaercss pa6ota dA, TO MOLIHOCTD
paBHa

dA
P = _dl— . (20.9)

Baas dA B Buze (20.5), nonyunm A5 MOIMHOCTH BhIpaxKeHHE
P=Fv, (20.10)

COr/IaCHO KOTOPOMY MOIIHOCTL PaBHA CKaJlsSIpHOMY MPOH3BEIEHHIO BeK-
TOpa CHJIBL HA BEKTOP CKOPOCTH, C KOTOPOH ABHIKETCA TOYKA MpHJOXKe-
HHS CHJIBL.

EavMHHLB! paGoTH! Y MOILHOCTH. B KauecTBe eAMHHLLI PaGOTHI CTYXKHUT
paGoTa, coBepllaemast CHJOH, paBHOIl eluHULE H fedcTBYIOleH B Ha-
npaBJeHNH NepeMellleHHs, Ha MyTH, paBHOM eaHHuue. COOTBETCTBEHHO

1) B CH enunnueii pabotsl siBasietcss mxkoyab (Ik), KOTOprI# paBeH
pa6orte, coBepiuaemoit cusiofi B 1 H na nytu B 1 m;

2) B CI'C-cncteme — 3pr, paBHbIi paboTe, coBepuiaeMoi CHJIOH B
1 ;ne Ha nytun B 1 cM;

3) B MKI'CC-cucteme — KHJOrpamm-cuja-mMetp (Krc-m), PpaBHEbL}
paboTte, coBepluaemoii ciyiofi B | Krc Ha nyTt B I M.

Mexny enunnuamMud paGoThl MMEIOTCSI COOTHOLUEHHA:

1 Isk=1 H.1 Mm=10° gun-10® cm= 107 2pr;
1 xrc.Mm=1 xkrc-1 M=9,81 H-1 Mm=9,8] JIx.

3a exnHULY MOIIHOCTH MPUHHMAETCs TaKas MOLIHOCTh, TPH KOTOPOI]
B eIMHHIY BpeMeHH coBepluaetcs pabota, paBHas eannuue. B CH enn-
nuiefi mowHocTH aABaserca BaTt (BT), paBHBIT I:x0y/i0 B CEKYHIY
(dx/c). Exunuua mowHoctd B CI'C-cicreme (9pr/c) cneuuanabHOro Ha-
3BaHns He umeeT. COOTHOLIEHHe MeXAY BaTTOM H 3pr/c:

1 Br=10? spr/c.

B MKI'CC-crcteMe eanHHIEH MOUHOCTH CJOYXKHT JomAagHHaA CHJA
(n.c.), paBHas 75 KHJOrpaMM-CHJIa-METPaM B CeKyHiy, 1J.c.=
=736 Br.

KpoMme ykazaHHBIX eNHHMI H3MepeHHs, NMPHMEHSIOTCS KpaTHble H
LOJbHBle eAMHUUE!. MIX nanMeHoBaHUs M o6o3Hauenust o6pasylotesa M3
HaHMEHOBaHHS M 0003HaueHUs] OCHOBHOH eINHHUE! M MPUCTABOK, yKa-
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3annbiX B Taba. 20.1. B ta6Ganue yka3aHbl TaKXKe MHOXHTENH, C MO-
MOLIbIO KOTOPEIX COOTBETCTBYIOIUE KpaTHbIe U A0JbHBIE eAliHHLbI 06pa-
3YIOTCSA H3 OCHOBHBIX.

Ta6auna 20,1, HaumenoBawua u 0603HaueHHA NPUCTABOK, YNOTpedaseMbIx
AN o6pa3oBaHuA KPATHHIX H AOAbHHEX eIHHHI

Han:::oua- O6o3nauenne MuoxuTeNb Han::]elgoaa- O6o3Hauveune M:::;"'
Tepa T 1012 CaHTH c 10-2
rura r 10° MHJITH M 10-3
Mera M 108 MHKpO MK 10-6
KHJI0 K 103 HaHo H 10-¢
TeKTo r 102 nHKO n 10-12
Jexa Ia 10t demTo ¢ 10-15
JleltH a 10-1 aTTo a 10-18

Hanpumep, eannuna paGoThl, HMeHyeMmass MeramKOYJaeM, 3KBHBa-
JdentHa 10° mxoyasm (I MIx=10° JDx), a eaMHHUIa MOLIHOCTH, HMe-
HyeMas MHMKpoOBaTTOM, SKBHBastenTHa 10~° Bartra (1 MkBt=10"° B1).
Ananornuno: 1 Mkm=10"%n, 1 nH=10"22 H,

§ 21. KoHcepsaTHBHbIE CHJIBI

Ecau vactHia B Kauaod TOYKe NPOCTPAaHCTBa MoBepiieHa Bo3jefi-
CTBHIO IPYTHX TeJ, TO FOBOPAT, YTO 3Ta YaCTHIla HAXOAUTCA B IOJIE CHJI.
Taxk, HanpHMmep, yacTHUA BO6JIH3H NIOBEPXHOCTH 3eMIH HaXOAUTCS B OJC
CHJT TSIZKECTH — B KaJOH TOUKe NPOCTPAHCTBA Ha Hee AeHCTBYeT cuJja
P=mg.

B kawecTBe BTOPOro nmpHMepa paccCMOTDIIM 3apSKEHHYIO YacTHLLY e,
HaXoAAmylocs B 3JeKTPHYECKOM [0Je, BO36YKIaeMOM HEMOABHXKHBIM

I
Puc. 21.1. Pue. 21.2,

TOYEUHbIM 3apsnoM ¢ (puc. 21.1). 210 none xapakTepHO TeM, ¥TO Ha-
npaB/eHHe CH/IbI, IeACTBYIOIel Ha YacTHuy B JioGOi TOuKe mpocTparl-
CTBa, MPOXOAMT Yepe3 HEMOABHKHLIA LEHTP (3aPAA g), a BeJIHYHHA CHJIbE
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3aBHCHT TOJILKO OT PacCTOfAHHA 10 3T0oro UeHTpa: F=F (r) (cM. ¢popmyay
(13.1)). Tlone cun, obJjaparmoliee TaKMMHM CBOFCTBaMH, Ha3BIBaeTCs
LeHTpPaJabHB M.

EcJjiu Bo BceX TOYKaX NOJST CUJIBI, JeHCTBYIOILHE HA YacTHILY, OAHHA-
KOBLI 110 BeJIHYMHE ¥ HanpaBJeHHio (F=const), mone HasbiBaercs o I-
HOPOMXHE M.

Ilosie, uaMeHsOMleeCsT CO BpeMeHeM, Ha3blBaeTcsi HeECT all M o-
HapHB M. [Iloje, ocTamleecss NOCTOTHHEIM BO BpeMeHH, Ha3blBaIOT
CTaULUOHADHEHM.

IJia craunoHapHOTO NOJIS MOXKET 0Ka3aThes, YTo paboTa, coBepllae-
Masi HaJl yacTHlel CHIaMH 05, 3aBHCHT JIHLWB OT Ha4yaJIbHOrO U KOHeY-
HOTO TOJIOXKEHHH YacTHIB U He 3aBHCHT OT NYTH, N0 KOTOPOMY ABHra-
Jacb yactuna. Cuasl, o6nafaloliie TaKiM CBOHCTBOM, Ha3bIBAalOTCA
KOHCepBaTHBHBL MH.

M3 HezaBHCHMOCTH paboThl KOHCEPBAaTHBHBIX CHJI OT NYTH BbITEK2ET,
yTO paGoTa TaKHX CHJ Ha 3aMKHYTOM NyTH paBHa Hymto. UTo6hl 10Ka-
3aTb 3TO, pa3oObeM TPOH3BOJbHLIA 3aMKHYTBIH MyThb Ha JBe YacTH:
nyTb /, No KOTOpOMY YacTHUA NepeXoAHT U3 TOYKH I B TOUKY 2, H NyTh
1], no xoTOpPOMY TeJlo mepexoaHT H3 TOYKH 2 B TOUKY I, mpHYeM TOUKH
I u 2 BriGepem npou3BoabHO (puc. 21.2). PaGora Ha BceM 3aMKHYTOM
NYTH paBHa cyMMe paboT, COBeplllaeMblX Ha KaXJOM H3 Y4acTKOB:

A=(A12)1+(A21')u- (21-1)

Jlerko coo6pa3utb, uto pPaboThl (Aa)y U (Aiw) OTIHYAKOTCHA TOJbLKO
; ’ 1 1

3HakoM. [leficTBUTE/IbHO, H3MEHEHHME HamnpaBJjeHUs ABHXEHHS Ha 00-

paTHOe NPUBOJUT K 3aMeHe ds Ha —ds, BCJeNCTBHE Yero 3HayeHHe HH-

TerpaJsa S F ds mn3veHsier 3Hak Ha oOpaTHbifi. Takuy oOpa3soM, paBeH-
ctBo (21.1) MOXHO 3anHucath B BHIE

A= (Aiz)l_(Alz)ll'

I, TOCKOJIbKY PaboTa He 3aBUCHT OT MYTH, T. €. (A;5);= (A1), Mbl IPH-
XOAHMM K BhiBORY, YTo A=0.

H3 paBeHcTBa HYJIO paGOThl Ha 3aMKHYTOM MYTH JIETrKO MOJYYHTb,
410 pabora A;, He 3aBHCHT OT NYTH. DTO MOXKHO CJ€1aTh, O6GPATHB X0
NPOBeleHHLIX BhIlUE PacCyKIeHHIt.

Takum o6pa3om, KoHncepBaTHBHBIE CHJILI MOXKHO OMpPENEIHTh ABYMS
crnocobaMu:

I) kak cuabl, pa6oTa KOTOPBHIX He 3aBHCHT OT MYTH, MO KOTOPOMY
YacTHIA NePeXoJHT M3 OJHOTO MNOJIOXEHHs B IApYroe;

2) KaK cHJbl, pa6oTa KOTOPBIX Ha JIIOGOM 3aMKHYTOM NYTH paBHa
HyJo.

HoxkaxeM, 4To CHJIa TSXKECTH AIBJAETCA KOHCEpBATHBHOI. 3Ta cHJa
B /110601 TOYKe HMeeT OJHHAKOBYIO BeJHYMHY M OIHHAKOBOE HampaB.le-
HHe — BHH3 1o BepTHKajaH (puc. 21.3). IlosToMy, He3aBHCHMO OT
TOrO, 110 KaKoMy M3 myTeil (Hanpumep, / uau //; cM. PUCYHOK) JBHXKeT-
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¢ yactHpa, pa6ota A,, corsacHo (20.8) ompefensercsa BHIpaxeHHeM
Ay, = mgsi, = mg (Sy2)np. o

W3 puc. 21.3 BHAHO, uTO npoeKkuHs BEKTOpa §;, Ha HanpabJeHne g
paBHa pa3HOCTH BEICOT fi,—Hh,. CefoBaTe/IbHO, BHIpAXKEHHe 11 paGoThl
MOXHO HamucaTb B BUJe

A13=mg(h1_h2)o (21.2)

[Tocnennee Boipa:keHNe, OUEBUAHO, He 3aBHCHT OT NYTH; OTCIOAA CJIeYeT,
YTO CHJIA THXKECTH KOHcepBaTHBHa.

Jlerko coofpa3nTb, YTO TAKOH Ke Pe3YJIbTAT NoJydyaercss AJs BCH-
KOro CTallHOHAapHOTO ONHOPOAHOrO MoJIs.

Puc. 21.3. Pue. 21.4,

CHael, IefiCTBYIOLIHEe HA YaCTHUY B LEHTPAJbHOM NOJe, TaKike KOH-
cepBaTHBHbl. Cor.1acHo ¢opmyJie (20.7) snemeHTapHas pa6oTa Ha MyTH
ds (puc. 21.4) paBHa

dA=F (r)dsg.

Ho npoekuys ds Ha HanpaB/ieHHe CHJIBI B JAHHOM MecTe, T. €. Ha HanpaB-
JIeHHe pajuyca-BeKTOpa I, paBHa dr — NpHpalleHl0 pacCTOSTHHA Yac-
THIbI OT CHJIOBOTO HeHTpa O: dsg=dr. Ilostomy dA=F (r)dr, a pabora
Ha BceM NYyTH

rs

A= F(r)dr. (21.3)

£t
IlocneaHee BHIpaxKeHHe 3aBHCHT To/bKO OT BHAa ¢ymkuuu F(r) u ot
3HayeHud ry M r,. OT BUAA TPaeKTOPHH OHO HHKAaK He 3aBMCHT, OTKYyJa
cleyer, YTO CHJIEI KOHCEpBATHBHEI.

YTo6rl y uHTaTeN sl He BO3HUKJIO OLIMGOYHOE NpeicTaBieHHe, 6yATO
Jobas CHJa, 3aBHCAILAS TOJNbKO OT KOOPAHHAT TOYKH, SIBJISETCH KOH-
cepBaTHBHOM, paccMOTpHM cjexyomuid npumep. [1ycTb KOMNOHEHTH
CHJIBI OmpexessioTcA GopMyaaMu

Fy=ay, F,=—ax, F,=0. (21.4)
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Ora cujia MMeeT MOAYJIb, PaBHbIH F=ar, ¥ HanpaBJ/ieHa Mo KacaTe bHoil
K OKpYyxXKHocTH paauyca r (puc. 21.5). HelicTBUTe/IbHO, KaK CJelyeT U3
PHMCYHKa, AJS CHJBI TaKOH BeJMHYMHBI H HampaBJIeHHS

F . T _ . _ _l/_
x=arcos| o —a)=arsina=ar ==ay,

F

x
y=arcos (T —a)=—ar cosa = —ar — = —ax,
r

4TO COBManaer co 3HayeHHAMM (21.4). Bo3bMeM 3aMKHYTHI! MyTb B BHJe
OKPY2KHOCTH pajMyca r C LeHTPOM B HauaJie KoopauHaT. PaGoTa cu.sl
Ha 3TOM NYTH, OYeBUAHO, paBHa F-2nr=ar-2nr==2nar?, T. e. OTJHYHA
ot Hynas. CenoBaTe/IbHO, CHJIa HEKOHCEPBAaTHBHA.

TUNUYHEIMH HEKOHCEPBATHBHLIMH CH/IaMH ABJIAIOTCS CUJbI TPEHHA.
Tax kak cuna tpeHust F U cKopocTb YacTHIBI V

¥
7 HMEIOT NPOTHBOMNOJOXKHBIE HanpasJjeHHd !), pa-
\ 6oTa CHJIBI TPEeHHA Ha KaXAOM Y4acTKe MNYTH
lex OTpHLAaTeJbHa:
\
1 dA=F ds=Fv dt=—Fv df=—F ds<0.
- “\\\ ITosToMy Gyner orpuuaTtenbHo# (T. €. OTJMYHOI
_____ 3 OT HyJsA) ¥ pa6oTa Ha JI060M 3aMKHYTOM MYTIL.
p I/’\F Otcrofa BbITeKaeT, YTO CHJbBI TPeHHS He KOH-
AL CepBaTHBHbI.
A I’nz{E OTMeTHM, YTO MoJ1e KOHCepBATHBHBIX CHJI AB-
K JIsleTCSl YaCTHBIM CJydaeM TNOTeHUMaJbHOro Cii-
/ Josoro noasi. Ilone cus HaspiBaeTcss MO Te Ii-
- ILHaJdbHBM, €C/IH ero MOXHO OMHCaThb
Puc. 21.5. ¢ nomompo ¢yukuuu I1(x, y, z, £), TpagueHt

KoTopoit (cM. crepyromuii nmaparpad, Gopmy.
(22.6)) onpenensieT cuay B Kaxao# touke noasi: F=vV/I (cp. c. (22.7)).
®Ovekuusa [T HasbiBaeTci NOTeHUHaNbHOH (GYyHKLHeI
MWIM NMOTeHNHaJoM. B cryyae, xoraa noteHunan He 3aBHCHT
AIBHO OT BpeMeHH, T. e. [1=1[I(x, y, z), NOTeHIHaIbHOE TI0JIE OKA3bIBALT-
CAl CTalMOHAPHLIM, @ €ro CHJbl — KOHCEepBaTUBHbIMH. B 3ToM ciyuae

H(x’ Yy, z)=—U(x, Y, 2),

rie U(x, y, 2) — noTeHuMaTbHAs SHePrus YacTHLBI (CM. CJeqyrOULHi
naparpad).

Il HecTaMOHApHOTO CHJIOBOTO NOJISI, OMHCHIBAEMOrO TMNOTEHLHA-
aom I1(x, y, 2, {), OTOXKIECTBAATL MOTEHLHAJNbHbIE H KOHCEPBATHBIbiE
CHJIBl HeJb3dl.

1) 31ech UMeeTcs B BUAY cy4ail TPeHHS MeXAY ABHMKY IHMCS TeJIOM H HETOABH K-
HbIMH (OTHOCHTEJIbHO CHCTeMBl OTCYeTa) TesaMu. B HekoTophl X cayuasx pabora cHJLI
TPeHHS MOXET OKa3aThbCsl NOJI0MKHTeNbHON. D10 GHIBAaeT, HanpHMep, KOTJa CH/a TPeHHs
o6yc/oBJIeHa B3aHMOZeIiCTBHEM AAaHHOrO Tela ¢ APYTHM, ABHXKYIIMMCA B TOM 2Ke Ha-
npasJeHNH, HO ¢ 6oJiblued CKOPCCTHIO.
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§ 22. MoTeHyHaabHAaA 3HepPrUs BO BHEIIHEM MoOJie CHJA

B cayuae, Korga pabora cHJ nmoJis He 3aBHCHT OT NMYTH, a 3aBHCHT
JIHUIb OT HaYaJbHOTO H KOHEYHOTO MOJIOXKEHHH YacCTHIIbl, Ka)XXOoi Touke
NoJA MOXHO COMOCTaBHTb 3HaueHHe HekoTopod ¢yHKuuu U(x, y, 2)
TaKoi, 4TO pa3HOCTb 3HaueHHH 3Toil ¢yHKuUMH B TouKax I u 2 Gyner
onpenesifiTe paGoOTy CHJ OpH Mepexoj/ie 4acTHUbl U3 INepBOH TOUKH BO

BTOpYIO:
A12=U1_U2. (22.1)

D10 conocTaBleHHe MOXHO OCYLIeCTBUTh ciepyiomum obpasoM. He-
KOTOpOH HCXOAHOH Touke O NpHUNHLIEM NPOH3BOJbHOE 3HayeHHe (PYHK-
uuH, paBHoe U,. JlioGoit npyroii Touke P npunulieM 3HaueHHe

U (P) = Uo+ Apo' (22.2)

rie Ap, — paboTa, coBepluaeMasi HajJ 4acTHLEH KOHCEPBATHBHLIMH CH-
JaMHi TIpH nepeMelieHUH 4acTuubl U3 Toukd P B Touky O. Ilockonbky
pafoTa He 3aBUCHUT OT NMYTH, ONpejesleHHOe TaKHM CocofoM 3HaueHHe
U (P) 6yzner opHo3HauHbiM. OTmeTuM, uto ¢pyHkuus U (P) umeer pas-
MEpPHOCTb paboThl (HJH HEPrHH).

B cootBetcTBHH ¢ (22.2) 3HayeHns: ¢YHKUHMH B ToUuKax [ M 2 paBHbI

Ui=Uy+ A0 Uy=Uy+ Ay

OGpa3yeM pa3HOCTb 3THX 3HaYeHHid ¥ MpHMEM BO BHHMaHHe, UTO A.o=
=—A,, (cM. mpenpiayui naparpag). B peaysbrate nonyunm

U1—U2=A10_A20=A10+A02-

Cymma A;,+A,, Raer paGoTy, COBeplIaeMylo CHJIaMH MOJS NMpH nepe-
MeUeHHMH YacTHIbl W3 TOYKH | B TOUKY 2 MO TPaeKTOpHH, MpoXoAsllei
yepe3 ToukKy O. Opnako paGorta, coBepliaemasi Hajl YacTHUeN NpH ee
nepemelleHHH M3 TOYKH I/ B TOUKy 2 no JiwoGoil 1pyroit TpaekTopnit (B
TOM 4HCJie U He npoxoasued yepe3 Touky O), OGyaer Takoil xe canoi.
[Noatomy cymmy 4,4+ A g2 MOXKHO HanKcaTb NpocTo B Buje A;,. B utore
NOJYUHTCH COOTHOWeHHe (22.1).

Taxum o6pasom, ¢ nomotbio yHKiuMH U MOXKHO onpejenatb pado-
Ty, COBepLIaeMyl0 Haj 4acTHlell KOHCEpBaTHBHBIMM CHJAMH Ha JTIOGOM
NYyTH, HaYHHAIOLIEMCA B MPOU3BONBLHOH TOuKe I M 3aKaHYMBAIOLEMCH B
NpPOH3BOJIbHOH TOuYKe 2.

Ilyetb Ha yacTHLY AefiCTBYIOT TOJIbKO KOHCEPBAaTHBHbIE CHJLI. Toraa
paboTa, coBepllaemasl Haj YacTHLeH Ha nytH I—2, moxeT GbITb Mpex-
craBJsieHa B Buzie (22.1). CornacHo dopmyne (19.11) ata pabota uaet Ha
npupalleHHe KHHeTHYECKOH 3HepPruu dacTuiuel. TakuM oGpa3oM, Mbl
NPHXOJAHM K DaBeHCTBY

Tz—T1=U1—U2;
M3 KOTOPOTro c/eayeT, 4To
T2+ U2=T1‘|‘U1'-
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IMonyuenHnifi pe3ysnbTaT O3HaYaeT, YTO BeMHUMHA
E=T+U (22.3)

JJf 49acTHUBI, HaXoAsdueHcs B NoJje KOHCepBAaTHBHBIX CHJI, OCTaeTcs
MOCTOAHHOM, T. €. ABASIETCA HHTErpaJjoM IBIXEHHS.

M3 (22.3) caenyer, uto U/ BXOAHT cylaraeMbIM B HHTerpaJl ABHXKEHHUA,
HMeIoIHi pasMepHOCTb 3Hepruu. B cBs3n ¢ stum dynkuuio U (x, y, 2)
HasplBAlOT NOTEHU HAaNbHOHA 3HepTrHeH yacTHUB BO BHeLI-
HeM mNoJie cHa. Beanunuy E, paBHYIO CyMMe KHHETHUECKOH M NOTEHUH-
aMbHOH 3Hepruif, HasplBalOT NOJHOH MeXaHHUYeCKOI
3Heprueil 4YacTHUBI.

B cooreerctBHH ¢ (22.1) pabota, coBepluiaemast Haj 4acThLell KoH-
CepPBaTHBHEIMH CHJIAMH, DaBHA YOBLIHM MOTEHUHAJabHON SHepruH 4acTH-
usl. HMHaue MoxHO cka3aTth, uTo paGoTa coBepiaeTCs 32 CHeT 3amnaca
NOTeHUHANLHOH SHEpPrHH.

Hs (22.2) BhiTekaer, YTO NOTeHIMANbHAS 3HEPruUsi OKas3bIBaeTCs OIl-
peleseHHOI C TOYHOCTBIO A0 HEKOTOpOH HeH3BeCcTHOH aIAHTHBHOI
nocrossHHOH U,y. OnHaKo 3TO 06CTOATENBCTBO He HMeeT HMKAKOro 3Ha-
YyeHHd, TaK KaK BO Bce (pH3HYECKHEe COOTHOLIEHHS BXOAUT JH60 pasHOCTh
3HaueHui# U B ABYX NOJOXKeHHAX Tesa, JUGO npou3BoaHas ¢yukuuu U
no KoopauHataMm. [IpakTHYeCKH YCJIOB/JIMBAIOTCS CYHTATh MOTEHUHANb-
HYIO 3HEepryio Tesla B KaKOM-TO MNOJIOXEHHH paBHOH HYJIIO, a 3HEepruio
B APYTHX TNOJIOXKEHHAX 6paTh MO OTHOIIEHHIO K 3TOH 3HEPrHH.

3uas BUA yHKuuu U (x, ¥, 2), MOXKHO HaHTH CHJY, JeHCTBYIOLLYIO HA
YacTHIUY B KaXIoH Touke moJs. PaccMOTpHM mnepemellieHHe YacTHILIL
napaJiiiesbHO oc X Ha dx. Takoe mepemellleHIl€ CONPOBOXKAAETCs CO-
BepllleHHeM Haj 4acTtHlell paGorel, paBHOil dA=F ds=F, dx (xomno-
HeHTHl nepeMellieHHs dy U dz paBHbl HYyJ10). CorylacHo (22.1) Ta xe pa-
6oTa MoxeT OHITb NpeicTaB/ieHa KaK yObLIb MOTEHUHAJBLHON 3HEprHy:
dA=—dU. TlpupaBuaB o6a BblpaxkeHus 1151 paGOThl, MONYUHM, YTO

F.dx=—dU.
Orciona

daUu
F,= —-4 (y=const, z=const).
Bripaxenue, crosiliee crpaBa, npeacTaB.1sieT co6oil IpOH3BOAHYIO PYHK-
unu U (x, y, 2), BBIYKHCTICHHYIO B NIPEANOJNIOKEHHH, YTO NEPEMEHHBIE i H 2
OCTaIOTCA HEN3MEHHBIMH, a H3MEeHseTCs JHIIb nepeMeHHas x. Ilopo6Hbie
NPOU3BOAHBIE HA3LIBAIOTCS YAaCTHHIMH M 0603HAYaloTCs, B OT/JHYHE OT
. o o oU
NMPOH3BOAHEIX (YHKUHI OXHON mepeMeHHOH, CHMBOJOM R CrenoBa-
TeJIbHO, KOMITIOHEHTA CHJILI ITO OCH X PaBHA B3ATOH ¢ OGPATHBIM 3HAKOM

YaCTHOH IMPOM3BOJAHONH MOTEHIMAJbHOH 3HEPrHH [0 IepeMeHHOIl

U
x Fo=— R Jla1sl KOMIOHEHT CWJIbL 1O OCAM Y M Z O y4aloTeA aHa-
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JIOTHYHbIe BhipaxkeHHs. Taxkum oGpasowm,

aU ou U

Fom—Gy Fy=—7 Fim—5r. (22.4)
3uas KOMITOHEHTEI, MO>KHO HalTH BEKTOp CHJIBL:
U U aU
F= F € +Fy y Fe = We,——(ﬁey—a—zez. (22.5)

BekTop ¢ xommouentamu d¢/ox, 0¢/dy, O¢g/dz, Tae ¢ — cKaJaspHas
GYHKUMS KOOPAMHAT X, Y, Z, HA3wBaeTCss FpajHe HTOM (PYHKUHH
¢ U o603HavyaeTcs CHMBOJIOM

grad ¢ au6o Ve

(Vv Ha3biBaeTcs omepaTopoM Ha6Jsa, VgUHTAETCA: «TPajiHeHT
¢w»). U3 onpenenenns rpazmeH'ra cnenye'r, 4TO

“‘(P—- -|- —]—%‘;—ez. (226)

CpaBnenne (22.5) ¢ (22. 6) NOKa3biBaeT, YTO KOHCEepBAaTHBHas ChJia
paBHa rpajHeHTy NMOTEHWHAJbHON 3HEpriil, B3ATOMY C OGPaTHBIM 3Ha-
KOM:

——VU. 22.7)

[Tverb yacTHna, Ha KoTopylo AefictByet cuaa (22.7), nepemeuiaercs
Ha OTpe3oK ds, UMelom it KoMNoHeHTH! dx, dy, dz. I1pn sToM cuna copep-
uiaet pa6oTy

a 0 a
dA=Fds:-des=—(a—fdx+a—‘y’dy+a—‘z’dz).

INpuuss Bo BHUMaHNe, yTo dA=—dU, nonyuun Ansa npupaileHHs Gpysx-
unu U caenyiouee Bblpa}KEHHe'

U= 4x 4.3 dy+ 00 d (22.8)

BripaxkeHHe Bupa (22.8) HaswiBaeTcsi mosiHbIM JAudbepeHuUHas oM €OOT-
BeTCTBYOIEeH (QYHKUHH.

INonsaTue nosHoro auddepeHnuana Hrpaetr B pu3nKe GONBINYIO PONb.
ITosToMy ynenuM eMy HeCKOJLKO CTpoK. [TomHEM Auddepen-
LW aJ oM OXHO3HAUHOMN (YHKUMH f(x, y, 2) HAa3LIBAETCS NPUPALLEHHE,
KOTOpOe NoJIy4aeT 3Ta GYHKUUS NPH Nepexole OT TOUYKH C KOOPANHATaMH
X, Y, 2 B COCEHIOI TOYKY ¢ KOOpAMHaTaMu x—dx, y+dy, z+dz. Ilo on-
pelesieHulo 3To TNpHpauleHHe paBHO

df(xv Y, z)=f(x+dx, !/+d!/, Z+d2)-—f(x, I’y Z)

H, CJleloBaTesbHO, OMpelefseTcss JHIUb 3HauUeHMAMH (QYHKUHMH B Ha-
YaJIbHOM M KOHEUHOH TouKaXx. ITo3ToMy OHO He MOXKET 3aBHCETb OT MYTH,
N0 KOTOPOMY NpOMCXOJAMT mepexof. Bo3bMeMm B KauecTBe TAaKOro NMyTH



88 I'J. 111. BAKOHbl COXPAHEHNA

JIOMaHYIO JIHHHIO, COCTOALLYIO U3 OTpe3KoB dx, dy u dz (puc. 22.1). Ha
otpe3ke dx ¢yHKuuA f(x, y, 2) Bener ce6s KaX GYHKUHS OXHOM JIHILb
nepeMeHHOH X ¥ moJydaer npupailende (0f/0x)dx. AHaJorvyHO Ha oOT-
pe3kax dy u dz QyHKUHMS nosyvaeT npupaueHusa (0f/0y)dy n (0f/0z)dz.

e O V=g

At ds 5

l?"Z' 4z

ay
Puc. 22.1. Puc. 22.2,

Takum obpa3soM, moJiHoe MpHpalleHHe QYHKUKH NpPH nepexone H3 Ha-
YaJIbHOH TOYKM B KOHEUHYIO PaBHO

af (5, 4, )= Ldv+ Ly + 2L g, (22.9)

Mb! npyIIVIH K BbIpaXKeHHIO A/ noJHoro auddpepenunana (cp. ¢ (22.8)).
He Bcsikoe BbipaxkeHue BHza

P(x, y, 2)dx+Q(x, y, 2)dy+R(x, y, 2)dz

npeacraBiaser co6odl MNoOJHLIE AH(depeHuHas HeKOTOpPoH QyHKUHIH
[(x, y, 2). B uacTHocTH, BbipaXkeHue 1Jsi paGOThI, COBEpLIAEMOH CHJION
(21.4),

dA=ay dx—ax dy (22.10)

He SBJseTCH NOJHBIM AuddepeHINanoM — He CYLIECTBYeT TakoH GYHK-
uun U, ansa koropoit —oU/ox=ay, a —0U/dy=—ax (cM. (21.4)). Co-
OTBETCTBEHHO He cylecTByeT GYHKUHH U, yOblib KoTOpoit onpeaensana
661 pabory (22.10).

M3 ckazaHHOro BbITEKaeT, YTO KOHCEPBATHBHBIMH MOT'YT ObITb TOJ1b-
KO CHJIBI, YAOBJIETBOPSIOLLHE YCJIOBHIO (22.7), T. . TaAKHe CHJIbI, KOMIIO-
HEHTH KOTOPHIX IO KOOPAWHATHBIM OCfIM PaBHBI B3SITHIM C OOGPaTHBIM
3HAKOM YaCTHBIM NPOH3BOIHLIM HeKoTopoil pyHkuuu U (x, y, 2) no cooT-
BEeTCTBYIOUIMM KOOpAMHaTaM. DTa (GYHKUHS NpeicTaBaseT coGoil mno-
TEHUHAJBLHYIO SHEepPruio HacTHIIH.

KonxperHetii Bun ¢pynkunu U (x, y, 2) 3aBUCHT OT XapaKTepa CHJO-
Boro noss. HaiigeM B KauecTBe NpHMepa MOTEHUHaNbHYIO 3HEPrHIO
yacTHUBI B moJie cHa TskectH. CorsacHo (21.2) pa6ora, coBepliaeMasi
Hajl YacTHiUeH cHJaMM 3TOro NoJjs, paBHa

Ay ,=mg (h;—h.).
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C npyroit cTopoHbl, corsacHo (22.1)
A12=U1—Uz.

CpaBHUB 062 BbIpakeHHs 4451 paGoThl, NPUAEM K 3aKJ/IOUEHHIO, YTO MO0-
TEeHL(HaJIbHAsl SHEPTHS YaCTHUB B MOJE CHJI TSIKECTH ONpelessieTCsl Bbl-
paxeHueMm

U=mgh, 22.11)

rae h OTCUMTHIBaeTCS OT MPOM3BOJIBHOrO YDOBHS.

Hauano orcuera noteHuua/lbHOH 3HEPrHU MOXKHO BBIGHPATh NPOI3-
BosibHO. [loaTomy U MoXeT uMeTb OTpHUATeNbHbIE 3HaveHus. Eciii,
Hanpumep, NPHHATb 32 HYJb NOTEHIIMabHYIO SHEPTr IO YacTHIbI, HaXO0-
Isuleficss Ha MOBEPXHOCTH 3eMJIH, TO MOTEHIHAIbHAS SHEPTUS YaCTHIILI,
Jexauleil Ha qHe AMBI rAyGHHK A', 6yzer paBHa U=-—mgh’ (puc. 22.2).
OTMmeTyM, YTO KHHETHYECKas SHEPTHS HE MOMKET GbITb OTPHLATENBLHOI!.

Ilycte Ha yacTHLY, KpoME€ KOHCepBaTHUBHBIX CHJ, JefiCTBYET TaKxke
HeKoHcepBaTHBHasi cuya F*. Toraa npu nmepexofie YaCTHIBI H3 TOYKH /
B TOYKY 2 Haj Heli 6yieT coBepluaTbcs paGoTta

2 2
Ap= S Fds+ S F*ds= Axoncepa + AL,

1 1
rie Aj, — pa6ora HeKoHcepBaTHBHOH CHJbl. PaGoTy KoHCepBaTHBHBIX
CHA A gycepn MOXHO MpefCcTaBUTb Kak U;—U,. B pesyabrarte nonyuum,
4To
Ap=U;—U,+ 4.
CymmapHas paGoTa BCeX NPHJIOMKEHHBIX K YacTHIE CHJI MAET Ha mpHpa-
lleHHe KHHeTHYeCKoi sHepruu uactuunl (cM. (19.11)). CnenoBartesbHo,

Tz_T1'= Ul—Uz‘l‘A:z.
OTKYZa, NpHHAB Bo BHUMaHHe, uyto T+ U=E, nonyuyaem
E,—E, = A, (22.12)

[NonyuenHrlft pe3ysbTaT o3Hayaer, YTO paGoTa HEKOHCEPBATHBHBIX CHJI
3aTpauyMBaeTCsl Ha MNpHpalleHHe MOJHOH MeXaHHYecKOoil 3Heprud yac-
THILLL.

B cayuae, ec/iv B KOHEUHOM M HaYa/IbHOM NOJIOKEHUSAX KHHETHUECKAS
SHeprus YacTHUbl OJHHAKOBa (B YAaCTHOCTH, paBHa HyJ0), pafora He-
KOHCePBaTHBHBIX CHJ HIET Ha NpHpalleHHe NOTEeHUHAJbHOH JHEepPrHu

YaCcTULBI.
An=U,—U; (T,=Ty). (22.13)

D10 coOTHOLLIEHHe GbIBAET M0JIE3HO NPH HAXOMIEHUH Pa3HOCTH 3HAUEHHIT
NOTEHUHAJbHOH 3Hepruy.

PaccmoTpuM cuctemy, cocrosuyo u3 N HeB3aumoaeflcTBYIOIUX Me-
¥y cobofl yacTHuU, HaXOAAUIMXCH B MOJE KOHCEPBAaTHBHBIX CHJ. Kax-
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Iasi U3 yacti oGnajnaeT KuHeTHuecKoil sueprueli T;=1/,m;v% (i — Ho-
Mep YacTHIBI) U noTeHuuanbHol sHeprueli U;=U;(x;, y;, ;). Paccmar-
pHBas (-10 YaCTHLY He3aBHCHMO OT APYIUX 4acTHll, MOXHO MOJYYHTB,
yTO

Ei=Ti+ Ui=const,-.

n}'_"_“:},’!‘.ﬂ.!!!}.‘OEEE 270 DARFHCTBO NO BCEeM 4YacCTHUAM, NNpHAEM K COOTHO-
LBeHHUIo

N N N
E i=21 E; z=21T'+ EIU‘ const. (22.19)
M3 sToro cootHolieHHs ciaenyeT aiAHTHBHOCTb NOJHOH MeXaHHYeCKoi
3HEPrUM AN pacCMaTpUBaeMOil CHCTEMBI.

CoranacHo (22.14) noanan mexarudeckasn snepeus cucmemst Heg3auMo-
dedicrmeyroujux wacmuy, Ka Komopsie Oelicmayrom moabko KOHCepeanue-
Hble CUAbl, OCMAEMCA NOCMOANHOL. DTO YTBEpPXKAEHHE BHIPAMKAET 3aKOH
COXPaHEHHS SHEPrHH A1 YKa3aHHOH MeXaHHYeCKOH CHCTEeMBI.

Ecnn, kpome KOHCEpBaTHBHEIX CHJI, Ha YacTHLULI AEHCTBYIOT HEKOH-
cepBaTHBHBlE CHIB F}, moJsiHast sHeprus ciiCTeMbl He OCTaeTcsl MocTo-
SIHHOI1, mpHueM

N
Ez_E1=‘__21(AI2)i. (22.15)

rae (A:,); — pabora, coBepliaeMasi HeKOHCepBaTHBHOIl cH/0i, mpHJao-
XeHHoli K {-if yacTuue, npu nepeMellleHNH 3Toil YaCTHLH H3 ee Hayagb-
HOTO TOJIOXEHHST B KOHeYHoe.

B xonue npeapinyuiero naparpacda Mbl YCTaHOBHJIH, YTO paGoTa Cili
TPeHHUs1 Bcerja oTpHiuatesbHa. IloaTomy mpH HaJnunu B cHCTeMe ClJl
TPEHHSA NOJNHas MeXaHHYeCKad SHeprus CUCTeMBl yMeHbluaerTcst (pac-
CeHBAETCA), Nepexoisl B HeMeXaHHuYecKie (popMbl 3Hepruu (Hanpinep.
BO BHYTPEHHIOIO SHEPUHUIO Tes, HJH, KakK [IPUHATO TOBOPHTL, B TeM.1o),
Takoil npotlecc HasbiBaeTcst AU CCcH N a1l e i SHepruil (1aTHHCKoE
C0BO «JHCCHMALHsA» O3HaYaeT paccesinie). CiJbl, NPHBOASILHE K AMC-
CHMNAUMH SHEPTHH, HA3BIBAIOTC AU CCHNAaTHBHBMHU., TakuM
0o6pa3oM, CHJLI TPEHHS SIBJSIIOTCS IMCCHMATHBHBIMH. B obmuem cayuae
ANCCHNATHBHEIMH Ha3bIBAIOTCS CHJIBI, BCerja HanpabJjeHHble MPOTHBO-
NI0JI0XHO CKOPOCTSIM YacTHI H, CJeJOBaTebHO, BbLI3bLIBAIOLIHE HX TOP-
MOMKeHHe.

OTMeTHM, 4TO HeKOHCepBaTHBHblE CHJbI He 0053aTeJbHO SBJAAITCA
JLCCHNaTHBHBIMH.

§ 23. NoreHunanbHan 3Heprusl B3aMMOREACTBHSA

Jo cux mop Mbl paccMaTpHBaJM CHCTEMBI HEB3aUMOJEHCTBYIOMHX
yactHu. Tenepb nmepeiiieM K PacCMOTPEHHIO CHCTEMBbI H3 JABYX B3aHMO-
JeHcTBYOWMX APYT ¢ ApyroM yacTul,. OGo3HauuM CHIy, ¢ KOTOPO# BTO-
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past yacTuua JeficTByer Ha nepByio, cuMBoJoM F,,, a cuny, ¢ Kotopoi
nepBasl 4acTHIA JeHCTBYeT Ha BTOpYl,— cHMBOJOM F,y. B cooTserct-
BHH ¢ TpeTbiM 3akoHoM HbiotoHa F,,=—F,;.

BeepeM Bektop R;,=r,—T;, TZle Iy H F; — PaIHYCH-BEKTOPLI
yactun (puc. 23.1). PaccrosiHHe Mexay YacTHUAMH DPaBHO MOAYJD
atoro Bekropa. [lonycruM, uto cuisl Fy, 0 Fy, HMEIOT BeHYHHY, 3aBH-
CAULYI0 TOABKO OT PAacCTOAHHMS Ry, MEXIY YaCTHUAMH, M HanpasJieHLI

Rz
7y - ”Cr/z
m3
\ 7 Rz
"
iy
Puec. 23.1. Puc. 23.2.

BIO/Ib COEAMHSIOWER YacTHUB! MPAMOR. JTO, KaK MBI 3HaeM, clipaBej-
JIUBO A/ CHJ TPaBHTALMOHHOTO H KYJIOHOBCKOI'O B3auMoAeHCTBHi (CM.
gopmyant (11.2) u (13.1)).

[Tpu cpenanubix aonyiieHHsax cuiel Fi. # Fy; MOXHO mMpeAcTaBHTh
B Buae

Fiu=F(Ry;) e, Fia=—F(Ru)e., (23.1)

rae €. — OpT BekTopa R, (puc. 23.2), a f (R,,) — HekoTOpast GyHKUHA
R,., NONIOXKHTENbHAS B C/yYyae B3aHMHOTO NPHTSXKEHHS YaCTHIL H OTPH-
1aTeJbHasg B C/lydyae WX OTTAaJKHUBAaHHA APYr OT ApYra.

CuuTasi CHCTeMY 3aMKHYTO#H (BHEIIHMX CHJ HeT), HanHIueM ypaBHe-
HUS JBIXKEHHS OGEMX YacTHI:

mvy= Fl'm MmyVy,= in.

YMHOMHM NepBoe YpaBHeHHe Ha dr,=v, df, Bropoe — Ha dr,=v, di
H CJIOXHMM HX BMecTe ). B pesyabTaTe mosiyyuTcs COOTHOLIEHHE

m,v,v, dt +m,v,v, dt = F ;,dr; + F dr,. (23.2)

JleBasi 4acTb 3TOro COOTHOLIeHIs1 npelcTaBader coboil MpHpaleHie
KHHETHYeCKOH 3Hepruu cHcrembl 3a Bpemst df (cM. (19.3)), npaBas
yacTh — paboTy BHYTPEHHHX CHJ 3a TO JKe BpeMf.

C yuetom Bhipaxenuit (23.1) npaByio uyacte dopmyasr (23.2) MoxHO
npeo6pasoBaTh CJAEAYIOLHM 06pa3oM:

dAnuyrp = Fy,dry -+ Fyy dry = f (Ry,) €1, dry — f (Ry,) €, dry =
=—F(Ru) €. d (r;— 1) =—f(Ry,) €1, dRy. (23.3)

M3 puc. 23.2 suano, 4to cKanspHoe mpou3BeaehHe e, dR;. pasHO

1) B nanHoM ciygae nesnecoo6pa3no 0603HAUMTL MepeMelleHHe TacTHUH depes
dr BMecCTO ds.
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dR,; — NpUpAIIEHHIO PACCTOSHUA MexAy uacTHuami. Takum 06pasoM,
dA gy =—1[ (R12) dRys. (23.4)

Bripaxenue f (Ryz) dR;, MOXKHO paccMaTpUBaTh KaK NpHpaIleHHe HeKo-
TOpOil PYHKIUMH OT R,,. O6o3Hauns sty dyHKuHIo yepe3 U (R,.), npu-
L€M K PaBEHCTBY

[ (Ri2) dR,=dU (R1g)- (23-5)

C.iepoBatesibHO,
dAmpr =—dU. (23.6)

C yueroM BCEro CKa3aHHOro BbipaxeHue (23.2) MOXKHO MpeICTaBHThb
B Bujge dT=—dU unan

dE=d (T+U)=0, (23.7)

OTKYyZa cjaepyeT, uto BennunHa E=T--U paaa paccmarpuBaeMod 3aM-
KHYTOil cucTeMbl coxpansiercsl. @ynkuua U (R;.) npexcrabasier coboit
NOTEHNHAJbHY SHeprHMI B3aHMOJAeHCTBHHA.
OHa 3aBHCHT OT PacCTOSTHMS MeXIY YaCTHLaMH.

ITycTb HacTHLBL IEpEMECTHINCH U3 NOJOXKEeHHH, B KOTOPHIX paccTos-
HHE MeXAY HHMH GblIO paBHO R{Y, B HOBHIE MOJOXEHHs, B KOTOPBIX
paccTosiHie MEXAY HuMH cTajo paBHbIM R{. B coorBercrsuu c (23.6)
BHYTPEHHHE CHJbl COBEpLIAIOT NPH 3TOM Haj YacTHUamMH paboTy

b

Aghomyrp= SdU U (R@)—U (RY). (23.8)

13 (23.8) Bbitekaer, uTo paGota cua (23.1) He 3aBHCHT OT myTeil, no
KOTOPHIM TepeMellaJuCh YaCTHIL, M ONpejeJsfeTcs JHULIb HauabHbIM
1l KOHEUHbIM PACCTOSTHHAMH MEXAY YacTHUAMH (HayaJbHOM H KOHEUHOil
KOHPUrypauusaMi cucrembl). Takum o6pa3oM, CHJBl B3aHMOAEHCTBIIA
Biaa (23.1) sBAAIOTCA KOHCepPBAaTHBHBIMH.

Ecan npuxkyTcsa ofe yacTHUbl, NOJHAfA 3SHEPrHsl CHCTEMBI pPaBHa

E—”““ M”Z" Uss (Rys). (23.9)

IlpennonoxuM, 9ro yactuua / 3aKpemneHa B HEKOTOPOH ToUKe, KOTOPYIO
MBI MPHMeM 32 HagaJso KoopauHar (r;=0). B peayabraTe 5Ta uactHua yt-
PaTHT BO3MOXKHOCTb IBHUTraThbCsl, TaK 4YTO KHHETHUeCKas 3Heprusi Gyzet
COCTOSITb JIMIIb H3 OJHOTO cjaraeMoro /,m,v3. IloreHunasbHas sHep-
TSt B 3TOM cJayyae GyjerT ¢yHKUMel TOJbKO ;. IloatoMmy BhipaieHile
(23.9) mpumer Bug

mgv>

+ Up, (r2). (23.10)

Ecnn paccMaTpHBaTh CHCTEMY, COCTOALLYIO H3 OLHOH TOJBKO YaCTHLEBI
2, 10 pyHkuua U, (r;) Oyner urpaTh poJib MOTEHIHAJbHON 3HEPriiu



§ 23. [IOTEHLUAJIBHASL SHEPTHUS1 B3AHMMOJENCTBHSA 93

yacTHILI 2 B MOJe CHJ, co3aaBaeMblX uacTHiel I. XoTs no CylecTBy
31a QYHKUHSA SBJAAETCH NOTEHLHAJIbHOH 3Heprueit B3aHMoJeACTBUS Yac-
tHl / v 2. BooGue nmoTeHuMas bHas SHEPTHsS BO BHELIHEM MOJE CHJI MO
CYLIECTBY SIBJISIETCA PHEPTHEll B3aHMOAEHCTBHS MEXIY TENaMH CHCTEMB
H TeJaMM, CO3JaIOLIMMHM BHelllHee MO OTHOLIEHHIO K CHCTEME CHJIOBOe
noJe.

OGpaTtumcs CHOBa K CHCTeMe M3 JBYX B3aHMOJeHCTBYIOIINX CBOGOJ-
HblX (<He3aKpemJieHHbIX») 4acTHU. Ecjay Ha nepBylo uyacTHIly, Kpome
BHYTpeHHeil CHJ/BI, JeficTByeT BHeluHsis cusia F;, a Ha BTOpYH HacTu-
uy — cusa F;, To B npaBoifi yactd cootHowenus (23.2) nosBaTca caa-
raemple F; dr; n F; dr,, KoTopble B CyMMe HafayT paGoTy BHELUHHX CHJI
dApems. COOTBeTCTBEHHO (opmyna (23.7) npumeT BHA

d(T+U,,)=dA (23.11)

B ciyuae, Koraa cyMmapHasi KHHeTHYeCKasl SHeprisi 4acTHL, OcTaet-
cf MNOCTOSTHHOM (Hampumep, paBHOH HYJI0), cooTHoweHHe (23.11)
BBIVIAANT CJefyoWHM o6pa3oM:

dU,,=dA,eus (AT = 0). (23.12)

IpousTerpupoBaB 3T0 COOTHOLIEHHE OT KOH(HUrypamuu g A0 KOHQHry-
pauud b, noJjy4um, 4To

Uns (R(lg)) - Uaa (Rﬁg)) = Aab Brelly (Tb = Ta) (23 13)

(cp. ¢ dopmyoit (22.13)).

PacnpocTpaHuM mosiyueHHble pe3yJbTaThl HA CHCTEMY M3 TpeX B3a-
MMOLEHCTBYIOILMX 4acTHU. B 3ToM ciaydae paGota BHYTPEHHHX CHA
paBHa

dAnuytp= (F1'2+F1'a) dr1+(F21'+ Fzs) drs‘I‘ (Fsl + Fsz) drs- (23-14)
Yursa, uro F;,=—F,;, npumagum BoipaxeHuio (23.14) Bua
dAanyrp =—Fp,d(r,—r)—F;,,d(r;—r) —Fpd(r,—r,) =
= — F13dRy; —F13dR13 — F o3 dRy,, (23.19)
rae R;,=r,—r;.
INpexnonoxuM, 4TO BHYTPEHHHE CHJLI MOTYT OHITh NpeAcTaBIeHbLI
B BHie F,,=[;(R:p)e;, (cp. ¢ (23.1)). Torzna
dABuy‘rp:_fl‘l (Riz) €12 dRp — 13 (R13) €15 AR 13 — fo3 (R325) €59 dR gy,
Kaxnoe u3 npousseseHuit e;dR;, paBHO NpHPAIIEHHIO PaCCTOSHIIA
MEXJY COOTBETCTBYIOLIMMH vacTHUaMmH dR;.. Ilostomy
dABuyTp=_fl2(R12) dez_fn (Rls)de's—f::a (st)dRza=

= dlUu (Rlz) +Uss (Ris)+ Uza (st)]= —dUBa.
(23.16)

BRieuin *

3necs
Una= Uu (R12)+U13 (Rla) +U23(Rza) (23- 17)
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—NOoTeHNLHAJbHAA dHEPIrUd B3aNMOAKEHCTBHSHA
cH CcTeMBb. OHa ciaraercs U3 3Hepruil B3aHMONeHCTBUA YaCTHL, B3s-
ThIX nonapHo.

Ipupasuss dT cymme paGor dAgy,=—dU,, 4 dAy,ep,, NpH-
JeM K cootHomenuo (23.11), B kotopom nox U, ciefyer noHUMaTh Bbl-
paxkende (23.17).

[onyuennnii pe3ysabTaT JerKo o606lIaeTCR HAa CHCTEMY € JIIOOLIM
uyncaom uactum. Has cucreMel M3 N B3aUMOAEHACTBYIOIHX YacTHL
NoTeHIMa/lbHas 3HEprHs B3aMMOLEHCTBHUsA cJlaraeTcsl U3 3HeprHil paa-
HMOJefCTBHS YacTHI, B3ATHIX NONAapHO:

Upa=Us (Rip) + Uz (Rig)+. . - + Uiy (Rin) +
FUs (Rag)+ v oo FUsy(Rop)+ o oo +Upei v (Ryes, )-
(23.18)

S'ry CYMMY MOXKHO HamHCaTb CJEAYIOUIHM o6Gpa3oM:
Un3= 2 Uik(Rik) (23-19)
(i <k)

(oO6paTHTe BHMMaHHE Ha TO, YTO B BeIpaxkeHHH (23.18) y Kaxzoro cia-
raemMoro nepBHIff HHIEKC HMeeT 3HaueHHe MeHblllee, YeM BTopoil). B ces-
an ¢ TteMm, 4t0 U,,(R;,)=U,;(R;;), SHEPTHIO B3aUMOJAEACTBHS MOXHO
npelcTaBUTh TaKxke B BHIE

V=53 Ui (Rin). (23.20)

(5= k)

B cymmax (23.19) v (23.20) unzekco { u k£ npoGeraloT 3HaueHHs oT 1
2o N, cornacymomuecs ¢ ycaoBueM ((<<k) uan (i=k).

IlycTb cucTeMa COCTOMT M3 YeThIpeX YacTil, NPHYEM B3auMO/ieiiCcT-
BYIOT JIMIUb MepBas 4acTHlla CO BTOPOH M TpeThbsi ¢ ueTBepToil. Torjia
noJIHasl 3Heprusl cHCTeMbl Gyaer paBHa

E=Ti+T,+Ty+T,+Usp+Uy=
= (Ti+Ty+Up) +(To- T+ U, )=E +E".  (23.21)

3nece E’ — nonnasi 3Heprust MoAcHcTeMbl, 06pa30BaHHON YaCTHLAMH
I n 2, E" — nonHast 3Heprusi TNOACHCTEMbI, 06pa30BaHHOM YacCTHIAMH
3 u 4. Tlo npeanonoxeHuio B3aUMOJEACTBHE MeXAY NOACHCTEMAMH OT-
cyrcteyer. CooTHowenue (23.2]1) noKasbiBaeT aAJUTUBHOCTE HEpPrHH
(cM. Tpernit aGaau § 18).

B 3akuiouenne Haiigem Bua ¢pyHkuun Uy, B TOM ciyvae, Korja cuaa
B3aHMOJICACTBUSI O6PaTHO NPONOPLHMOHAJbHA KBafpaTy PpacCTOSIHUSA
MEXAY YacTHLaMH:

[(Ri) = 2 (23.22)

(¢ — xoncranra). HanoMunMm, uTO B ciyyae NPHTSKEHHSI MEXLY 4ac-
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THuaMn a>>0, a B cJydae OTTaJIKHBaHHA HacTHL APYr or apyra a<<0
(cMm. TekcT, caepyrouit 3a dopmyaoir (23.1)).
B cootBerctBHH ¢ (23.5)

dUys=f (Ru) dRyy= z- dR1y.
12

WnrerpupoBanue aaet
a
U,,3=——-R—12-I—const. (2323)

Kak u noteHyasbHas 3Heprisi BO BHEIIHEM IOJIE CHJI, [IOTEHUHA b~
HasA 3Heprusl B3aMMOJEHCTBHA OMpejesseTcsl € TOYHOCTBIO IO NpPOH3-
BOJIBHOM aJAHTHBHO# noctosiiHol, OGBIYHO NOJATAIOT, YTO MPH R;;=00
NOTEHLHAJNbHAasA 3HePruUsa obpalliaeTcss B HyJb (MPH TAKOM PacCTOSHUH
cusa (23.22) obpalltaeTcsi B HYJIb — B3aUMOJEHCTBHE MEXKAY YacTHUAMHU
ucuesaet). Toraa afAMTHBHAs KOHCTaHTa B (23.23) CTaHOBHTCS paBHOH
HYJIIO U BbIpaXKeHHe JJ1] NOTeHUHAbHOI SHepriuH B3aHMOAEHCTBHUSA NPH-
ofpetaer B[

o
U,,3=—'—R—12—. (23.24)

B coorBerctBuH ¢ (23.13) mas Toro, 4To6bl YAAJIUTh YaCTHLBLI APYT
OT Jpyra OT pacCTOAHHUSI R, A0 6ecKOHeYHO G6OJbIIOr0 PacCTOfHHMS,
He M3MeHAs MpH 3TOM HX cKopocTeif, TpeGyeTcs COBepLUHTb paboTy

Annemn = Una o Una (Riz)'

[ToacTaHOBKa COOTBETCTBYIOUINX 3HaueHHHl ¢yHKuuu (23.24) npuBOAMT
K BHIpaXEHHIO
a a
A,,,,em=0—(—712—) = (23.25)

B cnyuyae npuTsikeHHs MexAy dYacTHamMM a>>0; COOTBETCTBEHHO
IS yAaJleHHs 4acCTHI, APYr OT Apyra TpeGyeTCs COBEPIUMTH IOJOXKH-
TeJbHYI0 paboTy.

B cnyvae oTrankHBaHHA yacTHu Apyr ot Apyra a<<0 u pa6ora (23.25)
OKa3blBaeTCsl OTPHIATENBHOM, 3Ty paGoTy NMPHXOAUTCA COBepLIATh, YTO-
66l BOCTpENATCTBOBATH OTTAJKHBAlOLIMMCA YacTHUAM YBEJIHYHUTb CKO-
POCTb CBOETr0 JBHMIKEHHS.

§ 24, 3akoH cOXpaHeHHS 3HEPrHH

CeezieM BMeCTe pe3y/bTaThl, MOJIYYeHHbIe B NMpeABIAYIIHX Maparpa-
¢ax. PaccmoTpuM cHcTeMy, cocTosllylo 3 N yacTHI C MaccaMu m;,
ms,  my. IlycTb YacTHIBI B3aHMOJEHCTBYIOT APYT C APYTOM C CHJAAMH
Fir, MOLYNH KOTOPLIX 3aBHCAT TONBKO OT PACCTOSIHHS R;, MeXAy
gacTHuamMH. B npeapinymem naparpade MBI YCTaHOBHAH, YTO TakHe
CHJ/Ibl IBJISAIIOTCA KOHCEPBAaTHBHBIMHM. JTO O3HayaeT, 4yTo pa6oTa, coBep-
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llaeMasi 3THMM CHJIaMH HajJ YacTHLaMM, OMpeenseTcss HayaJbHOH M
KoHeyHOH KoH¢Hrypauusamu cucreMul. Ilpeanosoxum, 4YTo, KpoMme BHY-
TPEHHHUX CHJI, Ha {-10 YaCTHLY AeHACTBYeT BHEIIHAS KOHCepBaTHBHAs CHJIa
F; u BHelnss HeKoHcepBaTHBHas cusa Fj. Torna ypaBHenue apuxenus
i-# yacTHub! GyAeT MMETb BMA

N
m,-v,.=k2=]l F.+F,+F; (=1,2..., N). (24.1)
(ks£i)

YMHOXKHUB i-e ypaBHeHHe Ha ds;=dr;=v;d! U CJI0XWNB BMecTe Bce N
YPaBHEeHUH, TOJYYUM:

N N (N N N
‘Elmivldvi=‘2 > Fu dr,+ElF,dS,+ 2 Fids;. (24.2)
= = = i= l'=l

(kD)

JleBast yacTe mpeacTaBaseT co60f NpHUpallleHHe KHHETHYECKON 3HepTrHH
CIICTeMBI:
N

N 2
Emiv,dvi=d '—néi"=dT (24.3)

i=1 i=1
(cm. (19.3)). U3 dopmyan (23.14)—(23.19) caenyer, uTO mepBHI YJeH
NpaBoif YacTH paBeH YObLIH MOTEHLMAJBLHOH HEPTHH B3avMOJeHCTBHSA
YacTII:

N (N
> (Z Fikldrl=_2 FipdRyy=—d X Uy (R;) =—dU,,.
1k= 1 i<k i<k

i=1
ke )
(24.4)

CornacHo (22.1) Bropofl unen B (24.2) paBeH YObLIH NMOTEHLHATbHOH
3ileprul CHCTEMBl BO BHeIIHEM MOJe KOHCEpPBATHBHBIX CHJ:

N N
12 Fidsi=—d Z Ui (ri) =—dUBnele' (245)
=1 (=1

Haxkouen, nociensuit ueH B (24.2) npeacraBaseT coboif paboTy HEKOH-
CepBAaTHUBHEIX BHEIUIHMX CHJI:

N N
X Frds;= 2 dA} =dAj e (24.6)
=1 i=1

[TpunsaB Bo BHUMaHuUe (oprmy.abr (24.3)—(24.6), npeacTaBUM COOTHOLle-
nue (24.2) caenywouium o6pasoM:

d (T + Uaa + Unnemn) = dA;ncum' (24'7)
BennuuHa
E=T+U,+ Uauenxu (24.8)

€CTh NOJIHag MeXaHH4eCKass IHEPrusi CHCTEeMbl. Ecav BHelUHHe HeKOH-
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cepBaTHBHbIE CHJIBI OTCYTCTBYIOT, mpaBasi yacTb dopyyanl (24.7) Gyner
paBHA HYJIO M, CJelOBaTeJ]bHO, NOJHas 3HepPris CHCTEMbl OCTaeTcs
NIOCTOSTHHOM:

E=T4+U,,+ Ugjew, = const. (24.9)

Takum o6pa3oM, Mbl NIPULIAN K BLIBOLY, UTO NOAHAA MEXAHULECKAA 3Hep-
2UA CUCMEMbL A, HA KOMOopsle Oelicmayrom AUl KOHCEPBAIMUEHDIE CUAbL,
ocmaemcs nocmosartot. B aToM yTBep:KIAeHIIM 3aK/II0YeHO CYLIeCTBO Ofl-
HOT'O M3 OCHOBHBIX 3aKOHOB MEXAHUKM-—3 2 KOHAa COXDAaHEHHUS
MeXaHHYeCKOH 3HeprHu

151 3aMKHYTOM CHCTEMBI, T. €. CHCTeMHl, Ha Teja KOTOpOH He neil-

CTBYIOT HHKaKHe BHEIIHHEe CHJBI, COOTHouleHue (24.9) umeeT BHA
E==T+U,,=const. (24.10)

B 3ToM ciydae 3aKOH COXPaHEHHs 3Hepru# (GoOpMYJHpYeTCs Crenyio-
UM 06pasoM: MOAHASL MEXAHUHMECKAR JHep2US 3AMKHYMOU cucmemol
mea, mexdy Komopuimu Oelcmeyrom MoOAbKO KOHCEpEAamuaHble CLUabl,
ocmaemces nOCMOAHHOL.

Ecau B 3aMKHYTOH cHcTeMe, KpOMe KOHCEPBaTHBHBIX, AEHCTBYIOT
TakKe HEKOHCEPBATHBHblE CHJBI, HAaMpPHMep CHJIBI TPEHHS, TO MOJHAas
MeXaHHYyecKasi 3HEpPTHs CHCTeMbl He coXpaHsercq. PaccmaTpuBas He-
KOHCEpPBAaTHBHBIE CHJIBI KaK BHellHHe, MOXXHO B COOTBETCTBHH C (24.7)
Hanucarth:

dE=d (T + Uns) = dAueuoncepn' (24] l)
TIpOHHTErpHPOBAB 3TO COOTHOLIEHHE, NONYYHM:
Ez_E1= AIZHeKOHCepB' (24-12)

3aKOH COXPaHEHHS 3HEPrHUH [IJIsl CHCTeMBI HEB3aHMOJEHCTBYIOLIHX
yacTul 66l copMyanpoBaH B § 22 (cM. TekcT, caedylownit 3a gopmy-
Joit  (22.14)).

§ 25. OHeprus ynpyro#i aedopMauHu

[Morenunanbuoi sHepruelt MoxeT 06J1a1aTh He TOJILKO CHCTeMa B3aH-
MOJIeCTBYIOLLHX TeJl, HO M OTAEJNBbHO B3fiToe ynpyro AedopMHpoBaHHOE
Tesno (Hampumep, CXKaTtasi NMPYKHHA, PACTAHYTHIA CTepXKeHb W T. 0.).
B sToM ciy4yae moTeHUHaJbHasi SHEPrusi 3aBHCHT OT B3aUMHOTO pacno-
JIOXKEHHUs OTHeJBHBIX HacTeil TesMa (HampHMep, OT PacCTOSTHHA Mexay
COCeHMMH BHUTKAaMHU NpPYXHHLI).

CoranacHo dopmyJe (20.2) Kak Ans pacTsKeHUS, TaK H AJIA CKaTlifg
NPYXKHUHBI Ha BEJHYHHY X Heo6XOAMMO 3aTpaTHTb paboTy A=1/,ky>.
Dra pafoTa MIeT Ha yBeJHYEeHHe NOTEHIHaJbHOH SHEPTUH NPYXKHHEL.
CnenoBaTesbHO, 3aBHCHMOCTb MOTEHUHAJbHOH 3IHEPrHH NPYMKHUHBI OT
YIAMUHEHUS X HMMEeT BUJ

v=2, (25.1)

4 R, B. Caremves, 1. 1
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rie B — ko3bdhHIHEHT 2KeCTKOCTH NPYXHHH (cM. § 14). Dopmyna (25.1)
HANKCaHa B NPEANOJOXKEHHH, YTO NOTEeHUHaNbHasA SHEPTrUs HenedopMmH-
poBaHHO# MpyxHHH paBHa Hymo. Ha puc. 25.1 noxasan rpaguk 3a-

BucuMmoctd U ot x.
Ipu ynpyroit nponoJbHO# AedGpMaLlH CTepXHS coBepliaeTcs pabo-
Ta, onpejensieMas ¢opmyJoi (20.3). B COOTBETCTBHHM C THM NOTEH-
LMaJbHAsA SHeprua ynpyro aedopMHPOBAaHHOIO

U CTepXKHS paBHa

v=L2y. (25.2)

3necb E — moayae IOHra, e — oTHOCHTEJIbHOE
yinnHenue, V — o6beM CTepXHf.
Breznem B paccMOTpeHHe MJIOTHOCTb SHEPrHH
.z" o
7 ynpyro#i nedopMaulHH K, KOTOPYIO ONpelesHM
‘(’;“Z’%“" 7 ”Zﬂ”;’}’”” KaK oTHOLIeHHe 3Hepruu dU K Tomy obwemy dV,
B KOTOPOM OHa 3aKJIoueHa:

Puc. 25.1 4
‘ u=-_. (25.3)
ITocKoJibKY cTepkeHb NpeArnosaraeTcsi OXHOPOAHBIM H JAedopMauHs
fAiBJIfieTCA PaBHOMEPHOH, T. €. OAMHAKOBO{ B PasHBIX TOYKaX CTEPXKHd,
sHeprug (25.2) pacnpeseseHa B cTepicHe Takxe paBHOMepHO. ITostomy
MOXXHO CYHTaTh, 4TO
U  Ee?

U=3=="-. (25.4)
3To BhIpaXKeHWe LaeT NJOTHOCTb SHEPTHM YOpyroit AedhopMaultvH mpH
pacTsDKeHHH (HJIH CKaTHH) H B TOM CJydae, Korja Aedopmalilisi HepaBHO-
mepHa. B mocsiennem ciyyae aJ1 HaXoXJeHHs [VIOTHOCTH SHEPTHHU B He-
KOTOPOH TOYKe CTepXHSA HYXKHO MOACTaBAATH B (25.4) 3HaueHue &
B JlaHHOH TOUKe.

Hcexonsa ns dgopmya (14.8)—(14.10), HeTpyZHO MOAYYHTD, YTO MJIOT-
HOCTb SHepruu ynpyrofi zedop™atiny npH CABHre paBHa

u=3, (25.5)

rae G — MoayJb caBHra, a y — OTHOCHTENBbHBIH CHBHT.

§ 26. YcaoBus paBHOBecHS MeXaHHYECKOM CHCTeMbl

PaccmoTpuM MaTepHa/BHYIO TOUKY, ABHMKEHHE KOTOPOIl OrpaHHYeHO
TakuM 00pa3oM, 9TO OHa HMeeT JIHIUb OAHY CTeNeHb CBOGOAH '). Do

1) YncooM creneHelt CBOGOAM MeXaHMYECKOR CHCTEMBI Ha3hBaeTc KOJHYECTBO
HE32BHCHMBIX BeJIHYHH, C IIOMOLIbIO KOTOPbIX MOXKeET GRITb 33/laHO MOJI0XKEHHE CHCTEMBL,
INonpoGree o6 aToM 6yjer ckasamo B § 97,
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03HayaeT, 4TO €€ MOJIOXKEHHe MoxKeT ObIThb ONpENeJEHO C ITOMOILbIO
OMHOM BeJMYMHBI, HApUMep KOOpAHHATH X. B KayecrBe npumepa MOX-
HO NMpPHUBECTH IUAPHK, CKOMb3ALIMA 6e3 TpeHHs MO YKpenJaeHHOH HenoA-
BHKHO, H30THYTOH B BEPTHKAJIbHOM NJIOCKOCTH NpoBoJoke (puc. 26.1, a).
M JpyruM IpHMEpPOM MOXKET CAYXHThb
NpHKPENJIEHHbI K KOHIY NPYXHHLI
WiapHK, CKO/Mb3AlMA 6e3 TpeHHs
N0 TOpH30HTA/bHOA HampaB/soLLe

e ]

v J

a

) . E=T+l/ )
N
i |
LN
0 51, I 5 &y z 7 Zp z
Puc. 26.1. Puc, 26.2.

(puc. 26.2, a). Ha mapux AeficTByeT KOHcepBaTHBHasl CHJa: B [IEPBOM
c/lyuae 3TO CHJ1a TAXKECTH, BO BTOPOM — ymnpyras cuia fedopMHpoBaH-
Holt npyxuHH. I'paduku norenunanbHoi sHepruu U(x) mokasaHel
Ha puc. 26.1, 6 u 26.2, 6.

ITockonbKy IIAapHKH ABHXKYTCS MO NPOBOJIOKe 6e3 TpeHHs, CHJa,
¢ KOoTopoii NpoBOJIOKA JeHCTBYeT Ha liapuK, B 060OHX c/lydyasX NepmneH-
IHKYJSIPHA K CKOPOCTH LIapHKa M, C/leloBaTeJbHO, paGoThl HajJ mapH-
KoM He coBepiuaeT. [Io3ToMy HMeeT MeCTO coXxpaHeHHe 3Hepruu:

E=T+ U=-const. (26.1)

M3 (26.1) caepyer, 4YTO KHHeTHYecKas 3HepPrus MOXeT BO3pacTaTh
TOJIBKO 32 CYeT YMeHbLUEeHHs MOTeHUHaJbHOH 3Heprud. Ilostomy, ecin
[IapUK HaXORWTCSI B TAKOM COCTOSIHHH, YTO €ro CKOpOCTb PaBHa HYJIIO,
a MoTeHUIMa/IbHaA SHEPrHs HMeeT MHHHMMa/JbHOe 3HaueHHe, TO 6e3 BO3-
IefiCTBUSI H3BHEe OH HE CMOMKET MpPHHATH B ABIXKeHWe, T. . OYJeT Haxo-
JIMTbCA B paBHOBECHH.

Munumymam U cooTBeTCTBYIOT Ha rpadMKax 3HAUeHHMS X, PaBHHIE
X, (Ha puc. 26.2 x, ecTb A/MMHA HelehOPMIPOBAaHHOM NMPYKHHBI), Yc/0-
Blle MHHHMYMa IOTEHIHaJbHOH 3HeprHH HMEeeT BHJ

du

&-=0. (26.2)

4+
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B cooTBetcTBHH ¢ (22.4) ycnoBue (26.2) paBHO3HAYHO TOMY, YTO
F,=0 (26.3)

(s ciyuae, korna U saBasiercsi ¢yHKUHeHR TONBKO OAHOH NepeMeHHOI],
0U/0x=dU/dx). Takum o06pa3oM, MNOJIO}KEHHE, COOTBETCTBYIOLLEE MH-
HUMYMY IOTEHIHaJbHOH 3Hepruu, obJajaeT TeM CBOHCTBOM, 4TO CHJA,
JefiCTBYIOIlAST HA TesJO, paBHAa HYJIO.

B cnyuae, usoGpaxenHom Ha puc. 26.1, ycnosus (26.2) u (26.3)
BBIMOJIHSAIOTCS TaKxe LIS X, paBHOro x; (T.e. aas makcumyma U).
OnpenensieMoe 3THM 3HaueHHeM X MOJIOXKeHHe IlapHKa Takxe Oyner
paBHOBecHbIM. OHaKO 3TO paBHOBecHe B OTJIHYHE OT PABHOBECHS INPH
x=x, 6yleT HEeyCTOMUYMBLIM: JOCTATOYHO CJerKa BbIBeCTH IUAPHK H3
5TOr0 IOJIOXKEHHS, KaK BO3HMKaeT cHJa, KoTopas OyjaeT YZAaJasiTh
[IAPHK OT MoJioxKeHUs x;. CHJbl, BO3HHUKaIOLIKe NPH CMelleHHH apHKa
113 TIOJIOXKEHHUST YCTOHUHMBOTO PaBHOBeCHSI (ZJI KOTOPOrO X=x,), Ha-
npaBJjieHbl TaK, YTO CTPeMATCS BEPHYThb LIapHK B MOJIOXKEHHE pPaBHO-
Eeciid.

3Has BMI ¢YHKIUHM, KOTOpPOHl BblpaxKaeTCsl MOTEeHIHaJbHAs 3Hep-
THs1, MOXKHO clleNlaTh PS/Jl 3aKJIIOUeHHH 0 XapaKTepe ABHXKEHHS YacCTHIIBI.
[loscHumM 3TO, BOCNO/bL3OBaBIIHNCH TrpadMKoM, H300paXKeHHBIM Ha
puc. 26.1, 6. Ecau monHast 3Heprusi MMeeT 3HauyeHHe, YKa3aHHOe Ha
pPHCYHKe, TO YacCTHLa MOXeT COBepllaThb ABHXKeHHe Jub0O B Npeaesax
OT X; 10 X, JUGO B nmpeaesax oT x; A0 GeckoHeuroctd. B obnact x<<x,
Ii x,< x<{x, YacTHLA NPOHHKHYTb He MOXeT, TaK KaK NOTeHlHaJbHaf
SHEepPrHs He MOXeT CTaTb 6oJibllie NOJHOM 3HepruH (ecjaH Gbl 3TO CAYYH-
JIGCh, TO KHHeTHYeCKas 3Heprus crana Obl oTpHuarenbHoi). Takum
00pason, 06J1acTh X,<x<IX; NMpeICcTaBJseT CO00F NOTEeHI HaJb-
HblH 6apbep, Yepe3 KOTOPbIH YAacTHLUA He MOXKeT NPOHHKHYTb,
lires DaHHBIA 3anac noJHo# sHepruu. O6nacTb x;<x< x, Ha3blBaeTCH
NnoTeHUHAJBHOH AMOI.

Ecay yacTHua npu cBoem JBHMXKEHUH HE MOXET yIaJuThcs Ha Gec-
KOHEYHOCTb, [BHXeHHe Has3biBaeTcd G U H M THBI M. Ecau xe ua-
CTHIA MOXeT YXOIHTb CKOJb YrOJHO JajieKo, ABHXEHHe Ha3blBatoT
HH$HMHHTHBEM YacTuua B noTeHUManbHO siMe coBepLiIaeT QHHHT-
Hoe zBHKeHHe. DUHUTHBIM OYIeT Takxe IBHMKEHHMe YacTHLBL C OTpH-
LATeNbHOH TOJIHOI 3Heprueil B LIEHTPaJbHOM NoOJe CHJI TNPHTHAXKEHUSN
(mpeanosiaraercs, YTO NMOTeHUHaJlbHas Heprus obpallaeTcs B HYJab Ha
{eCKOHEYHOCTH).

§ 27. 3akoH coxpaHeHMs uMNyJabca

B npeapinymyx naparpagax 61 paccMOTPEH aAIHTHBHbIH MHTErpad
LBHXKEHHWSA, Ha3blBaeMmblil 3Heprueil. Haiizem ele ofHY aiiHTHBHYIO
COXPaHAIILYIOCA AJA 3aMKHYTOH cucTeMmbl BeaHyuny. C 3Toil UeJsbkO
paccmotpum cHcTeMy N B3aumozeiicTByrowmx uactuu. ITyctb, kpome
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BHYTpeHHIX cua F;,, Ha i-10 4aCTHUY NEACTBYIOT BHEIHHE CHJIBI, pe-
3yJabTupyloulasi Kotopuix paBHa F;. Hanuuiem ypaBuenne (9.1) ans
Bcex N wuacTHi

N
Pi =Fu+Fit .o +Fuy+ ... +Fiy+Fi= 3 FutFu

N
P: =F21+F23+"'+F2k+"' +F2N+F2= kzl F2k+F2v

(k == 2)

N
p; =Fu+F,+...+F,+... +Fy+F; = gal Fit+Fi

(k=)

N-1

Pv=Fyi+Fry+-. +Fyt .. +Fuyi+Fy= X FytFy.

Cnoxum Bmecte 3TH N ypaBHenuid. Bcnencreue toro, uto F,--F,,=0
W T.J., CNpaBa OCTAHYTCSl TOJbKO BHEIUHHe CHJBI. TakuMm 0Gpa3oM,
MBI TIPUXOIMM K COOTHOLLEHHIO

N
@Rt AP =FHFb P = 3. @7)

CyMMa MMNYJbCOB YacTHI, O6Pa3yIOHX MeXaHWYECKYIO CHCTeMY,
HasbBaeTCd HMMN YJABCOM CHCTeMbl. OGO3HAUHB 3TOT HMITYJILC
CHMBOJIOM P, MOJYYUM, YTO

N
p= 2 pi = 2 m;v;. (27.2)

U3 (27.2) caexyeT, YTO MMNYJbC SABAAETCS aAAUTHBHOH BeJHYIIHCH.
3anuiiem cootHouwenue (27.1) B Buje

N
d
=p=2 F. 27.3)

i=1

Or1cloga BLITEKAeT, YTO NP OTCYTCTBHU BHeWHHX cui dp/dt=0. Cnezo-
BaTeJbHO, A/ 3aMKHYTOH CHCTEeMBl P TNOCTOSIHEH. DTO YTBEPXKAEHNE
COCTaBJISIET COolepXaHHe 3aKOHAa COXPaHEeHHST UMNYJb-
€ a, KOTOpHI GopMyaHpYeTCs CaeRYIOUHM 06Pa3oM: UMNYALC 3AMKHY-
MOL CUCIEMbL MAMEPUANLHbIX MOHEK OCMAemcs NOCIMOAHHbIM.
OTMeTHM, YTO HMNYJbC OCTA€TCHl IMOCTOSIHHBIM M JJS1 He3aMKHYTOH
CHCTeMbl TPH YCJOBHMH, UTO BHEIUHHE CHJBl B CyMMe JaloT HYJb (CM.
(27.3)). B cayuae, Korjga cyMMa BHEIUHHX CHJI He paBHa HYJIO, HO Npo-
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€KUHA 3TOM CYMMEI Ha HEKOTOpOe HaNpaBJeHHe eCTb HyJb, COXPaHsAeTcs
COCTABJAIOMIAA MMIYJbCa B 3TOM HanpabJjeHHH. [leficTBuTeN1bHO, CNIPO-
eKTHPOBaB Bce BeJHYMHbI ypaBHeHHA (27.3) HA HEKOTOpPOE HanpasJ/ieHHe
X, TIOJy4YHM, YTO

N
d
7 Px =2 Fan (27.4)

OTKYZa M BLITEKAeT BhICKa3aHHoe HaMu yTBepxaenue. (HamomHum, aro
(dp/df) o =dp./dt, cM. dopmyny (2.40).)

IleHTpoM Macc (WIH LEHTPOM HHEDILHH) CHCTEMBI
Ha3biBaeTc To9Ka C, INOJIOXeHHe KOTOpOil 3ajaeTc pajHycOM-BEKTO-
POM T¢, OMpeAessieMbM CJefyIOIUM 06pa3oM:

o mintmart. oy Dimir;  Ymiy
mi+me+ ...+ my 2im; m
3necs m; — Macca i-il 9acTHIbI, I; — PaAdyC-BeKTOp, ONpelestoLnil
noJioXKeHue 3ToH JacTuulbl, m — Macca CHCTEMLI.

JexkapToBpl KOOpAMHATHI LEHTPA MacC pPaBHBl NPOEKLUHUSAM Ic Ha
KOOpJAHHATHEIE OCH:

. (27.5)

P L SN L. D L 7

OTMETHM, 9T0 B OJHOPOJAHOM IMOJIE CHJI TAMECTH LEHTP Macc COB-
najaetr ¢ HEHTPOM THAMXKECTH CHCTEMBI.

I/IMﬂyﬂbC CHCTEMBI 9acTHIL MOXeT OhITh npeacras/jJeH B BUAE IIPOHU3-
BeleHUs cymapﬂoﬁ MaccChbl 9acTHL Ha CKOPOCTh LIEHTPa MACC CHCTEMbI:

p=mvg. (27.7)

CKopocTe mHeHTpPa Macc mnoJyuaercs nyteM AuddepeHLHPOBaHUSA
panuyca-Bektopa (27.5) mo BpeMeHHu:
Smi;  Smvi p

m ~  m m

VC= l'c=

(cM. (27.2)). Orciona BuiTekaer dopmyna (27.7).

Hns 3amxHyTOH cucTeMbl p=mv=const. ClegoBarenbHO, LEHTp
Macc 3aMKHYTOH cHCTeMB! JMOO JBHXKETCA NPAMOJNHHeAHO U PaBHO-
MepHO, Au60 OCTaeTcs HEMOXBHIKHEIM.

CHcTemMa oTcyera, B KOTOPOHM LEHTP Macc MOKOHTCH, Ha3nlBaeTcs
CHCTEMO! LeHTpPa Macc HJIH UCcHcTeMO . ra cuc-
TeMa, OYeBHAHO, HHepUHalbHA.

CucreMa oTcuera, CBSi3aHH2d C M3MepHTeJbHEIMH NpHGOpaMu, Ha-
3piBaeTcs JMa6opaTOpPHOMH HIM J-CHCTEMOil,
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§ 28. Coymapenne aByX Ted

Tlpu coynapeHHu TeJ APYr ¢ APYroM OHM NpeTepneBaioT jaedopma-
uni. Ilpu 3TOM KHHeTHUecKas 3Heprus, KOoTopoH o6/ajaJjn Tesa nepei
yaapoM, YacTHYHO HJHM IOJIHOCTBIO NePeXOAHT B MOTEHUHAJbHYIO
sHepruio ynpyro#fl aedopMauMH W B TaK Ha3blBAEMYI0 BHYTPEHHIOIO
SHEPruio Tes. YBeJH4YeHHe BHYTPEeHHeHR 3HEPrHH Tesl CONMPOBOXAaeTcs
NOBLILIEHHEM HX TeMIepaTyphl.

CylecTBYIOT IBa npefiebHEIX BHAA yaapa: aGCoOMIOTHO YNpYruit u
a6Cco/MOTHO HeynpyrHil. AGcoMoTHO YNpyruM HasbiBaeTcsl TaKoH ynap,
[P KOTOPOM MeXaHHYecKas SHEprus Tes He MepexoiHT B ApYrHe, He-
MeXaHHYeckue, BUAH 3Heprud. IIpH TakoMm ynape KMHeTHYecKas 3Hep-
THS MEPEXOAHT NMOJIHOCTBIO HJIHM YAaCTHYHO B MOTEHUMAJBHYIO 3HEPrHIO
ynpyrofi pepopManui. 3aTeM Tela BO3BpallaloTCd K NepBOHaYaJbHOM
¢dopme, oTTajKuBas Jpyr Apyra. B wurore morteHuuasnbHas 3Heprus
ynpyro#i nedbopManHH CHOBa NePEeXOJUT B KHHETHYECKYIO 3HEpTHIO,
U TeJla pa3JIeTaloTCA CO CKOPOCTSAMH, BeJMUHHA H HanpaBJieHHe KOTOPBIX
onpelesoTcss JBYMSA YCJOBMAMM — COXPaHEHHEM IIOJTHOH 3Heprui
Il COXPaHEHHEM IIOJIHOTO HMMINYJbCa CHCTEMEl Tel.

A6comoTHO Heynpyruii yaap Xapakrepuayercs TeM, 9TO IIOTEH-
L[MaJNbHOH 3Heprun aedopMalMy He BO3HHKAET, KUHETHYECKAs] SHeprud
TeJl MOJTHOCTBIO MJIM YaCTHYHO IPEBpAllaeTcsi BO BHYTPEHHIO 3HEPIHIO;
nocje ylapa CTOJKHYBIIMecs Teja JHG0 ABIKYTCS C OAMHaKOBOMH
CKOpOCThIO, G0 nokosatcs. [Tpu abcosoTHO HEYNpyroM yaape BHINOJ-
HAeTcd JIMIUb 3aKOH COXPaHEHHS MMITYJbCa, 3aKOH e COXpaHeHHs
MeXaHHYeCKoH 3HeprUH He colJIOfaeTcsi: UMeeT MEeCTO 3aKOH coXpaHe-
HHA CyMMapHOH 3Hepruy pasJM4YHEIX BHAOB — MeXaHM4YeCKOH M BHY-
TpeHHeH.

PaccmotpyMm BHauase aGCoJIIOTHO HEYNPYTHH yRap ABYX 4acCTHIL
(MaTepuanbHBIX TOYEK), 0Gpas3ylomMX 3aMKHYTYIO cHcreMy. I[lycrs
MacChl YacTHLL PaBHHI /My M Mg, 3 CKOPOCTH JO yJAapa Vi, H Vgo. B cuay
3aKOHA COXPaHEHHs CYMMapHBIH MMIYJbC YaCTHI[ TI0CE YAapa JOJKEH
ObIThb TAKHM K€, Kak M J0 yAapa:

MmyVig+ MyVyg=mv +m,v=(m;+m,) v (28.1)

(v — onuHakoBasi AJsi 06eMX YacCTHL, CKOpPOCTb mnocjie ynapa). s
(28.1) cmepyer, ytO

V= m1v10+m2v20 (282)

T omytmy '
Jlng npakTHYeCKHX pDacueToB HYXKHO CHPOEKTHPOBaThb COOTHOLIEHHe
(28.2) Ha cootBercTBYIOUIMM 06pa3oM BEIGPAHHLIE HaNpaBJIeHHS.
Tenepb paccMoTpuM aGcoMOTHO yNpyruilt ynap, npuyeM Orpas-
YMMCS CJTy4aeM LEHTPaJbHOrO yaapa ABYX ONHOPOAHLIX WIApOB. ¥ aap
Ha3blBA€TCA LEHTPANbHbIM, €CJAH Liapel 1O YyAapa HABUXKYTCA BIOJb
TIpAMOH, mpoxoasiueil Yepe3 MX ueHTpHl. [Ipu ueHTpasnbHOM yaape co-
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ylapeHHe MOXeT MPOM30HTH, ecsu: 1) mapbl ABHXXYTCS HaBCTpedy APYr
Ipyry (puc. 28.1, a) 1 2) ogHMH U3 WapPOB AOroHsieT ApYyro# (puc. 28.1,6).

Bynem npepnosiaraTh, 4YTO 1aphkl O6pPa3yiOT 3aMKHYTYIO CHCTEMY
HJH YTO BHELIHME CHJbl, MPUJOXeHHble K LlapaM, ypaBHOBELIHBAIOT
apyvr apyra. Kpome Toro, 6yfeM cYHTaTh, 4TO BpauleHHe II1apoOB OTCYT-
CTBYeT.

OGo3HayuM Macchl LIApOB mM; H M., CKOPOCTH LIApOB J0 YAapa
V1o H Vgo H, HaKOHell, CKOPOCTH IOCJie Vaapa v, H v,. Hanuem ypasne-
HHS COXPaHEHHs 3HEPTHH H UMNYJibca:

2 2 2 2
myVio MaVa _ M1Vi MgV 28.3
o | Mt _ M| T (28.3)
MYV -+ MyVag = m vy + m,v,. (28.4)

Yurs, uto (a*—b?)=(a—b)(a+b), npusenem (28.3) k BuIY
my (Vio— V1) (Vie 4 Vi) = M, (Va3 — Vo) (Vo + Vao). (28.5)
CootHowenue (28.4) npeofpasyem ciexymomum o6pa3oM:
My (Vig—Vy1) =my(V:—V ). (28.6)

N3 cooGpakeHHH CHMMETPHH MOXHO YTBEpXKJaTb, YTO CKOPOCTH
11apoB mocsie yAapa GYAYT Hampas-

m my JieHbl BAOJb TOH e MNpfAMO#, BAOJb

N\ Vo Yy KOTOPOH [BHraJIHCh LEHTPbl IIAPOB

a "@'_’"" ~T=% nepen yaapom. CreloBaTesibHO, BCe
” . BeKTOphl B (28.5) u (28.6) Kosnune-
v Uy apHbl. [1ns1 KonAuHeapHBIX BEKTOPOB

4) “Gﬁ- ~-—@->———5 a, b, ¢ usab=ac caenyer, uro b=
=c. Iloatomy, comocraBuB (28.5) H

(28.6), MOXKHO 3aKJIOYHTH, YTO
Puc. 28.1.
VigHVi=V,TVaq. (28.7)

Yumuoxus (28.7) Ha m, W BhIUTA pesyabraT u3 (28.6), a 3atem ymHo-
XKHB (28.7) HAa my W cnoxuB pe3dyabtaT ¢ (28.6), moAy4YHM CKOPOCTH
IIapoB [ocje yhapa:

. 2maVag 4= (Mmi—m,) vig _ 2myvy o+ (mg—my) vy

= Fa—. y Vo= P . (28.8)

Vi

J1151 YHCNIeHHBIX PacueToB HYXHO CIPOEKTHPOBATh COOTHOLLEHHS (28.8)
Ha OCb X, BJOJIb KOTOPOR ABMXYTCA LIapwl (CM. puc. 28.1).

OTmeTHM, YTO CKOPOCTH ILApOB Moc/e aGCOJIOTHO Ynpyroro yiaapa
He MOTyT ObITb OJMHAKOBbIMH. B camom Jene, mpupaBHsB ApYr ApYyTY
BblpaxkeHHs (28.8) ans vy M v, U NpoH3Beas NpeoOpa3oBaHUs, NOJYYHM:

Vi9=Vz2o.

CnenoBate/ibHO, AJS1 TOrO 4ToGbl CKOPOCTH ILAPOB TOC/E ydapa OKa-
3a/HCh OJHHAKOBBIMH, HEOGXOAMMO, YTOOBL OHH ObLAM OAHMHAKOBLIMH
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M O YAapa, HO B 3TOM CJy4yae cOyJapeHHe He MOXeT npousoiitu. OT-
clofa cjelyeT, UTO YC/JOBHe PaBeHCTBAa CKOpoOCTeil L1apoB mocie yaapa
HECOBMECTHMO C 3aKOHOM COXpaHeHUs 3Hepruu. Mrak, npu Heympyrom
yAape MeXaHHYeCKas SHeprusA He COXpaHseTCs — OHa YacTHYHO mepe-
XOAHT BO BHYTPEHHIOK) SHEPTHI0 COYAAPSAIOUIUXCS Ted, YTO NMPUBOAUT
K WX HarpeBy.

Paccmorpum cayyaff, Korja Macchl COyAapsIoOLHMXCs LIapOB paBHBbIL:
my=m,. U3 (28.8) cneayer, yto npu 3ToM YCJIOBHU

Vi=Vy, V2=V,

T. €. LUaphl IPH COYAapeHUH OOMEeHUBAIOTCA CKOpoCcTAMU. B yacTHocTH,
€CJIH OIMH M3 LIapoB OJMHAKOBOI Macchl, HanmpuMep BTOPOH, A0 coyha-
peHUsi IOKOHTCS, TO MOCJe yaapa OH ABHMKETCS C TaKOil xKe CKOPOCTBIO,
KaKYyI ¥MeJ1 TepBOHa4Ya/IbHO NepBblil l1ap, NepBhlil XKe 1ap noc/ie yaapa
0DKa3blBaeTCsl HeNOABHXKHBIM.

C nomoubio gopmy (28.8) MOKHO onpesie,THTE CKOPOCTS LiIapa mocJe
YNPYroro yAapa O HeMOABHXKHYIO HJIM JABHXKYILYIOCS CTeHKY (KOoTopyio
MOXHO paccMaTpHBaTb Kak Luap OeCkOHeyHO GOJbLIOH Macchl m, U
GeckoHeuyHo OGoabluoro paauyca). enss uucauTenb W 3HaMeHaTe b
BoipaxkeHnit (28.8) Ha m, M mnpeHeGperas u/jeHaMH, COLEPKaLIUMHU
MHOXHUTENb M1,/M,, NOJYydaeM:

V1i=2Vy-—Vyiy, V2=Vg.

Kak csenyet U3 nosnydyeHHoro pesyJbTaTta, CKOPOCTb CTEHKH OCTaeT-
csi HeH3meHHoiT. CKOpOCTb e I1apa, ec/Id CTeHKa HEelOABHKHA (V5,=0),
MeHsieT HanpaB/eHHe Ha [POTHBOIIOJOXHOe; B Clydyae ABHXKYLIeHCS
CTeHKH M3MEHSIeTCSl TaKXKe Be/JHYMHA CKOPOCTH Liapa (Bo3pacTaeT Ha
20,0, €CJIM CTEHKA [BMXKETCS HaBCTpeuy 1apy, H yOulBaeT Ha 2v,,, ecai
CTEHKa ¢YXOJAHT» OT JOTOHSIOUIErQ ee Liapa).

§ 29. 3akoH coxpaHeHds MOMeHTa HMIyJbca

Mgl 3HaeMm Y:Ke 1Be aiINTHBHblE COXDaHSIOLLHECS BeJHYHHBI: SHep-
ruio ¥ UMnyJec. Tenepb HaiineMm TPeTbio TaKyio BeanuuHy. [las atoro
pPacCMOTPHM CHCTEMY, COCTOSUlY0 H3 ABYX B3aHMOAEHCTBYIOWMX Ya-
CTHU, HAa KOTOpble NefiCTBYIOT TaKxe BHellHHe CHJEl (puc. 29.1). Ypas-
HEHHSl JBIIKEHHS 4acTHU HMeIoT BHA

m1‘.’1 =F;,+Fy mz‘.’a= F,i+4F,.

YMHOXHMM MepBOe ypaBHEHHe BEKTOPHO CJieBa Ha pajHycC-BeKTOp nep-
BOIl yacTHUpl I;, a BTOpOE — Ha pajHYC-BEKTOP BTOPOI YacCTHUBL Iy:

n, [riv V1]= [rn F12]+[r1’ Fl]r

. (29.1)
my[ry Vy]=[r, Ful-4[r, Fol
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BekTopHOe mpou3BeseHWe BHIa [rv] SKBHBAJICHTHO BbIDAXEHHIO
d .
—7 [rv]. HeficrButearHo, corsacHo dopmyse (2.55)

< [v]= [V] +[v] =[], (29.2)

tak Kak [rvl=[vv]=0. [IpousBens Takyio 3ameny B ¢opmyJax (29.1)
u yursi, ut0 Fy=—F;,, npuaeM kK ypaBHeHHAM:

my Tddt— [ri’ vi] = [l",;, Fiz] + [ri. Fi]:
mzé' [l'g, Vz] = —[l'z, Fl’z] + [rm Fz]-

Macca ecTb nocrosiHHas CKaJigpHasa BeJHYHHA. HOSTOMy €€ MOXKHO
BHECTH II0J 3HAK HpOHSBOILHOﬁ [10 BpEMEHH H B BEKTOPHOE I1DOH3BEC-
JEeHHue:

(29.3)

M- [1v]= o [r, mv]=—[r, p]

[TpunsB 310 BO BHUMaHHe, CJI0XKHUM BMecTe ypaBHeHus (29.3). B peaynn-
TaTe IOJYYHM:

'%{[ri: pi]4[re pz]}=[(r1~—r2), Fy]+[ri, Fi]+[r, F.).

BeKTOPI:I rn—r; u Fp, KOJ/IITHHEAPHBI; I[MO3TOMY HX BEKTODHOE IpPOH3-
BEJICHHE paBHO HYJIO. Takum 06p830M, MBI IIPHXOAHM K COOTHOLUEHHMIO

';_t' {[ri' pi]+[ra Pz]} =[ri, Fi]4[rs F,l. (29.4)

Ecay cHcTema 3aMKHYTa, NpaBasi YaCTb 3TOT0 COOTHOLUEHHS] paBHa HY.JIIO
H, CJIeJIoBaTe/ILHO,

[r, pil+Irz, p.]=const.
Mur npumain X agauTiBHON coxpaHsiomefics
BeJHYMHe, KOTOPYIO Ha3HBAalOT M O M € H-
TOM MMINYJbcCa?l) OTHOCHTENLHO TOYKU
O (cM. puc. 29.1).

Jas oTne/pHO B3ATOR YacTHIEL M O-
MEHTOM AMOyJabca OTHOCIH-
TelbHO TOYKH O HasnBaercs ICEB-
JOBEKTOD

M=I[r, pl=Ir, mvl. (29.5)

Punc. 29.1. MomeHnToM HUMITYJbCa CHCTEMBI OTHOCHTEJIBHO
Toukd (O Ha3swiBaeTcs BEKTOPHaﬂ CyMMa MO~
MEHTOB HMIYJBCOB YACTHL, BXOAAIIHX B CHCTEMY:

M=$IM1'= ;[ri: p:]- (29.6)

1) ¥Ycrapebnee HasBanMe 3TOfi BEIHIMHH — MOMEHT KOJHYECTBA JBHXKEHHS,
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[poekuus BekTopa (29.5) Ha HEKOTOPYIO OCh 2z Ha3BIBAE€TCHA M O-
MEHTOM HMNYJdbCca YaCTHIH OTHOCHTEJbHO 3TON
OCH.

M, =[p]up .- (29.7)

AHanorsyHO MOMEHTOM UHMnOyabca CHCTEMB OTHO-
CHTEJBbHO OCH 2 Ha3bBaercsa BeJHUNHA

M, = Z (s Pilnpe- (29.8)

M3 puc. 29.2 Buano, 4ro MORYJ/Ib BeKTOpa MOMEHTAa MMMyJbca Ya-
CTHLLI paBeH

M=rpsina=Ip, (29.9)

rie [=rsin & — pAMHa nepneHAMKyJsipa, ONYIIEHHOro M3 ToukM O
Ha npsAMYIO, BIOJb KOTOPOH HampabJ/ieH UMINYJbC YaCTHLM. JTa LIHHA

|
I=rsine |

M ————

Puc. 29.2. Puc. 29.3.

Ha3piBaeTcA NJNE€YOM HMNYJdbCa OTHOCHTEJBHO TO-
uk 1 0. Puc. 29.2 BuINoJIHEH B NPeANOJIOXKEHHH, YTO Touka O, OTHOCH-
TEJbHO KOTOPOH GepeTcsi MOMEHT, H BEKTOpP P JIeXKaT B IVIOCKOCTH pH-
cyHka. Bekrop M nepneHIuKy/speH K NJIOCKOCTH PHCYHKAa H Hanpas-
JIEH OT Hac.

PaccmoTpiM 1Ba XapaKTepHHIX NpHMepa.

1. TlycTb wacTHUA JBHXKETCA BIOJb NpSAMOM, H300paKeHHOH Ha
puc. 29.2 nyHKTHpOM. B 3TOM cilyyae MOMEHT MMNyJIbCa YACTHIB! MO-
ET H3MEHATLCA TOJILKO NO BenuunHe, MoZysan MOMeHTa paBeH

M= mul, (29.10)

MpHYeM IJIedo [ OCTaeTcs HEH3MEHHBLIM.

2. YactHua Maccel m JBHXKETCA TI0 OKPYXHOCTH pazuyca R
(puc. 29.3). MoMeHT HMIyJ/IbCa YACTHIEI OTHOCHTEBHO LEHTPA OKPYX-
Hoctd O paBeH MO MOZYJIO

M = muR. (29.11)

Bextop M nepneHAMKYJISipeH K IVIOCKOCTH OKDYKHOCTH, NpHYeM Ha-
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npaBjieHNe IBMXKEHUS YacTHIEI U BeKTop M 06pa3yioT NpaBOBHHTOBY1O
cuctemy. [TockonbKy nsiedo, paBHOe R, OCTaeTCst MOCTOAHHBIM, MOMEHT
HMIOYJBCA MOXET W3MEHATbCS TOJNBKO 32 CYET H3MEHEHHs MOINJA
ckopoctH. IIpu paBHOMEDHOM [BMXEHHH YacTHLH IO OKPYIKHOCTH
MOMEHT HMIYJIbCa OCTAETCH MOCTOSIHHEIM M MO BeJMYUHE, H [0 Hanpab-
JIEHNIO.

TlcernoBexTOp

N=IrF] (29.12)

HasplBaeTcA MOMEHTOM CHJAH F oTHoOCHTEenBHO TO Y-
K ¥ O, U3 KOTOpOH NpPOBOAHTCS PajMyC-BEKTOP I' TOYKH NPHJIOXKECHIIA
cuanl (puc. 29.4). M3 pucyHKa BHAHO, YTO MOAYJ/b MOMEHTa CHJBbI MOXK-

HO TpEICTaBUTh B BHJe
N=rF sin a=IF, (29.13)

rie [=rsinaa—njge4yo CUJBl OTHOCHTEJbBHO TOUY
Ku O (T.e. AIMHA NeprneHANKYJspa, OnylleHHoro M3 ToukH O Ha
NpAMYIO, BJOJb KOTOPOH JEeHCTBYET CHJa).

”
z
Fuﬂ__ | F
!
R A -
N-g x Ff FR
o ™
YF
H 7
[}
Puc. 29.4. Puc. 29.5.

Ilpoekunss Bexktopa N Ha HEKOTOPYWO OCb 2, NPOXOASILLYIO uepe3
Toyky O, OTHOCHTENBbHO KOTOPOH onpeznesieH N, HasklBaeTcsi M O M e H-
TOM CHJIBL OTHOCHUTEJAbHO 3TOH OCH:

N,=[rF], . (29.14)
Pasnoxum BekTop cuael F (puc. 29.5) Ha TpH B3auMHO NepneHIUK V.asIp-
Hble cocraBasiomue: Fy — napannenbnylo ocu z, Fp — nepneHanky-

JSPHYIO K OCH z H JeHCTBYIOILYIO BIOJb NPSAMOH, NMpoXoAasfilell yepes
ocb, ¥, HakoHell, F; — mepneHAUKYASPHYIO K NJOCKOCTH, NpoXxoasiel
yepe3 OCb M TOYKY NPHJIOKEHHs CHJBI (3Ta cocTaBasionias oc6o3HaueHa
Ha pUCYHKe KPYMKOM ¢ KpecTukom). Ecau npeactaBHThL ceGe OKpY:K-
HOCTb paZnyca R ¢ IIeHTpOM Ha ocH 2z, To cocrtaBaswowmas F,; O6yzer
HanpaB/ieHa MO KacaTeJbHOH K 3TOH OKpyxHocTH. MomeHT cuianl F
OTHOCHTeJIbHO TOYKH O paBeH CYMMe MOMEHTOB COCTaBJMIOMINX: N=
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=N+ Ng+N.. Bexropst Ny, # N nepnesanky/aspHbl K OCH 2, rno-
3TOMY MX NPOEKUMH Ha OCb z paBHHl HYJIO. MoMenT N; HMmeer Momy.ib,
paBHblit rF,, 1 ofpasyeT ¢ OCblo Zz Yros @, KOCHHYC KOTOPOTO paBeH
R/r. CnenoBaTe/ibHO, MOMEHT cocTaBJstolelt F; OTHOCHTENBHO OcH 2
umeeT BelHyuHY N, cosa=RF, Takum o6pazoM, MOMEHT cuabl F
OTHOCHTEJIBHO OCH Z paBeH

N,—=RF.. (29.15)

Ho cux mop noa F, Mbl moHHUMaJaH MoayJ/b cocrapastomeil F.. OxHako
F. MOXXHO paccMaTpHBaTb KaK MPOEKLHIO BeK-
Topa F Ha opT T, KacaTe/IbHBIl K OKPYXHOCTH
paauyca R M HanpaBJ/IeHHbIH TaK, YTO JBHXKE-
HHE I10 OKPYXKHOCTH B HampaBJ/leHHH T ofpasyer
¢ HanpaBJieHHEM OCH Z IPAaBOBHHTOBYIO CHCTEMY.
ITpu Takom HcronkoBanuu Fp dopmyna (29.15)
6yner omnpeneasTe W 3HakK N,.

Mowment cnasl N xapaktepusyer cmoco6-
HOCTb CHJIHI BpalllaTb TeJO BOKPYr TOYKH, OT-
HOCHTEJIBHO KOTOpOil OH Gepercs. 3aMeTHM, 4TO
B TOM CJly4ae, Korja Tejo MOXeT BpallarbCsi OT-
HOCHTeJIbHO TOYKH O TNPOH3BOJIBHEIM 00pa3s’oM,
nox neHCTBHEM CHJIbI TeJI0 NOBEPHETCH BOKPYr
OCH, MeprneHAHKYASPHOA K MJOCKOCTH, B KOTOPOH JieXaT CHJa H Tou-
Ka O, T. e. BOKpPYT OCH, COBNajamoLlell ¢ HanpaBJeHUEM MOMEHTa CHJIBI
OTHOCHTENBHO JAaHHOH TOYKH.

MoOMeHT CH/BI OTHOCHTEJNBHO OCH 2z XapakKTepu3yeT CHOCOOHOCTb
CHJIBl BpallaTh Tes o BOKPYyr 3T1oit ocu. CocraBastomme F, u Fp He
MOTYT BbI3BaTb BpalleHHS BOKPYT OCH z. Takoli MOBOPOT MOXeT ObITh
BbI3BaH TOJBKO cocraBasiowlel Fp, npuuem 3Ta cocTaBasiioumlast TeM
ycnelHee OCYIIECTBHT MOBOPOT, 4eM OoJblie ee Iieyo R.

[lBe paBHbIe MO BeJHYHMHE MPOTHBONOJIOXKHO HalpaBieHHble CHJBL,
He JeficTBYIOLHEe BAOJb OJHOH MPSMOH, HA3bIBAIOTCA MaPOH CHJ
(puc. 29.6). Paccrosinue [ MeXAYy NPSIMBIMH, BIOJb KOTOPBIX IEeHCTBYIOT
CUTBl, HasbiBaeTcsi nmJaeudyoM napsel. CymvmapHbii MOMeHT oOpa-
sylowux mapy cua F, u F, paBeH

N=[l‘1, Fl]‘l—[rz. F2]

Yura, uto F;=—F,, MOXKHO HanucarTh:
N=—[I’1, F2]+[l‘2, F2]=[(l'2—r1), F2]=[l’12, F.l, (29-16)

TA€ Ty ,=C,—T; — BEKTOp, NPOBEAEHHbIH U3 TOYKU IPUJIOMEHHUS CHJIbI
F, B Touky npunoxenus cuiael F,. Boipaxenue (29.16) He 3aBHCHT OT
BolGopa Touku O. CjenoBaTesibHO, MOMEHT Mapsl CHJI OTHOCHUTEJIBHO
MoGoil TOUKU 6YAET OAHH Y TOT Ke. BekTop MOMeHTa mapnl CHJ mep-
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NeHAHKYJsIpeH K IJOCKOCTH, B KOTOPOH JiexxaT cHJbl (cM. pHc. 29.6),
W 4HCJIEHHO paBeH NPOM3BeJeHHIO MOAYJA Jii060H H3 CHJ Ha Ilevo.

Cusibl B3a¥MOJIEHCTBHSA MEXAY YacTHIAMH JeHCTBYIOT B IPOTHBONO-
JIOXKHBlE CTOPOHHI BIOJIb OJHOH M ToH ke npsamoft (puc. 29.7). Ux mo-
MEHTbl OTHOCHTEJBHO NPOM3BOJIbHOH TOUKM O paBHLI MO BEJHUYUHE H
NPOTHBOMNOJOXKHEI NO HanpabJjeHHIO. [T03TOMY MOMEHTHI BHYTPEHHHX
CHJI MONapHO yPaBHOBELIMBAIOT APYT ApPYra, H CyMMa MOMEHTOB BceX
BHYTPEHHHX CHJI JJIfl JMIOGOH CHCTeMBbl YacTHI, B YaCTHOCTH JJisl TBep-
JOro Teja, BCerAa paBHA HYJIO:

3 Nonyzp=0. (29.17)

B cooTsercTBHY ¢ onpeneneHussMH (29.6) u (29.12) ypasuenue (29.4)
MOXKHO 3anucath cjeaymoouuM o6pasom:

d
L M=3 Nyeu. (29.18)

Sta dopmyna cxoaHa c dopmyJoit (27.3). M3 cpaBHerusa 3THX dopMy.I
BLITEK2eT, YTO MOAOGHO TOMY, KaK NPOU3BOJHASA
[0 BPEMEHH OT HMMIYJbCAa CHCTEMbl paBHAa CYMMe
BHEIIHUX CHJI, TPOM3BOAHAS NO BpeMEHH OT MO-
Fz2  Menta uMny/ibca paBHa CyMMe MOMEHTOB BHell-
| HHX CHJI.
M3 (29.18) BmiTekaer, 4TO mNpH OTCYTCTBHH
E BHewHHX cua dM/df=0. CaepoBaTesbHO, AJsA 3a-
Z  MKHYTOH chcTeMbl M mocTosiHeH. D10 YTBEPKIEHHE
COCTaBJ/IsSIeT COJepKaHHe 3aKOHa COXDP a-
HeHHS MOMEHTAa HUMODYJdbcCa, KOTO-
Pue. 29.7. peiil  GopMyJaHpYyeTCs CJeAyHIoUMM 06pasoM: Mo-
MEHM  UMnYa6Cca 3AMKHYMOL cucmemp. mamepu-
QAbHBLX IMOYEK OCIMAeMmCs NOCIMOSAKHBIM.
M1 nokasanu coorHowenue (29.18) ais cucTeMbl M3 ABYX 4aCTIILL.
Onnaxko ero Jierko o6o6WuTh Ha cayyail Jo6oro ykcaa yactun. Hanu-
LleM YpaBHEHHSI JABHXKEHHS 4YacCTHIl:

ml‘.ll = §F1k"|‘F1‘o

.y

Tz

mi‘.'i = ;Fik_*' Fi

mN‘./N = ; FNk+FN'

YMHOXKHB KaXJi0e U3 YPaBHEHHUII Ha COOTBETCTBYIOIUMA Paauyc-BeKTOp,
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noayuum (cMm. (29.2)):
d—d,[ri- Pl]=zk:["n Fi] +[r, Fil,

drlre od=2 I Ful+lrs B

'% [t Pyl= ; [rar Funel+[rn Fal

Caoxium BMecTe Bce N ypaBHEeHHMI:

%};Mi = ; [ri Fik]_l';[ri' F.].

(i =k

[Tepsas cymMMa B mpaBoft HacTH NpeACTaBJAET COGOM CYMMY MOMEHTOB
BCEX BHYTPEHHHX CHJ, KoTopasl, KaK Mbl [OKa3a/JH, PaBHa HYJIO (CM.
{(29.17)). Bropasi cymMMa cnpaBa ecTb CyMMa MOMEHTOB BHEIUHHX CH.JI.
CnenoBatenbHo, Mbl NpuIIK K dopmyJe (29.18).

OTMeTHM, 9TO MOMEHT MMIYJbCa OCTAaeTCsi NMOCTOAHHBIM M AJS He-
3aMKHYTOR CHCTeMBl [IPH YCJIOBMH, YTO CYMMAapHHH MOMEHT BHEIIHHX
cun paBeH HyJIO (cM. (29.18)).

CrnpoekTHpOBaB BCe BeJHYHHHI, BXOAsllHe B ypaBHeHMe (29.18),
Ha HEKOTOpOe HallpaBJieHHe 2, MOJIyYUM COOTHOLLUEHHE:

d
d_t' MZ = E Nz BAemA? (29 1 9)

COrJIACHO KOTOPOMY [POM3BOAHAS MO BpeMeHH OT MOMEHTa HMIYJibca
CHCTEMbI OTHOCHTEJBHO OCH 2 paBHa CyMMe MOMEHTOB BHELIHHX CHJ
OTHOCHTEJIbHO 3TOH OCH.

M3 (29.19) cnepyer, uto B TOM CJyyae, Korla CymMMa MOMEHTOB
BHEIIHHX CHJI OTHOCHTE/NIBHO HEKOTOPOH OCH paBHa HYJO, MOMEHT
MMITYJIbCA CHCTEMBI OTHOCHTEJIBHO 3TOM OCU OCTaeTcs HMOCTOSIHHBIM.

§ 30. /iBHxeHHe B LIEeHTPAJAbLHOM MoOje CHJ

PaccmoTpuM wacTHiy, HaxXomfillylocs B LEHTPaJbHOM IIOJe CHJI.
HanomHnM, uTO HampaBjeHHe CHJIBI, AeHCTBYIOLIEH Ha YacTHLY B JO-
Goil TOYKe TaKOro noJis, MPOXOAMT depe3 ToykKy O — WLeHTp noad,
a BeJMYMHA CHJIBI 3aBMCHT TOJLKO OT PacCTOSIHHA A0 3TOTrO LEHTPa.
Jlerko coo6pa3uTh, YTO 3aBHCHMOCTb CUJbl F OT r MmMeeT BHA:

F=f("e, (30.1)
rie e, — opT paauyca-ektopa (puc. 30.1), a f(r) — mpoeKuus Bek-
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TOpa CHJH Ha HanpaBjieHMe pajnyca-BeKTopa, T.e. F,. [lna cuam
OTTaJIKUBaHUsA QYHKIUS f(r) NOJOXKHTENABHA, A8 CUJIbl NPHTAXKEHUA —
orpuniatenbHa. Puc. 30.1 BrImosiHeH AJ1A c1yYast OTTaJKMBaHH S YaCTHLEI
OT CHJIOBOTO LeHTpa. Popmyaa (30.1), paaymeercs, cipaBel/THBa TOJbKO
B TOM CJy4ae, ecJli HauajJo KoopiaMuHar (T. e. TOuKa, 113 KOTOpO# npo-
BOAATCA PaANyCLI-BEKTOPHI) NMOMELIEHO B IEHTP MOJIA.

e
m
T

e

¢

/)

Pue. 30.1. Pre. 30.2,

Moment cuael (30.1) oTHocHTenbHO TOuUKM (), OYEBMAHO, PpaBeH
nymo. 310 cnefyeT H3 TOro, YTO MJedYo CHJbI paBHO HY.Jlo. OTciona
B cootBeTcTBHH ¢ (29.18) BhITEKaeT, YTO MOMEHT MMNYyJbCa YaCTHLHI,
IBHXKYLIEHCA B [EHTPAJbHOM MOJe. CHJI, OCTaeTcs NOCTOAHHBIM. Bek-
Top M=I[rp] B KaxIpli MOMEHT BpeMeHH MEPNEHAHKYJIAPEH K MJIOCKOC-
TH, o6pa3oBaHHON BeKTopamHu r W p (puc. 30.2). Ecin M=const, sta
nJaockocTe 6yner ¢uKcHpoBaHHOR. Takum o6pa3oM, NMPH ABHKEHHH
YaCTHUBI B LEHTPAJbHOM MOJIE CHJI ee paAHyC-BEKTOp OCTaeTCsl BCe BpeMs
B OfHOA NaoCKoCcTH. B 3TOfl e NJIOCKOCTH JIeXXHT Bce BpeMsi BEKTOP p.
CnenopaTe/lbHO, TPaeKTOPHA YaCTHIBI NMpeACTaB/seT COGOH NJIOCKYI0
KpuBywo. [lnockocTb, B KOTOPOH JIEMHT TpaeKTOpHS, NMPOXOAHT yepe3
ueHtp noas (cm. puc. 30.2).

Ha puc. 30.3 u3o6paxeH y4acTOK TPaeKTOPHH HacTHUE! (BeKTop M
HanpaBJieH Ha yepTeX). 3a Bpems d! paiHyc-BEKTOP GaCTHULI ONHCHI-
BaeT 3alUTPUXOBAaHHYIO mJowlafb dS. 3ta mjowajb paBHA MOJIOBHHE
IJIOIIAAH NapaJyienorpamMma, MOCTPOEHHOrO Ha BeKTopax I M v di.
Iocnennss B cBOWO oyepenb paBHA MOAYJIO BEKTOPHOrO NPOU3BEJEHHA
[r, v d?] (cM. Tekcr, cienytomuit 3a dopmyiofi (2.28)). Takum o6pa3om,
nJouwajb 3alITPHXOBAHHOTO TPEYroJbHHKAa paBHa

1 1 1

(MBI BHIHEC/IH CKaJIfipHBEI MHOXHTeJb d! 32 3HAaK BEKTOPHOTO NpOM3Be-
Jenns). Paanenup obe 4acTH MOJIYYEeHHOrO COOTHOLIEHWS Ha di, mony-
YuM, 9TO

ds M
=g (30.2)
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Benuunna dS/df, T.e. niowaab, onuckiBaemMasi paiHyCOM-BEKTO-
pOM 9aCTHUBEI B eIMHHIY BpeMEHH, Ha3blBaeTCi CeKTOPH aJ b
Ho#h cKopocTbhlo. B uenrparsHom none cnn M=const, cneno-
BaTeJbHO, H CEKTOPHaJbHAasl CKOPOCTb YACTHIEI OCTAETCS NMOCTOSIHHOIL.

g

Pne. 30.3. Puc. 30.4.

Haiizem BbipaxkeHHe MOMEHTa MMNYJbCa 9acTHOBI B NOJISIPHEIX KO-
opanHarax r u @ (puc. 30.4). Cornacto dopmyaam (3.12)—(3.15) BekTop
CKOPOCTH YaCTHIKI MOXKHO TNpPEACTaBHTb B BHAE

v=v,+ v,=re, -} roe,. (30.3)
TToacraBuB 3T0 BLIpaxenue B dopMmyay mias M, monyunm:
M=m[ev]=m[rv, ]+ m[rve].

BeKTopEI I H v, KOJJIHHEAPHE], NO3TOMY NEpBOe cJlaraeMoe paBHO HYJIO,
ChenoBaTeJibHO,

M=m[rvo]=m[r, roeg]=mro[r, epl.

BektopHoe npousBeneHue [r, e,] paBHO re,, rie e, — opT ocu z (na
puc. 30.4 sTor opT HanpaBJeH Ha Hac). Takum oGpasoMm,

M = mrge,. (30.4)
Orclola 3aKjawouaeM, YTO

M, =mrg, (30.5)

rie M, — mnpoexkuus MOMeHTa HMIyJkca Ha OChb 2. Monyae MomeHTa
MMIIYJbCa paBeH Moaysio Bhipaxenus (30.5).

Tenepr o6paTHMCsi K 3HepruM uactHubl. llenTpasibHble CHJBI fiB-
Js1oTCs KoHcepBaTHBHBIMU (cM. § 21). Corsacno (22.1) pa6ota Komcep-
BATHBHOH CHJIbI paBHa YOBIM MOTEHUMaJbHOM 3HepruM uacTuunl U.
INostoMmy ans cuanl (30.1) umeer mecto cootHomenne dA=—dU, T. e.

dU=—dA=—f(r)e,dr=—f(r)dr.
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npOHHTerHpOBaB 5TO COOTHOLICHHE, MNOJIYUHM, UTO
v=—"{f(@ar. (30.6)

M3 (30.6) cnenyer, 4TO nMoTeHUHAJbHASA SHEPTHS YaCTHLBI, HaXojsLleH-
sl B MOJIe UEHTPaJbHBIX CHJI, 3aBHCHT TOJILKO OT PAacCTOSIHMA 10 LeHTpa
r: U=U(r).

Oco6rIfi HHTepec NMpeACTaBJSIOT CHJbl, 06PaTHO NMPONOPUHOHAJbHbIE
KBajJpaTy pacCTOSIHHA OT cHJoBoro ueHrpa. Has uux ¢yHkuus f(r)
B cdopmyae (30.1) umeeT BHA

F(N =17, (30.7)

rie o — nocTosiHHas BeJHYMHA (2>>0 COOTBETCTBYET CJy4alOo OTTasKH-

BaHHA OT lleHTpa, a<<0 — caydar NpHTSEHHS K ueHTpy). K uucay

TAKHX CHJ NpPHHAJJIEXAT TpPaBHTAaLHOHHbIE M KYJOHOBCKHE CHJIBL.
[ToacranoBka ¢ynkuuu (30.7) B Boipaxenue (30.6) naer:

U=—aS%=%+C,

rie C — nocTosiHHas WUHTerpHpoBaHUsi, OGLIIHO YCJIOBJIMBAIOTCH CUH-
TaTh MOTEHIHAJBHYIO SHEPrHi0 Ha GeCKOHeYHOCTH (T. e, NPH r=oo)
paBHoO# Hyso. [Ipu atom yenosun C=0, Tak 4TO

= (30.8)

Wrak, mnosHas MeXaHWYeCKass 3Heprusl dacTHUBI, ABHKYLielics
B MOJIe UEHTPAJIbHLIX CHJI, O6PAaTHO IPOIOPIHOHA/BHEIX KBajpaTy pac-
CTOSIHHSA, OMpefeAeTCss BhIPaXKEeHHeM
m? |
=1 (30.9)
3ameHHB B coOTBeTCTBHH ¢ (30.3) KBaZpaT CKOPOCTH vV CyMMO# KBazpa-
TOB CKOpOCTeH V, H Vg, T. €. MOACTABHB BMECTO U? BHIpaXkKeHHE r2-+rig?,
NOJYy4YHM, UTO
mr? mriq?

E="—4+2 0 42, (30.10)

B ueHTpanbHOM mHoJsie SHEPTHSL 1 MOMEHT HMIYJIbCa YacCTHLLI COXpa-
Hsamworcs. ClefoBartesbHO, JeBble dacTH dopmya (30.5) u (30.10) mpen-
CTaBJsAI0T co60H KOHCTaHTH. TakHM 06pa3oM, Mbl IDUXOAHM K CHCTEME
IBYX AHndpdepeHUHANbHBIX ypaBHeHHH:

mrp = M, = const,
(30.11)

mr® 4+ mrg? - —2ri =2F = const.
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[TporHTErpHpOBAaB 3TH ypaBHEHHS, MOXHO HafiTH r H @ KakK GyHKuun
OT {, T. €. TPa€KTOPHIO W XapaKTep ABHXKeHUsl dacTHubl. OTMETHM, 4TO
B ypaBHeHHst (30.11) BXoasiT mepBble MpPON3BOAHLIE MO BpPEMEHH OT 7
1 @. [TosToMy HX ropasio Jerue pewrdTb, YeM ypaBHeHHS, BEITEKAIOLLHe
u3 3akoHoB HbloToHa, KOTOphIe cofiepaKaT BTOPLIE MPOU3BOIHBIE OT KO-
OpJHHaT.

Pewenne cucremel (30.11) BBHIXOAMT 3a paMKH JAHHOH KHHrH. Mml
OrpaHMYHMMCA TEM, YTO MNpHBeJeM KOHEUHBIH pe3yabraT. Tpaektopus
YaCTHIEI NPEACTaBJIsieT co60f KOHHUECKOe CeueHHe, T. €. SJUIMIIC, J160
napa6oay, sau6o runepbony. Kakas M3 3THX KpHBBIX HaG.iofaercs
B JaHHOM KOHKDETHOM CJlydae, 3aBHCHT OT 3HaKa KOHCTaHThI G H Be.IH-
YHHBl MOJHOH 3HEPrHH 4YacTHLHI.

£30

£<g

Puc. 30.5. Puec. 30.6.

B cayuae orrankuBanusa (T.e. npu a>0) TpaeKTopHell 4YacTHubI
MOXeT GbiThb ToJbKO rumepGona (puc. 30.5). Ecnn M,=0, runep6ona
BEIPOXJAeTCl B NpPAMYIO, NpPOAOJ2KEHHe KOTOPOH TNPOXOAHT 4Yepe3
cuioBoil ueHTp. 3ametruM, uTo npH >0 moJiHas 3HepruaA-(30.9) He
MOXeT OBbITb OTPHIIATeJbHOH.

B cayvyae npuraxenusa (t.e. npu a<<0) mosHas 5HePrUs MoxeT
ObITH KaK MOJIOXKHTENbHOH, TaK H OTPHLATEJNbHOIl; B 4aCTHOCTH, OHa MO-
JKeT oKasaTbcs paBHoil mymo. Ilpu E>0 TpaektopHusi oKasbiBaercs
runep6onoi (puc. 30.6). Ilpu E=0 Ttpaekropusi 6yaer napabosoii.
DTOT Cciayual ocyluecTB/seTCs, €CJH 4YacTHLA HauyHHaeT CBOE€ JBHXKe-
HHE M3 COCTOSIHHA NOKos Ha OeckoHeuHoctH (cM. (30.9)). Hakownen,
npu E<<0 Tpaektopueil 6yner sanunc. [Ipn 3sHaueHHAX SHEPTHH U MO-
MEHTa HMMYJbCa, YAOBJAETBOPAIOMWHKX ycioBHIO E=—ma?/2M?2, snnunc
BLIDOXKJaeTCsl B OKDPYKHOCTb.

JlBuxeHHe mo 3JaJMNCY SBJAAETCA (PHHHTHBIM, ABHXKEHHE IO Tmapa-
6osie ¥ runep6oste — uHGHHUTHBIM (CM. § 26).
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§ 31. 3apaua aByx Tel

3anaveil ABYX TeN Ha3blBaeTcsl 3ajaya O ABHXKEHHH ABYX B3aHMO-
meiicTBytoulux 4acTtuu. CucTema, o6pasoBaHHasi 4acTHUAMH, Npeano-
Jaraetcs 3aMKHYTofi. B § 27 6b110 BHIsSICHEHO, YTO LIEHTP MacC 3aMKHY-
TOH cHCTeMB! JTUGO HOKOMWTCS, JH-

% J4 1 60 [BHXKETCH NpPAMOJHHEHHO |

o s
) o *7,  PaBHomepro. Bynem pewats 3a-
Jayy B cHCTeMe UeHTpa Macc (B
p er c r I-CHCTeMe), MOMeCTHB Hayaso Ko-
) P o 8- Yo -
o — %,  OPAHHAT B TOUKy C. B stoMm cay

yae rpo=(myry+msry)/(my+my)=
F.=f(r)en E,=-f(rlep =0, T.e.

ﬂ) ;”I 7 o~ Mz m1r1=_mzr2 (31 . 1)

P &

(puc. 31.1, a). Benem BekTOp
r=r,—Tr,, (31 2)

Puc. 31.1.

ONpefeAOWHA NOJOKEHHe BTOPOH 4YaCTHUBI OTHOCHTEeJIbHO MepBOH
(puc. 31.1, 6). Pewas cosMectHo (31.1) u (31.2), nerko Haitte, uTO

_ m . my
n=—atm S mrm (31.3)

IMogo6Ho (23.1), moxHO Hanucath, 4to Fi,=—F, =f(r)e,, rie
f(r) — OYHKUMSA pPacCTOSHHA MEXAY YacTHIAMH, NOJNOXKUTeNbHad 1151
cua nputseHusa (puc. 31.1, 6) M oTpHUAaTe/bHaA AJNA CHJ OTTaJNKHBA-
Husi. HamuiueM ypaBHeHMs IBHXEHHS YacTHLL

m1.|:1'=f(r) € mzi:2=_f(r) €.

Pa3nennm nepBoe ypaBHeHHe Ha fmy;, a BTOpOe — Ha 1, M BHIUTEM
3aTeM H3 BTOPOro YpaBHEHHs nepBoe. B pesynbrate moJy4um:

i:z_Fl:—( )f(r)e
CornacHo  (31.2) neBas 4YacTh ecT Taxum obpazomM,
. 1 1
r=—<m—1—|- mg)f(r) e,. (31.4)

YpaBHeHHe (31.4) MOoXXHO (OopMasNbHO paccMaTpHUBaTb KaK YpaBHe-
Hue JABHXKeHHS BOOOpaMaeMOH YacTHILI B LEHTPAJbHOM [OJie CHJI.
[TonoxkeHHe YacTHUBI OTHOCHTE/JbHO LEHTPA CHJI ONPENE/NAETCA PagHy-
com-BekTopoM r. Cornacxo (31.4) BooGpaxkaeMoii yacTHue HYXHO MpH-
NHUCcaTh Maccy [, ONpelensieMyto YCJOBHeM

1 1 1
p—m1+mz . (31.5)
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OTcroza
myimy
my+my °

Beanununa (31.6) HaspBaeTci NMpHBeleHHON MacCoOH ua-
CTHILL.

Takum o6pa3oM, 3ajaua JBYX Tesl CBOIMTCS K 3ajaye O JABHXKEHHH
OIHOM YacTHIEI B LeHTpaabHoM noJie cui. Haiinst us (31.4) r kak dyuk-
1310 {, MOXXHO onpeleautb no ¢opmynam (31.3) ri(f) 1 r.(f). Bexropnl
r; ¥ I, OTKJaABIBAlOTCA K3 ueHTpa Mmacc cucteMmbl C. Ilostomy, uTOGHI
MOxHO OBIJIO BOcHoJb30BaThesl dopmynaamu (31.3), paauyc-BeKTop r
BooOpaXkaeMOH YaCTHIUBI HYXXHO OTKJaJbBaTh Takke H3 ToukH C (zas
peaJibHHIX 4acTHI BeKTop (31.2) mpoBomuTCs OT nepBOH YacTHUBI KO
BTOPOIt).

M3 cdopmya (31.3) u puc. 31.1 Buaso, uTo obe 4acTHUBl ABIXKYTCH
OTHOCHTEJIbHO LIEHTPa MacC MO reoOMeTpHYeCKH NOAOGHBIM TPaeKTOpH-
s\ 1), MpHYeM npsMasi, COeNUHSIOUIAs YacTHIbl, BCe BpPeMs NPOXOANT
uepe3 LIEHTP Macc.

p= (31.6)

1) B cnyuae, Xorga cuia B3aUMOJeHCTBHS oGpaTHO MPOMOPLUHOHATLHA KBAaZpaTy
PACCTOSAHUA MEMXIY YaCTHLAMH, 3TH TPaeKTOPHHM NPEACTAaBJANT co6Ofl 3JJIHNCH, HIH
napa6oabl, WaH runepGoasl (cM. § 30).



FrTABAIV
HEUHEPLUAJIBHBIE CHCTEMbI OTCHETA

§ 32. Cunbpl HHEpUHMH

3akoHbl HploTOHa BHINOJIHSIIOTCA TOJIBKO B HHepUHAJbHBIX CHCTE-
Max orcyeta, OTHOCHTENBHO BCEX HHEpLUHAJbHBIX CHCTEM JAHHOE TEJO
ABHXKETCA C OJHHAKOBBIM YCKOPCHHEM W. Jliobasn HenHepLuHaJabHas
CHCTeMa OTCYeTa JABHXETCHA OTHOCHTE/JbHO HHEpPUHAJIBHBIX CHCTEM C HE-
KOTOpPBLIM YCKOpDE€HHEM, II03TOMY YCKOpEHHE TeJia B Heunepuuanbﬂoﬁ
cHcTeMe oTcyeta w' 6}’}.16’1‘ oTyinyHo oT w. OGo3HauYuM Pa3HOCTb YCKOpe-
HUH Tesla B HHepuuaanoﬁ H He’HHeleP[aJIbHOﬁ CHCTeMax CHMBOJIOM a:

w—w' =a. (32.1)

Il mocTynaTesIbHO IBIDKYINEHCS HeMHepUHaJbHOH CHCTeMBl a OIH-
HAKOBO J/151 BCEX TOYeK IIpOCTpaHCTBa (a=const) u npeacTapJsieT coboil
YCKOpeHHe HeHHeplUHaNdbHOM cuctembl orcueTa. JIis Bpalawouieiics
HeMHepUHa/JbHOA CHCTeMbl @ B pasHBIX TOYKaxX NpoOCTpaHCTBa Oymer
pasnuyHbiM (a=a(r’), rae r’ — paauMyc-BeKTOp, ONpeleNsoWHUi Io-
JIOXKE€HHE TOYKH OTHOCHTEJIbHO HEHWHepIHaJbHOH CHCTEMBI OTCYeTa).

Ilycte peaynbTHpylomas BceX CHJ, OGYCJOBJIEHHBIX AeHCTBHEM Ha
JaHHOE TeJIo co cropolml Apyrux Ttes, paBHa F. Toraa coriacHo Bro-
pomy 3akoHy HbloToHa ycKopeHHe Tesla OTHOCHTENBHO JOGOH MHepLH-
aJbHOH CHCTEMBI OTCUeTa paBHO

=LF.
m

YckopeHne e Tella OTHOCHTEJBHO HEKOTOPO HeHHepUHaJbHOH CHCTe-
MBI MOXHO B COOTBETCTBHH ¢ (32.1) npeAcTaBHTh B BUAE

’ 1
w —w—a-FF—a.

Orciona caeayer, uto aaxe npu F=0 Teso GyieT ABHraTbCs MO OTHO-
LIEHUI0 K HeHHEePUHaJIbHOA CHCTeMe OTcYeTa C YCKOpPeHHeM —a, T. e.
TaK, KaK ec/id 6bl Ha Hero ZeficTBoBaJsa CHJ1a, paBHast —ma.
Cka3saHHOe 03HaYaeT, YTO NMPH ONUCAHMH IABHXKEHHS B HEHHEpLHAJb-
HBIX CHCTeMax OTCYeTa MOXXHO I0JIb30BaTbCS YpaBHeHHsMM HbloToHa,
eci Hapsily C CHJaMH, OOYCJOBJEHHBIMH BO3JEHCTBHEM Tesl ApYr
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Ha JIpyra, VUHTbIBaTb TaK Ha3blBaeMble CHMJbB HHepuuu F;,
KOTOpble CJIefyeT MoJjaraTbh paBHbLIMH IIPOM3BEIEHHIO Macchl Tesla Ha
B3ATYIO C O6GpaTHHIM 3HAKOM Pa3HOCTb €ro YCKOPEHHH MO OTHOLIEHHIO
K HHepUMaNbHON H HeMHepLHa/JbHOH CHCTEMaM OTCYeTa:

F,,=—m(w—w')=—ma. (32.2)

CoOTBETCTBEHHO YpaBHEHHe BTOpOro 3akoHa HEIOTOHA B HeHHepIHaJb-
HOH cHucTeMe orcdeTa 6yIneT HMMeTb BHJ

mw' =F+F;,. (32.3)

ITosichuM Hallle YTBepXxJeHHe cJaefylolIUM NpHMepoM. Pacemotpum
TeJeXKKY C YKpenJieHHbIM Ha Hel KPOHIUTEHHOM, K KOTOpPOMY IOJBe-
el Ha HHTH WwapHK (puc. 32.1). IToka TesexkKa NOKOUTCH HJIH JBHIKET-
cs1 6e3 YCKOpeHUS, HUTb pacroJioXeHa BepTHKAJbHO U CHJIA TSKecTH P
ypaBHoBewnBaeTcs peakuueil HUTH F,. Temepb npuBeneM Tese KKy B
[OCTYNaTe/NbHOE JBHXKEHHe ¢ ycKopeHHeM a. HHTB oTK/IOHHTCS OT Bep-
THKaJH Ha TaKoH yroJ, 4ToGbl pesyabTupytomas cuia P u F, coobmana
1IapUKY YCKOpeHHe, paBHOe a. OTHOCHTeNbHO CHCTEMBI OTCYeTa, CBS-
3aHHOM C TeJIeXKKOH, LIapPHK NMOKOHTCHA, HECMOTPA Ha TO, YTO Pe3yJIbTH-
pywowas cua P u F, oranuHa oT Hyas. OTCYTCTBHe YCKODEHHS lIapHKa
110 OTHOILEHHIO K 3TOH CHCTeMe OTCcueTa MOXKHO (hopMajbHO OOBACHHTH
TeM, 4to, Kpome cua P u F,, paBHbIX B cyMMe rma, Ha IapHK AeHcTByeT
emwe ¥ cuiaa uHepuuu F; =—ma.

BpejeHne CHJ1 HHEPUHMH JaeT BO3MOMHOCTB OIWCHIBATH JBHXKEHHE
TeJl B JIOObIX (KaK MHEPUMAJbHBIX, TaK ¥ HeMHepLHaJIbHRIX) CUCTeMaX
oTcUeTa C MOMOLUBIO OJHHUX M TeX JKe ypaBHEHMil JIBHKEHHS.

CrelyeT OTYETJIHBO MOHHMATh, YTO CHJIBI MHEPLHH HENb3s CTABHTh
B OIMH PSX C TaKHMH CHJIaMH,

KaK ynpyrue, TIpaBHTalMOHHble ¥
CHJIBL U CHJIBI TPeHHsl, T. €. CHJa-

MH, 06YCJIOBJIEHHBIMH BO3JIeACTBH-

€M Ha TeJO CO CTOPOHBI APYTHX
TeJ. CHUJABl HHEPLUMH 00YCJIOBJAEHb!
CBOMCTBAMH TOH CHCTEMBI OTCYETA,

B KOTOpOH pacCMaTpHBAIOTCH Me-
XaHHYyecKHe sABJEHHA. B 3aToM
CMBICIE HX MOXHO Ha3BaTb (pUK- &’
THBHBEIMH CHJIaMH. () ()

BBezneHHe B paCCMOTpEHHE CHJI 7
WHEpPUUY He SIBJAAETCS NPUHLUUNH- Puc. 32.1.
aJbHO HeoOXoxuMbIM. B npuHiuHne
Joboe IBUKEHHE MOXHO Bcerja
paccMOTpeThb 0 OTHOLIEHHIO K HHepIHAJbHOM cucteme oTcuera. OnHaKo
NPaKTHYECKHM YacTO NpeNCTaBJsieT MHTepeC KaK pa3 JBHMEHHe TeJ
[0 OTHOILIEHHIO K HeHHEepLHa/JbHBIM CHCTeMaM OTCYeTa, HallpHMep IO
OTHOILUEHHIO K 3eMHOM noBepxHocTH. Mcnonb3oBaHue CUJI HHEPLHH JaeT

in—

)
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BO3MOXKHOCTb PelIUTb COOTBETCTBYIOULYIO 33Jlayy HEMOCpPeACTBEHHO Mo
OTHOUIEHHID K TaKOil cHcTeMe OTCYeTa, YTO YacTO OKa3blBaeTCA 3Hauli-
TeJILHO Mpolle, YeM pacCMOTpeHHe JBHKEeHUs B MHepLUaJbHOH CHCTeMe.

XapakTepHbIM CBOACTBOM CHJI MHEPLUMH SIBJAAETCA HX [PONOPLHO-
HaJbHOCTb Macce Tena, bJaarosaps 3ToMy CBONCTBY CUJIBI HHEPLMH OKa-
3bIBAIOTCH aHAJOTHYHBIMU cHJiaM TAroteHus. IlpencraBum ceGe, 4TO Mul
HaXOAHMCAl B YIAJEeHHOH OT BCeX BHEUIHHX Tes 3aKphToH KabuHe, Ko-
TOpasi ABHKETCA C YCKOpPeHHeM g B HanpasJ/ieHHH, KOTOPOEe Mbl Ha30BeM
«Bepxom» (puc. 32.2). Torpa Bce Tela, HaxoAsluecss BHYTPU KaGHHBbI,
OyLyT BecTH cefsl TaK, Kak ecad Obl Ha HUX JeficTBOBaJja cu/ia HHep-
uuH —mg. B vacTHOCTH, mpyXKHa, K KOHIY KOTOPOH MOJBEUIEHO TeJso
Maccol 1, pacTAHeTCSl Tak, YTOOhl ynpyras CHJa ypaBHOBeCHJa CHJY
uHepuun —mg. ONHAKO TaKue Ke BJeHHs HaG/ofanuch 6l H B TOM
ciydae, ecau Obl Ka6uHa OblIa HeMOJABHIKHOM W HaxoAuJsaach BOMU3U
noBepxHocTH 3emisd. He umes BOSMOMKHOCTH «BBITVIIHYTb» 32 Npefelsl
KaOUHbl, HHKAKUMH OINBbITAMH, [POBOAUMBIMH BHYTpPH KaGHHBI, MBI He
cMoran 6bl YCTAHOBHTbH, YeM 00yCJ/OBJIeHA CHJa —mg — YCKOPEHHBIM
IBUXKeHUeM KaGUHBI MJIM AeficTBHeM rpaBHTalHOHHOrO moJs 3emau. Ha
5TOM OCHOBAHHUH TOBOPAT 00 3KBHBAJEHTHOCTH CHJI MHEPUUH U TATOTe-
HuA (B OAHOPOAHOM TIpaBHTALlHIOHHOM I0Jie). 3JTa 3KBHUBAJEHTHOCTH
JIeXKUT B OCHOBe OOLLell TEeOpPHH OTHOCHTEJNbHOCTH JHHLITEHHA.

§ 33. UeHTpoGexHana cHJA HHEPUHH

PaccmoTpum AHCK, BpaualoOWMACA BOKPYr MepneHAUKYJspHOH

K HeMy BepTHKa/JLHOH OcH 2’ ¢ yrJIoBoM cKopocThio @ (puc. 33.1).
Bmecre ¢ aHckoM BpamiaeTcs HaieThlf Ha COMUY MAPHK, COEJMHEHHBIH
bepz c ueHTpoM Aucka mpykuHod. Ilapuk 3aHuMaer ua

g CrMHle Takoe NOJIOXeHHe, NPH KOTOPOM CHJIA HATs -

XKeHHsi mpyxuHbl F,, okasbiBaercs paBHOil npons-

BEJIEHHIO Macchl I1APUKa M Ha ero ycKopeHue w,=
=—0o2R (cM. (5.10); R — pagunyc-BekTOp, npoBe-

IOeHHbI! K IIApUKy M3 LeHTpa AdcKa, ero MoiyJb
z’r
(5]
”'
B —
2 = Fug
(it g '

Puc. 32 2. Puec. 33.1.
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R naeT pacCTosiHMe IapUKa OT LEHTpPa JHCKa):
F,p=— mo’R. (33.1)
OTHOCHUTEJIBHO CHCTEMBI OTCYeTa, CBA3aHHOH C JMCKOM, LIapHK [o-

KOHTCH, DTO MOXKHO (hOPMa/IbHO OGBSICHUTh TeM, 4TO, Kpome CuJbl (33.1),
Ha WapUK AeiCTBYyeT CHJA HHEPLHH

Fs=mo'R, (33.2)

HanpaBJ/leHHasl BJO/b pajHyca OT HeHTpa AHCKA.

Cuny uuepuuu (33.2), Bo3HHKaloUlyi0 BO Bpaarolleiica (1o OTHO-
'IIeHHIO K MHEPUHAbHEIM CHCTEMaM) CHCTeME OTCYETa, Ha3blBAlOT U € H-
TpoGeXHOH CHNOH MHepUHH Ira Cua JeHCTBYeT Ha

z'

Vi
R
; ?
© | A‘77
[ ?
|
1
i
’/ﬂ) - =l F=mw  P=mg
'g N 5
Puc. 33.2. Puc. 33.3.

TEJI0 BO Bpalllaiollefics CHCTeMe OTCYeTa, He3aBHCHMO OT TOro, MOKOUTCHA
TeJNo B 3TOM CUCTeme (KaK MBI MPeANOJaraau A0 CHX NMOp) WIH ABHXKETCA
OTHOCHTE/IbHO Hee CO CKOpOCTbiO V'

Ecau nosoxeHue Tesa BO BpalllaiolleiicA CHCTeMe OTCYeTa Xapakre-
PH30BaTb pPagHyCOM-BEKTOPOM I’, LUeHTPOGEXHYIO CHIY UHEPLUHM MOAK-
HO MpEeACTaBHTb B BHAE ABOHHOTO BEKTOPHOrO MPOM3BeJEHMS:

F=mlo, [, o]]. (33.3)

HefictButenpHo, Bektop b=I[r', @] HanpaBieH nepneHAHKYAAPHO
K BekTOpam @ H F, 4 «<Ha Hac» (puc. 33.2) u paBen no monyso or’ sin o=
=oR. BekropHoe npousBefeHHe B3aUMHO NEPNEHAUKY/NSAPHBIX BEKTO-
poB me u b coBnanaet no HampasJsenuto ¢ F g ¥ UMeeT Moay.1b, paBHbiil
mob=mw*R=F ;.

Ilpn TouHOM pelleHMM 3ajay O JABHKEHUU TeJ OTHOCUTEJIBHO 3€M-
HOH MOBEPXHOCTH HYXKHO YYHTHIBATH LIEHTPOOEKHYIO CHJY HHEpIHH,
paBHYIO mo®R, Ille m — Macca TeJa, ® -—— YIJIOBasi CKOPOCTb Bpalie-
HHs 3eMJH BOKPYT ee OCH, R — pacCTosiHME TejJa OT 3eMHOH OCH
(puc. 33.3). B cayuasx, Korpa BbicOTAa Tesl Haj MOBEPXHOCTbIO 3eMuu
HeBeJHKd, MOXHO MOJIOXHTh R paBHLIM R3 cos @ (R3 — paauyc 3emau,
¢ — WHpoTa MeCTHOCTH). Torjga Bhipa)ceHHe I/l LEHTPOOEKHOH CHJILL



122 rJ. IV. HEMHEPUHUAJIbBHBIE CUCTEMBI OTCUETA

HHEpUHUH NPHMET BUR
F 4= mo*R3cos@. (33.4)

Ha6monaemoe oTHOCHTEIbHO 3eMJTH yCcKopeHwue CBOGOHOTO MajeHus
TeJ1 g 06YC/IOBJIeHO JeiiCTBHeM CHIbl F,, ¢ KOTOpO# Tes0 NpHTSruBaeTcs
3emnedt, u cuanl Fyg. Pesynbmpylomaﬂ 3THX CHJ

P=F,+Fy (33.5)

€cTb CHJIa TAXKeCTH, paBHass mg (cM. (16.1)).

Orimune cuinl TskecTH P oT cuial nputsixenust kK 3emne F, nese-
JIHKO, TaK KaK LEHTpoOeXHasi CHJIa WHEepPUHH 3HAYMTEJSbHO Menbme
yem F,. Tak, ans maccel B 1 Kr HanGoJsbliee 3HaueHue F g, HaG/mozae-
Moe Ha 9KBaTOpe, PaBHO

mw?R3=1-(2r/86400)%-6,4-10°= 0,035 H,

B T0 Bpems Kak F, paBna npu6sinsurensto 9,8 H, T. e. noutu 8 300 pa3
6oable.
Yron o mexny HanpasJenuamu F, u P (cm. puc. 33.3) MoxHO ompe-
LeJHTb, BOCMOJb30BaBILIHCh TEOPEMOH CHHYCOB:
sinae_ Fyg _ mw2Rzcosg _ 0,035
== ~

sing P mg 5.5 cos@ ~ 0,0035cos o,

OTKYJa
sin a=0,0035 sin ¢ cos ¢=0,0018 sin 2¢.

CHHYC MaJIoro yrJjia MOXHO NPHONMKEHHO 3aMEeHHTb 3HaYeHHeM CaMoro
yraa. B pesyabrate mosyumm, 4TO

a=0,0018 sin 2¢. (33.6)

Taxkum o6pa3oM, yrosa o U3MeHsieTCs B Npejlesax OT HYJs (Ha SKBaTope,
rae ¢=0, ¥ Ha noaiocax, rae =90°) no 0,0018 pan uau 6’ (na wwu-
pore 45°).

Hanpasaenne cuasl P coBnajaer ¢ HanpaBieHHeM HUTH, HaTAHYTOH
rpy3oM, KOTOpOe Ha3hiBaeTCsl HalpaBJeHHeM OTBeca HJIM BepTHKaJib-
HbiM HanpaBseHueM. Cuna F, HanpaBneHa x uentpy 3emun. Cienosa-
TeJBHO, BepTHKaJb HanpaB.neHa K HEHTPY 3eMJIH TOJ/IbKO Ha MOJIIOCaX
I Ha 5KBaTope, OTKJOHASChH Ha NPOMEXYTOYHHIX IUIHPOTAX Ha Yroa a,
onpeaensieMeli BelpaxkenHeMm (33.6).

Pa3sunocte F,—P paBHa HYJIIO Ha TMOJMIOCAaX U JOCTHTaeT MakCHMYMa,
paBHoro 0,3% cumbl F,, Ha 3kBatope. Ma-3a cnmochyToctn 3emun
V noJocos cuna F, caMa mo ce6e HECKOJIbKO BapbHpYeT € LUMPOTOH,
6ynyun Ha SKBaTope npuMepHo Ha 0,2% MeHblle, YeM Y MOJIOCOB.
B urore ycxopeHue cBOGOZHOTO NMajieHHs H3MEHAETCA C IIMPOTOH B mpe-
nenax ot 9,780 m/c? Ha skBartope jo 9,832 m/c? Ha moJtocax. 3HaueHHe
£=9,80665 M/c? npuUHATO B KaueCTBe HOPMAJNbHOrO (CTaHAAPTHOTO)
3HauYeHHs,
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3aMeTHM, 4TO OTHOCHTEJbHO HHEpIHANbHOH, HampHMep, reJHOUeH-
TPHYECKOH CHCTEMBI OTCYeTa CBOGOAHO Najaloliee TeJO ABHXKETCH C yC-
kopenuem w=F,/m (a ne g). M3 puc. 33.3 BuIHO, UTO H3 PaABEHCTBA
M Pa3HBIX TeN YCKOPEeHHs g BbITEKaeT M PaBEHCTBO YCKODEHHH w.
JleficTBUTENIbHO, TPEYrOJBHUKH, MNOcTpoeHHble Ha Bektopax F, u P
I/ pa3HbIX TeJs, MoAo6HH! (YIJbl & U @ AJIs BCeX Tesl B JJaHHOH ToukKe
3eMHOMi MOBEPXHOCTH oauHakoBbl). CJenoBaTesNbHO, OTHOLIEHKE Fg/P,
KOTOpO€ COBMajiaeT C OTHOLIeHHeM w/g, /sl BceX Ted OJHO U TO Xe, OT-
KyJa BBITEKaeT, YTO MNPH OJHHAKOBBHIX g MOJYYalOTCS OIAHHAKOBHIMH
nuw.

§ 34. Cuaa Kopuoauca

[pH nBHIKEHHH TeNa OTHOCHTEJNBLHO BpalllaloNledcss CHCTEMBI OTCYeTa,
KpoMe LEHTPOGEKHOH CHJ/IBI HHEpPUHWH, MOsBJSETCA elle OJHa CHJa, Ha-
spiBaeMas cuJ0Hd KopuHosauca WIM KOPHOJHCOBOW
CHJNOH HMHEDpIHUH

INosiBNeHHe KOPHOJIHCOBOH CHJIBI MOXHO OOHapyXKHTh Ha CJ/Ieayo-
meM npumepe. Bo3bMeM rOpH3OHTaJBHO PACHOJIOXKEHHBIH AHCK, KOTO-
pblii MOXET BpalLaTbCsl BOKPYr BepTHKaJbHOH ocH. [IpouepTuMm Ha au-
cke paauanbHylo npsamyio OA (pwuc. o
34.1, a). 3anycTMM B HamnpaBJeHHH OT
Ok A wapuk co ckopocteio v Ecan
JUCK He Bpallaercsi, lIapHK 6yjeT Ka- g
THTbCA BAOJIb NPOYEpPUEHHON HAMH Mps-
moit. Ecaiu xe_ JMCK NMPHUBECTH BO Bpa- 8™
IieHHe B HaNpaBJeHHH, YKasaHHOM e
cTpenko#, To Wwapuk 6yaeT KaTHThCA
no M306paKeHHOH MYHKTHPOM KpHBOH

OB, npuueM ero CKOpoCTb OTHOCHTE/NBHO 4 )
JucKa v’ 6yneT M3MeHsSTb CBOE Harpas- 42
jgenve. CnefoBaTeJIbHO, MO OTHOILEHHIO v

K Bpallaolleiics CHCTeMe OTCYeTa Iua- Pue. 34.1,

pHK BefleT cebs Tak, Kak ecau 6bl Ha
Hero JedcTBoBajla cuia Fg, mNepneHAHKyJsipHas K CKOPOCTH V'

Uro6hl 3acTaBHTh LIAPHK KATHThCA 1O BPAIIAIOIIEMYCS] AUCKY BOJb
panuanbHOH nNpsAMOM, HYXHO ClelaThb HanpabJsioUlylo, HanpuMep,
B Bujie pe6pa OA (puc. 34.1, 6). IIpu KaueHHH WapHKa HanpaeJsiollee
pe6po neilcTBYeT Ha Hero ¢ Hekoropoil cusoft F,. OTHocHTeNbHO Bpa-
IMaMOLEeRCs cHCTeMBbl (AMCKA) LIAPHK JBHXKeTCH € NOCTOSIHHOH Mo Ha-
NpaBJIeHHIO CKOPOCTbIO. DTO. MOXKHO (OPMANBbHO OGBSACHUTH TEM, UYTO
cuna F, ypaBHOBelunBaeTcsi NPUJIOKEHHOR K IIAPHKY CHJIOH MHEpUMH
Fx, nepnenaukynsipHoit kK ckopocti v'. Cuna Fx M ecTb KOpHOJHMCOBa
CHJIa HHepUuH,

Hafinem cHauana Bhipaxenue cusnl Kopuodauca Ans 4acTHOro ciy-
4asi, KOra 4acTHLa /1 JBHXXETCS] OTHOCHTENIbHO Bpalllalomeicsi CHCTEMEI



124 I1. 1V. HEHMHEPUHAJIbHBIE CUCTEMbI OTCUETA

OTCYeTa DABHOMEPHO MO OKPYXHOCTH, Jexauledl B MJOCKOCTH, nep-
NEHAHUKYJIAPHON K OCH BpallleHHs, C UEHTPOM, HaXOASIIMMCS Ha 3TOH OCH
(puc. 34.2). CKopOCTH YaCTHLB! OTHOCHUTEJIBHO BPAlAIOMIEHC CHCTEMBI
o6o3nauny v\ CKOPOCTb YaCTHILI OTHOCHTENBHO HEMOABHXKHOH (MHep-
I{MaJIbHOH) CHCTEMBI OTCYETa V paBHA MO BeJHuMHe v'+®R B ciyuae ()
H [v'—wR| B caywae (6), rie @ — yrJoBast CKOpPOCTb Bpallaiomeics
cucTeMbl, R — paznyc okpyxHocTH (cM. (5.7)).

@ @

R T _—
-
{ R ‘(F\%zfu" { » F
~ N7 ES
- -
K
a) 8 u.' W
Puc. 34.2.

Jast Toro uto6Hl YacTHIa ABHrajachb OTHOCHTEJLHO HENOIBHXKHOMN
CHCTEMBI N0 OKPYMKHOCTH CO CKOpOCTbIO v=v"+®R, Ha Hee NOIKHA
JleficTBOBaTh HalpaBJIeHHasl K LIeHTPY oKpYxkHocTH cuna F, Hanpumep,
CHJ1a HaTsKeHMs! HUTH, KOTOPOH YaCTHIA NMPHBsA3aHa K LIEHTPY OKPYX-
HocTH (cM. puc. 34.2, a). BennunHa sToil CHJIBI paBHA

m® m@+oR)?2 mu'?
F=mw,=—F= @+ OR)”_ +2mv'w +me®R.  (34.1)
R R R
OTHOCHTENBHO BpalllaoLleiicsl CHCTEMEI YaCTHIIA B 3TOM CJyyae JBHXKeTcs
C yCKOpeHHeM w,=U'*R, T. e. Tak, KakK eclH Obl Ha Hee JelicTBOBa/a
cusa

mu'?
R
(cM. (34.1)). Takum o6pa3oM, BO Bpallalollefics CHCTeMe YacTHLA BefleT
ce0s TaK, KaK ecaH 6bl HA Hee, KPOME HanpaBJIEHHOH K HEHTPY OKPYX-
nocti cuabl F, geificTBoBasM ellle fABe HanpaBJEeHHBIE OT LEHTPA CHJH:
F,s=mo*R u cuna Fx, Molyab Kotopoit paBen 2mv’w (puc. 34.2, a).
Jlerxo coo6pa3uTb, uto cu1y Fx MOXKHO NMpeacTaBHTb B BHie

Fx=2m[v'e]. (34.3)

Cuaa (34.3) ¥ ecth KopuoJaucoBa cuja HHepuud. [lpu v'=0 sta cuaa
orcyTerByeT. Cuna F g He 3aBUCHT OT V' — OHa, KaK MBI yXKe OTMedaJH,
JIefCTBYeT KaK Ha NOKOsAUIMecsd, TaK M Ha JABHXKYIIMecsl TeJa.

B cnyuae, u3oGpaxeHHOM Ha puc. 34.2, 6,

mw,, — =I —2mv'v—mw'R (34.2)

2 r__ 2 2
F=1 =_’M=ﬂ—2mv'm+mm2R.
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CooTBeTCTBEHHO

mu’?

R

CrepoBaTeqsHO, BO Bpalllalollefcs CHCTeMe YacTHLA BejieT ce6 Tak, Kak
ecain Obl Ha Hee JEACTBOBA/H JBe HanpaB/eHHbIE K LEHTPY OKPYHKHOCTH
cuas: F u Fg, a Takxke nanmpaB/eHHas oT ueHTpa cHaa Fg=mo*R
(cn. puc. 34.2, 6). Cuna Fg u B 3TOM c/1yyae MOXeT OblTb NpeJcTaB/IeHa
B Buge (34.3).

Teneps nepeiileM k HaxOXIeHHIO BhIpaXkeHUs cuibl Koprosnca anst
c1yyasi, KOrja 4acTHUA [BHXXETCSl OTHOCHTEJIbHO Bpallalollleficsi CHCTe-
Mbl OTCYeTa MPOH3BOJBHBEIM 0Opa3oM. CBsi:KeM C Bpaulaolleics cuCTe-
MO KOOpAMHATHBIE OCH X', ', z’, mpHYeM OCb 2’ COBMECTHM C OCbIO Bpa-
wenusa (puc. 34.3). Torpa paamyc- .
BEKTOP YaCTHIUb!I MOXHO IpeICTaBHThb ¥
B BHJe

r'=x'e,t+y'e,+2'e;, 34.4) o _]
rie e, e, ¥ €, — OPTl KOOpIMHAT- By ey |
HblX ocei. OpTh e, M e, BpaulaoTCA ]
BMECTe C CHCTeMOM OTCueTa C YIJIOBOH mrD !
CKOPOCTBIO ®, OPT €, OCTaeTcs He- o |
NOABHKHBIM. z' [ z’

[Toso)keHHe YaCTHIIBI OTHOCHTEb- Puc. 34.3.

HO HENOJABMKHOH CHCTEMbl CJefyer

onpeleaATb C MNOMOLLBbIO pafnyca-BeKTopa r. OQHAKO CHMBOJIM I’ U T
0603HayaloT OfHH H TOT e BeKTOp, NpoBeJleHHBIH U3 Hauaia KOOpAMHAT
K yactHue. CHMBOJIOM I’ 0G03Ha4YHJ1 3TOT BEKTOp Hab.iojartenb, «KHBY-
IHi» BO Bpallalolleiics cUcTeMe OTCYeTa; NO ero HaG/iofeHUSIM OPTHI
e,, €,, €; HEeTOJBHKHbI, MMO3TOMY MNpPH AHddepeHIHPOBAHHH BhIpaXKeHHS
(34.4) oH obOpaiaeTcst ¢ 3TUMH OpTaMH Kak ¢ KOHcTaHTamu. CHMBOJIOM T
No/Ib3YeTCS HeMOABHXKHBIA HalJiofaTesb; AJIS HEro opThl e, W e, Bpa-
LLAIOTC CO CKOPOCThIO ® (OPT e, HenojBuxkeH). [loatoMy npu augde-
pPeHLMPOBaHHH PaBHOrO r BbipaxeHHs (34.4) HenoABIKHbIE Habmona-
Te/Ib JIO/IKeH 00palathCs ¢ €, H €, KakK ¢ QYHKUHAMH ¢, IPOM3BOJHbIE
KOTOpbIX PaBHbI:

=F L 2mv’'o—moR.

3

e, =we,, €;=— e, (34.5)

(cm. puc. 34.3 u dopmyay (2.56); opT e ,.,, NepneHAMKY.IAPHLIH K ey,
paBeH e;, OpT e, NepHeHAHKYJIAPHbI K e,, paseH —e;). Jlaa BTO-
PbIX NPOM3BOAHLIX OPTOB MO BPEMEHH MNOJIYYalOTC BbIpaMeHHA:

e;=we, = — 0%, e,=—we, = — 0%, (34.6)

Haiinem ckopocTh 4YacTHUBI OTHOCHTE/bHO BPAILLAIOMEACA CHCTEMbI
otcyeta. s 3Toro nponudpepeHupyem panuyc-sekrop (34.4) no Bpe-
MeHH, CYUTasi OPTHl KOHCTaHTaMH:

vV =r'=x'e,+ye,+z¢. (34.7)
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IMoBropHOe mudpepeHIHPOBaHHE ITOFO BEIPAXEHHS AacCT YCKOpeHHe Ya-
CTHIE OTHOCHTEJBHO Bpaliamoliefics CHCTEMBI OTCYeTa:

w=v =x'e,+ye,+ 7€ (34.8)

Tenepp HalileM CKOpPOCTb YacCTHLLI OTHOCHTENBHO HEMOABHMKHOM
cuctembl orcuera. s storo mnpoauddepeHuHpyeM paAHyC-BEKTOP
(34.4) «c mosWIMH» HenmoxBHIKHOro Habumionatess. Bocnonp3oBaBliHCh
0603HaYeHHeM T BMECTO I’ (HAOMHHM, UTO r=r’), MOJYy4YHM:

v=r=x'e,+x'e,+y'e,+y'e,+2¢. (34.9)

IMponuddepeHurpoBaB 3TO BHIpaXeHHe ellle pas 1o £, HalijeM yCKopeHue
YACTHILI OTHOCHTEJNLHO HENOJBHMKHOH CHCTEMEL:

w=v=x'e,+2x'e,+ x'e;+y'e;+2y e, +y'e;,+2e;.

[Npunsas Bo BHUManue dopmynl (34.5), (34.6) u (34.8), nonyyeHHoe co-
OTHOLIEHHE MOXHO npeobpa3oBaTk K BHAY:

w=w +20 (x'e;—y'e;) —? (x'e,+ y'e). (34.10)

PaccmotpuM BekTopHOoe npousBenenue (o, v']. IlpeacraBum ero B
Bune onpefenuteas (cM. (2.33)):

ex e e
[@, vV]=|0x oy o], (34.11)

’

vx Uy U
Cornaco (34.7) vi=x', v,=y’, v;=2', Kpome TOro, MpH BHIGPaHHOM
HaMH HaNpaBJEHHH KOOPAMHATHEIX OCell ,=w,=0, w,=«. [Toxcra-
HOBKa 5THX 3HaueHHil B (34.11) maer

er ey e . )
To, v]=|0 0 o =—c¢loy {ejox’. (34.12)
x yl 2

[TosyueHHHIi pe3ysbTaT MOKasbiBaeT, YTO BTOPOH uJeH GOpMYJHI
(34.10) MoxHo 3anucaTh B Buze 2 [o, v']. Beipaxenue, crosiiee B CKOG-
KaX B nocnenHeM ufeHe (opmydnl (34.10), paBHO mepneHAMKYJspHOII
K ocH BpameHus (K OCH 2') cocTaBJjsioliell paguvyca-seKkTopa r’' (cM.
(34.4)). O6o3HauuM 3Ty cocTaBJsOLLYI0 cHMBOJIOM R (cp. ¢ puc. 5.5).
C yueroM Bcero ckaszaHHOro cooTHoluenue (34.10) MOXKHO 3amucatb cJe-
AywooumuM obGpa3som:

w=w'+2[0, v']—oR. (34.13)
M3 (34.13) BrrTekaer, UTO yCKOpeHHe Y4CTHILI OTHOCHTEBHO HeNoJ-

BIDKHOH CHCTEMBI OTCUETA MOXHO NpeACTaBUTh B BHJAE€ CYMMLI TpeX
YCKOpPEHHH: YCKOPEHHSI OTHOCHTEJIbHO Bpam,alomei«'lca CHCTEMEI W’,
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yCKOpeHHsl, paBHOro —o*R ), U yckopeHus
wk=2[e, v'], (34.14)
KOTOpOe Ha3blBaeTcs KOPpHOJHCOBBM YCKOpDEeHHEM.
Jns Toro uto6Hl YacTHUA ABHraJjach ¢ yckopeHueM (34.13), Ha Hee

JIOJIZHEI IEACTBOBATb KaKHe-TO Tesla ¢ pe3yJbTHpYouler cuioi F=mw.
Cornacuo (34.13)

mw' =mw—2m[e, v']4+meR=F+2m[v', 0]+ mo®R (34.15)

(nepecTaHOBK2 COMHOXKHTeJsleli H3MeHsleT 3HAK BEKTODHOro NMpou3befe-
nus). Ilonyyennsifi pe3y/bTaT 03HayaeT, YTO MPH COCTABJIEHHH ypaBHe-
HUA BTOpOro 3akoHa HbioToHa Bo Bpaujaiomeficst cHcTeme oTcuera, Kpo-

Puc. 34.4, Pue. 34.5.

Me CIlJT B3aMMOJIEAICTBHS, HY>KHO YUHTHIBATb LUEHTPOGEKHYIO CHJIY MHep-
u4H, onpefeasemylo popmyJoidi (33.2), a TaKKe KOPHOJIHCOBY CUJY, KO-
Topas ¥ B caMoM OOLIeM cayuae onpefessercs ¢opmyJiolt (34.3). Otme-
THM, 4TO cHsa Kopuosuca Beersia JIEXHT B IVIOCKOCTH, NMePNeHaHKY/Isp-
HOH K OCHM BpalleHHA.

3 conocraeaenus dopmya (34.9), (34.7) u (34.5) BmITekaeT, 4TO

v=v'+x'e;ty'e,=v to(xe—y’e;).
C noMolIbIO BHKIAJ0K, aHAJOTHUHBIX TeM, KOTOphle NPHBEJH HAac K Co-

oTHouleHHO (34.13), MOXHO YOeIMTBCS B TOM, 9TO NOCHEAHHH UYjeH
No/1y4eHHOro BbipaxkeHHs paseH [, r’']. CregoBaTesbHO,

v=v' +]e, r'] (34.16)
Ipu v'=0 31a dopmyaa nepexoaut B (5.8).

1) ¥Yckopenne wp,=—0?R HaamBaerc mepeHocH H M. Ouo mpeAacraBaser
coboft TO yckopenHe, KOTOPHM o6Jjajajga GHl 4acTHLA, NOKOALKASCH B ABHKYLieHcH
(B HalleM cyyae BO Bpauwlamulefics) cHCTeMe OTCYETa,
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[pumepsl ABHIKEHUA, B KOTOPBIX NPOMABJIAETCH KOPHOJIHCOBA CHJA.
wHepuuH, [IpH HCTONKOBaHMM fIBJIEHIH, CBA3aHHBIX C ABHKEHHEM TeJs
OTHOCHTEJIbHO 3¢MHOM MOBEPXHOCTH, B PSJAE CJyYaeB HEOGXONHMO YUH-
ThIBaTb BJHMSHHE KODMOJHCOBBIX cHJ. Hanpumep, mpu cBoGoaHoM
MajeHuy Tesl Ha HUX JeHCTBYeT KOPHOJMCOBa CHJa,

Z,

- o6ycI0BAHBaOllas OTKJIOHEHHE K BOCTOKY OT JIH-
HIIM oTBeca (pHc. 34.4). Jrta cu1a MaKCHMaJbHa Ha
3KBaTOpe M o6palllaeTcs B HYJb Ha MNOJIIOCAX.

” JleTamnuil CHapAX TaKXe HCNBITHIBAET OTKJOHE-

HUA, OGYC/JOBNEHHbIE KOPHOJHCOBBIMH CHJIAMH
uHepuun (puc. 34.5). Ilpu BricTpene u3 opyaus,
HanpaBJIEHHOTO Ha CceBep, CHapsl 6YZeT OTK.Jo-
HATBCA K BOCTOKY B CeBEPHOM MOJYIIApHUH H K 3a-
Fe nany — B tokHOM. [Ipn cTpenbfe BIOJIB Mepuau-
AHa Ha IOT HampaBJeHHs OTKJOHeHHH GYyAyT npo-
THBONOJNOXHBIMH. [Ipn cTpennbe BROME 3KBaTOpa
\ cuanl Kopuosnca 6yayT npHRuMaTh CHapaa K 3eM-
‘ Jie, eCTH BBICTPEJ1 NpPOM3BeleH B HampaBJeHHH Ha
3anaj, U NOAHMMATh €ro KBepXY, €CJH BhICTpeJ

=g NpoU3BeJieH B BOCTOYHOM Hanpas.aeHKH. [Ipefocras-
JisleM YHTaTeNI0 caMOMY Y6eAUTLCA B TOM, YTFO CH.J1a

Koprosnca, neficTylomas Ha Te.10, ABHXYIleecs

Puc. 34.6. BAO/MbL MepHAHaHA B Jio60OM HanpaBJieHHH (Ha ce-

Bep MJIM Ha IOT), HanpaBJieHa [0 OTHOLIEHHIO K Ha-
NpaBJIeHUIO IBHXKEHHS! BIPaBO B CEBEPHOM MOJYIDa-
PHH M BJIEBO B IOXKHOM IMOJ1YLiapHH. DTO MPHBOAHT K TOMY, YTO Y peK noj-
MbIBaeTCs Bceria npasblil Geper B ceBepHOM MOJYIIAPHH H JIEBBIH Geper
B I0}KHOM NOJTYIIapUH. STH 3Ke MPUYHHEI OGBACHSIOT HEOAHHAKOBbIH 13-
HOC peslbCOB NPH IBYXKOJEHHOM ABHMKEHHH.

Cnapl Kopuosuca nposiBJSIIOTCS M NPH KavyaHHsAX MasTHHKa. Ha
puc. 34.6 nokasaHa TpaekTOpHs rpy3a MasiTHHKa (AJ1S NPOCTOTH! Mpex-
TNOJIOKEHO, YTO MafATHUK HaxoauTtcs Ha nomoce). Ha cepeprHoM moumoce
cuna Kopuosuca 6yzeT Bce BpeMsl HampaBJ€Ha BIPaBO MO XOLY MasT-
HMKa, Ha IOXHOM noJjioce — BJeBo. B uTore Tpaekropus HMeeT BHUI po-
3eTKH.

Kax caenyer U2 pHCYHKa, TTOCKOCTh Ka4aHHH MasATHHKA MOBOpPayH-
BaeTCH OTHOCHTENBHO 3eMJIH B HanpaBJIEHHH YacCOBOI CTPEJIKH, NpHueM
3a CYTKH OHa cOBepllaeT ofHH 060poT. OTHOCHTENBHO TeTHOLEHTPHYe-
CKO#l CHUCTeMBbI OTCYeTa JieJio OGCTOMT TaK, YTO MJIOCKOCTb KauyaHH# ocTa-
eTcs HeH3MEeHHOH, a 3eMsi MOBOpPaYHBaeTCs OTHOCHTENBHO Hee, Jieslast 3a
CYTKH OAMH 060poT. MOKHO NOKa3aTh, YTO Ha LIMPOTE ¢ NJOCKOCThL Ka-
YaHHA MagTHHKA NOBOpayMBaeTCs 3a CYTKH Ha yroJ 2m sin ¢,

TakuM o6pa3oM, HabJIOIeHHS 3a BpallleHHeM MJIOCKOCTH KayaHMi
MasATHHKA (MafATHHKH, NpelHa3HaueHHble IS 3TOA LeMH, HA3LIBAKOTCA
MasATHHKaMH DYKO) 1alOT HeNnoCpeACTBEHHOe NOKa3aTeJbCTBO Bpalle-
HHSL 3eMJH BOKpYr cBoell ocH.
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§ 35. 3aKkonbl coxpaHeHHWsi B HeHHepLUHANbHBIX CHCTEMax OTCueTa

C yueToM CHJI HHepPLUHH YPaBHEHHS IBHXKEHHS B HEHHepIIIaJIbHOH
CHCTeMe HHYeN He OTJIHYalOTCA OT ypaBHEHHH ABIDKEHHs B HHEPUHA/b-
Hoil cicreme otcyeta. [ToaToMy Bce ciefcTBHSA, BHITEKAWOUIMe H3 YpaBHe-
IHil 1BHXXKEHHS, B YaCTHOCTH cooTHolueHus (24.12), (27.3) u (29.18),
oCTaloTcA CNpaBeNUBLIMH H B HEHHEpLHAJbHBIX CHCTEMaX OTCYeTa.

B nenHepuuasbHoli ciucreme Qopaysa (24.12) umeer BHA:

Ez _Ei = Al'z neKoxcepp + Al'2 Hiepu? (35-1)

rie A1z ypepy — PaboTa CHJI HHEPUHH.
Qopmyant (27.3) u (29.18) BLINIAAAT B HEHHEpUHANbHOH CHCTEME
cJIeRyomHM 06pasoM:

d

]ﬁp=2 Foewn +2Fnuepm (35.2)
d
'd_tM = 2 Nnnemu +E Nnnepu- (353)

3necy Fyen, — cHIA, 06ycJIOBJIeHHast B3aumoneiicreueM, F, .., —
cusaa uHepuuH; Ngems H N — MOMEHTHI yKa-

Huepy w
3aHHBIX CHJI. de
IenrpobexxHass cuna uHepuu F g=mw?R sB- R -«
JsieTcs KoHcepBaTUBHOH. [leficTBUTebHO, pabora TS
3ToH CHJIBI paBHA .
2 2
Agyus=§ Fygdr=mo? { Radr.
1 1
g

M3 puc. 35.1 BHIHO, UTO NpPOEKIHUS BeKTopa dr Ha
HanpabJeHHe Bektopa R paBHa dR — mpupalle- Puc. 35.1.
nmo moayas R. CremorarensHo, Rdr=R dR=

=d(R?2). Takum o6pasom,

2

2 R} R}

Ay g = ma? g d (—IE—) = mw? 23 — mo? —21— . (35.4)
1

ITosyueHHOE BHIpaXKeHHe, OYEBHIHO, He 3aBHCHT OT NYTH, N0 KOTOPOMY
NPOUCXOMJIO MepeMellleHHe 3 TOYKH [ B TOUKY 2.

KoncepBatuBHOoCcTb cHabl Fyg mosBoJisieT BBeCTH MNOTEHIHAJIbHYIO
sHepruo yactiupl Uyg (UeHTPOGeXHYI0 3Hepruio), y6blab KOTOPOi
onpefeseT paGoTy LEHTPOOEXKHOH CHJIbI MHEepLHUH:

Ay ug§ = Uuﬁ i— Uu6 3 (35-5)
(oM. dopmyay (22.1)). M3 comocraBienuss ¢opmya (35.4) u (35.5)

5 H. B. Capeses, T. 1
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3aKJ09aeM, 9TO
1
Uys = — 5 mo*Ri+const.

Koncrauty MoxHO monoxuth paBHofl Hymo. Toraa Ans meHTpoGex-
HOM SHEpruM MOJYYHTCH CJefylOee BHIpaXKeHHe:

1
Ups=—5 ma*R*. (35.6)

Ecnu Bripamenue (35.6) 106aBHTb X NOTEHUHMAJbHOR SHEPrHH 4Ya-
CTHUBI, TO B BeJHUHHY Ajs yyepy B POPMYSe (35.1) He ctenyer BKIIOYATD
paboTy LeHTPOGEXKHOH CHJbI MHEPLHH.



Fr'TABA V
MEXAHHKA TBEPAOI'0O TEJIA

§ 36. JIsmxenne TBepnoro tena

B § 1 MBI MO3HAKOMILIHCE C ABYMS OCHOBHBIMH BHAAaMH JABHIKEHHS
TBepJOro Teja — NOCTYNAaTeJNbHBIM II BpallaTe bHbIM.

[1p# mocTynaTte/abHOM ABIMKEHHH BCe TOYKH Te/a NMOJNYYAlOT 3a OAHH
H TOT XKe NMPOMEXYTOK BpeMeHH DaBHbIe M0 BeJHYHHE H HampaBJEeHHIO
nepeMelleH s, BCIEACTBIE Yero CKOPOCTH ¥ YCKOPEHHUS BCeX TOYeK B Ka-
JIBIH MOMEHT BpeMeHH OKa3blBaloTCst OMHAKOBEIMHU. [TosaToMy moctaTou-
HO onpene/iNTh ABHKEHHE OJHON H3 TOueK Tesia (HanpHMep, ero LeHTpa

7 1’
+
0% > v A—-—\tffv\
|

VA ZZ 222 07‘7 7
Puc. 36.1. Puc. 36.2.

Macc) IS Toro, YTtofbl OXapaKTepPH30BaTh ITONHOCTBIO JBHXKEHHE BCEro
TeJa.

[Ipy BpamaTtenbHONM ABHIKEHHH BCE TOUKH TBEpJAOro TeJa ABUKYTEA
N0 OKPYXKHOCTAM, LEHTPE! KOTOPHIX JleXKaT Ha OXHO# M Tof Xke npsaMoiH,
Ha3blBaeMoit ocblo BpallleHus. [l onucaHns BpaiaTe bHOTO JBHKEHHS
HYXKHO 3aJaTb MOJIOXKeHHe B NPOCTPAHCTBe OCH BpalleHUS H YIJIOBYIO
CKOPOCTb Tesla B KayKAblii MOMEHT BpeMeHH.

OxasbiBaeTcs, 4TO J1060€ JABHXKEHHe TBEPAOro Tesna MOXeT OHTh
npelcTaB]eHO KaK Haj0XKeHHe JABYX YKa3aHHHIX Bhiille OCHOBHBIX BHIOB
IBHxeHHs. [TokaxeM 3To 1715 caydasd N JIO C K OT O JABHXKEHHA, T, €.
TAKOro, NPH KOTOPOM BCE TOYKH Tesla MepeMellialoTCs B napaJiesbHBIX
niocKkocTAX. IIpHMepoM NJIOCKOro IBHXKEHHSI MOXET CAYXHTb KayeHue
OMJINHAPa mo miocKoctd (puc, 36.1).

-

1)
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[NpousBonbioe nepeMellieHnle TBEPAOTO Tesa H3 MoJoxeHHus [ B mo-
noxenue 2 (puc. 36.2) MOXKII0 PeACTaBUTb KaK CYMMY ABYX nepenelie-
HHIl — MOCTVHaTe/IbHOTO TMepeMelieHnsl U3 MoJ0XKeHHs [ B Mo.JoXeHHe
I’ wnu 17 v nopopota BOKpYT oc O uau ocu O”. OueBHIHO, YTO TAKOE
pa30HeHle NepeMellleHHs Ha MOCTynaTeNbHOe W BpailiaTebHOE MOXET
ObITL OCYLIECTBJIEHO GecdliC/eHHLIM MHOXKeCTBOM CMoCo60B, OIHaKO B
JIOGOM C/JTyyae MPOH3BOJHTCS MOBOPOT Ha OJHH M TOT XKe Yrod .

B cooTBeTCTBHH CO CKa3aHH»IM BLille 3JeMeHTapHOe MepemelleHlle
KaKoli-1160 TOUKH Tesa ds MOXKHO Pa3JIOXKHUTb Ha [iBa nepenMelieHus —
«MIOCTYIaTeNbHOe» ds, ¥ «BpauaTebHOe» ds,:

ds =ds, -+ ds,,

npuueM ds, AJA BCEX TOYEK TeJsa OAHO M TO ke, Takoe pa3s.oxkeHHe
nepeMelleHNsl dS MOXHO, KaK Mbl BHJEJH, OCYLIECTBHTb Pa3.HYHBLIMH
cnoco6aMu, NpHYeM B KaxKIOM CJjyyae BpallaTejbHOe MepeMelleHHe
ds, ocyluiecTB/isieTCs MOBOPOTOM Tesla Ha OZMH H TOT XKe yroJi d¢ (HO OT-
HOCHTEJIBHO Pa3JIHUHBIX Oceil), B TO BpeMs Kak ds, U ds; OKa3blBalOTCHA
Pa3HYHBIMH.

Pasnesns ds Ha COOTBEeTCTBYIOWHA NPOMEXKYTOK BpeMeHH df, mojy-
YUM CKOPOCTb TOYKH

V= S dsn_|_ds,, ___vo_l_vl'

rjie vo — OJHHAKOBast /51 BCeX TOUEK Tesla CKOPOCThb MOCTYHaTe]bHOTO
IBIXKEHHA I V' — pa3jinuHas AJA Pa3HBIX TOYeK Tesa CKOPOCTb, ofyc-
JIOBJIEHHas BpalleHHEM,

Takum o6pa3oM, NJIOCKOE ABHXKeHHe TBEPAOro Tesla MOXKHO MpeJcTa-
BHTb KaK CYMMY JBYX IBHMKEHHI — INOCTYNaTeJBHOr0 CO CKOPOCTBIO
V, II BpalaTe.bHOrO C YIJIOBOR CKOPOCTBIO @ (BeKTOp @ Ha pHc. 36.1
HanpaBieH NMepneHAMKY/AAPHO K MJOCKOCTH yepTexa, 3a ueptex). [lo-
JA06HOe mpejcTaB/eHHe CJA0XHOTO ABHXKEHHS MOXHO OCYIIECTBHTb MHO-
JKeCTBOM CMocoGOB, OTHYAIOILHXCS 3HAUYEHHSAMH Vo H V', HO COOTBETCT-
BYIOLMX OfIHOH M TOH Ke YIJIoBOil ckopocTH . Hanpumep, nBuxeHne
LUUIHH/pa, KaTsaueroca 6Ge3 CKoJbXeHHA mo miockoctd (puc. 36.1),
MOXHO MpeACTaBHTb KaK NOCTYNaTesJbHOE ABHXKEHHE CO CKOPOCTBIO Vo
H OHOBpeMEHHOe BpalleHHe C YIJIOBOH CKOpPOCThIO ® BOKpPYT ocH O,
JH60 KaK MOCTyNaTebHOE JIBHXKEHHE CO CKOPOCTBIO Vy=2v, H BpallleHHe
c Toil )Xe yrJioBoiH CKOpocTbio @ BOKpYr ocd O, nH00, HaKOHel, Kak
OJIHO TOJIbKO BpallleHHe ONATb-TAKH C TOH e YIJIOBOH CKOPOCTBIO ®©
BOKpyT ocu O,

HaspaB cucremy oTcuera, OTHOCHTEJIBHO KOTOPOH MBI paccMaTpHBa-
€M CJIOXKHOE JBHMKEHHe TBepAOro Tesa, HEMOABHKHON, ABHXKEHHE TeJa
MOXKHO NpejCTaBHTb KaK BpallleHHe C YIJIOBOH CKOPOCTbIO @ B CHCTEME
OTCYeTa, KOTOpas ABHXKETCS OTHOCHTENbHO HeNoJBHXKHOH CHCTeMbl MO-
CTYNaTeJbHO CO CKOPOCTBIO V.
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JIuHeitHass CKOPOCTb V' TOUKH C PaAHyCOM-BEKTOPOM F, 06YCJI0BEH-
Has BpallleHHeM TBepioro Tesa, paBHa v’ =[er] (cM. (5.8)). Cnenopa-
TEJbHO, CKOPOCTb 3TOH TOYKH IIPH CJIOMKHOM ABHXKEHHH MOXeET ObITh
NpeAcTaBJeHa B BHAE

v=v,+[or]. (36.1)

DileMeHTapHOe nepeMelieHHe TBEPAOro Tesla NPH MJIOCKOM ABHKEHHH
BCerja MOXHO NpPeCTaBHTb KaK NOBOPOT BOKPYT HEKOTOPOIH OCH, Ha3kbl-
BaeMOH MTHOBEHHOH OCBIO BpalleHHA. 2Ta OCb MOXKET
JlexaTb B mpejesax Tena, Ju6o BHe ero. IloJioxkeHHe MrHOBeHHO!H ocH
BpallleHHs OTHOCHTEJbHO HEMOABIHIKHON CHCTEMBI OTCYETA H OTHOCHTEJb-
HO caMoro TeJla, Boo6lle rOBOPs, MeHseTcs O BpemeHeM. B cayuae xa-
Tsimerocs uuauuapa (puc. 36.1) MmruoBennas ock O’ coBnajaeT ¢ JHHHEH
KacaHHs UMJIHHAPA C NA0CKOCTEI0. [IpH KaueHuH HHIHHAPA MITHOBEHHAS
OCb TlepeMelllaeTcsi Kak MO IJIOCKOCTH (T. €. OTHOCHTE/JBbHO HENOABHXK-
HOJ CHCTEMEI OTCYeTa), TaK M 10 NMOBEPXHOCTH LUJHHIpA.

CxopocTH BceX TOUeK Tesla AT KaXJIOro MOMeHTa BPeMeHH MOXHO
CYNTaTh OGYCJIOBJEHHEIMH BpallleHHeM BOKPYT COOTBETCTBYIOLIE MrHO-
BeHHOM ocH. CreloBaTesbHO, MJIOCKOe JBHXKEHHe TBEPJAOro Tesla MOXHO
paccMaTpHBaTh KakK psjl NMocJefoBaTeJNbHBEIX 3JIEMEHTApHBEIX BpalleHIiil
BOKPYT MFHOBEHHBIX OCeif.

Ilpu HemJOCKOM IBHMKEHHM 3JEeMEHTapHOe NepeMelleHHe Tesa MOX-
HO NPeACTaBHTb KaK MOBOPOT BOKPYT MIHOBEHHOH OCH JIHIIb B TOM CJY-
yae, ecJIM BeKTOPHI V, ¥ @ B3aHMHO NeprneHANKYaApHEl. EciH yro. Mex-
LY 3THMH BEKTOPaMH OTJIHUEH OT 71/2, ABHXKEHHe Tesla B KaKbIH MOMEHT
BpeMeHH OyJeT HaJloXeHHeM JBYX JBHKeHHH — BpallleHHs BOKPYT
HEKOTOpPOH OCH H MOCTYNaTeNbHOTO ABHMKEHHS BAOMB 3TOH OCH,

§ 37. Q\BueHHe LeHTpa Macc TBeplAOro Tena

Pa36GiB Tesio Ha 3jeMeHTapHBbIE MACCHl 17;, MOKHO NPEeACTaBHTE €ro
KaK CHCTEMY MaTepHasbHBIX TOUYeK, B3aUMHOE PacnoJIoKeHHe KOTOPHIX
OCTaeTcss HeM3MeHHBIM. JI1o6ast M3 3THX 3J1eMEHTAapHBIX Macc MOXET Ha-
XOIUTBCS TNOJA BO3JelCTBHEM KaK BHYTPEHHHX CHJ, OOYCJIOBJIEHHBIX ee
B3alMOZelicTBHEM C ApPYriMM 3jJeMeHTapHBEIMH MacCcaMH paccMaTpHBae-
MOTO TeJsia, TaK H BHeLIHHX CHJ. HampuMep, ec/i Teslo HaXOQUTCSA B 1osie
CHJI 3eMHOTrO TATOTEHMS, Ha KaXKAYI0 SJEMEHTapHYIO Maccy Tena m;
6yJeT NeHCTBOBaTh BHEIUHAS CHJa, paBHAadA m;g.

Hanmumem n1a kaxgoi aneMeHTApHOM Maccsl ypaBHeHHe BTOPOIO
3axoHa Hplotona:

miw‘-=f[-|—F,-, (37.1)

rae f; — peaysbTHpylouas BceX BHYTPEeHHHX cus, a F; — pesyabru-
pyiolias BceX BHELIHHX CHJ, MPHJOXEHHBIX K JaHHOH 3JeMeHTapHOH
nmacce, CyoxuB ypaBHeHus (37.1) AJas BceX 3JeMEHTapHHIX Macc,
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TOJTYqHM: )
2w, =1+ JF;. (37.2)

OnHako cymMMa BCeX BHYTPEHHHX CHJI, IeHCTBYIOIIUX B CHCTEME, PaBHA
uymo. ITosToMy VpaBHeHHe (37.2) ympollaeTcs C/eRYIOWHM 06pa3oM:

S mw;=F,. (37.3)

31ech cnpaBa CTOMT Pe3yJbTHPYIOLIAs BCeX BHEUIHHX CHJI, AeHCTBYio-
KX Ha TeJo.

CymMmy, cTosi YO B JieBok yacTH dopMmyJsl (37.3), MOXXHO 3aMeHHTb
npou3BefleHHEeM MacChl Tesla fm Ha YCKOpeHHe ero IeHTpa MacC Wwe.
HeficTBuTeNIBHO, corviacHO (27.6)

dimgx;=mrc.

IpoaudepeHIHPOBaB 3TO COOTHOLIEHHE ABAMKALI IO BPEMEHH U NPHHSAB
BO BHHMaHHe, UTO I';=W;, a Tc=W, MOXXHO HaIHCaThb:

dimw;=mwe. (37.4)
ComnoctaBeB dopmydst (37.3) n (37.4), npuieM K YpaBHEHHIO
mWe =2 Fypeunns (37.5)

KOTOpOe 03HAYaeT, UTO YeHMmpP Macc meepdozo meaa 0sUNEMCR MAK, KAK
Osuzanace 6ol MaAMEPUANbHAR MOYKA ¢ Maccoll, pasHoli macce meaa, nod
Oelicmauem écex NPUAONCEHHLIX K Mery cuAa.

YpaBHeHue (37.5) RaeT BO3MOMHOCTb YCTaHOBHTH ABHXeHHe LEHTpa
Macc TBEpIOro Tesa, eCJqH HM3BeCTHa Macca Tejda M JAeHCTBYIOI(He Ha
Hero CuJibl. B ciryyae moctynarte/ibHOro JBHKEHHUS 3TO YpaBHeHHe OyeT
onpelenanTh YCKODeHHe He TOJBbKO LieHTpa Macc, HO H /oGOl Apyroit
TOYKH TeJsa.

§ 38. Bpawenue Tesa BOKPYI HemoABHMCHOI OCH

PaccMoTpum TBepzoe Tesio, KOTOpoe MOXeT BpallaThcs BOKPYT He-
NOABMKHOH BepTHKaabHOH ocH (puc. 38.1). Uto6bl yAepaKaTb OCh OT
NepeMellleHHH B NPOCTPAHCTBe, 3aK/AIOYMM ee B nouHnHukH. Onupato-
mufica Ha HIKHET moamumilk duanen €. NpexoTBPAlacT nepenele-
HHe OCH B BeDPTHKAJILHOM HanpaBJIeHUH.

A6comoTHO TBepioe Teno MOMXHO PacCMaTpUBaTh KaK CHCTeMY ua-
CTHI (MaTepHaNBbHEIX TOYEK) C HEH3MEHHBIMH paCCTOSIHHAMH MEXIY
HiMH. las1 Besiko#l cHCTeMBI YacTHI[ CTIpaBelIMBO No.ayueHHoe B § 29
ypaBHeHHe

'%'M=2Nnnemn (381)

(cM. (29.18)). 3to ypaBHeHHe CnipaBeATHBO H A/ TBepAoro Tesa. B mo-
cefHeM ciydae M ecTh MOMEHT UMNYJbca Tesa; cnpasa B (38.1) cTour
CyMMa MOMEHTOB BHEIUHHX CHJI, ZefiCTBYIOIKMX Ha Teso.
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BosbmeM Ha ocn BpauueHHss ToyKy O ¥ 6yzeM XapaKTepH3oBaTh Mo-
JoKeHHe o6pasyIolKX Teso YacTHI, C MOMOLIbIO PaIHYCOB-BEKTOPOB T,
NpoBeJeHHBIX H3 3TOH TOUKH (Ha puc. 38.1 moKasaHa i-s 4acTHua C Mac-
COil m;; KPYKKOM C KPECTHKOM IOKa3aHa CKOPOCThb
v; UacTHlbl, HanpaBaeHHaa 3a ueprex). CorsacHo
(29.5) MOMEHT HMNYJIbCa {-H YaCTHLBI OTHOCHTE/Ib-
HO TOuKH O paBeH

M;=Ir;, m;v;l=mlr;, v;l. (38.2)

BekTopE! ry M V; ANA BCeX YacCTHI[ Tesla B3aHMHO
nepneHAUKYJApHE. IlosToMy MomyJab BekTOpa
(38.2) pasen

Mi=miriv,-=miri0)R,-, (383)

rie R; — pacCTosiHHe YacTHUBI OT OCH BpallleHHs
(cM. dopmyay (5.7)).

Ormetum, uTo cor1acHo (38.3) Moaysib BeKTopa Puc. 38.1,
M, nponopuuoHaneH CKOPOCTH BpalleHHs Tela ;
HanpaeJsieHHe e BeKTopa M; OT @ He 3aBHCHT — 3TOT BEKTOP JIEKHT
B TJIOCKOCTH, NPOXOAsfllell depe3 OCb BpalIEHHs W YACTHIY m;, H nep-
NeHAUKYJIsApeH K T;.

Jlerko y6eauTbCcsi B TOM, YTO I/151 BCeX O6GpasyiolIMX Tejl0 HacTHIL
yroa mexkny Bektopamd M; ¥ o sBasercs ocTpuM. [TosTomy npoekiiu
3THX BEKTOPOB Ha COBMNAajaloLlyIo C OCbIO BpallleHHsl OCh 2 MMeEOT OAH-
HakoBble 3HakH. C y4eToM 3TOrO MOM(HO HamHcaTh, 9TO

M,;=M;cosa;=m;r@R;coso; =m;(r;cosa;) Rw=mRin, (38.4)

3neck a; — yroa Mexay Bektopom .M; M ocbio z. [Ipu u3MeHeHHH Ha-
TnpaBJIeHHs1 OCH z Ha o6paTHOe obe NpoeKuHH — M ; 1 ®, — H3MEHSIOT
3HaK, OJHaKo paBeHCTBO (38.4) ocTaeTcsi crpaBelJIHBEIM.

ITpocymmupoBaB BhipaxkeHue (38.4) 1o BceM yacTHilaM, NMOJYYUM MO-
MEHT MMIYJ/bCa TeJa OTHOCHTEJNBHO COBNAjalollel ¢ OChbl0 BpalleHHs
ocH z:

Benuuuna [, paBHasi cymMMe NpOM3BEINEHHH 3JeMeHTapHHIX MacC Ha
KBazZpaTthl X PacCTOAHHI OT HEKOTOpOH ocH, Ha3biBaeTCd MO M € H-
TOM HHEepPIUHH TeJa OTHOCHTENbHO AAaHHOH ocu:

I1=3mR2 (38.6)

CyMMHpOBaHHe NPOH3BOIUTCA IO BCeM 3JeMEeHTapHBIM MaccaM #1;, Ha
KOTOPHIE MOXHO PasGHTb TeJo.
IlpunsB Bo BHuMaHHe ¢dopmyny (38.6), Boipaxkenue (38.5) MoXHO
NpeACTaBHTDb B BUHAE
M,=lo,. (38.7)
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ITonyuennass ¢opmyJa aHanoruyHa gopmyJe p,=muv,. Poab Macchl ur-
paeT MOMEHT lHepLHH, PoJ/ib JUHEHHOH CKOPOCTH — YIJ/I0Bas CKOPOCTb.
3 Bupa Beipaxenus (38.7) ciepyer, uto BeqHuHHa M, He 3aBHCHT
OT TOro, OTHOCHTE/bHO KaKoil TouKH O (/exalllelf Ha OCH BpaIlleHHs)
Gepercss momeHT M.
Cor.1acHo (29.19)

d
'EMz___ZNznneum'
[ToncrapuB cioja Bripaxenue (38.7) naa M,, npuieM K ypaBHEHHIO

]ﬁz=2Nz BHEIWN? (388)

rIe p,=©, ecTh NMPOEKIHS YIJIOBOTO YCKOPEHHS Ha OChb 2. YpaBHEeHHe
(38.8) aHa0orHyHO ypaBHeHHIO mw, = Y, F,. Polb Macchl HrpaeT MOMEHT
HHepUHH, poJib JIHHEHHOrO YCKOpeHHs — YTJIOBOe YCKODeHHe H, HaKo-
Hell, poJb pe3yJbTUpYIOLIEH CHJBI — CYMMapHBI MOMEHT BHELIHHX
CHJI.

Cymma Belpaxkenuli (38.2) naeT MOMEHT HMMYJbCa Tesla OTHOCHTE/b-
HO TOYKH O (cM. puc. 38.1):

M=2Mi=2mi[ri, V,']. (389)

B ofuem cayuyae Bektop M He coBmajaeT Mo HampaBJeHHIO C OCbIO
BpallleHHsl Tela Zz U IOBOPAaYMBAaeTCsl BMECTe C TeJOM BOKPYT 3TOM
OCH, ONMHCHIBasgs KOoHyC (puc. 38.2).

U3 coobpa:keHuil cuMMeTpHH ACHO, YTO AJS OZHOPOJHOrO *) Tena,
CHMMETPHYHOTO OTHOCHTE/BHO OCH BpallleHHs (AJIf OZHOPOJHOTO Te/a
BpallleHHs1), MOMEHT AMITYJIbCa OTHOCHTEJIbHO TOUKH O, Jiexainei Ha ocu
BpallleHHs, COBMAJaeT IO HampaBJIeHHIO C BeKTOpoM . B 3ToM cayuae
MOAYysb MOMeHTa ummynabca M paeen |M,| — Moaymio npoekuuu M Ha
ocb z. [IpuHsAB Bo BHUMaHHe BolpaxeHHe (38.7), moayuum, 4to

M=1|o,|=lo.

HaKOHeH, YuTsi, YTO BEKTOPEI M 1 ® UMeloT OIHHAKOBOE HanpapJ/IEHHE,
npugent K COOTHOLUEHUIO

M=o (38.10)

HamnomHuum, 4To, B OT/INuMe OT cooTHOMeHHUsA (38.7), cipaBeNIuBOro
Las Jioboro Tena, cooTHouleHue (38.10) HMeeT MecTO JHWIL B Cayyae
TeJsla, Bpalllaloerocs BOKPYT OCH CUMMETPHH, a TaKXKe, KaK MBI YBHIHM
HHXe, /1T HeCUMMETPHYHOro TeJa, BpAllaoLIerocs BOKPYT ORHOH H3
CBOMX TJIaBHBIX OcCeii MHEpIIMH,

B cayuae, Korna och BpallleHHsl TPOXOJUT Yepe3 LEHTP Macc Tena C,
3HayeHHe MoMeHTa M He 3aBHCHT OT MOJIOXKEHHS Ha OCH BpalleHHs TOoY-
KH O, OTHOCHTEeNIbHO KOTOpO# oH Gepercs. [elicTBUTEbHO, BO3bMEM Ha
ocH BpallleHUs1 Toukd O ¥ O', cMelleHHbIe APYT OTHOCHTENBHO APYyra Ha

1) B MexaHHKe OHOPOAKLIM Ha3LIBAETCA TEJIO C OXHHAKOBOKH BO BeeM o6beMe MIIOT-
HocTblo (cM. § 39),
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orpesox a (prc. 38.3). M3 pucyHka BugHo, uto r;=a-r;. MoMeHT imM-
nyJabca OTHocHTe1bHO Touki O’ paBen

M =m[ri, vi]=m[(a+r), v]=2m;[a, v,]+2m[r, v,].
BTopoe c.i1araemoe B npasoil 4acTH MPeACTaBJ/seT COG0H MOMEHT HMIIY.1b-

ca M otHocutesnbHo Touku O. IlepBoe ciaraemoe MOXHO npeo6Gpa3oBarh
clenyrouHM ob6pason:

|
dm;la, v;]=[a, Xmy]=[a, mv.].

[MocKoabKY LEHTP MacC JIEXKHT Ha OcH BpalleHHs!, Vo=0 U, cleJoBaTe/b-

Ho, M'=M. [1J1s1 OHOPOJHOTO Tesa, BPALLAIOLIErocs BOKPYT OCH CHM-

MeTpHH, He3aBHCHMOCTb M OT noJioKeHHsI TOUKH O BBITEKaeT M3 BHia
¢popnyast (38.10).

|
Pnc. 38.2. Puc. 38.3.

B cayuae BpameHus BOKPYT BepTHKaJbHOM OCH OJHOPOJHOTO CHM-
METPHYHOrO Tesa CHJIbI GOKOBOrO NaBJieHHs MOJLIMMHHKOB Ha OCh (CM.
puc. 38.1) He Bo3HMKaloT. B OTCYTCTBHE CHJIBI TSXKeCTH MOAMIMIHHUKK
MOXKHO Ob1710 Obl YOpaTh — OCb M 6e3 HHX COXpaHsJa Gbl CBOE [oJIoXKeHHe
B npocrpancree. Och, MOJIOXKEHHe KOTOPOH B IPOCTPAHCTBE OCTaeTCst
HeH3MeHHBIM NDH BpalleHHH BOKPYT Hee Tesia B OTCYTCTBHE BHEIUHHX
CHJI, Ha3plBaeTcs CBOGOAHOMH OChIO Tena.

MoxHo J0Ka3saTh, YTO RS Tesa Jo60H (GOPMBEL H C NMPOU3BOJbLHBEIM
pacnpee/neHHeM Macchl CYLUIECTBYIOT TPH B3aHMHO NepneHAUKYJ/ISPHEIE,
NpOXOAsiliHE Yepe3 LEeHTP Macc TeJa OCH, KOTOPhIE MOLYT CJYXKHUTh
CBOGOJHBIMH OCSIMH; OHH Ha3bplBalOTCI TJAaBHHMH OCHAMHU
MHepUHHU Tena.

Y ogpHopoxHoro napantenenunena (puc. 38.4) TJIaBHEIMH OCSIMH
HHepuuy 6yayr, oyeBuaHo, ocu 0,01, 0,0, u 030,, npoxoadiliie Yepe3
LEHTPHl NPOTHBOJIEXALIUX TpaHeil.



138 IJI. V. MEXAHUKA TBEPAOIO TEJIA

Y Tena, o6siajaromiero oceBoii cUMMeTpHeil (Hampumep, Y OAHOPOZA-
HOro ') HUIMHApA), OXHOK U3 I1aBHBIX Ocell HHepLHH ABJISAETCS OCh CHM-
METPHH, B KauecTBe JBYX IPYTHX Oocell MOTYT CJAYXHTb JiBe Jo6ble B3a-
MMHO NepreHAMKYJspHbIE OCH, JeXalllie B NIOCKOCTH, [epPNeHANKYJ1sap-
HOH K ocH CHMMETPHH M Tpoxojsllie 4Yepe3 LEHTP Macc TeJa
(pric. 38.5). Takum o6pason, y Tesa ¢ oceBoil CHMMeTpHel PHKCHPOBaHA
TOJBKO OfiIHAa U3 TJIaBHBIX oceil MHEepLHH.

Y Tena ¢ LeHTpa/ibHOM CHMMeTpHeil, T. e. Y Illapa, NVIOTHOCTb KOTO-
POro 3aBHMCHT TOJIBKO OT PACCTOSIHUS OT LENTPa, IVIaBHBIMI OCAMH HHEp-
LMK ABJSIOTCH TPH J06ble B3aHMHO NepNeHAIKYNAPHbIE OCH, NPOXOLs-
wHe uyepe3 neHnTp Macc. CienoBaTesBHO, HM OJHA H3 IJVIaBHBIX Ocei
HHepIMH He (PUKCHPOBaHa.

MoMeHTEI HHepLUMM OTHOCHTEbHO TJIaBHBIX OCefl HasBIBAOTCHA
TrTaBHHMH MOMEHTAaMHU MHep LHHU TeJa. B oblleM ciyyae
5TH MOMEHTBI pasiuuubl: [,51,5=I;. Ilns Tena ¢ oceBoil cuMMeTpueit
IBa IJIaBHBIX MOMEHTA MHEPLMH HMEIOT OJMHAKOBYIO BeJHUHHY, TPETHiH
e, BooOlLe roBopsi, OT/IHYeH oT HUX: [;=1I,5=1,. Y, HakoHel, B ci1yyae
TeJa C IEHTPaJbHOH CHMMETpHeH Bce TPH IJIaBHLHIX MOMEHTAa HHEpLHH
oaunakosel: [,=1,=1;. )

PaBHEIMH 3HaueHHSIMH TIJIaBHBIX MOMEHTOB |’
nHepuue o6sMazaer He TOJbKO OXHOPOXLHBII i
1Iap, HO M, CKax<eM, OJHOPOAHHIH Ky0. B obuiem

Puc. 38.4.

cJyyae TaKoe paBeHCTBO MOKeT HabioaThCst NPH HalJexalueM pacrnpe-
JeJIeHHH Macchl JJIsi Tesla COBEPLIEHHO NMPOH3BOJbHOM ¢opmbl. Bee no-
Jo6Hble Tesla Ha3blBAlOT W aPOBHMH BOJYKaMHU. Xapakrep-
HBIM JUISI HUX SIBJSIETCS TO, YTO J106ast OCb, NPOXOAALIAS Yepe3 LEHTP
Mmacc, obnanaer cBoHcTBaMM CBOGOXZHOR OCH H, cJefoBaTebHO, HH
OZHA H3 IJIaBHBIX OCeil HHePUMH He GHKCHPOBaHA, KaK M 1/ lapa. Bee
1IapoBele BOJTYKH BEAYT Ce6s NPH BpalleHHH B MAEHTHYHBLIX YCJIOBHAX
OJIMHAaKOBLIM 00pasoM.

1) IocraTouno, 4To6nbl MIOTHOCTh Tesa GHJIA B KAXKIOM CEeYeHHH (pyHKIHEll TOIEKO
PacCTOAHHA OT OCH CHMMETDHH,



§38. BPAILEHHUE TEJIA BOKPYT HEMOABH)XHOM OCH 139

Teaa, ana xotopeix I,=1,5=I,, BenyT cebs KaK OJHOPOAHBIE Te.1a
BpalleHus. VX HasblBaloT CHMMETPHYHBIMH BOJYKAMH,
Haxkonen, Tena ¢ /,5-/,7</, HasbiBaloT aCUMMETDPHY HB M H
BOJYKaMH.

Ecau Teno Bpaiaercss B yc/JoBHAX, KOrja Kakoe-JH60 BO3NeiCTBHE
H3BHe OTCYTCTBYeT, TO YCTOHYHBBIM OKasblBaeTcsl TONBKO BpalleHHe BO-
KpPYT TJIAaBHBIX OCel, COOTBETCTBYIOUIHX MaKCHMa/JbHOMY H MHHHMA.lb-
HOMY 3HayeHHMsIM MOMEHTa MHepuHH. Bpaienne e BOKpPYr ocH, coOT-
BeTCTBYIOILeH NPOMEXYTOYHOMY 10 BeJIHYHHE MOMEHTY, GyJeT HeycTol-
YHBLIM. DTO O3HayaeT, YTO CHJ/Ibl, BO3HHKAIOMUE NPH MaJeiillleM OTKJ10-
HEHHH OCH BpallEeHHs OT 3TOH IJIaBHOH OCH, AeliCTBYIOT B TaKOM Ha-
npaBJjieHHH, YTO BeJMYHHA 3TOTO OTKJOHeHHs Bo3apacraer. [Ipu or-
KJIOHEHHH BpallleHHus OT YCTOH4YHBOMN ocH mox AeficTBHeM BO3HHKAIOLINX
IIPH 3TOM CHJ Te1O BO3BpallaeTcsi K BpalleHHIO BOKPYT COOTBETCTBYIO-
Ieff raBHOH OCH.

B cka3aHHOM MOXHO YGeIUTbCsl, MOMBITABIWIMCH MOAGPOCHTb KaKoe-
anbo Teso, HMmelollee GoOpMy napaJienenunesa (HanmpuUMep, KopoGoK
CIHYEK), NPHBEJS €ro OHOBPEMeH-
HO Bo BpauleHue !). IIpu sTom 06-
Hapy»XHuTca, 4YTO TeNo, najas,
MOXeT BpalllaThCst YCTOHYMBO BO-
Kpyr oceil, NpOXOASAIIMX yepe3
HauGoNbIINEe HJAH HaWMeHbllHe
rpany. [TonbITKH 2Ke noaGpocHTh
TeJIo TaK, YTOGBl OHO BpallaJoCh
BOKPYT OCH, NpOXOoAsuiell uepe3
cpenHue rpaHu, GyayT Gesycrell-
HBIMH, Puc. 38.6.

Ilpu HaAHYUH BHeNIHero BO3-

IeficTBUS, HapHMEp, CO CTOPOHH

HHTH, 32 KOTOPYIO MOJBElleHO Bpallaiolleecs TeJ0, YCTOAYHBEIM OKa-
3bIBaeTCs TOJBKO BpallleH¥ie BOKPYT IVIaBHOM OCH, COOTBETCTBYIOLIEH HaH-
GosblieMY 3HaYeHHIO MOMeHTa HHepuHH. [lo 3Toli mpHuYMHe TOHKHI cTep-
JeHb, NOJBElIEHHEI Ha HUTH, NPHKpPeNJeHHOH K ero KOHUY, NpH Gwict-
poM BpailleHWH 6yjeT B KOHEUHOM HTOTe BpallaThCsi BOKPYT MepreHit-
KYJspHOfl K HeMy ocH, npoxojsielil uyepe3 uentp (puc. 38.6, a). Ana-
JIOTHYHBIM 06pa3oM BeJeT ce6A INCK, NOABElIeHHbId Ha NPHKPenJer oM
K ero kparwo HuTH (puc. 38.6, 6).

o cux nop peub L1713 O TeJlaX ¢ HEU3MEHHBIM PacrpeiesIeHHeM MacChl.
Tenepb npeanmonoXUM, YTO TBEpPAOe TEJO MOXKET Ha KaKoe-TO BpeMs
yTpauuBaTh CBOHCTBO HEH3MEHHOCTH B3aHMHOIO pAaCMOJIOXKEHHS €ro
yacreil, mpuyeM B TeYyeHHe 3TOro BPeMeHH IPOUCXOAHT nepepacrnpenesie-
HHE MacChl TeJla, B pe3y/bTaTe KOTOPOTO MOMEHT HHEDIHH H3MEHSeTCs

1) BosgecTBHe CHJSI TAXKECTH B 3TOM Cly4Yae He SBJIAETCA CYUIECTBEHHBLIM.
OHO aumb 0BYCTOBAMBaeT NPORCXOAfIIee HAPAAY € BpAllleHHeM MajeHHe Tea.
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oT 3Hauennss [y no 3Havuenus [,. Ecnu Takoe mepepacnpefiesieHue ocy-
liecTBAsETCS B YC/I0BHAX, Koria X Ng....=0, To coriacHo 3akony
COXPAaHEHHS MOMEHTa MMIY./hCa JOJKHO BHINMOJHATHCS PABEHCTBO

110)1=12(02, (3811)

rie ®j— HCXOJHOE, 2 ©,— KOHeYHOoe 3HayeHHe YIJIOBOH CKOpOCTH
Tesa. Takum o6pa3on, M3MEHEHHE MOMEHTA MHeplHM BjevyeT 3a coboil
COOTBETCTBYIOIlee H3MeHEeHHe YIJIOBOH CKOPOCTH. JTHM OObBsACHSeTCH
OGBLIYHO JEMOHCTpPHpYeMoe sIBJEHHE, 3aKJIoHalolleecss B TOM, YTO 4eJo-
BeK, CTOAIMI Ha BepTAllefics cCKambe, pa3Boisl PYKH B CTOPOHHI, Ha-
YliHaeT BpallaThCs MeJJIeHHee, a NMpPHXKHMas PyKH K TYJIOBHLLY, Ha-
YHHaeT BpawaThCcsl GbicTpee.

§ 39. MomeHT HHepUHH

U3 onpenenenus (cum. (38.6))
[ = 2 Am,Rz,, 1)

BHUIHO, YTO MOMEHT HHEPIHH eCTb BeJIMUHHA aJJUTHBHAs. DTO 03HAUaeT,
YTO MOMEHT WHepIUH Tesa paBeH CYMMe MOMEHTOB HHEPILMHM ero uacTei.

ITonsTHe MOMeHTa MHEpLUH OBbIJIO BBEEHO HaMH IPHU PACCMOTPEHHH
BpallleHHst TBepaoro Teja. OQHAKO C/eaYVeT UMeTh B BUIY, UTO 3Ta BeJH-
YHHa CyllecTBYeT Ge30THOCHTENBHO K BpalleHHto. Kaxpuoe Teno, Hesa-
BHCHMO OT TOr'O, BpallaeTcsi OHO HJIHM NMOKOUTCH, 06J1ajaeT ONpeie e HHEIM
MOMEHTOM HHepIHH OTHOCHTeJbHO JI060H oCH, NoJ0OHO TOMY Kak Teso
obsafaer Maccoil He3aBUCHMO OT TOro, JBHXKETCA OHO HJM HaXOJHTCSH
B MOKoe.

Pacnpenenenue Maccel B mpefenax Tesa MOXKHO OXapaKTepH30BaTb
C NOMOILIbIO BEeJHUYMHBI, Ha3biBaeMOH MJOTHOCT b1o. Ecau Tteno
OJHOPOJHO, T.€. CBOHCTBa €ro BO BCeX TOYKaxX OJAMHAKOBEI, TO MJIOT-
1IOCTbIO Ha3bIBaeTcs BejJH4YiIHAa, paBHasd

p=m/V, (39.1)

rae m — Macca Teqa, a V — ero o6veM. Taxum o6pa3oM, B cjaydae of-
HODOJHOTO TeJa NJOTHOCTb NpeiacTaBaseT coboil Maccy efMHHUIBLI 0GbeMa
Tedld.

Jasa Tena ¢ HepaBHOMEepHO paclpelesieHHOH Maccoifl BhIpaikeHHe
(39.1) naer cpenHo NJOTHOCTb. IIJIOTHOCTbL B JaHHOH TOUYKE ompefe-
JISETCS B 3TOM CJlydae cCJeAYHIOMM o6pa3om:

. Am  dm
p=A1‘}TOW=W. (39.2)

B sTom Bhpamenun Am — macca, 3akawoueHHas B o6veMe AV, xoto-

!) B atoM naparpate LemecooGpa3sHo 0CO3HaYHTL SJeMEHTapHYIO Maccy Tena
cuMBoJoM Am; BMecTO ;.
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pblit NIpU NPEAEbHOM Mepexoje CTATHBAeTCs K TOH TOYKe, B KOTOpOH
onpeje1seTcss IJIOTHOCTb.

[Npenenbubiil nepexox B (39.2) Henb3s moHumath Tak, yto AV cra-
ruBaercsi 6yKBajibHO B TouKY. [Ipi TakomM moHHMaHuu /s ABYX mpak-
THYECKH COBMNAJalollUX TOYeK, OfHA H3 KOTOPLIX MPUXOAMTCS Ha AAPO
aToMa, a Apyras — Ha NPOMEXYTOK MeXIy slpaMH, noJydascs Obl
CHJIbHO OTJIMYAIOWIMIACA pe3yabTaT (4/1s1 NepBOH TOYKH OTPOMHAS Be-
JIHYHHA, a JJas BTopoii — Hy.ab). [TosTomy ymeHnbuienne AV cieayet
NPOM3BOAMTb A0 TeX Mop, NnoKa He 6yneT nonyudeH ¢ M3 HUYECKH
GeCKOHEYHO MaJblif 06beM, MO KOTOPLIM IIOHHMAIOT TAKOH 06beM, KOTo-
pHIf, C OXHOMH CTOPOHLI, ZOCTATOYHO MaJ AJs TOTO, YTOOHI MaKPOCKOMH-
yecKHe (T.e. mpucymue O6OJBLIOH COBOKYNHOCTH aTOMOB) CBOJiCcTBa
B nipefieslaX ero MOXHO GBII0 CHHTAaTh OMHAKOBLIMY, a C APYToii CTOPOHHI,
JOCTaTOYHO Be/JMK AJs1 TOro, YToObl HE MOrJia MpOABHTbCA AHCKpeT-
HOCTb (NMPEPHIBHOCTL) BELLECTBA.

CornacHo (39.2) snemeHTapHasi Macca Am; paBHa NpPOHM3BEJECHHIO
IJIOTHOCTH Tesa P; B JaHHOH TOYKe Ha COOTBETCTBYIOIIMH 3JeMeHTap-
Hblil 06beM AV;:

Am;=p; AV,.
CnepoBaTe/bHO, MOMEHT HHEPUHH MOXKHO NpPEACTaBHTh B BHJE
I=Y0,R}AV,. (39.3)
EcaM nJ0THOCTH Tefla MOCTOSIHHA, €6 MOXHO BEIHECTH 3a 3HaK CYMMAIL:
I=p X RiIAV,. (39.4)

CootHowenus (39.3) n (39.4) aBnsiorca npHOIUNEHHBIMH, NMPHYEM
TeM GoJiee TOYHBIMH, YeM MeHblue 3jeMeHTapHble o6beMbl AV; H cooT-
BETCTBVIOUHE MM 3jieMeHTaphble Maccul Arm;. CrefoBaTenbHO, 3ajaya
HaXOX/JEHHA MOMEHTOB WHEPUHH CBOJIHMTCS K HHTErPHPOBAHHIO:

1= Redm=pR?av. (39.5)

Hnrerpanst B (39.5) GepyTca nmo Bcemy o6beMy Tesa. BeqHUHHBI p H
R B 3THX MHTerpasiax sIBJAsIOTC QYHKHHAMH TOYKH, T. €., HalpHMEP,
JIEeKapTOBLIX KOOpDJHMHAT X, Y H 2.

B xauecTBe mpumepa HaHAeM MOMEHT HHEPUHH OJHOPOAHOrO AHCKa
OTHOCHTEJIBHO OCH, MepHeHAHKYISPHOR K IJIOCKOCTH AMCKa U MPOXOAs-
e uyepea ero meurp (puc. 39.1). Paso6bem AMCK Ha KOJIbIEBLIE CJIOU
toauwuHoi dR. Bce ToukH ofHoro cjoa 6YAYT HaXOAWTbCS Ha OAMHA-
KOBOM PAacCTOSIHHH OT ocd, paBHoM R. O6bem Takoro c/of paBeH

dV=b2nR dR,

rae b — tonmuHa aucka. [TocKosabKy RHCK OAHODOAEH, MJIOTHOCTH €ro
BO BCEX TOYKAX OfMHaKoBa ¥ p B (39.5) MOXXHO BBLIHECTH 3a 3HaK
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HHTerpana:
R

I=p{ R*av =p { R®27R dR,
0

rie Ro— paauyc aucka. BriHecem 3a 3HaK HHTerpasa NOCTOSTHHBINA
MHOXHTeAb 2mb:

R, 4
I=2abp | R®dR=2bp R,
0

Haxkonel, BBesl Maccy AHCKa /m, PABHYIO IPOH3BEACHHIO IJIOTHOCTH P
Ha o6beM AucKa bmR3, mosydHM:

1= Tzi‘z’. (39.6)

Haxoxnenne MoMeHTa HHEPIHH B PacCMOTPEHHOM NpHMepe 3HaYH-
TeJbHO YIpoliaJaoch BCJEICTBHE TOro, 4TO TEJ0 OLL10 OJAHODOHLIM
H CHMMETPHYHRIM, a MOMEHT HHEePUHH MBI HCKAaJH OTHOCHTEJbBHO OCH

g’ g
ﬁdﬁ
)4
i
7' /4
Puc. 39.1. Pue. 39.2.

cuMMeTpHH, Ec/u 6u Mul 3axoTesi HafiTH MOMEHT MHEpPUHHM AHCKa OT-
HOCHTeJIbHO, HanpumMep, ocH 0'0’, nepneHaMKYyAsSpHON K JUCKY M MpPO-
Xozsule yepe3 ero Kpai (cM. puc. 39.1), BuiuHCIEHHS, O4€BHIHO, OKa-
3a/uch 6bl ropasfio Gosee COKHLEIMU. B 10106HEIX C1yyasiX HaX0XIeHHe
MOMEHTa MHEepPIHH 3HauuTeJBHO OOJeryaercs, €CJH BOCIOJb30BAThCs
TeopeMmo#d IlITeii Hepa, KoTOpas GopMyaHpyeTcs CiaeLyOLIHM
o6pa3soM: somerm unepyuu | omHocumeasHo npous’EoAsHOL ocu pasen
cymme momenma unepyuu I omrocumenroro ocu, napaiiesbHot 0anHoLl
U npoxoOawell 4epes yeHmp Macc meaq, w npou3eedeHus maccel meaa m
Ha Keadpam PaccmosHus a mexcoy ccasul:

I=I.+ma? (39.7)
B cooteercTBHH ¢ Teopemoil Lltefinepa MOMEHT MHepLHU AHUCKA OT-

HocHTesIbHO ocH 0’0’ paBeH HaHIEHHOMY HaMH MOMEHTY HHEpLHH
(39.6) oTHOCHTeNBHO OCH, MPOXOAfLIEH uepe3 LEHTP AHCKa, ILIIOC
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mR; (paccrosnne mexay ocamu 0’0’ u OO paBHO paanycy AucKa R,):
R} ,_ 3
= m—2—° +mRi= mRy.

Takum o6pa3om, Teopesta Llrefinepa, no cywecTsy, CBOAMT BBITHC-
JIeHHe MOMEHTa MHePUHH OTHOCHTe/JbHO MPOHU3BOJBHOM OCH K BbIYHCJE-
HHIO MOMEHTa HHEepPUHH OTHOCHTeJNbHO OCH, NPOXOAAIlEH 4epe3 UEeHTp
Macc Tena.

Ina nokasaresnsctBa Teopembl IlrteiiHepa pacemotpum ocs C, mpo-
XOJAILIYIO uepe3 HEHTp Macc Tesa, H MapasyenbHylo efl oce O, oTCTOS-
myto ot ocH C Ha paccrosinve a (puc. 39.2; obe ocH nepneHAUKYJ/IAPHLI
K NJIOCKOCTH 4epTexka). O6o3Haumn yepe3 R; nepneHAMKYNsApHBIA K OCH
C BekTOp, NMPOBefleHHBIH OT OCH K 3JIeMeHTapHOH Mmacce Am;, a yepes
R; — aHaJjOorHuYHLIH BeKTOD, NpoBeleHH Il OT ocH 0. BBeaem takxe mep-
NeHAHKYJIAPHBIN K OCSAM-BEKTOp a, COeAHHSAIOMUI COOTBETCTBYIOIHE TOY-
ki oceit O u C. Ilaa no6of mape! NPOTHBOJIEKAIIHUX TOYEK 3TOT BEKTOP
HMeeT OJMHAKOBYIO BE.THUMHY (pPaBHYI PacCTOSIHMIO a MeXKAY OCHMH)
H OIMHAKOBOE Hanpab.eHile, Mexay nepeuHc/JeHHHIMH BEKTOpaMH
HMeETCSI COOTHOLIeHHe

R;=a+R,.

KBagpat pacctosinusi 3/1eMeHTapHoit Maccel Am; or ocu C paBeH
R3=R} a ot ocu O —

Rf=(a+R)*=a*+2aR;+Ri.

C YUY€TOM NMOCAeAHEr0 COOTHOLIEHH A MOMEHT HHEPLIHH TeJ1a OTHOCHTEJ/IbHO
ocH O MOXHO NpeACTaBHTb B BHIE

I=YAmR?=a*Y Am;+2a Y Am;R;4- X Am;R} (39.8)

(nocTosiHHBIE MHOXHTEIM MbI BBIHECJH 3a 3HAK cymmsel). [Tocsenuuit
ujeH B 3TOM BbIpaXKeHHH €CTb MOMEHT HHEPIHUH Tesla OTHOCHTEJBHO
ocu C. O6o3nauum ero /.. Cymma sneMeHTapHBIX Macc JaeT Maccy TeJa
m. Cymma Y, Am;R; paBHa mpou3BeleHHIO Macchl Tesla Ha BeKTop R,
npoBefeHHLIH 0T ocH C K UeHTpy Macc Tesa. [TocKonbKy LeHTp HHep-
UMH JexKHT Ha ocu C, 3TOT BeKTop R, a crenoBatenbHO, H BTOPOi U/ieH
B (39.8) paBHbl Hymo. Takum o6pasom, MBI NPHXOAUM K BbIBOAY, YTO

I=maz+lc,

a 310 U TpeboBajoch foKa3ath (cM. (39.7)).
B 3ak/oueHHe npHBegeM 3HaYeHHS MOMEHTOB MHEDUHMH JJS1 HEKo-
TOPHIX Tes (Tesla NpeANOJIaTaloTcsl ONHOPOXHBIMH, M — Macca TeJsa).
1. Teso mpeacrasasieT co6oil TOHKHIl AMHHHBIE CTepXKeHb C cede-
HHUeM JoGoi ¢opMel. MaKcHMaJbHBIN MONEpeuHbll pasMep CTepXKHs b
BO MHOro pa3 MeHbllle JJHMHH cTepXHs [(b<Zl). MoMeHT HHepuHH
OTHOCHTEJIBHO OCH, MepNeHIHKYJAPHOH K CTePXKHI0O H NpOXoAflleH



144 IJl. V. MEXAHUKA TBEPAOIO TEJIA

/] yepe3 ero cepeauny (puc. 39.3), pa-
N BeH
[ ) 4 I=Lmp.
< ! ; -} 12
7 2. Ins aucka WJaH IHJAKHAPA NDH
Puc. 39.3. mo6om oTHowleHMH R K [ (pHc.

39.4) MOMeHT HHEPIHH OTHOCHTEJBHO
OCH, COBMAjaIOULeil ¢ TeOMETPHUYECKOH OChIO UM/IMHApPA, paBeH

I=%mR2.

3. Teno — ToHkuit auck. ToJmuHa AHCKAa b BO MHOTO pa3 MeHbllie

Puc. 39.4. Puc. 39.5.

paauyca aucka R (b<€R). MoMeHT MHEpPLUHM OTHOCHTEJNLHO OCH, COBMa-
Jarouleit ¢ auamerpoM aucka (puc. 39.5), paBeH

I =—mRz2.

| —

4, MoMmeHT uHepUMH Liapa paaMyca R OTHOCHTEILHO OCH, Mpo-
XoZAsillleli uepe3 ero LEHTP, paBeH

2
1=§mR"‘.

§ 40. IlonaTie o TeH30ope HWHEPUHH

B § 38 MbI yCTaHOBHJAM, YTO AJI1 OJHOPOJHOIO Te/1a, Bpallalomerocs
OTHOCHTEJIbHO OCH CHMMETPHH, CBSI3b MeXIY BeKTOpaMH M H @ HmeeT
oueHb MpocToil BHA:

M=Jo (40.1)

{cm. (38.10)) nam
M,=lo,, M,=lo, M,=lo, (40.2)
310 06BACHAETCA TEM, YTO JJISl TAKOrO Tesla BEKTOPHl M M @ KoJJHHe-
apubl. OgHako B o6uieM caydae BeKTOPH M 1 @ 06pa3yioT yroJa, oTJauu-

HEll OT HYJs (cm. puc. 38.2), Tak YTO CBSI3b MEXKAY HHMH He MOJKET
6LITh BHIpaxeHa gopmyioi (40.1).
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[TonbiTaencst BEISICHUTD, K2K MOXKHO CBS3ATh aHAJIITHYECKH BEKTOPHI
M 1 © B camoMm obmenm cayyae. Bynem ucxonuTh H3 TOro, 4TO MOAY. 1M M
H © TPONOpPUHOHAJBHEI ApYT ApYry. [efictBHTeNbHO, coraacHo (38.3)
MOIYJH 3JIeMEeHTapHBIX BeKTOPOoB M; nponopiioHAMbHEL MOAYJIIO @,
CJleloBaTe1bHO, U MOJAYJb CYMMBI 3THX BEKTOPOB TaKe MPOMOPLUHOHA-
JeH @. Jlerko coo6pa3uTh, 4TO TaKasi PONOPLHOHAIBHOCTD NMOJYUHTCSH
B TOM Clly4yae, €CJH KaxkJasi KOMMNOHeHTa BeKtopa M 6yzaeT 3aBHCETb
JUHEAHO OT KOMIIOHEHT BEKTOpa :

M«T = ]xxmx + Ixy(‘o_/ + Ixz(ozg
My _/x x+1JJ J+lyz z) (40.3)
M zx X + lzy v + lzz z

31ech BeTHYHHBL [y, lxy U T. I. CYTh KO3(dHUIHEHTE NPONOPUHOHAJb-
HOCTH, HMelOLIie pa3MepHOCTb MoMeHTa uHepuuu (cp. ¢ (40.2)). Ilpu
yBeJHUYEHHH ® B HEKOTOPOe YHCJO pa3 B TAKOe Xe KOJHYECTBO pas
YBEJIMUMTCA KaxJas U3 KOMIOHEHT @y, ©,, O, U COOTBETCTBEHHO KaX-
Jas U3 KOMNoOHeHT M., My, M,, a 3HayuT K caMm BekTop M.

Baanmuas opHenTanus BektopoB M 1 @ onpenessiercss 3HaYeHHSAMH
KO3((HIIUEHTOB NMPONOPUHOHANBHOCTH. [TycTh, HampuMmep, [ .=1/,,=
=1I,,=1, a ocranbHele Ko3(ppruveHTsl paBHE Hym0. Toraa ¢opMyasl
(40.3) nepexogar B cootHowenns (40.2), T. e. Bektopol M ¥ © OKa3bl-
BalOTCSl KOJIIMHEeapHEIMH. Tenepb IONMYCTHM, YTO BEKTOp ® Hanpanneﬂ
BIOMb OCH Zz M KO3(dHUHEHTH Iy, [y, 1,, OTIIHYHEL OT HYJIS. B stoM
crydae ©,=, 0,=0,=0. IloacTaHoBKa 5THX 3HadYeHHA B (40.3)
JaeT, 4To

M,=1,0+0, My=I,0%0, M,=1I,00.

Bce Tpu KoMnoHeHTHl BeKTopa M OKa3anuchk OTIHYHEIMH OT HYJd, 3Ha-
4yuT, BeKTop M o06pa3syer ¢ HampaBJeHHBIM [0 OCH Z BEKTOPOM @ He-
KOTOpBLI yroJ.

M3 ckaszaHHOrO BHITEKaeT, YTO B CAMOM OGLIEM CJyyae CBA3b MEeXIY
MOMEHTOM HMIYJbCa N YTJIOBOH CKOPOCTBIO Tesla MOXKeT ObITh BEIpaX<eHa
¢ noMouipio opmya (40.3). Anasoruunele GopMyJBl MOTYT OBITH HamH-
caHbl AJ19 JOOLIX BeKTOPOB a U b, MOXY/MM KOTOPHIX IPONOPLHOHAIBHBL
Apyr Rpyry:

bx = Txxax =+ TxJaJ +T .4,
b,=T,.a.,+T,a " +T,.a,, (40.4)
bz= szax+ zu Y +Tzza

STH TpH GOPMYJBI MOXKHO 3aMHCaTh KOMIAKTHO B BUJE OJHOTO BhIDaKe-
HHSA:

bi= X Tua (i=x, y 2). (40.5)

k=x, y, 2

ITonoxuB {=x M OCYylLleCTBUB CYMMHPOBAHHE, NMDH KOTOPOM HHIEKC
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k npoGeraer sHa4eHHA X, Y, z, TOAYINM NepBYIO U3 dopmya (40.4), no-
JIOXHUB [=y — BTOpYI0O M3 dopMmya ¥ T. A.

CoBoKYMHOCTb ieBATH BeJHYMH Txx, Twy, .., T,, KMEHYIOT T € H-
30pOM BTOpPOTO paHTratl), aonepauHo, BelpaxaeMyio ¢op-
myaamu (40.4), Ha3bIBAIOT YMHOXKEHHEM BeKTopa a Ha tenzop T. B pe-
3y/1bTaTe TAKOrO YMHOMEHUS M0/1YJaeTCsa HOBHLA BekTOp b,

Tensop npHHATO 3amHCHIBaTH B BHAE KBaJpaTHOR TaGaHIbL:

xx Ty Tua
) (40.6)

/T
T =n\TUI Tyy Tyz
T

FE 4 sz 7“zz

(BMeCTO MHIEKCOB X, y, 2 MOXHO mHcaTh HHAeKCH 1, 2, 3). Beauuuun

Tye, Tyy, HashlBalOTCI KOMMNOHEHTaMH TeH3opa. Pacno-
JoXeHHble Mo AHaroHaad Tabauusl (40.6) KoMmoHeHTH T yy, Ty,
T,, Ha3blBalOTCA A HMATOHAaJbHLMH.
3HaueHHs] KOMIIOHEHT 3aBHCAT OT BHIGOpa KO-
OpAHHATHBIX OCefl, Ha KOTOpLle MpPOEeKTHPY-
I0TC BEKTOpH! a U b (oT BLIGOpa ocell 3aBUCAT
M KOMIIOHEHTH! 3THX BEKTOPOB).

U3 conocraBnenus gopmyn (40.3) u (40.4)
BbITEKAeT, 9YTO Ko3dpHIHeHTE B ¢opMyJaax
(40.3) cyTh KOMMOHEHTH TEH30pa BTOPOro
paHra:

Ixx Ixy Ixz
Puc. 40.1. I = 1yx Iyy 1yz). (40.7)
sz zy IZZ

Ero HasbiBaloT T€E H30POM HHep L M H Tela. DTOT TeH30p Xapak-
TepH3yeT HHepTHble CBOACTBA TeJia MpPH BpalleHUH.

Uto6bl HaliTH 3l1aYeHIIsT KOMIOHEHT TeH3opa HHepuHH, GyneMm Hc-
XOAHTb U3 OMpeJeseHUs] MOMEHTa HMIY/bca TeJsa:

M= mr;, v/] (40.8)

(cq. (38.9)). Bektopn r; 6yneM OTKIaiblBaTb OT IEHTpPA Macc Tesa
(puc. 40.1). 3amenum B BoipaeHUH (40.8) CKOpPOCTB V; BEKTOPHBIM
npousBenenneM [o, r;] (cM. dopmyny (5.8)). B peaynbrate mosnyunm:

M=m[r;, [0, r]].
Teneps BocrionbayeMcs dopMyoli «6am MUHYC a6y (popmyJiof (2.35)):
M= m, {o(r)—r (o). (40.9)

1) TeHsopoM BTOPOrO paHra HA3LHIBAETCH COBOKYMHOCTb IEBSATH BeAHIAH Ty,
xy -+ Tzz» TPeO6PAsYIOMHXCA MPH NOBOPOTAX KOOPAMHATHHIX ocefl MO onpeneneH-
HuM npasanam (cM. Ilpmaoxenme III).
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HanomuuM, 4TO cyMMHPOBaHHe OCYIIECTBJSETCSH 1O BCEM 3JeMeHTap-
HBIM MaccaM, Ha KOTOpHle MBIC/JIEHHO Pa36UTO TeJo.

CssizkeM C TeJIOM JeKapTOBY CHCTeMY KoopiauHaT 1) (c. puc. 40.1)
H pacnuiueM cKaJfpHble Npon3Befelts, QUrypipyolliie B BEPaXKeHHH
(40.9), yepe3 KOMIOHEHTHl BEKTOPOB ® H I; MO OCAM 3TOH CHCTEMBI
(cM. (2.23)). Hauaso xoopaHHaT MOMeCTHM B LeHTp Macc Tena C (Ha-
NIOMHHM, 4TO M3 3TOH TOYKH MBI OTKJAJALIBAJIH BEKTOPHI I;). YUTs, YTO
Txi=Xi, ryizyiv r;;==2;, TOJYYHM:

M=23m{o (xi+yi+2) —r; (0, +y0,+20,)}. (40.10)
Haiinem npoexiuio 310ro BEKTOpa Ha OCb X:
Mx = Z m; {mx (Xf +y?f +23) —X; (x;0, -I-y,-fﬂy =+ Z,'('Jz)} =
=0, Xm; (;i+2%) —0, DMy — o, X mx;z;. (40.11)
AHaJIOTHYHO HAaXOJATCS NPOEKUUH BeKTopa M Ha ocH y U 2:
My=—o0, Xmyx; +o, Xm; (xi+2}) —o, Xmyz;, (40.12)
M,=—o, Fmzx,—o, Xmzy+o, Xm; (xi+y;). (40.13)

CpaBHeHHe TNOJIYYeHHLIX HaMH Bhlpaxenuit ¢ dopmynamu (40.3)
Ho3BoJ/isieT HafiTH 3HayeHHs] KOMIIOHEHT TeH30pa HMHEepUHH. Brinmuiuem
3TH 3HayeHHMs Cpa3y B BHJE TabJaHUEL

Em.- (gi+20) —Z mixiy; —2 mxz;
= —Zmyin Dm () —Dmyz . (40.14)
— i mzxg —imiziy; Dmi(3+ i)

JuaroHa/ibHbIe KOMIIOHEHTE! TeH30pa NPEACTaBJsAOT co6oli paccMOTpeH-
Hble B MpeAblayllieM naparpade MOMEHTHI HHEDLUHMH OTHOCHTEJbHO COOT-
BETCTBYIOUMX KOOPARHATHLIX OCell, DTH KOMIIOHEHTHl Ha3kIBAlOTCH Oce-
BHIMH MOMEHTAaMH UHe plHH. HeanarosajJbHble KOMIOHEHTHI
HasHBalOTCA LEeHTPOO6GEXHBIMH MOMEHTAMH HHeEP-
IL ¥ H. 3aMeTHM, 4TO HeJHaroHaJbHble KOMNOHEHTH TeH3opa (40.14)
YIOB/IETBOPSIOT ~ YCNOBHIO:  [yy=1 s, l,=1,s [I,,=1,,. Teusop,
YIAOBJIETBOPSAIOMIHIE TaKOMY YCJOBHIO, Ha3blBaeTcs CHUMMETP H Y-
H BI M.

IlpakTHyecKn KOMIIOHEHTHI TeH30pa HHEpLHH BBIYHCJAIOTCA C IO-
MoLIblo HHTerpHpoBaHusi. Hanpumep, komnoHeHra [, onpeisercs
no gopmy.Je

]xx=gp(x1 Yy, 2) (y*+2%)dV,

rae p (x, ¥, 2) — nJaoTHocTh, dV — 3/eMeHTapHBIM 06beM. HHTerpupo-
BaHHEe NMPOM3BOAUTCA IO BceMy obbeMy Teqa.

1) TlonuepkHeM, 4TO OCH STOA CHCTEMBI JECTKO CBA3aHHI C TeJIOM M Bpamalorcs
BMeCTe C HHM.
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HafineM KOMNOHEHTEI TeH30pa HHEpUHM 1J51 OXHOPOJHOTO HpSIMO-
YroJbLHOTO NapaJiie/Ienunena, Bbi6paB oCH KOODAHHAT TaK, Kak I0Ka3aHo
Ha puc. 40.2. Havano KoopauHar coBnajaer ¢ neHTpoM Mmacc Tena C.

UToGb! BHIYUCIHTb OCEBOH MOMEHT

z , % uHepuud /,,, pasoGbeM TeJo Ha

’ o f CTOJIGHKH C MJIOIAJbl0 OCHOBaHHUS,

/; ! L4/ | 2¢  pasHoit dxdy. Bce siemeHTH Ta-

otk i 1 . KOro cTo/I6HKa HMEIOT OAHHAKO-

7 Y ( 4 Bble 3HAYEHHsT KOOPAMHAT X H Y.

’ @’/ / O6peM cTo16MKa paBeH 2c dx dy,
&

77 . ¥ a ero macca dm=p2c dx dy. Io-

25 3TOMY BKJaj cTon6uKa B [, on-

penessieTCsa BhIpaXKE€HUEM
d[zz croabuka — QPC (x2 + yz) dx d!/

[TpounTerpupoBaB 3TO BEIPaXKEHHUE MO X, HafiieM BKJad B /,,, KOTOpbIH
faeT noka3saHHbIfl Ha puc. 40.2 ciaof mavEB 24, WIMPHHLL 2¢ U TOJ-
INHBL dy:

+a +a +a
dl,, cn=§ 200 (* 97 dedy =2pcdy § x*dx + 2002 dy § dx=

-a —-a -a

= (% pca® -+ 4pcay2) dy (40.15)

Puc. 40.2.

(Tak KaK TeJlo OXHOPOAHO, @ He 3aBUCHMT OT KOODAMHAT X, Y, 2).
Hakonel, mpouHTerpupoBas BelpaxkeHue (40.15) mo y, moayuum
I,, Bcero Tena:

+D A . . 4 . +0 +b .
l,,= S (gpca -+ 4pcay )dy=§pca _S; dy+4pca Sl yrdy=

~b -b

=% pcatb —I—% pcab® = % p (2a) (2b) (2¢) (a® +-b%) = % m (a® +b?)

(m — macca Tesna). AHaJOTMYHBIE BLIUHCJIEHHS JalOT, YTO
Ixx=%m &>+ %), Iw=%m (@® + ).
Tenepb BLIMMCIMM ONHH U3 LEHTPOGEKHEIX MOMEHTOB, HampUMep
I.,. BKaaj B 9TOT MOMEHT CTOJIGHKA C OCHOBaHHEM dx dy paBeH
dlxy croabuxa = — PXY 2c dx dy,

a BKJajJ cJos —
+a
d[xy caon — —— QPCy dy S xdx=0,

-~a

CoOTBETCTBEHHO U MOMEHT BCEro Tesa paBeH HY.JIO. AnasoruuseIi pe-
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3YJBTAT NOJYYaeTCs H AJfA OCTaJbHBIX IEHTPOGEXKHBIX MOMeHTOB. Ta-
KM oOpasoM, NpH YKa3aHHoM Ha pHc. 40.2 BriGOpe KOOpAMHATHBIX
ocell TEH30p MOMEHTa HHEPIHH OHOPOLHOrO MPAMOYTO/BHOTO NapaJJie-

Jenunena vUMeeT BHIO
I 0 0
l=<0 1y 0> (40.16)
0 0 I,

(MBI COXpaHMJIH NP1 AMAaroHaJbHBIX KOMIIOHEHTaX 1O OIHOMY HHJIEKCY).
Takoii pe3yabTat nonyuucsa 6;1arofaps ToOMy, UTO B KauecTBe KOOD-
IIIHATHBIX ocell GblNM BLIGpaHbI TJaBHBIE OCH MHepUHMH Tesa (cM. § 38).

e N\ 2
.z-y<2 g z?/: Y/ T zp¢ ”2 .zy/)lﬂ Z bz
3 . 4
e L LA e L AT
/.2'/_1,//)17 .iZw ) 5 2yl
A Zysl .
a) )
Puc. 40.3.

I'lpu uHOM BHIGODE KOOPAHHATHBIX OCed LEeHTPO6GeXKHble MOMEHTbI HHep-
IIHH OKa3blBaKOTCSI OTJIMYHEIMHU OT HYJ51. B 3TOM MOXKHO Y6eanThCs € I10-
MOILBIO cJIefymoulero paccyxkaeHus. IIpu BriGope oceif, NOKa3aHHOM
Ha puc. 40.3, a, niomaay NpsaMoyroibHHKoB [/, 2, 3 U 4 OJHHAKOBHI,
Ha xByx H3 HEX NpoH3BeleHMe Xy NOJIOXKHTENBHO, Ha ABYX — OTpHLA-
TeJNBHO. 3TO NMPHBOAMT K TOMY, YTO HHTErpaJs OT XYy, B3SATHIA no Bceil
IJIOWa ¥, OKa3bIBaeTCA PaBHEIM HY.O, [Ipn BeiGope oceil, TOKasaHHOM
Ha puc. 40,3, 6, nyomany 3amTpHX0oBaHHLIX GUryp / n 3 MeHblle mJo-
manel He3alWTpUXOBaHHbIX ¢Hryp 2 u 4 (a=>b). IlosToMy wHTerpan
OT XYy, B3SITHIH 110 CyMMapHO# nuotiand, 6yjer oTiHueH oT Hyas. CooT-
BETCTBEHHO OTJIMUYEH OT HYJIS U HEeHTPOOEXHBI MOMEHT /.

TNonyuenHbill pe3ysbTat sBAseTCA OGLIMM AT BCEX TeJI, HE3aBUCHMO
oT X (OpMBI ¥ pacnpeneseHHs Macchl. Ecaiu B kaueTcBe KOOD AMHATHHBIX
oceil B3ATb IJlaBHble OCH WHEpPLUHH Tesa, TEH3Op HHEPLUHH HMeeT Blj
(40.16). BeJIH'lHHbI“[x, Iy, I,(H0 He Iy, Iy, I,, B (40.7); npH noBopote
KOOPJAMHATHBIX OCeli N3MEHSIIOTCST BCE KOMIOHEHTHl TeH30pa, B TOM HHCJle
U JAMaroHa/JbHbIE) Ha3LBAlOTC TJAaBHBMH MOMEHTAaMHU
MHepUHUHU Tena. [lofyepkHeM, UTO IrJIaBHBIMH MOMEHTaMH HHEpUHH
Ha3bIBAIOTCS OCeBble MOMEHTHI, BHIUHC/JEHHEIE He B NMpPOM3BOJIBHBIX, a
B IJ1aBHBIX OCSX.

I'naBHEIe OCH MHEPIHH B3aHMHO NepIeHANKYJ/ISPHH H NepeceKalnTcs
B LeHTpe Macc Tes1a. B o6mem c1yyae (koraa /.5~1 j5=1,) 3TH OCH MOXKHO
BbLIOpaTh €AHHCTBEHHBIM crnoco6oM. [las 1mapoBoro Bolyka (T. e. Teda,
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y xotoporo I.=I,=1I,; cM. § 38) moJioxenue I1aBHEIX oceft OKasbiBa-
eTcsl COBEpILUEeHHO HeonpezxeﬂeHHuM Y cummeTpuyHOro BosuKa (/.=
=/[,51,) dbukcupoBaHa JHIIb OCb Z, OCTa/IbHbIE JBE OCH OKa3bIBAIOTCSI
HeompeJie/IeHHBIMH.

ITycTob Tesi0 BpallaeTcss BOKPYr OAHOH M3 CBOMX TJIaBHBIX OCell HHep-
LHH, CKaXeM BOKDYT ocH z. Bri6paB riiaBHbie OCH B KauecTBe KOOpIH-
HaTHBIX OCelf, moJyYuM, 410 @,=0, ®,=0,=0. [TockoabKy npH Ta-
KOM BbIGOpe KOOPAHMHATHBEIX ocell TeH30p MHepuuu Hmeer BHI (40.16),
dopmyael (40.3) IPHBOASAT K CJEAYIOIHM 3HAYEHHSM KOMIOHEHT MO-
MEHTa UMmyJbca TeJa:

M,=M,=0, M,=ILo.

CnepoBatenbHo, BeKTOp M 1MeeT TaKoe Xe HanpaB/eHHE, KaK U o.
Takoii ke pe3y.1bTaT moJvyaeTcs NpPH BpalleHUH Tesla BOKPYT APYLHX
raaBHBIX oceff. Bo Bcex 3THX cayyasx

M=o, (40.17)

rie [ — cooTBeTcTBYWOUIHH T/aBHBEIA MOMEHT HHepuHd Tena. B §38
MBI TTOJIYYUJIH TaKyio GopMyJay IJs OJHOPOIHOTO Tena, Bpalllalolierocs
BOKPYT cBoeli ocu cuMMeTpuH (cM. (38.10)). Tenepb Mbl YCTaHOBHIH, UTO
dopmysa (40.17) cnpaBemauBa B TeX cJayyasxX, Korja NpPOH3BOJIbHOE
TeJIO0 BpalllaeTcs BOKPYT OTHON M3 CBOMX IJIaBHBIX OCell WHEPIHH.

B 3akmioyeHUe BBISICHUM, B KaKHX CIy4YasfiX BCerja cnpaBeAJHBYIO

dopmyay M=N (cM. (38.1)) MoxkHO mHcaTh B BHAe
Ip=N. (40.18)

Tlpexne Bcero 3T0, OYEBHAHO, MOXKHO JesaTh, Koria Teso Bpallla-
€TCS BOKPYT IJJaBHOH OCH M MOMeHT cHJ1 N HampaB/eH BIOJIB 3TOH OCH.
HefictBUTe/IbHO, B 3TOM cJy4yae MOMEHT Cisl N BhI3HIBaeT mpHpalleHHe
dM, xoanuneapuoe ¢ M (dM=N df). IToatomy BpalleHHe Bce Bpemsi
NPOUCXOAUT BOKPYT IJaBHO OCH, TaK 4TO cooTHoweHue M—J/@ He
Hapywaetrcsa. OfHakKo B 3TOM cayuae BeKTopuHasi dopmyna (40.18) me
JaeT HUYero HOBOTO NO CPaBHEHHIO ¢ (opmyJol

IB,=N, (40.19)
(2 — ocp Bpamenus).

Tlpu N, nexonnuneapHoM ¢ M (nanpumep, npu N, nepneHaukyasp-
HOM K M), ocb BpalleHHsi CO BpeMeHeM IlepeMellaeTCi OTHOCHTEIbHO
Tesna; MO3TOMY Jayke NMpPU YCJIOBHH, YTO cOOTHoleHHe M=/@ Bminos-
HSeTCA B HaYaJIbHHIl MOMEHT, CO BpeMeHeM 3TO COOTHOLIeHHe mepecTaer
BHIIOJIHATBCS, W ypaBHeHHe (40.18) yTpaunBaer cmbicy. ToAbKO B TOM
ciyvae, KOTJa TeJO SBJSETCA IIAPOBBIM BOJNUYKOM, HepeMelleHHe OCH
BpallleHHs OTHOCHTEJNbHO Tefa He HMMeeT 3Hauenus. [as 1waposoro
BoJUKa JoGas och ABJAsSETCS IJIaBHON M 06/1afaeT OJMHAKOBLIM 3HaUe-
HHeM MoOMeHTa WHepuuu J; mostomy ypasHeHue (40.18) oxaswiBaercs
ClpaBe[/TMBBIM IPH JIOGOM B3aHMHOM HampaBJ/ieHHH BeKTopoB N H @.
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§ 41. KnHeTHuyecKkas 3HeprHa BpaWAOILErocss TBEPAOr0 Tena

Haunent ¢ paccMoTpeHHsi BpauleHHs Teja BOKPYr HEMOABHMHOMN
OCH, KOTOPYIO Mbl Ha30BeM OCbio z (puc. 41.1). JInHefiHas CKOpPOCTD 3.1€-
MEHTapHOM Maccel m; paBHa v;=wR;, rae R;— pacCTosiHHe MacChl m;
orocu z. CaeaoBaTesibHO, A/ KHHETH-
ueCKoH SHepruu (- s;JeMeHTapHOH Mac-
Chl MoJIy4yaeTcsl BLIpaMeHHe

Kunernueckas SHEprug TeJsa cJjaraercs
U3 KHHETHUECKHX SHepFHﬁ ero yacreii:

1
p— — 2 2
T—ZTL —'E(JJ Em,R Pe
CymMma B npaBoil 4acTH 3TOrO COOTHO-
LUeHHs1 TpeAcTaB/asfeT Cco00H MOMEHT
HHepuUHH Tesla [ OTHOCHTENIBHO OCH Bpa- Puc. 41.1.
meHusi. Takun o6pa3oM, KHHeTHUeCKas N
SHeprus Tesa, Bpaulaiolierocs BOKPYT HEMOABHXKHOH OCH, paBHa

T = lot, (41.1)

ITyctb Ha Maccy m; HeHCTBYIOT 1) BHYTpPeHHsis1 cHaa f; M BHeluHAsn
cuna F; (cMm. puc. 41.1). CoraacHo (20.5) 3TH cHJBI COBepHIaT 3a BpeMd
dt pa6ory

OcymecTBUB B CMelUaHHBIX [POU3BeJEHHAX BEKTOPOB LHMKJIHYECKYIO
NepeCTaHOBKY COMHOMHTenell (cM. (2.34)), mosyuum:
dA;=oe]r;, §;]dt+o[r; F;]ldt=oNp"vPdi4-eN;dl, (41.2)

rie NP — MOMEHT BHYTPeHHell CHJIBI OTHOCHTeNbHO ToukH O,
N; — aHa/OTHYHBIH MOMEHT BHELUHEH CHJIBI.

[TpocymMupoBaB BripaxeHHe (41.2) mo Bcem 3JeMEHTapHEIM Maccaw,
NOJYYHM 3JeMeHTapHylo pafoTy, COBeplldeMylo Hajl TeJIoOM 3a BpeMs di:

dA=3dA;=o {INPY} di + 0 TN} dt.

CyMMa MOMEHTOB BHYTPEHHHMX CHJ paBHa HyJuo (cM. (29.17)). CrenoBa-
TeJlbHO, 0603HaYMB CYMMapHEIH MOMEHT BHENIHUX CHJ 4Yepe3 N, npuaem
K BRIDAXXEHHIO

dA=oNdt =N, dt (41.3)

1) Pesyavupyiomas cuna f;-}F; JIeXuT B NJI0CKOCTH, NEPNEHTHKYAAPHOR K OCH
BD allleHus.
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(MBI BocmoJsib3oBasiuch Gopmy.toit (2.21)). Hakoner, npuHAB Bo BHHMA-
HHe, YTo o df ecThb YroJa d¢@, Ha KOTOpbIl NOBOPAauYHBAETCSA TEJIO 32 BPeMs
dt, moayuum: °

dA =N, dp. (41.4)

3Hak paGoThl 3aBUCHT OT 3Haka N, T. e. OT 3HaKa MpoeKuuH Bektopa N
Ha Hampap.leHlle BeKTopa @.

Hrak, npu BpalieHHH TeJla BHYTPEHHHe CHJIbI paGOThI He COBEPILAIOT,
paboTa e BHeLUHHX CHJ onpefenasiercss ¢opmyJolt (41.4).

K dopmyne (41.4) MoxkHO MpHATH, BOCNOJb30BaBLIMCH T€M, YTO pa-
6oTa, coBepllaeMass BCeMH MPHJIOXKEHHBIMH K TeJy CHJIaMM, HIeT Ha
npupameHue ero KMHeTuueckof snepruu (cM. (19.11)). Baas auddepen-
n¥aJ oT obenx vacreil paBeHcTBa (41.1), mpuieM K COOTHOLIEHHIO

dT = d (10%/2) = d (10%/2) = lo do = [op dt = o, dt = Ip, d¢.

Cornacho ypasHenwuto (38.8) IB,=N,, Tak uto, 3amenun dT uepes3 dA,
npuaeM K dopmysae (41.4).

Ta6auua 41.1

IocTynaTes1bHOE ABHIKeHHe BpaujaTenbHoe ABH:KEHHEe
v—.JnHefiHag CKOPOCTb ®—YIJI0Basg CKOPOCTh
W=V — JIHHellHOe YCKOpeHHe B =o—yraosoe yckopenne
m—nmacca / —MOMeHT HHepUHH
p=rmv—HMIYyJabC M;=[®w,—MoMeHT HMNYJbca ¥)
F —cuaa N mau N;—MOMEHT CHJM
mw=F IB;=Nz%
T =mov?2 T=1w?*2%)
dA=F; ds=F, ds dA=N _dg

*) Ilif HenmoIBH)KHOH OCH BpalleHHA.

B T1a6a. 41.1 conocrtaB/ieHbl GOpPMYJbI MEXaHWUKH BpaulaTeIbHOTO
IBHXKEHHS C aHaJOTHYHBIMH (POPMYJaMH MeXaHHKHM HOCTYIAaTeJBHOrO
JBIDKeHUsT (MeXaHUKH ToukH). M3 sToro comocraBneHus Jierko 3akJio-
YHTb, YTO BO BCEX C/IY4YasfX POJib MACChl UTPAeT MOMEHT HHEPIHH, POJb
CHJIbl — MOMEHT CHJIBI, pPOJib MMIY/IbCa — MOMEHT HMMOYJbcCa U T. X.

@opmyary (41.1) MBI DONYYHIH AN Coyyasi, Korja Teao Bpaulaercd
BOKPYT HEIOJBHXHOH (PHMKCHPOBaHHOMN B Tesle ocd. Temepb AOHYCTHM,
YTO TeJI0 Bpallaercsl IPOU3BOJILHEIM 06Pa30oM OTHOCHTENBHO HEMOABHK-
HOI TOYKH, COBNAAAIOLell C ero HeHTpoM Mace. CBSIKEM XKeCTKO C TeJIoM
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JIeKapTOBY CHCTEMY KOOpAMHAT, Haya/J 0 KOTOPOH NOMECTHM B LEHTP
macc Teqa. CKopocThb i-H 3JjieMeHTapHBI Maccel paBHa v; = [oT;].
CrnenoBaTeNibHO, [/ KHHETHMYeCKOH 3HEPrHH Tejda MOXHO Hamiicarb
BhIpaXK€HHE

————Emv‘——QZm,[mr Zm(o”r sin?a;,

rie o, — yroJ Mexay BeKTopaMH @ H ;. 3ameHHB sin? o; uepe3
1—cos?a; U y4TH, YTO @r; COS O; = @F;, MOJYYHM:

T = %2 m; {e*r; —(or;)?}.

Pacnumem CKaJ/IApHBIE TPOHU3BEACHHA 4epe3 MNPOEKIHH BEKTOPOB ®
H Ir; Ha OCH CBSI3aHHOH C TeJioM KOOplIP[HaTHOﬁ CHCTEMBI:

T =3 ¥ m {0} 40} +od) (4 g+ 2 —
— (0% F 0y +0,2) (@ +oy;+0,2)} =
=% E m;{(0} +of 4 03) (x4 yi 4+ 2}) — 030 —0,0,%,y; —

32 2.2
— 0,0,%;2; —0 0.l X; — Ol — O 0,Y;2; —®,0.Z;X; —©O,0,2,Y,; — w323}

HaxoHen, 0oGheAMHMB cJjaraeMble C OJMHAKOBLIMH IIPOM3BEJEHHSIMH
KOMIOHEHT YIJIOBOH CKOPOCTH U BLIHECS TH MPOU3BEJEHHS 3a 3HaKU
CYMM, MOJYYUM:

1
T = {0} X m; (i +20) + of X m; (421 +
+ ol i m; (G +y) —0,0, Dmxy; — 0,0, D mixiz;—
— 0,0, 2 myx; —0,0, Z m;y;z; —o,w, 2 mzix; — w0, 2 mz.y;}
CyMMEBI, Ha KOTOpble YMHOXAaiOTCHl NPOH3BeJleHHS] KOMIOHEHT YIJo-

BOH CKOPOCTH, CYTb KOMNOHEHTHI T€H30pa MHepuuH (cM. (40.14)). Cne-
lIOBaTe.IIbHO MBl MPHLIIIH K QopMmyse

{[xxm +1xym (‘0 +]az x z+]yx ymx+
+ 1,00+ 100,410,041, 00,4+ 0} (41.5)
D1y GOpMYJy MOXKHO HANUCATh B BUAE

T=3 Y [00. (41.6)
f, k=x, y, 2
[lpx cymmHpoBaHHHM HHAEKCH [ K k mpoGeraioT, He3aBUCHMO APYT OT
Apyra, 3HayeHHus X, Y, z
Ecnu ocu cBA3aHHO# ¢ TeloM CHCTeMBl KOOPAMHAT BHIGpPaTh TaK,
yToObl OHH COBNAJIM C TJIaBHEIMH OCAMH MHEDIMH Tela, LEHTPOGEKHbIe
MOMEHTEI HHEpILMH 0o6paTATCcsi B HYJb H BhipaxkeHue (41.5) ympocrurcs
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cnepyomyuM oGpa3om:
T =+ {lo+ Lo} + Lo (41.7)

3necn I, ! I, — rnaBHEIe MOMeHTHI WHepUMH Teja. IlJist 1mapoBoro
BO.TUKA 3TH MOMEHTHI HMeIOT OJMHaKOBYIO BeINYHHY /, Tak uTO hopMynia
(41.7) npunumaer Bug T=%/,/w? (cp. c (41.1)). Ilpn Bpamenun npoua-
BOJIBHOTO Tejla BOKPYT OfHOH M3 I/aBHBIX oceil HHEPLUHH, CKaxeM OCH
2z, 0,=0, 0,=0,=0 u dopmyna (41.7) nepexonur B (41.1).

Taxum o6pa30M KHHETHYeCKasl SHEPrHs BPAINAIOIErocs Te/a paBHa
NOJIOBHHE NPOM3BeJeHHs] MOMEHTa HHepUMH Ha KBaipaT YIJIOBOH CKO-
POCTH B Tpex cayuasx: 1) fjs Tena, Bpalllaiollerocst BOKPYr HermoaBHXK-
Holt ocH, 2) A/ Tes1a, BpalLlaoUerocsi BOKPYr OAHOM M3 IVIaBHLIX oceit
HHepuMH, 3) AJs IIAPOBOTO BOJYKa., B oCTaJbHEIX clyuasX KHHETHYe-
CKasl 9Heprus onpejensiercs: GoJsiee CJIOKHBIME (opmynamu (41.5) uau
(41.7).

§ 42. KuHeTHuecKasi 3HePrHfi TeJa MNpPH IJOCKOM ABHXEHHH

Inockoe nBuxKeHHe Tesla MOXeT GHITb MPEACTABJEHO KaK HaJjoxe-
HHe JIBYX JABHXKEHHt — MOCTYNAaTeJbHOI'O C HEKOTOPOH CKODOCTBIO V, H
BpallleHHsT BOKPYT COOTBETCTBYIOUIEH OCH C YIJIOBOH CKOPOCTBIO ©
(cM. § 36). CorstacHo dopmyaie (36.1) ckopocTb i-if ameMeHTapHOM Macchl
TeJla paBHa

v;=v,+[o, r],

rlie Vo — CKOPOCTb HeKOTopo# ToukH O Tesa, r; — pajnyc-BeKTOp, onpe-
JeNSIOLHH NOJoXKeHHe 3JleMeHTapHOR MacChl [0 OTHOLIEHHIO K Touke 0.
Kunetnueckass sHeprusi i-# aJieMeHTapHOHl Macchl paBHa

T,-=-—rn U} = l m;{vo+[o, r;]P.

OcyluecTBHB BO3BeleHHe B KBaApaT, MOJYYMM:
1
Ti=5m{B§+2v,[e, r]+[o, r,I2}

BextopHoe npoH3BefeHHe ® Ha I; MMeeT MOARYJb, PaBHHI ©R;, rie
R;— paccTosiHHe Macchl rm; OT OCH BpallleHHsl (cM. pHc. 5.5 M Teker,
npenuiectByrowuil popmyse (5.8)). CremoBaTe1bHO, TpeThe cJaraemoe
B QUIypHEIX cKoOKax paBHO ©2R}. Bo BTOpoM CjaraeMoM OCYILECTBHM
IIMKJIHYECKYIO NepecTaHOBKY COMHOXHUTeqell (cM. (2.34)). B peayabrate
npHAeM K Bbipax<eHHIo

Ti=5m {02 Ve, 0]r;,+'R3}. (42.1)

YTO6K! NOJYYHTh KHHETHUECKYIO SHEPTHIO Tesa, NPOCYMMHUPYeM BhI-
paxende (42.1) no BceM 3JieMEHTapHHIM MaccaM, NpHYeM BHIHECEM
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OOCTOTHHBIE MHOXKHTEJI 3a 3HAKH CYMM:

T =—;—v§ Z m; v, m]Zm,-r,- -I—%m’ZmiR’.

CyMMa a/eMEHTapHBIX MacC Y, m; eCTb Macca Tela m. BeipaeHHe
D, m;r; paBHO NPOM3BeJEHHIO MAcChl TeJla Ha pafHyC-BEKTOP f¢ LEHTpa
Macc Tena. Hakonen, Y, m;R? ecTb MOMeHT HHepLuu Tena [, OTHOCHTEIb-
HO ocH, npoxojisilelt depes Touky O. IToaToMy MOXKHO HamHcaTb, 49TO

T =g mo§+mrc [V, ]+ [oa". (42.2)

Ecau B kauectBe Touku O B3sIThb IIEHTP Macc Tesa C, pajuyc-BeKTOp
Tc GYZeT paBeH HYJIO, TaK 4To BTOpoe ciaraemoe Hcue3aer. CrejoBa-
TeJIbHO, 0603HAUMB Yepe3 V. CKOpOCTh eHTpa Macc, a uepe3 / , — MOMEeHT
HHEPOHH Tesla OTHOCHTENBHO OCH BpallleHUs, NPoXojsiiell qepe3 TOUKY
C, nosyuuM AJ1s1 KHHETHYeCKOR SHepruy Tena ¢GopMmynay

2
__mug 1(:(|'.\2
T =T [ (42.3)

Takum o6pa30M, KHHeTHYeCKas SHEepTrHA TeJa MPH MJOCKOM IBHXKEe-
HHH cjlaraeTcsa H3 SHEPriH MOCTYNaTeJbHOIO ABHXKEHHA CO CKOPOCThHIO,
paBHOﬁ CKOpOCTH LEeHTpa MacC, H SHEpPrHH BpalleHHs BOKPYr OCH,
npoxonﬂme}"{ yepe3 LEHTPp Macc Tena.

§ 43. [IpumeHeHHe 3aKOHOB AMHAMHKH TBepJOro TeJa

JBHxeHHe TBEPAOro TeJa OMHCBIBACTCA ABYMA YpPaBHEHHAMM:

mwc=2anemnv (43-1)
M = 2 Nnneum (43-2)

(cM. dopmyarr (37.5) 1 (38.1)). CrenopartenibHO, ABHKEHHeE TeJa onpene-
JA€TC AelCTBYIOIHMHA Ha HEro BHELTHHMHU
CHJaMH M MOMEHTaMH 3THX CHJI.

MoMeHTBI CcHJT MOXHO 6paTbh OTHOCH-
TeJIbHO JIIOGOH HEMOJABMMHOH HJIH IBHXKY-
mefica 6e3 yckopeHuss Toukd. Bass wmo-
MEHT BHEIHHMX CHJ1 OTHOCHTENbHO TOYKH,
ABHXYIIEAic C YCKOpDeHHeM, MBI, MO CY-
IecTBY, HanHucajdd Obl ypaBHeHHe (43.2)
B HeHHepUHaJbHOH cucteMe orcuera. B
3TOM CJIy4ae, KpOMe BHEIUHHX CHJI, 06YCJI0B-
JIEHHBIX B3aHMOJEHCTBHEM JAHHOrO TesJa €
APYTHMH TeJlaMH, HYXHO YYMTHIBATb CHJIBI Puc. 43.1
HHEpLUHH ¥ UX MOMEHTHI.

TouKH MPUJOKEHHSA CHJI, AeHCTBYIOIHUX Ha TeJI0, MOXHO NEPEHOCHTh
BIOJIb JIHHHI IEACTBHSA CHJ, NOCKOJbKY IIPH S5TOM HH CyMMa CHJI, HH HX
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MOMEHTBbI He H3MeHSIOTCS (TIpH epeHeCeHHH CHJIBI BJOJIbL JHHUH ee Jieil-
CTBHS IJIEYO OTHOCHTEJBHO JI060H TOYKH OCTaeTCs HEH3MeHHBIM). ITo
N03BOJISIET 3aMEHATb HECKOJbKO CHJ OJHOM CHJION, 3KBHBaJIEHTHOH MM
B OTHOLIIEHHH BO3AeHCTBHUSA, OKa3blBaeMOro Ha Teso. Tak, HanmpuMep, ABe
cuiel Fy u Fy, sexxaiiine B ofHoM naockocTH (pHc. 43.1), MOXHO 3aMe-
HHTb 3KBHBaJIeHTHOH MM cuJol F, TOUKy NpHJIOKEeHHS KOTOPOH MOXKHO
TaKxKe BbI6paTb NMPOH3BOJILHO Ha HanpaBJeHHM, BAOJb KOTOPOTO OHa
JelCTBYeT.

CoBOKYNHOCTb JefiCTBYIOLIMX Ha TeJO MapasebHbIX CHI MOXHO
3aMEHHTBb HX PaBHOJeHCTBYIOlUIEeH, paBHOH CYMMe BCeX CHJI M NIPHJIOXKEH-
HOH K Takoi#l TOYKe TeJsa, YTOOLI eée MOMEHT Gbl1 paBeH CyMMe MOMEHTOB
OTAEJBbHBIX CHJI.

HaiineM paBHOAEHCTBYIOUIYIO CHJT TSXKECTH. DTH CHJBI NMPUJIOMKEHH!
KO BCeM 3JIeMeHTaM TeJia, IPHUYEM Ha 3J1eMeHTapHYIo Maccy m; AefCTBYyeT
cuna m;g. Cymma cua paBHa P=mg, rae m=Y'm; — macca tena. Cym-
MapHBI MOMEHT CHJI TSXKECTH OTHOCHTEJIBHO HEeKOTOpoH Touku O paBeH

N=[r; (mg)]

TZe T;— pajuyc-BeKTOp, ONpeeNsiOWHi IOJOXKeHHe MacChl m; o
oTHoueHHIo K Touke O. [lepeHecss cKaJsisipHBIH MHOXHTeJNb m; H3 BTO-
pPOro COMHOXKHTeNSI B NepPBLIH M BLIHeCS 3aTeM OOLIHA MHOXHTeNb g
3a 3HaK CYMMBI, NMOJYYHM:

N=[Zmr), gl

CyMmMma, cToslas B KPYIJIbIX CKOOKaX, PaBHa NPOM3BEJEeHHIO MacChl TeJa
Ha pajnyc-BeKTop I nentpa mace C. [Toatomy

N=[(mrc), g]=[rc, (mg)]=[r¢, P]. (43.3)

Taxum o6pa3oMm, cyMMapHEIH MOMEHT CHJI TSMECTH OTHOCHTEJBHO IIpo-
H3BOJBHOH TOUKH O COBIajaeT C MOMEHTOM CHJBI mg, NPHJIOKEHHOH K
Touke C. IMrax, paBHOzelicTByIOIlas CHUJ TAXECTH paBHa P=mg u
NPHUJIOXKEHA K LIeHTPY Macc Teja. OTMETHM, YTO 3TO CIpaBefJIMBO JIHLIb
B TOM CJIyuae, ec/M B IpeJieJiax Tesa noJe CHJ TAXKECTH OAHOPOLHO (MpH
BeIBoJe dopmyJsinl (43.3) MBI cuMTasH, yTo g=const),

M3 (43.3) BbiTeKaeT, UTO MOMEHT CHJI TSXKECTH OTHOCHTENbHO LIeHTpa
mMacc paBeH HYJIO (B 3ToM cayuae ro=0). Touka, oTHOCHTE/JbHO KOTOPOH
MOMEHT CHJI THXECTH paBeH HYJIO, Ha3hlBaeTCI LEHTPOM T g X e-
cTH Tena. TakuMm o6pasoM, B ciaydae, KOTAa IOJMe TArOTEHHS B Ipe-
Ienax Tena ONHOPOXHO, IIEHTP TSDKECTH COBNajaeT C LEHTPOM Macc.

B ciyyae 0ZHOPOJAHOrO MOJIS TSTOTEHHS CHJIBI TAXKECTH, NMpIJIOXEH-
Hbl€ K Pa3JIMYHLIM 3JIeMEHTapHBIM MaccaM, HMeIOT OJHHaKOBOe HalpaBs-
JICHHe U NpPONOPLHOHAMNBHHL /1;. TaKHM e CBOHCTBOM 06/afaloT CHJILI
HHEpIHH, BO3HHKaWllHe B HeHHeplIHaJbHOH CHCTeMe OTCYeTa, ABHXKY-
llefici NOCTYNaTeTbHO OTHOCHTEJNBHO HHepUHasJbHBIX cHcTeM. [eficT-
BHTEeJIbHO, B 3TOM CJIyyae CHJIBI MHEpDIMH, NPHJIOXKEHHEIe K 3JeMeHTap-
HBIM MaccaM m;, paBHBl — m;a, TAe a — YCKOpeHHe HeHHepLHaJbHO
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cuctensl (cM. (32.2)). INosTopHB paccyxeHNs, NpuBeduHe HAC K ¢op-
MyJe (43.3) (MpH 3TOM ;g HYXKHO 3aMeHHTb Ha —#11;a), MOXKHO I0Ka3aTh,
YTO pe3y/IbTHPYIOWAs CIJ1 HHEPUHH PaBHa —ma H NPHJIOXKEHA K UEHTPY
macc Tesa. IToayepxHem, 4TO 3TO CnpaBeMBO JMLIb IS CHCTEM OT-
cyeta, JABMXKYULHXCA MOCTYMATeNbHO.

OTHOCHTE/IEHO LEHTPa MacC MOMEHT CUJ HHEPUUH (B MOCTYMaTeNbHO
ABHXKYLIEHCS cucTeme) paBeH Hyuo. [TosToMy npu coctaBreHHH ypas-
HeHHs (43.2) 01 MOMEHTOB,
B3AITBIX OTHOCHTEJ/IBHO LIEHTpa
Macc, CHJIbl HHEPUIIH YUYHTHI-
BaTb He HYXHO.

Puc. 43.2. Puc. 43.3.

BbISCHUM YCJIOBHSI paBHOBecHS TBepJOro Teja. Teso MOXeT ocTa-
BaThCA B COCTOfIHHH NMOKOSA B TOM CJyyae, eC/H HeT MPHYHH, IIPHBOAS-
I(NX K BO3HHKHOBEHHIO ITIOCTYNAaTeJIbHOTO IBHUXKEHHS HMJIM BpalleHus.
CoraacHo ypaBHenusM (43.1) n (43.2) asa atoro Heo6XoAUMO U jOCTa-

TOYHO BHIMNOJIHEHUS IABYX YCJOBHii:
1) cymma BceX BHELIHHX CHJ, MPHJIOXEHHBIX K Tealy, I0/MKHA ObITh

paBHa HYJIO:
2 Foeun=0; (43.4)

2) pe3yJbTHPYIOWHNE MOMEHT BHEIIHHX CHJI OTHOCHTEJBHO J1106OH
TOYKH JOJIKeH ObIThb paBeH HYJIIO:

Z Nnneum= 0' (435)

[Ipu BuIMOJHEHHN ycaoBKdA (43.4) H3 paBeHCTBa HYJO CYMMbI MOMEH-
TOB 1,151 OJHOH KakKoii-1160 ToukH O BbiTeKaeT PaBEHCTBO HYJIIO CYMMBI
MOMEHTOB OTHOCHTeNbHO J060il Apyroit ToukH O'. [leficTBHTe/NBHO,
nycThb Ans HeKOTopo# ToukH O

2N;=X[r, F,]=0. (43.6)

Bosbmem zpyrywo Touky O, mnojokeHHe KOTOPOH OTHOCHTeNbHO O
onpenensercs Bektopom b. Y3 puc. 43.2 suaHo, uto r; =r;—b. Cre-
HOBaTEJbHO, CYMMa MOMEHTOB OTHOCHTE/BbHO Touku O’ paBHa

INi=23[ri, F]=X[(r;—b), F]=23[r;, F]—3[b, F].

Corstacuo (43.6) nepBasi cyMMa paBHa HyJo. BeiHecss Bo BTOpO# cymme
MOCTOAHHBIN MHOXHTeTb b 3a cKo6KH, noJyaum Buipaxenne —[b, X, F],
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KoTopoe B cuay (43.4) Taxxke paBHO HyJo. TakuMm oGpasom, H3 (43.4)
1 ycanoBus (43.6) nns Touku O BriTeKaeT ycaoBue (43.6) mis Toukn O'.

OrmMeTHM, 9TO BEKTOpPHOe YycJoBHe (43.5) 5KBHBaJIeHTHO TpeM CKa-
JIApHEIM:

ZNx Bnemn=0v ZNy BHeWw 0, ZNz anem,,==0. (437)

Hrtak, ycnoBus paBHOBeCHSI TBEPIOrO Tesa ONpEAENAIOTCS YpaBHe-
HUAMH (43.4) W (43.5) nau ypaBHeHusimu (43.4) u (43.7).

B saksioueHHe paccMOTPHM NpHMep Ha NpHMEHeHHe 3aKOHOB JHHa-
MHKH TBepgoro tena. [IycTb onHOpOAHBIH HUIUHAD pagHyca R ¥ Macchl
m cKaTbiBaeTcsi 6e3 CKOJIbXEHHSI C HaKJOHHOM njockoctH (puc. 43.3).
Yron HaKJOHa IUIOCKOCTH paBeH «, a BeicoTa kA (h>>R). Hauwaabeas
CKOPOCTb HMJMHApPA paBHa Hymo. Tpebyercs HalTH CKOPOCTb LEHTpa
Macc M YrJOBYH CKOPOCTh BpallleHHs UHJHHApPAa B MOMEHT BBIXOja
UMJHHIPA Ha TOpH30HTaJbHEIH y4acToK. [lanuM JBa BapHaHTa pelleHHn .

INepBu#t cnoco6 pemenus Lumuuap G6yner ABHraThes
Noj AEHCTBHEM TpeX CHJI: cunbl P=mg, cunel TpeHus F , u cuJbl Hop-
MaJbHoro aasaenust F, (cM. § 17). Yckopenre uuinHipa B HampabJje-
HUHM HOPMaJH K IIJIOCKOCTH paBHO Hy/io. CrenoBate/bHO, CHJa HOP-
MaJbHOrO JaBJIEHHs paBHa MO MOZLYJIO HOpMaJjibHOB cocTaBasomiei
cuasl P, uMelolell BeJHYHHY mg COS C.

Tpenne Mexay UHJMHAPOM M IJIOCKOCTBIO BO3HUKAaeT B TOYKaX HX
CONPHKOCHOBEHHs. [IpH OTCYTCTBHM CKOJIbKEHHS 3TH TOYKH LHMJIHHADA
HeMoABMXKHH (OHH 06pa3yloT MFHOBEHHYIO OChb BpalleHHs), CJeloBa-
TeJbHO, CHJIa TPEHHS, O KOTOpOH HJIeT peub, ABJAseTCS CHJIOH TpeHHd
nokos. M3 § 15 u3BecTHO, YTO CHJIAa TPEHHSI IOKOS MOXKET HMETb BEJIH-
YUHY B npejejiax OT HYJs IO MaKCHMasJbHOro 3HaueHua F,, KOTOpOe
ompefe/sAeTcs MpOU3BeleHHeM Ko3ddHIMeHTa TPeHHS HA CHJIY HOp-
MaJIbHOTO JaBJIEHHd, NPHKHMAIOILYIO APYr K APYry conpHKacarllHecs
Tena (Fo=Fkmg cos o). B paccmaTrpuBaeMoM csydyae cusa TPeHHS NpH-
HHMMaeT Takoe 3HaueHHe, YTOObI OTCYTCTBOBAJO CKOJBXKeHMe. CKOJMbKC-
HHe NPH KayeHHMH UHJIHHApDA MO NJOCKOCTH OYAeT OTCYTCTBOBAaTb NMpPH
YCJIOBHH, YTO JIHHeHHasi CKOPOCTb TOYEK CONPHKOCHOBeHHsI OYJAeT paBHa
HYJIIO, YTO B CBOIO OYepefib BLIMOJHSAETCS, €CJAM CKOPOCTh LEHTpa HHep-
IIMH U, PaBHa B KaM[BIH MOMEHT BPeMEHU YIJIOBOH CKOPOCTH BpalleHHsA
IHJHHAPA ©, YMHOXMEHHOH Ha pajHyc UMIHHApa R:

ve=0R. (43.8)

CoOTBeTCTBEHHO YCKOpEHHe MeHTpa MacC w, OyIeT pPaBHO YIJOBOMY
YCKOpeHHIO [}, YMHOXKEHHOMY Ha R:

we=PR. (43.9)

Ecau Heo6xommmasi Anst BbinosHeHus YcaoBHi (43.8) u (43.9) cuaa
TPEHUA He NpEBbIAeT MaKCHMalbHOro 3HaueHus Fo, UMIHHAD Oyrer
CKaThIBaThCsl 6e3 CKOJbXKEHHs. B NpoTHBHOM Ciydae cKaThiBaHHe Ges
CKOJIbJKEHNs1 HEBO3MOXHO.
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YpaBHenne (43.1) B naHHOM ciyyae HMeET BHJ
mwe=mg+F 4+ F,.
CnpoeKTHPOBaB €ro Ha HampaBJjleHHe ABHKEHHS, INOJYdHM
mwe=mgsina—F_,. (43.10)

JI1 ofHOpOAHOTO UMJIMHJpPA, BPAIAIOLIErocss BOKPYT OCH CHMMeT-
puu, M=Jw. IlosTomy ypaBHeHHe (43.2) MOXHO mHUcaThb B BHAE

B=3N,, (43.11)

rae z — ock nunannapa (cM. (38.8)). B ypaBHenuu (43.11), HanncaHHOM
OTHOCHTEJIBHO OCH IIHJHHAPA, OTJIMYHBIM OT HYJA OYAET TOJIbKO MOMEHT
cuanl Tpenus. OcrajbHbIE CHJBL, B TOM YHCJe M pe3yJIbTHPYIOWasa CHJ
HHEpLMH, HMMEIOT HanpaBJeHHs, TNPOXOIsill{e uYepe3 oCbh IHJHHIDA,
BCJIEJCTBHE Yero HX MOMEHTHI OTHOCHTE.BHO 3TOH OCH PaBHBHI HY.IIO.
Takum ofpasoM, ypaBHeHHe (43.11) sanmmercs ciaenyrwomum o6padom:

IB=RF,,. (43.12)

3neck | — MOMEHT HHEPLUMH LMJIMHJAPA OTHOCHTEJNbHO €ro OCH, paBHBIA
l/szZ.

B ypasHenusx (43.10) v (43.12) conepxaTcs TpH HEH3BECTHbLIE BeJH-
uuael: Fo,, we 1 P. Tlocneanne nBe BeMMYMHBI CBS3aHbl YCJIOBHEM
(43.9), BbITEKAIOUIUM M3 OTCYTCTBHA CKOJBXeHHS. PellUB COBMECTHO
ypaBuenus (43.9), (43.10) u (43.12), naiigem (c ydetoM Toro, 4ro [=
=1/,mR?) 3HaueHNs1 UCKOMBIX BEJHYHH:

Fp=*/ymgsina, (43.13)
we=2/,gsina, (43.14)
B=2/,(g/R) sinc. (43.15)

Tenepb, Korja Mbl 3HaeM BeJIMYHHY CHJIbI TPEHHSI TOKOS, HEOGXO-
AUMYI0 111 CKAThIBAaHUS UMIMHIAPA 6e3 CKOJIbAEHHs], MOXMHO HafTH
yCJIOBHe, TIPH KOTOPOM TaKoe CKaThIBaHHE BO3MOXKHO. JI/1d CKaTHIBAHHS
6e3 ckosbkeHHs cuia (43.13) He no/KHA peBLHILIATE MAKCHMAJbHOTO
3HaYeHHS CHJBl TPEeHUS nokosi F,, paBHoro kmg cosa:

¥ymgsina < kmgcosa.
Otciona
tga << 3k,

CnesnoBaTesIbHO, €CJIM TaHreHC yIVia HaK/MOHA IJIOCKOCTH MpeBHINaeT
YTpOeHHOe 3HaueHHe Koa(pHuHeHTa TPeHHsI NMOKOS MeXAY LUHIHHIPOM
H IJIOCKOCTBIO, CKaThiBaHHE He MOXET NpPOMCXOAUTHL 6e3 CKOJbXKEeHHS.

U3 nocrosncTBa W, (cM. (43.14)) crenyeT, YTO LEHTP MacC LMJHHA-
pa ABHXKETCS PaBHOYCKOPEHHO. 3a BpeMst CKAaTBIBaHHA f., UMJIHHAD
NpOXOAUT NyTh h/sin a. Tlpm paBHOYCKOpEHHOM MABHMKEHMH NYTh,
YCKOpeHHe H BpeMs CBsi3aHbl cooTHowleHneMm s=3/,wf?, [loacraBns
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3HayeHHe S, MOJYYHM, YTO
h/sin o =1/ w2,
OTKYJa C yueToM 3HaueHHUs (43.14) nns w, NpuXxoiuM K topmyJe
L E
¢ sina g

D10 BpemMs, Kak H wg, HE 3aBHCHT OT MacChl H pajuyca UHJHHApA Y);
OHO OnpefensieTcsi TOJIBKO YIJIOM HAKJOHA IJIOCKOCTH o H PasHOCThIO
ypoBHell ee KpaeB h.

CropoCThb LIEHTpPa MacC NpHU BHIXOIE LUJIHHIpPA Ha TOPH30HTAJBHBIH
yyacTtok 6yJeT paBHa

4
U =Wclex = 5 &h
a yrjoBas CKOPOCTb IHJIHMHApA
o=pt,. =5V =gh.

OtmeTHM, 4TO CHJIa TPEHHS NOKOs paboThl Haj UHIAHHIPOM HE COBep-
lIaeT, TaK KaK TOYKHM IUJIMHJApA, K KOTODHIM IpPUJIOXeHa 3Ta CHJa, B
KaXIblfi MOMEHT BpeMeHH HemoABHXKHBbI (cM. (20.5)).

Hns ropusoHTanpHolt miaockoctd (x=0) mo dopmyaam (43.14) u
(43.15) monyuaercs, Y4TO UMJIHMHAD, €CAU €My COOGUIHTD ITPeIBapUTEb-
HO HEKOTOPYIO TOCTYNAaTeNbHYI0 M COOTBETCTBYIOUIYIO (TaKylo, 4YTOOGHI
He OBIIO0 CKOJIBXKEHHS) YIJIOBYIO CKOPOCTBb, GYJeT IBHraThcs Ge3 yCKope-
Husa. Ha camom jese pBiKkeHHe GyZeT 3aMelJieHHBIM. DTO 3aMelJIEHHE
o0yc/IOBAHBAeTC CHJIOH TPeHMs KauyeHHs, KOTopas HampaBJ/eHa Tak,
YTO €€ MOMEHT YMeHbIllaeT YIJIOBYIO CKOPOCTb ¢, 8 CaMa CHJIa BHI3BIBACT
COOTBETCTBYIOIee (ONATH-TAKM TaKoe, YTOObI HE BO3HHKAJO CKOJIBXKe-
HHA) 3aMenseHMe deHTpa Macc. Cusa TpeHHs KauyeHHs cOBeplliaeT Hal
KaTgIluMcs TeIOM OTpHUATeJbHYIO paboTy.

Ilpu pelreHuH 3ajauM 0 CKAaTHIBAHWM LHJIHHIPA C HAKJOHHOH IJIoC-
KOCTH TpeHHeM KaueHHs] MBI NIpeHeGperaJH.

Brtopoi#t cmoco6 pemeHus. [TockoibKy cHla TpeHHS
paGoThl He coBepluaeT (TPEHHEM KaueHHs npeHefperaem), NMoJHas Hep-
THA LOUJIHHApPA OCTAaeTCs NOCTOSHHOH. B HayajbHEIT MOMEHT KHHETH-
yeCKasi SHEepPrusl paBHA HYJ/IO, NOTEHILMAJbHAas SHeprus paBHa rmgh.
B KoHLe CKaTbiBaHMA NOTEHHHATbHAS SHEPTHA CTAHOBUTCS PaBHOH HY-
JII0, 3aTO MOABJSETCS KHHETHUECKAasd 3Heprus, paBHasg (cM. (42.3))

muv? I o2
C c®
+

T=‘—2— 5 *

1) 3to CIpaBeMInBO TOJABKO LI OAHOPOAHOTO CIVIOLIHOIO IHJIHHAPA.
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Tak Kak CKOJIbKeHHe OTCYTCTBYeT, Uc M ® CBS3aHBI COOTHOIIEIHEM
vc=0R. [logctaBUB B BHIpaKeHHe LJS KHHETHYECKOH IHEpruH o=
=v;/R n I.='mR?, noayuum:

mue | mvp 3
M, MG ° e
T ==+ =7gmt

[Tonnas 9HEpPrHsa B HayaJie H B KOHLE CKaTblBaHHs JOJIKHaA OLITh
OJHHAKOBa.

% mvg =mgh,

O6patHTe BHHMaHHE, HAaCKOJbKO BTOPOH CIOCOG pelleHHs Tpolie
NIepBoro.

OTKYJa

a yrJjioBasi CKOpPOCTb

§ 44. I'mpockonbi

I'mpockonoM (MJIM BOTYKOM) HasbIBaeTCs MacCHBHOe CHMMeETPHYHOe
TeJo, Bpaujapleecs ¢ 607bUI0d CKOPOCTBbIO BOKPYF OCH CHMMETDHH.
31y ocb Mbl 6yJeM HasklBaTh ocbio rupockona. Och riipocKona siBasercs
oAHOH M3 rjaBHHIX ocefl mHepuuu. ITosTomy, ecan oHa He NOBOpay-
BaeTcs B IIPOCTPAHCTBE, MOMEHT HMmyJbca paBeH M=/, rae [ —
MOMEHT MHepUMH OTHOCHTeJbHO OCH rHpockona. fomycTHM Tenepb, 4To
OChb THPOCKOIIa NOBOPayMBAaeTCsl C HEKOTOPOil ckopocThio ®” B atom
cyyae pe3yJbTHDYIOLlee BpallleHHe THPOCKOIa MPOHCXO0IUT BOKPYT OCH,
He COBMajalomei ¢ OCbI0 CHMMETPHH, W HanpabjeHHe BekTopa M He coB-
najaeT ¢ HanpabJ/JeHHeM OCH rupockona. OmHakKo eCaIH CKOpPOCTb Bpa-
LeHHS OCH @  NpeHeGPEKHMO MaJla 10 CPaBHEHHIO CO CKOPOCTBIO OG-
CTBEHHOTO BpallleHHsI THPOCKoNa o (©'<€w®), TO MOKHO NPHEJIHKEHHO
cYuTaTh BeKTOp M paBHLIM /® W HanpaBJEeHHHIM BJOJb OCH FHPOCKOINA.
ITpu sToM ycJ/10BHH NOBOPOT BeKTopa M 1 NOBOPOT OCH rHpockona GyayT
5KBHBAJEHTHbIMH. B JajbHeifiuem Mbl GyZeM npeanoJarath, 4TO YCJO-
BHe ®'<Kw cobiofaercs.

[1pu nonmiTKe BBI3BaTb NMOBOPOT OCH THPOCKONA HaGMOfaeTcsl CBOe-
obpa3Hoe sBJieHHe, MOJTYYHBIee HA3BAHHE T HPOCKON HYECKO -
ro 3@ dexKTa: Noa AefCTBHEM CHJI, KOTODHE, Ka3a/10Ch Gbl, AOJI2KHEI
GLlIM  BLI3BaTb NMOBOPOT OcH rHpockoma OO Bokpyr npsMoit 0'0’
(puc. 44.1), ocb rupockona noBopayHBaeTcsi BOKpYr npsamoir 0°0”
(ock OO0 1 npsimast O'0’ npeanosaraloTcs JexalluMH B IJIOCKOCTH DH-
CyHKa , a npsimast 0"0” u cunel F; # F,— nepneHAMKYJIAPHBIME K 3TOH

6 1. B. Caseses, 1. 1
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naockoctH). IIpoTHBoecTecTBeHHOe Ha NepBHII B3rasfj HOBejeHHe TH-
pOCKoOIa OKa3blBAaeTCs MOJHOCTBIO COOTBETCTBYIOLIUM 3aKOHaM IHMHaMH-
KH BpaliaTeJbHOro ABHXeHHA. B camom mene, MoMenT cun F, u F,
HanpasJ/eH Broab npamoii 0’0’ 3a BpeMsi df MOMEHT HMIYJbca THPO-
ckona M nosyuut npupamlenne dM=N df, KoTopoe HMeeT TaKoe ke
Hanpab.enue, Kak 1 N. CnycTs Bpems df MOMEHT UMITYJIbCa THpOCKONa
6yner paBeH pe3yJbTHpylouleii M'=M-+dM, nexawer B NJIOTHOCTH
pucynka. HanpaBnenne Bektopa M’ coBmajaeT ¢ HOBLIM HampabJe-
HHEM OCH TrHpockona. Takum o06pa3oM, OCb I'MPOCKONA IOBEpHETCS
BOKp)T npsmMoit 0’0" Ha uekortophii yroa d¢. Ms puc. 44.1 Buaxo,
aro dop=|dM|/M=Nd{/M. Otciona cjlenyeT, YTo NOBOPOT OCH THpO-
CKONla B HOBOE [MOJIOXKEHHE IIPOH30ILeN C YIVIOBOR CKOPOCTHIO @ =
=d¢/dt=N/M. Iepennwem 310 cooTHoweHHe B Buae: N=ow’'M. Bek-
topsl N, M. H ®' B3aHMHO NepneHAHKYJSAPHBI (BeKTOp @ HanpabJeH
BIob npamoit 00" Ha Hac). IloaTomy CBA3b MeXAY HHMH MOXHO 3a-
nucatbh B BHJE

N =[o'M]. (44.1)

Mub monyunau 3Ty GopMyay IAs ciyyasi, Korja BeKTOpPH ' H M
B3aHMHO NepneHANKYJasApHel. ONIHAaKO OHa CNpaBenJHBa H B CaMOM OG-
mwem cnygae. Kak BuaHo u3 puc. 44.2, npu noBopoTe OoCH THpocKona
BOKpDYT BeKTOpa &' Ha yroJ dg Bekrop M nonydaer mpHpalleHue, Mo-
nynb kKotoporo pabeH |dM|=M sin adg. Bmecre ¢ TeM |dM|=Ndt.
Takum ob6pasoMm, Msin o dp=N df, orkyna N=o'Msina. C no-
Molbio pHc. 44.2 Jerko coo6pasuTh, YTO U B 3TOM C/yuyae CIpaBe/InBa
dopmy.a (44.1) (BekTophl © M M JeXXaT B NIOCKOCTH PHCYHKa, BEKTOP
dM HanpaBJieH 3a 4YepTeX M IOSTOMY HM306pa’KeH KPYXKKOM C KPeCTH-

0 koM). Hanomuum, uro d¢opmyna (44.1)
CrpaBef/IMBa JIHIIb B TOM CJyuyae, €CJIH

e o' <.
1 Ilpy monbiTKax BLIZBATH NOBOPOT OCH
g7 ~ THPOCKONA 3ajaHHbLIM 06pasoM BCJEICTBHE
yd THPOCKONUIecKoro a¢xpekTa BOSHUKAIOT TaK

|
]
]
I

g
Pac. 4.1, Puc. 4.2,

Ha3biBaeMble THPOCKONHMUYECKHeEe CHJb, NeACTBYIOUHE Ha
NONWHIHAKH, B KOTOPHIX BpalllaeTcss ocb rHpockona. Hanpumep, npu
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TIPHHYANTEJBHOM MOBOpoTe OocH rupockona OO Bokpyr mpsimoit 0’0’
(puc. 44.3) ock ruHpockoma CTpPeMHTCS IMOBEPHYTHCS BOKDYr NpsAMOH
0"0”. Uto6bi npelOTBPAaTUTD 3TO BpailleHHe, K OCH THPOCKONA JO/IKHLI
GhiTh MPHJIOXKEHH AeHCTBYIOMINE CO CTOPOHB MOAIUMMHUKOB CHJHl Fi n
Fi. ITo TperbeMy 3akony HrbloToHa ock rupockona 6yzer AeHCTBOBaTh
Ha MOAWHNHUKY ¢ cuiamMH F; u F,, KoTOphle H ABJASAIOTCS FHPOCKONHYe-
CKUMH cHJamu. [IpH npUHYAHTENbHOM ITOBOPOTE OCH THPOCKONA C Yrl0-
BOil CKOPOCTBIO @ MOMEHT CHJI, C KOTODBIMM NMOJIIMMHHKA AeHCTBYIOT
Ha ocb, onpeneasercs gopmyJoii (44.1). MomMeHT rHPOCKONMYECKHX CHJI,
C KOTOPBIMH OCb JEHCTBYeT Ha MOAWMMHHKH, paBeH

N’ =[Ma']. (44.2)
Hpe,unonomum, 4TO OCb THpPOCKOINA 3aKpenJjeHa B KOJblie K, KOTO-

poe MOXeT CBOGOAHO MoBOpauHBaThecsl B oboiine 06 (puc. 44.4). Ilpn-
BeJeM o0ofiMy BO BpallleHHe BOKPYr OCH, Jexallel B ee MJIOCKOCTH,

oll
aJ
Puc. 44.3. Puc. 44.4,

¢ YrJ10BOji CKOpocThIO @', B 3TOM cilyuae, Kak Mbl BBISICHHJIH, BO3HHKaeT
IeHCTBYIOIMH Ha KOJIbIIO MOMEHT T'MPOCKONIYeCKHX CHJI, OIpeleJse-
Mbiit dopmyson (44.2). Ilox meficTBHeM 3TOro MOMEHTa KoJiblo Gyner
NoBOpa4YHBaThcsl B o6oHMe B HanmpaBJeHHH, YKa3aHHOM CTPeJKO#, I0
TeX Top, MOKa OCb 'MPOCKONA He YCTaHOBHTCS B HanpaBJEeHHH OCH Bpa-
1eHHs 060AMEI H MOMeHT (44.2) He cTaHer paBHLIM HymoO. [IpH aTOM Ha-
npasJieHne cO6CTBEHHOro BpallleHHs TMPOCKOma H HanpaBjeHHe, B KO-
TOPOM Bpataercs o6ofiMa, coBnaayt. Ilpy M ¥ @', HanpaB/IeHHBIX B
NPOTHBOMOJIOXKHBIE CTOPOHHI, MOMEHT (44.2) Takxke paBeH’Hymo. Oz-
HaKO COOTBETCTBYIOLIEe IOJIOKEHHE OCH THpPOCKoma OYAET HeycToHRuH-
BEIM — TPH MaJlefllleM OTKJOHeHHH yria Mexay M ¥ e’ or 180° mo-
ABHTCSt MOMeHT N’, KoTopblil 6yzer noBopaunBaTh OCh A0 TeX MOP, NOKa
3TOT YroJl He CTaHeT PaBHLIM HYJIIO.

6*
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Tenepb nonycTdM, yTo 06ofiMa MOBOpauHMBaeTCss C YIJOBOH CKO-
POCTBIO @’ BOKPYT OCH, He JeXalleli B ee mjockoctu (puc. 44.5). B no-
JIOXEHHH KOoabLia, TPH KOTOPOM MOMEHT UMNyJsbca rupockona M nepnes-
HHKYJsIpeH K o’ (puc. 44.5, @), Bektop N’ umeeT HanpaBJ/ieHUe, NOKa-
3anHoe Ha pucyHke. Coctapasiomas N'| 3TOro BeKTopa Bbi3HIBaeT I0BO-
POT KoJblla B 0GoiiMe, B pe3ysbTaTe KOTOPOTO Yro. MexJy BeKTOpamH
M H o' Gyzer ymenbinathes. CocTasisouas N, CTPEMHTCSH EPEKOCHTh
KOJbLO OTHOCHTeNbHO o6ofiMbl. Korza kosblo 3aiiMeT TaKoe MOJoXKe-
HHe, IPH KOTOPOM YroJl MeXIy BeKropami M H @' npumeT HaHMeHbllee
Bo3MOXKHOe 3HaueHHe (pHc. 44.5, 6), cocTaB/sAOILAS N'| craHeT paBHO#
HYJIIO, TaK KaK B 3TOM CJyyae MOMEHT THPOCKONHYecKHX Cua N’ Jiexur
B MJIOCKOCTH KOJbLA; 3TOT
MOMEHT He MOXeT BhI3BaThb
BpalleHHs Kosblia B o6oiime.
TakuM ofpa3oM, NoA gefcT-
BHEM THpPOCKONHMYECKHX CHJI
KOJIBLIO 3aHuMaeT B ofoime
TaKoe M0J10KeHHe, [IPH KOTo-
pOM YroJ MexAYy OCbIO TH-
pocKona ¥ OCbl0 BpauleHUA
06GOMMBEI MHHHMMaJIEH.

OnucaHHoe  mNOBejeHHe
THpOCKONa [MOJIOXKEHO B OC-
HOBY npu6opa, Ha3bIBAEMOTr0

Puc. 44.5. THPOCKOMHYECKUM
KoMmacoMm  (TMpPOKOM-
macom). IToT NpuGOp mnpeicTaBiseT coGoH THPOCKOIN, OChb KOTOPOro
MOXeT CBOGOJHO NMOBOPauyMBATLCA B ropH3oHTasbHOH mnjockoctH. [Tox
B/JHSHHEM CYTOYHOrO BpalleHHs 3eMJ/M oCb FHPOKOMIAca YyCTaHaBJH-
BAETCA B TaKoe INOJIOXKEHHe, NPH KOTOPOM YIoJ MeXKIY 3TOH OChI0 i
OCbI0 BpallleHHs1 3eMaH GyaeT MUHMMaJbHEIM (puc. 44.6). B aTom noJio-
XEeHHH OCb TMPOKOMIIaca OKa3biBaeTCH B MEPHAHOHAJBHOH IJIOCKOCTH
M, C/eZ0BaTeNbHO, YKa3biBaeT TOYHO Ha ceBep. | MpoCKOmUUeCKHi KOM-
nac BHIFOAHO OTJIHYaeTCs OT KOMIaca ¢ MarHUTHOM CTPE/NKOH TeM, YTO B
€ro fTOKa3saHHA HeT HeoOXOAMMOCTH BHOCHMTb IONpPaBKM Ha TaK Has3blBae-
MO€ MAarHUTHOE CKJIOHEHHe 1), a TaKKe He NPUXOAWTCH NMPHUHHMATh Mep
AJisT KOMIIEHCALMH BO3JEHCTBHS Ha CTPeJKY pPacno/OXKeHHBIX BOJH3H
Hee ()ePPOMArHHTHBIX NpeIMeTOB (HampHMep, CTaJIbHOTO Kopmyca Ko-
pabas u T. m.).

HonycruMm, 4To och THPOCKONA MOXET CBOGOIHO NOBOPaYUBAThCSA
BOKPYT HeKoTopoit Toukd O (puc. 44.7). Paccmotpum mnoBeneHue Ta-
KOro rHpockona B TnoJie CHJ TsXKeCTH. MoMeHT cuJI, MpHJIOXKeHHBIX

1) MarHuTHLIM CKJIOHEHHEM HA3BIBAETCA YIOM MeXKAy MATHHTHBIM H reorpadmyec-
KIM MepHAHaHaMH.
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K THPOCKOMY, pPaBeH N0 Be.THYHHe
N=mgl sin a, (44.3)

rie m — Mmacca THpocKomna, | — paccTosiHye oT ToukH O 10 UeHTpa Macc
THpOCKOMNa, oo — YroJi, 06pa3oBaHHbI OCHIO TMPOCKONA C BEPTHKAJBIO.
Hamnpasien Bexktop N nepneHANKYyJsSIpHO K BePTHKaJbHOH NJIOCKOCTH,
NpoXoAsiueil yepe3 och rHpockona (Ha puc. 44.7 sTa MJOCKOCTH 3a-
IUTPHXOBaHa).

ﬁ o
Puc. 44.6.

Tlox nefictBieM mMomeHTa cHJI N MomeHT mmnyabca M noJsyuut 3a
Bpems dt npupaumienne dM=N df, nepneHavkyJsipHoe K BekTOpy M.
HameHeHHe, KoTopoe NpeTepneBaeT BeKTop M, NOJYy4YHB NpHpalilenile
dM, cOOTBETCTBYET TaKOMY NOBOPOTY OCH FHPOCKONA, IPH KOTOPOM YToJ
o He H3MeHseTcs. BepTHKa/nbHasf NJIOCKOCTb, MPOXONAINAs YEpe3 OChb
rHpOCKONa, NoBepHeTCA NpPH 3TOM Ha yroJ d¢. Ha Takoii ke yroJ noeep-
HeTcsl B TOPH30HTaJbHOH NJOCKOCTH BekKTop N. B pesysbrare cnycts
BpeMs df 6yleT HMeTb MECTO TaKOe JKe B3aHMHOEe pacHoJ/IoXKeHHe BeKTOo-
poB M u N, Kax M B HayaJbHBEIH MOMEHT.

3a mocsienyol M 31eMeHT BpeMeHH df BeKTop M NnoJiyuuT cHOBa NpH-
paiwienre dM, xoTopoe GyZeT NepHEeHAHKYISPHO K HOBOMY (BO3HHKILe-
MY MOCJle MPEeAeCTBYIOWIEro 3JeMeHTapHOro NMOBOpOTa) HanpaBJeHHIo
BekTopa M, ¥ T. 4. B HTore ocb rupockona 6yzAeT noBopauyHBaThCA BO-
KPyr BepTHKaJbHOH oOcH, Tpoxojsiuell uyepe3 Touky O, € yrJjoBoi
CKOpPOCTBIO ', OMHCHIBasi KOHYC C YIJIOM pacTBopa, paBHEIM 2o (cp.
c puc. 44.2). (IIpy a=mn/2 KOHYC BHIpOXJAeTCS B IJIOCKOCTb.) BekTop
M npu sToM 6yZeT H3IMEHATHCA TOJBKO N0 HalpPaBJEHHIO, N0 BeJHYHHE
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oH 6yIeT MOCTOSTHHBIM, TaK KaK 3JeMeHTapHble mpupamenus dM Bce
BpeMs GYAYT NepNeHIHKYJSPHH K BekTOpy M 1),

HTak, B nosie cuJ TSKECTH OCh THPOCKOMNA € HENOABHXKHON TOUKOH
MOBOpaYHBaeTCs BOKPYr BepTHKaJH, ONHMchbiBasi KoHYC. TaKoe JBHXKe-
HHe THPOCKOMa HasbIBaeTcsi mMpeleccHed. YrIoBylo CKOPoCTb
TIpeneccHl ' MOXXHO HaliTH, TPHUHAB BO BHUMaHHe, UTO coryiacHo (44.1)
N=w'Msin . IlpupaBHABR 3To 3HaueHHe BHIpaxMeHHio (44.3), monay-
unM, 9to0 @'M sin a=mgl! sin a, oTKyna

v __mgl _ mgl
W3 (44.4) crenyet, 4TO CKOPOCTD IPELECCHH He 3aBHCHT OT YIJ1a HaKJ/IOHa
OCH THpOCKONA MO OTHOLNEHHIO X BepTHKaJaH (0T yraa o).

& 72 - 74

a) o) 4)
Puc. 44.8.

Qopmyny (44.4) MOXKHO TNOJNYUYHTB TaKKe CJaelylomuM oGpasoM.
CornacHo pHc. 44.7 yroa dg, Ha KOTOpHIf IOBEpHETCS NJIOCKOCTb, MpPO-
XoJsilllasi Yepe3 oCb KOHYCAa H OCb FHpOCKONa, MOXeT GBITh MpeACTaB-
JIeH Kak oTHoluenHe |dM| Kk M sin « (Hauyasio BekTopa M npearnosaraerca
nomenieHHEIM B TOUKY O):

[dM|  Ndi  mglsina.-dt
Msina™ Msina~  Msina ° (44.5)

dp=

Ouesiinno, uTo ©'=dg/di. Pasgenus seipaxenve (44.5) Ha df, npugem
K dopmysne (44.4).

Mbl paccMoTpesnn NpHGIHKEHHYIO TeopHio THpockoma. CorsacHo
CTPOTOH TEOpHH Hapsly C BpalleHHeM OCH BOKPYT BepTHKaJH IIPOHCXO-
IAT KoJeGaHHST OCH B BePTHKaJbHOH MVIOCKOCTH, COMPOBOXIAIOLIHECs
H3MEeHeHHsIMH yIJla & B NpejeJax OT aj A0 C,. DTH KoJeGaHUs OcH
Ha3HBAIOTC HY Ta L U e H. B 3aBHCHMMOCTH OT HayajbHBIX YCJIOBHH
KOHeIl OCH THpOCKOna BHYepUHBaeT Ha BooOpaxkaemoil cgepruecKoH

1) Auanornuno Bezer ce6s BeKTOP CKOPOCTH NPH DaBHOMEPHOM ABHMEHHH TOUKH
N0 OKPYXHOCTH. BeKTop v mostyuaer 3a Bpems df npupaiuenns dv=w,d{ (w,— const).
B peay.nTaTe HaMenseTcss HanpabJeHMe BEKTOPA V, BeJIMYHHA e eTO OCTAETCHA HEH3-
MEeHHOH,
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NIOBEPXHOCTH OXHY M3 M306pakeHHHX Ha puc. 44.8 kpusrXx. Ecan, Ha-
npHUMep, 3aKpernHB OCb NMOJ YTIJIOM ¢y, IPHUBECTH I'MPOCKON BO BpallieHHe
¥ 3aTeM 0CBOGOAHTD Och Ge3 To/MuKa, OCb CHayaJsa GyzeT, ToBOpa4yHBafAcCh
BOKDYI BepTHKaJlH, onycKartbes. JIOCTHTHYB yraa o,, oCb CTaHEeT NOJHHU-
MaTbCsl, H T. 1. (3TOT caydail n3obpaxkeH Ha puc. 44.8, 6).

Coo6MB BOJYKY HayajbHEI TOMYOK BIOJIHE OMpejeneHHOH Besu-
YHHLI ¥ HaMnpaBJIeHHsI, MOXHO JOOGHTLCA TOro, YTO OCh TUpocKona 6yuer
npeleccHpoBaTh Ges HyTauuu. Takas npeneccus
HasnBaeTci peryJaspHoit. Yem GoicTpee
BpallaeTcs BOJIYOK, TeM MeHblle aMMJIHTYAa HY-
Tauvd. Kpowme Toro, HyTtauus noraitaercs Tpe-
HHeM B onope. [TosToMy npakTHuecKH HyTauus
yacto GriBaeT HedaMeTHoH. [IpeneccHst, KoTopas
ABJAETCA PperyJspHO# JMUIUb NpUOIKKEHHO,
Ha3blBaeTcd NMCeBIOpPEeryJasapHOM.

Ecnu Touxy O NOMeCTHTb B LEHTP Macc TH-
pockona (cM. puc. 44.7), MOMEHT CHJIbl TSKECTH
CTaHeT paBHHIM HYJ/IO, U MBI NOJYYUM Tak
HasbiBaeMblf CBOGO O HBHH cCUMMeET- Puc. 44.9,
PHYHH# BOJYOK, B cuny 3akoHa
COXpaHeHHS MOMEHT HMNYJbca TAKOrO BOJYKa He O6yner H3sMe-
HATBCSl HU 1O BeJMUHHE, HH MO HanpaBsJieHH1o. EcaM npuBecTH BOJYOK
BO BpallleHHe BOKPYT OCH CUMMeTpPHH, BeKTopsl M H ® 6yAyT HMETDb OAH-
HaKOBO€ HanpaBJ/ieHHe, cOXpaHsoLleecss HeorpaHHueHHo aoJaro. OnHako,
ecJH BOJMUOK GyJeT nmpuBeleH BO BpalleHHe BOKPYI OCH, He COBMajaio-
el HY ¢ OJJHOM U3 ero rJ1aBHKHIX ocell HHeplHH, BeKTops! M H @ He 6yayT
coBragathb (puc. 44.9). CooTBeTcTByIOIMA pacdeT MPHBOAUT X CJenylo-
UM pe3ysbTaTaM. BekTop @, OcTaBasich MOCTOSIHHBIM MO BeJHYMHe,
npeleccHpyeT BOKPYT HampaBJleHHss BeKrtopa M, onuchiBass KOHYC.
OnHOBpPeMEHHO MpeLecCHPYeT OCh CUMMETDHH BOJYKAa 2, NPHYEM BeK-
Tops M, ©® H OCb 2 BCce BpeMs HaXOAATCA B OJHOM niockocTH. Bosyok
BpallaeTcss BOKPYT OCH z C YIJIOBOH cKopocTbio w,=M,/I,, rne M, —
npoexuus Bektopa M Ha ocb 2, /,— MOMEHT HHepUHH BoOJIYKa OTHOCH-
TeJbHO 3TOH OCH. YTJIOBas CKOPOCTb MNpelleccHu paBHa o,,=M/I, rae
I — onunakoBoe 3HaueHHe MOMEHTOB MHepunH /[, u /.




FJTABA VI
BCEMHPHOE TSATIOTEHHE

§ 45. 3aKoH BCEMHMPHOrO TATOTEHHA

Bce Tena B mpupoie B3aMMHO NPHTATCHBAOT APYr Apyra. 3aKoH,
KOTOPOMY MOAYMHSETCH 3TO NMpPHUTSXeHHe, Gbl ycTaHoBileH HbloToHOM
U HOCHMT Ha3BaHHe 3aKOHA BCEMHUPHOTO TArOTeHHH .
CorJiacHO 3ToMY 3aKOHY €uAd, € KOmopol 06e MAmepuarbHsie MoKy npi-
mseusarom Opye Opyea, nPONOPYLUOHALLHA MACCAM IMUX MOHEK U 06PAMHO
NPONOPYUOHANBHA KBAOPAMY PACCMOSHUA MEHOY HUMU:

F=y072, (45.1)

re

3necs y — Ko3a(HHUUMEHT NPONOPUHOHANBHOCTH, Ha3bIBaeMblil T p a-
BHTaULHOHHON noctodHHoO#H HanmpaBrena cuna paoan

My Fp Bz Fpr g b ~—. o
- _—= =44 . S——

] ik -~

y r i N
Puc. 45.1. Puc. 45.2.

npaAMoil, MpoxoAsiied yepe3 B3auMoAeficTBYIOLIYe MaTepHaJbHBIE TOY-
Kit (puc. 45.1).

B BeKTOpHOM BHAe CHJy, ¢ KOTOpPOil BTOpas MaTepHaJibHas ToukKa
HpUTATHBaeT K ceOe MepBYiO, MOXHO 3amucaTh CJefyloluM obpasom:
— &y Ml

Fiz=v—7 eis. (45.2)
CuMoJsioM eg, 0603HaYeH eIMHHMYHBIA BEKTOp, MMeIOIUH HampaBjieHuHe
OT MepBOil MaTepHaNbHOH TOYKH KO Bropoil (cM. puc. 45.1). 3ameHus
B opmy.ie (45.2) BeKTOp €5, BEKTOPOM e, Honyuum cuay Fy, AeficTBYIO-
IYi0 Ha BTOPYIO MaTepHaJbHYIO TOUKY.
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Ilns onpepeneHHs] CHJbl B3aUMOJEHCTBUS MNPOTAMKEHHHX Ted HX
HYXKHO pa36UTh Ha 3.TeMEHTapHBIE MacChl Am, KaXKIYI0 U3 KOTOPbIX MOXK-
HO 6b110 OBl NMPHUHATH 3a MaTepHaJIBHYW0 TOYKY (puc. 45.2). CoraacHo
(45.2) i-s1 sleMeHTapHan Macca Tena ! NPUTATHBAeTCs K k-1 ajieMeHTap-
Hoii Macce Tes1a 2 c CHJIOH

Fie=17 Am'—zAmk €ies (45.3)
ik
rae r;, — PaccTOsIHHe MeXIY 3JeMEHTapHbIMH MacCaMH.
[TpocymmupoBaB (45.3) mo BceM 3HayeHUsM HHAEKca B, MOJydYHM
CHJTy, HeACTBYIOLIYIO CO CTOPOHBI Teja 2 Ha NMpUHaJ/IexKauwyio teny [
ajieMeHTapHy0 Maccy Am;:

A
F,,= 2 ”’ri’"k €p (45.4)

HaxoHeur, npocymmupoBaB (45.4) mo BceM 3HayeHUsM HMHAEKCa i, T. €.
CJIOKHB CHJIBI, MPH/IOXKEHHBIE KO BCeM 3JeMEeHTapHbLIM MaccaMm MepBoro
Tesa, MOJYYHM CHIY, C KOTopoﬂ Teso 2 nefcTBYeT Ha TeJio I:

= Z E A’"f A’”k AmiAiee... (45.5)

CyMMHpOBaHHe NPOM3BOAMTCH [0 BCEM 3HAUEHHSM HHJAEKCOB i H A&.
ChnenoBartenbHO, ec1H Tesio / pa36utsb Ha N;, a Teso 2 — Ha N, 3JeMeH-
TapHBIX Macc, To cymMa (45.5) Gynet cogepxatb N, N, ciaraeMsix.

IlpakTuyeck cymmupoBaHHe (45.5) CBOAMTCA K WHTErpHUpPOBAHHIO
M fIBJsETCS, BOOOIIe roBops, OYeHb CJIOMHOH MaTeMaTHYeCKOH 3ajmauei.
Ecnu B3auMoeHCTBYOUIME Tes1a OMHOPOAHLI U HMEIOT NPaBH/BbHYIO dop-
MY, BBIYMCJIEHHS CHJIbHO ynpoluaooTtes. B yacTHocTH, B caydae, Koraa
B3aUMOJeHCTBYIOLIHe Tela NpeacTaBAs0T cOGOH OJNHOPOAHMLIE 1) 1Iapk,
BRIYUCJEHHE COr1acHO (45.5) npuBoauT X dopMy.e (45.2), B KoTopoil nox
mi H m, ciaenyeT NMOHUMATb MacChHl 11aPOB, MOJA 7 — PACCTOSTHHE MeXAY
HX LEeHTPaMH H TOJX €;,— eIWHHYHBI BeKTOp, MMEIIUMH HanpaBjieHHe
OT LIeHTpa MepBOro apa K LeHTpYy Broporo. Takum o6pa3om, Iaph! B3a-
MMOJEHCTBYIOT KaK MaTepHa/sibHble TOYKH, HMEIOlHe MacChbl, PaBHble
MaccaM I1apoB, M MOMeIleHHEIe B MX LIeHTpaX.

Ecnu ofHO H3 Tea mpeacTasjser co6oii ONHOPOAHBIH Ilap OYeHb
GoJsblLOro pagnyca (HampHMep 3eMHON Iap), a BTOpPoe TeJi0 MOXHO pac-
CMaTpHBaTh KaK MaTepHaJIbHYIO TOUKY, TO UX B3aMMOJeHCTBHEe ONHCHI-
BaeTcs (opmysoit (45.2), B KOTOPOH NOJK r HYKHO MOHMMAaTb PacCTOHHe
OT LIeHTpa llIapa A0 MaTepHa/JbHOH TOYKH (3TO yTBepxkJAeHHe GyIeT 1o-
KasaHo B cjelywolieM naparpade).

1) HocraTouHo, 4TOGH! pacipeseseHHe MAaCCH B Pefiesiax KaxIoro wapa ob1anano
IEHTpaNbHON CHMMETPHEH, T, €. YTOOK! INIOTHOCTL 6bla QYHKUHEA TONLKO PacCTOAHUA
OT LEeHTpa wwapa,
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Pa3amepHOCTh TIpaBHTaUMOHHOH MNOCTOSHHOM B COOTBETCTBHH C
(45.1) paBna
r2 '1‘2 2
()= = B — oMo
YucjeHHoe 3HaueHHe ¢ ObLIO ONpeJE]eHO NMyTeM HM3MEPEHHs CHJIHI,
Jemaroboywan eoropwe  © KOTOPOH NMPHUTATHBAIOTCA JPYT K NPYry Te-
Jla H3BeCTHOH Macchl. I[Ipn TakHX H3MepeHHsX
BO3HHKAIOT GOJbIINE TPYAHOCTH, TaK KaK A/
TeJ, Macchl KOTOPBIX MOTYT GbITh HelmocpeacT-
Hums BEHHO H3MEpEHbI, CH.1a MPHTAMEHHS OKa3hl-
BaeTcsl KpaiHe Manoil. Tak, Hanmpumep, ABa
,@ Tesa ¢ Maccoif 100 Kr xaxpoe, HaxoAsllHecs
- Ha pacctofHuM 1 M apyr oT apyra, B3auMO-
7 IeficTBYIOT ¢ cHaol nopsaaka 10~¢ H, T.e,
@ Kopoueicns - @ nopsiaka 1074 re.
4 [lepBoit ycnelnHoil MONBITKOH oNpeneeHHs
Punc. 45.3. Y GblIM HM3MepeHHs, ocyulecTBleHHble KapeH-
auwwem (1798 r.). O npUMeHHJ AJ15 H3MEPEHHS
CHJI BeCbMa YYBCTBHTEJ/IbHBI METOA KPYTHJ/IbHBIX BecoB (puc. 45.3). IlBa
CBHHUIOBBIX Inapa m (c maccoit 0,729 Kr Kakawll), NpHKpeIJeHHbLIX
K KOHIaM JIErKOro KOpoMeic/a, MoMeIanuch B6IH3H CHMMETPHYHO pac-
noJioxeHHbIX wapoB M (cmaccoit no 158 kr). Kopombicsio nozxselunnBa-
JIOCb Ha YNDPYrod HHUTH, MO 3aKpPYYHBAHHUIO KOTOPOH MOXHO OBLIO H3-
MepATh CHJIY NPHTAXKEHHs LIapoB APYT K APYry. Bepxuuil KoHel HUTH
OBIJT 3aKpENJIeH B YCTAHOBOYHOM roJIOBKe, MOBOPOTOM KOTOPOH MOXKHO
OBLIO MEHATH paccTosiHHe Mexny wapaMmu m u M. HauGonee TouHbM
U3 ONpEefie/IeHHEIX Pas3HbIMH crnoco6aMHM CYMTaeTCs 3HadeHHe

v=6,670.10~12 H.M*/kr2,
Ecau B (45.1) noncTaBuTh my, m, U r, paBHLIE eINHHIIE, TO CHJIA OKa-
3bIBaeTCA YHCJeHHO paBHOM Y. Takum ofpason, ABa lwapa ¢ Maccol 1 Kr

KaXXJbllf, LeHTPLI KOTOPLIX OTCTOAT APYT OT Apyra Ha 1 M, mputaruBa-
10TCA B3aUMHO ¢ CHJOH, paBHoit §6,670.-10~% H,

§ 46. TpaBuTaLHOHHOE NOJE

I'paBHuTanHOHHOE B3aHMOZXEACTBHE OCYIUECTBJSETCS 4Yepe3 IpaBHTa-
LHOHHOe noJie. Besikoe Teo M3MeHsieT CBOHCTBAa OKPYIKalOILEro ero
NpOCTPaHCTBAa — CO3J@aeT B HeM TIpaBHTalHOHHOe MoJje. 310 TmoJe
nposiBJsieT ce6s1 B TOM, YTO NIOMEILEHHOE B HETO APYroe TeJIo OKa3biBaeTcs
noa pe#ictBueM cuiibl. OG «MHTEHCHBHOCTH» TPaBHTaLMOHHOTO MOJS,
OYEeBHIHO, MOXHO CYIHTb MO BEJHYHHE CHJBI, HeHcTByowled B KaHHOM
TOYKE Ha TeJIO C MaccoH, paBHOH eiuHHue, B cooTBeTCTBHH € 3THM Be-
JHYHHY

F
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Ha3wBAalOT HANDPDAXKEHHOCTBHBIO TPAaBHTAINLHOHHOTO
noJs. B atoit popmyne F ecTb rpaBHTanioHHas cHJa, JeficTBYOMAS
Ha MaTepHaJbHYIO TOYKY MacChl /m B JAaHHOH TOYKe MOJS.

PasmepHocts G coBmazaer ¢ pasMepHOCTbiO YcKopeHHs. HanpskeH-
HOCTb MOJISI TATOTEHHs BGJHM3HW MOBEPXHOCTH 3eMJIM PaBHA YCKOPEHHIO
cBoGoHOro najeHus g (C TOUHOCTEIO JI0 NONPaBKH, 06YyCIOBIEeHHOH Bpa-
wenveM 3emisHd, cM. § 33).

M3 dopmyansl (45.2) serko 3aK/IOYHTB, YTO HANpSKEHHOCTb MOJA,
CO3/1aBaeMOTO MaTepHaJsIbHOM TOUKOH MaccH /1, paBHa

G=—y e, (46.2)

rfle e, —OpT paiuyca-BeKTopa, NpPOoBeJeHHOro H3 MaTepHaJbHOi TOUKH
B JaHHYIO TOUKY MOJIfl, r — MOAYJb 3TOr0 paluyca-BeKTOpa.

IlycTs rpaBHTaMOHHOE TMOJIe CO3JaeTcsd 3aKpPeIJIEHHOH B Hauaje
KOOpIHHAT MaTepHaJibHOI TOukKOH Maccel m. Toraa Ha MaTepHa/bHYIO
TOYKY Macchl m’, HaXOAAIIYIOCS B TOUKE C pafNyCcOM-BEKTOpPOM I, 6yaeT
JelficTBOBaTb CHJIa

F=Gm'=—7"% e, (46.3)

(cp. ¢ (30.1)). B § 30 6rli10 mMOKazaHO, YTO HOTEHIIMAJbHASI 3HEPrUs
TOYKH /m’ OnpelessieTcsi B 5TOM CJyuae BhipaxKeHHEM

=y (46.4)

r

(moTeHuMaTbHAS SHEPTUS NMpPU r=oo0 NPUHATA paBHO# Hy.0). Brpa-
xeHHe (46.4) MOXKHO TPAKTOBaTh TaKXe KaK B3aHMHYIO MOTEHIIUA/IbHYIO
SHEprHi0 MaTepHaJIbHEIX TOUEK m ¥ m'.

M3 (46.4) BuaHO, 4TO KaXKAOH TOUKe MOJIs, CO3JaBAEMOr0 MaTepHalb-
HOHM TOYKOH m, COOTBETCTBYeT OINpejesieHHOe 3HaueHHe MOTeHLMaJbHOM
9Hepruu, KoTopoil ofJjajaeT B 3TOM MoJe MaTepHasbHas TOYKa m’
[TosToMy moJsle MOMHO XapaKTepH30BaThb [OTEHI|HAJbHOH SHeprues,
KOTOpOii 06JiafilaeT B JAHHOM MeCTe MaTepHa/ibHasl Touka ¢ m'=1.
Beanuuny

(46.5)

3~l I~

q):

HasblBalT MOTEHL HAaJOM FTPaBHTAULUOHHOTO NOJS.
B atoit dopmyne U ecTb moTeHuua/ibHas 3HEPTHs, KOTOpoi oGJajaer
MaTtepuanbHas TOYKa Maccel m’ B JaHHOH TOYKe MOJA.

3Hasl MOTeHIMaJ] MOJIs, MOXHO BBIYHCIHTBL paGoTy, COBepUIAEMYIO
Haj yacTHUeH m’ cHUJaMH TOJIST NPU NepeMellleHHH ee M3 TNoJIoXKeHUs [
B nosoxeHnue 2, CornacHo dopmyne (22.1) sta pa6ota paBHa

A, =U,—U,=m' (9i—,). (46.6)

CorsacHo (46.1) 1 (46.5) cuaa, neficTeyioliiasi Ha 4acTHLY m’, paBHa
F=m'G, a notenuuajabHas 3Heprus 3TOH dYacTHubl paBHa U=m'¢.
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B cootsBetctBuH ¢ dopmydoit (22.7) F=—VU, T.e. m'G=—V (m'¢).
Brinecst M3-noj 3HaKa rpaadeHTa KOHCTAHTY m’ M COKPATHB 3aTeM Ha
3TY KOHCTaHTY, NPHAEM K COOTHOLIEHHIO MEXIY HaNpSAKEHHOCTHIO 1
NOTEHIHaJIoM T'PaBHTALlHOHHOTO MOJIA:

G=—Veo. (46.7)
HafineM BhipaxkeHHe 1/ B3aHMHOM IOTEHIHAJIbHON 3HEPTHII OIHO-
POIHOTO IIApOBOrO C€JI0S H MaTepHasJbHOM TOYKM MacChl /m, IIpPHYEM

paccMOTPHM JBa cay4asl, OTBEYaIOlMe HaXOXKACHHIO TOYKH BHE Il BHYTPH
caos. Haunem co cnyuas, Korna m Haxoautcsa BHe cjos (puc. 46.1, a).

dz gdit

Pue. 46.1.

BrigesiiM M3 ¢J105 KOJIBLO, Kpas KOTOPOro OTBEYaloT 3HayeHHsM yraa ¢
n 4-+d8. Paguyc aToro Kosblia paBeH a sind, a mupHHa a 4% (@ —
pazuyc chos). CrefoBaTesbHO, MJOLAAb KOJIbLA ONpeNessieTCss BEIpa-
KeHHeM 2ma? sin 3 d9. Ecau tonmuna cnost da, a NJ0THOCTE O, TO Macca
KoJiblia paBHa 27 pa? da sin 3 d¥. Bce TOuKM KoJiblia HaXoZdsITCS OT m
Ha OfHHaKoBOM pacctoanuud r’ Tlostomy corsacHo (46.4) B3anMHas
TNOTEeHIHaJIbHag 3HepTHS KOJbla W MacCHl /7 ONpefesdeTcs BhIparKeHHeM

dUKZ_‘Vana"dasri,n ﬁdﬁ-m. (46.8)

UTo6El MOMYYHTH MOTEHIHAIBHYIO 3HEPTrHl0 BCEro IIapoBOTrO CJOs
M MacChl rn, HYXHO NPOHHTErPHPOBAaTh BhIpaxeHue (46.8) no yray &
B npezenax ot 0 go «. IIpu 3ToM nepeMeHHast r’ H3MeHseTCs B IpejeJiaXx
OT r — a o r + a (r — paccrosinye oT ueHtpa cnoa O 1o m). Bripaxe-
HHe (46.8) comepxHT 1Be CBfI3aHHEIE APYT C IPYIOM NepeMeHHble: ¢
u r'. Tlpexje yeM NPUCTYNHTb K MHTErPHPOBAHHMIO, HYXHO HUCKJ/IIOYHTH
OIIHY W3 3THX NepeMeHHHIX. [IHTerpupoBanue ynpomaercs, ecM HCKJIC-
YNTh nepeMeHHYI0 ¥. CBsidb MeXAY ¥ M r’ MOXKHO NOJYYHTh, BOCIO/b-
30BaBLUHCD TeopeMoll KocmHycoB. M3 puc. 46.1 BHaHO, yTO

r'?=a%*+-r*—2ar cos 9.
IMponuddepeHUHPORAaB 5TO COOTHOLIEHHE, TMOJNYYHUM, YTO
2r" dr'=2ar sin 9 d3.
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Otcrona sin 3 d¥=(r'/ar)dr’ Tlpoussens B (46.8) Takyio 3ameHy,
NONYYHM:
dU,=—7v 2npa dzi-m-dr’

HuTterpupoBanue no r’ B npejenax ot ry=r—a 10 ry=r-+a paer

r+a
2npada-m dna*da-m
dUc,l=—v-pf- Sdr':—ypf. (46.9)
r—a
Bripaxenne 4na? da paet o6vem cios, a p 4na® da — ero maccy dM.
Taknm obGpasoM, B3auMHas NMOTEHUHANbHAsi HEPrUs IUAPOBOTO CJIOA
M Maccel m paBHa

dUey=—y 22, (46.10)

rie r — paccTosiHHe OT LleHTpa cJodA 10 m.

Ins cayvas, xoraa Macca /m mnomellaeTcsi BHYTpPH cjosl (CM.
puc. 46.1, 6), Bce BoIK/IaAKH OCTAIOTCA TeMM Xe. MHBIMH GYAYT JHLIb
npenenbl HHTErpupoBaHua B (46.9), Tak Kak r’ MeHseTCsa B 3TOM cJydae
OT 3HaYeHHA ry=a—r 10 ry=a-+r. ClenoBaTeNbHO,

axr
dUén=—?M S dr' =—yp4nada-m=
a-~r

e

p4na:da-m dll"iz-m. (46.11)

Takum oGpa3soMm, B 3TOM cJy4yae MOTEHUHA/JbHAs 3HEPrus ONMHAKOBa
s BceX r ¥ paBHa 3HaueHHo (46.10), noayuaromemyca mas r=a.
Bripaxenne (46.10) MOXHO TPaKTOBaTb KaK NMOTEHUHANBHYIO SHep-
THIO YacTHUE! m B [0Ji€, CO3JaBaeMOM ILIapOBEIM cJoeM Macchl dM.
BasTas ¢ o6paTHBIM 3HAKOM NPOU3BOAHAs OT 3TOH SHEPrHHM MO r paBHa
NpoeKIMH Ha HanpaBJjeHHe r CHJHI, feHCTByIOLled Ha 9YacTHILY:

M.
dF,=— 2Lyt (46.12)

3HaK MUHYC YKasblBaeT Ha TO, YTO CHJIa HanpaBJjieHa B CTOPOHY YObIBa-
HHA r, T. e. K LEHTPY cJos.

N3 ¢opmyinr (46.12) cnenyet, uTo 1wapoBoft cyoft AedCTBYeT Ha 4ac-
THIy C TaKOH CHJIOH, C KaKoi jelicTBoBasia Gbl NMOMELIEHHAA B LEHTP
CJI0s MaTepHaslbHas TOYKa € Maccoif, paBHOA Macce CJIOf.

Buipaxenune (46.11) He 3aBHCHT OT KoopAMHar 4acTHum. ITostomy
TPalMEeHT 3TOro BHIpAXKEHHsI paBeH HYJIO AnsA BceX r << a. Takum obpa-
30M, YacTHLA, Haxoiflascs BHYTPH CJOs, HE MOABepaKEeHa JEHCTBHIO
HUKakol cusbl. Kaxaelil ajieMeHT cyiosl AeficTBYeT, KOHEUHO, Ha JaCTHILY
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€ HEKOTOPO! CHJIOH, HO CYMMa CHJI, JeHCTBYIOLIMX CO CTOPOHH BCEX 3Jle-
MEHTOB CJIOfl, paBHA HYJIO.

Temepb paccMOTPUM CHCTEMY, COCTOAILYIO H3 -OJHOPOAHOTO Ilapa
maccel M M MaTepHanbHOR TOYKM (4acTHUBI) Maccel m. PasoGbem 1map
Ha ciod Mmaccel dM. Kaxawiit cioit fefictTByeT Ha 4HacTHLY C CHJOH,
onpefensieMoit copmyaoi (46.12). IlpocymmupoBaB 3TO BhlpaxkeHHe
1o BCEM CJI0AM, MOJYYHM CHJY, C KOTOPOH wap Ae#CTBYeT Ha 4HacTHLY:

dM-m
Fo=(dF,=— (7282 —— 27, (46.13)
HeficTBue mapa Ha yacTHLY 3SKBUBAJEHTHO JEHCTBHIO MOMELNEHHOH
B LIEHTp IlIapa MaTepHaJbHOR TOYKH € Maccod, paBHOH# Macce l1apa
(cM. mpenmlmywiuit maparpad).

Ecau B34Th wWap co cepHuecKol no.10CThi0 BHYTPIH, TO HA YacTHIY,
HaxojsIylocA B 3TOH NOJIOCTH, He OyAeT AeiicTBOBaTb HMKaKas CHJA.

IIpocyMMHpOBaB N0 BCeM C/I0AIM CIVIOLIHOTO HJIH NOJOTO I1apa Bhpa-
skeHue (46.10), mosyyHMM B3aUMHYIO NMOTEHIIHANbHYIO SHEPTHIO YaCTHIH
H 1apa:

Um—y i, (46.14)

3nece M — macca mapa, m — Macca 4acTHIBl, r — paccTOSIHHE OT
YacTHUBl IO LEHTpA Iapa.

N3 (46.13) u (46.14) BriTeKaeT, uTO rpaBUTALMOHHOE MOJIE, CO3/aBae-
MO€ OJHOPOAHLIM II2pOM, SK3HBaJEHTHO (BHe 1I1apa) No/wo, co3jaBae-
MOMY MatepuaJbHOH TOYKOH C TOH ke Maccoil, HaXopsueiicsa B LEHTpe
mapa.

PaccMoTpuM 1Ba OZHOPOAHHIX Liapa ¢ Maccam¥ M; nm M,. Bropoil
IIap HCMOLITEIBAeT CO CTOPOHEHI MEPBOrO TaKOe »Ke AeiicTBHe, KaKoe OKa-
3blBania 6Ll MaTepHaabHas ToYKa Macchl My, HaxozaLIascs B LeHTpe nep-
Boro mapa. Ilo tperbemy 3akoHy HbloToHa courBeTCTByOWAs CcHJa
paBHa IO BeJIHYHHE CHJle, ¢ KOTOPOH BTOPOH IIap AeficTBOBaJ OHI HA Ma-
TepHanbHylo Touky M;. CornacHo (46.13) mMoxayup 3TOit cUIBI paBeH
y M M,/r:. Takum o6Gpa3oMm, MBI NOKasaslH, YTO ONHOPOAHLIE LUAPHI
B3aNMOJEHCTBYIOT KaK MaTepHajbHbe TOYKH, NOMELIAIoIHecs B HX
IeHTpax.

§ 47, NpuHUKMO SKBHBAIEHTHOCTH

Macca durypupyer B 1ByX pasjHuHBIX 3aKOHaX: BO BTOPOM 3aKOHe
Holotona u B 3aKoHe BCeMHDHOrO TAroTeHHs. B mepsoM cayuyae oHa
XapaKTepu3yeT MHepTHble CBOHCTBA Tesaa, BO BTOPOM — I'paBHTalMOH-
HBEIE CBOHCTBA, T. €. CIOCOGHOCTb TeJI MPUTATHBATb APYT Apyra. B cBsasu
€ 3THM BO3HHKAeT BOMPOC, HE CJIeAYeT JIM pa3/iyaTh UHEPTHYIO Maccy
M;, H Maccy IPaBHTaUHOHHYIO Mm,.
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OTBeT Ha 3TOT BONPOC MOXKET JaTh TOJIBKO ONHIT. PaccMOTPHM B re-
JIMOLEHTPHYECKOH cHcTeMe oOTcyeTa cBoOOjHOe najeHHe Tes. Beskoe
TeJI0 BOGJIM3H MOBEPXHOCTH 3eMJHM HCNBITHBAET CHJY TNPHTSMEHHA K
3emuie, KoTopas coryacHo (46.13) paBHa
m,M
F=y-23

R3
(m — rpaBHTaUHOHHAs Macca NaHHOro Tena, Mj— rpaBHTaNHOHHAA
Mmacca 3emaH, Rz — paauyc 3emHoro wmapa). Iloa gefictBueM 3Toit cHJTBI
TeJ0 MpHoGpeTaeT YCKOpeHHe w (HO He g; cM. § 33), KOTOpoe RO/IXKHO
6bITh paBHO cHJIe F, AeNleHHOH Ha HHEPTHYIO Maccy TeJa m;:
F My mg

==

X 2 .
Miy R3m;,

(47.1)

OnblT MOKasbIBAET, YTO YCKOPeHHWe w JJIA BCeX Ted OAHHAKOBO
(B § 33 nmokasaHo, 4TO H3 OJUHAKOBOCTH g

BHITEKA€T OLHHAKOBOCTb w). Muoxurens . ﬂfﬁ”}”’f””
v (M3/R%) Tak:Ke OIMHAKOB A/ BCeX TeJ. L /
CnienoBaTesIbHO, H OTHOLIEHHE m,/m;, OKa- S~ Bl

3LIBaeTCA AJIS1 BCeX TN OINHHM H TeM He. liepmﬁwry/;,;;\\
K TaKoMy iKe pe3yJbTaTy NMPHBOAAT M BCE . ocu framemyy
IpYTHE ONKITH, B KOTOPEIX MO0 Obl Mpo- e
ABHTbCA Pa3/MUHe MeXKIY MHEepTHOH M rpa-
BHTALlHOHHOHN Maccamu.

W3 yncsia ynoMsiHYTHIX OMBITOB paccKa-
3eM 06 onbiTe DTBela, HayaToM B 1887 r.
H mpojoskablemcs Gosnee 25 ner. B ero K,
OCHOBE JIEXHT TO OOCTOSITEILCTBO, YTO Ha
TeJ0, TMOKosleecs BOGJU3H TNOBEPXHOCTH

o / 2
3emsH, JefCTBYIOT, KpOME PeaKUMH ono- / g;,’,/,;’””
pHl, TpaBHTauHOHHas cuna F,, Hampas- /
JIEHHas K LEHTPY 3eMJH, a TaKkKe LeHTpo- Puc. 47.1.

GexxHada cusa uHepuuH F 4, HanpasnenHas

NepneHAHKYJISPHO K OCH BpalleHHA 3eMJIH

(puc. 47.1; Ha 3TOM pHCYHKe He cobofieH Macuitab — MOAYJb UEHTPO-
6exXHOH CHJIBI Ha J1BA NMOPAAKA MeHblUe MOLYJISI TPaBHTalMOHHON CHJIBI,
cM. §33). I'paBHTalHOHHAA CHJIA MPOMOPLHOHANbHA IPaBHTALHOHHOM
Macce Tesia myg:

Fg=mgG

(G — ranpskeHHOCTb rpaBHTalUoOHHOro noJs). LleHTpoGexHas cHia
HHepIHH NpONOPLUHOHAIbHA HHEPTHOM Macce m;,. CornacHo gopmyJie
(33.4) ee Monysb omnpezesisieTcsl BhIpaX{€HHEM

Fg=m; 0*R3cosp
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(p — wHpora mectHocTH). M3 puc. 47.1 caenyer, uTo MORYJIb BEpPTH-
KanbHOH COCTABJAIOMIEN 1IEHTPOGEKHON CHJIB HHEPLHH paBeH

Fpege=Fgc0s @ =m;,0*R3cos? ¢ = Am,,.

Mbl BBeau ofo3HaueHne A=w?Rj3 cos? ¢. OneIT JTBela MPOU3BOANIICS
Ha mupore ¢=45°. B atom cayuae koaduuuent A npumepno B 100 pas
meHblie G.

Mojynb ropH3OHTaNBHON cocTaBJstolelt cuisl F g paBeH

Fropns = Frg Sin@ =m; 0*R3cos ¢ sinp = Bm,,

(n1a @=45° 3naueHus kosdpduuuentoB A u B cosmagaior).

DTBelll NOABECU] Ha YIPYTroil HUTH CTEPXKEHDb C YKPENJIEHHBIMH Ha ero
KOHIIaX TeJaMH IO BO3MOMHOCTH paBHOH Macchl (puc. 47.2). Tena Gpa-
JUCh U3 PasHbIX MarepHasjoB. K HIXKHeH YacTH HUTH NMPHKPEIVIAJIOCH
sepKajble. JIyy, BHLIGJWHA H3 OCBETUTENS H OTPAMKEHHBIH OT 3epKab-
12, Monajian Ha MepeKpecTbe 3puTebHOM Tpy6ul. ITneun I u [” non6u-
paJIuCh TakK, YTOObl CTEPXKEeHb HaXOJHJICS B PaBHOBECHH B BePTHKAJIbHOM
IJIOCKOCTH. YCJIOBHE PaBHOBECHS BHIMJANUT CJAeAyOUIHM 06pa3oM:

(mgG—mi,A) I = (m;G —mi, A) I, (47.2)

IpuGop pacmosarajicsi Tak, YTOOBI CTepeHb ObLI NepneHAHKYJsAPeH

K IJIOCKOCTH MepujauaHa (cM. puc. 47.2). B atom cryyae ropusoHTasb-
Hble COCTaBAAIOUIHE UEHTPOGEKHOH CHJH
HHEPLMH CO3/a0T 3aKPyuYMBaloIMH MoO-
MEHT, paBHBIH

['effp N =m,Bl' —m] BI". (47.3)

Wcknouns U3 ypaBHeHui# (47.2) u (47.3)
nseyo {”, MOXHO II0C/Ie HECTIOXHBIX 1peos-
pa3soBaHHi MPHATH K dopmyJe

N = m3,Blt [ 1 — (nelmin) G— 4 G—A] .
L (mg/min) G—A

W3 sT0it hOpMyYJIEI BHIHO, UTO B TOM CJlyuae,
KOTrJa OTHOILICHHE rPaBUTAIMOHHOMN M HHep-
THO# Macc A5 oGOMX Tel OAHHAKOBO, MO-
Pue, 47.2, MEHT, 3aKDYYHBaIOIIHH HUTb, JOJXKEH GEITh
paBed Hymo. Ecnu ke oTHoweHue mgy/m;,
JUIs MEePBOT0 M BTOPOTO Tesa HEOAMHAKOBO, 3aKPYUYMBAIOLIUA MOMEHT
OTJIHYEH OT HyJis. B aToM cayuae npu noBopoTe Bcero mpu6opa Ha 180°
3aKpYYMBAIOIIHH MOMEHT H3MeHUJ Obl 3HaK Ha OGpaTHBIA M CBETOBOH
3ali4UK cMecTHwiIcs GBI U3 NEPEKPECTbsl 3PHTENbHOH TpyOHl (pHC. 47.3).
INpu cpaBHeHHU BOCBMH PasJIMYHBIX TeJ (B TOM YHCJE M JA€PEBSHHOIO)
€ IVTaTHHOBHIM TEJIOM, NMPHHATHIM 33 3TaJNOH, DTBell He OGHAPYKHI
3aKPYYHBaHHA HHUTH. DTO Jaso eéMy OCHOBAaHME YTBEPXKIAaTh, YTO OTHO-

meHye mg/m,-,, JIJ 9THX TeJ OIMHAKOBO ¢ TOUHOcThIO B 1078,

Delemumeng
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B 1961—64 rr. JuKke ycoBepuUIeHCTBOBaJ MeToj JDTBellla, HCMOMb-
30BaB ANA CO3JaHHsA 3aKpYUMBAIOLEr0 MOMEHTA rpaBHTALHOHHOE MoJe
Co/IHLIa U LEeHTPOBEKHYIO CHIY HHEPLHH, O0YCJIOBIEHHYIO0 OPOUTaNIbHBIM
IBHXKeHHeM 3eMaH. B pesynbpTate cBOMX M3Mepenuil JlMKke mnpuiuen

Debemument

Tpyoa

Jebemumers
Puc. 47.3.

K BBIBOZY, UTO OTHOLIEHHE fmg/m;, OMMHAKOBO AJIs HCCIEJOBAaHHBIX TeJ
¢ TouHocthio 1071, Hakonewn, B 1971 r. B. B. Bparunckuii n B. H. Ila-
HOB MOJYYHJH NOCTOSIHCTBO YKAa3aHHOTO OTHOUIEHHS € TOYHOCTBIO JO
1012,

Hrak, BcA COBOKYNMHOCTb ONBITHRIX (paKTOB yKasklBaeT Ha TO, YTO
UHEPMHAHAR U 2PABUMALUORHASL MACCHL 6CEX MER CIMPO2O NPONOPYUOHANbHSL
dpyz dpyey. D10 03HAUaeT, YTO NPH HajJexauleM BHOOpe efHHHI rpa-
BHTAUMOHHAs M HHepPTHasg MacChl CTAHOBATCA TOXIECTBEHHBIMH, IIO-
3TOMYy B (H3HKe FOBOPAT NPOCTO O Macce. TOXKNECTBEHHOCTb TpaBHTa-
HHOHHOH M HMHEePTHOH MacC NOJIOKeHA DUHIITEHAHOM B OCHOBY oO6Liei
TEOPHH OTHOCHT@TBHOCTH.

B § 32 MBI yxKe oTMeuanH, YTO CHJIHI MHEPLHH AHAJOTMYHBI CHJIAM
TATOTEHHS — H Te, H JPYyrHe NPONOPLHOHAJbLHEL Macce TeJsa, Ha KOTopoe
OHH JeficTByIoT. TaMm e GRIJIO YKa3aHo, 4TO, HaXOAACb BHYTPH 3aKPHITOI
KaGHHHB, HHKAKHMH OINbITaMH HeJb3Sl YCTAaHOBHTb, YeM BhI3BaHO feiicT-
BHe Ha TeJIO CHJIBl /ng: TeM JIH, 4To KaGHHa JBUXKETCH C YCKOpeHHeM —g,
JH60 TeM, YTO HeNoABHXKHAs KaGHHA HaXOIMTCS BOGJN3H MOBEPXHOCTIH
3eMaH. 2TO YTBepKJIeHHe COCTaBJseT COZepKaHHe TaK Ha3biBaeMOro
NPpHHLHNIA 3KBUBAaNeHTHOCTH,

ToxnecTBEHHOCTb HHEPTHOH M IpaBHTaHOHHON Macc ABJAAETCA clel-
CTBHEM 3KBUBA/JCHTHOCTH CHJ MHEpUHH M CHJI TATOTEHHA.

OTMmeTHM, YTO C caMoro Hauasna Maccy B (45.1) MbI moJsiarasiu cosna-
Jatole#t ¢ HHepTHOH Maccol Tes1, BCJIeICTBHE Yero YHCJIEHHOe 3HaueHHe v
HamMH ObLTO OMNpefeneHO B MNPEAMNOJOXKEHHH, 4TO mg=im,,. [lostomy
(47.1) MoxHO 3amHcaTh B BHJE

w=y -M—f‘ . (47.4)
R3

Iocnennee cooTHOlLleHHEe MO3BOJAET ONpPeAe]NTh Maccy 3eman Ma.
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ITogcTaHOBKa B HEro M3MepeHHbIX 3HaueHHH w, Rz ¥ ¢ JaeT IJs MacChl
3emun 3gageHue 5,98-102¢ kr.

Ianee, 3Hass paguyc 3eMHOH OpOMTHI R,, ¥ BpeMs MOJIHOro ofpa-
wenus. 3emau Bokpyr Cosmuua T, moxHO Haiti Mmaccy Connua M.
Yckopenne 3eMsH, paBHOe @!R,, (0=2n/T"), o6yc/lOBINBAETCHA CHJION
nputaxenus 3emnn K Counnuy. CiefoBaTesbHO,

MaMc
Rp
OTKYJa MoXeT ObiTh BelUMc/iIeHa Macca ConHIA.

ITomo6HeM e obpasoM GbLmH ompeneseHBl Macchl Apyrux Hebec-

HBIX TeJI.

MB(DZRop =y

§ 48. KocMHueckHe CKOpOCTH

Ins Ttoro 4tobbl ABUraThCsd BOKPYT 3eMJH NO KPYroBoit opGHTe
C pajxycoM, Malo OTJAMYAIOLLUMCS OT pajuyca 3eMaH R, Teslo NOMKHO
06/1a71aTh BIIOJIHE ONpeJieieHHOH CKOPOCTBIO ¥y, BETHUHHY KOTOPOH MOX-
HO OMpeNe/INTh H3 YCJOBHS DaBeHCTBA NPOHM3BeJEeHHS MacChl Tesa Ha
YCKODeHHe CHJIe THAMeCTH, AeHCTBYIOIEeH Ha Teso:

Orciona
v, =V gRs. (48.1)

CrenoBaTeqbHO, AJIS TOrO YTOOH! KaKoe-JIHGO TesIO CTaJ0 CNYTHHKOM
3emsd, eMy HeoO6XOIUMO COOOILHTH CKOPOCTh U;, KOTOpas HashlBaeTcs
HepBOM KOCMHUUYECKOH CKOpocThb 10. [logcTaHoBKa 3Ha-
yeHHH g ¥ R3 ZJaer A/s nepBOH KOCMHUYECKOH CKOpOCTH CJenyroliee
3HayeHHe:

v,=V gRs=)9,8-6,4.10° ~ 8-10° m/c =8 Km/c.

O6nanas cKopocTbio v, Teno He ynafeT Ha 3emmo. OnHAKoO 3TOR
CKOPOCTH HEZOCTaTOYHO AJIA TOro, YTOoObl TEJIO MOLJIO BHIHTH M3 ctheprl
3eMHOrO MPUTSKEHHSA, T. €. YAAIUTHCA OT 3EMJIH Ha TAKOe PacCTOAHUE,
YTO NPHTAXKEHHE K 3eMsie NepecTaeT Hrparhb CYLIECTBEHHYIO pOJb.
Heo6xonumass Ansi 3TOro CKOpOCTh U, HasBIBaeTc! BTOPOH KO C-
MHYEeCKOH CKOpDOCTBHIO.

Hna toro urofel HAaHTH BTOPYIO KOCMHYECKYIO CKOPOCTb, HYKHO
BBIYUC/IHTE PaboTy, KOTOPYIO HEO6XOIMMO COBEPIUUTH NPOTHB CHJ 3eM-
HOrO NPHTSXKEHUA M YIa/leHHs Tea ¢ MoBepXHocTH 3eMJH Ha GecKo-
HeyHocTb. IIpH ynaneHuu Tesa CHJIBI 3eMHOTO NMPUTAMEHUST COBEPLIAIOT
Hal HuUM paboTy

A, = Uuaq - Uuou‘
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CoraacHo (46.14) HavajgbHOe 3HaueHHe

M.m
U, py= — y—
naqg R3 ’
KOHeyHOe 3HaueHHe ecTb HyJab. Takum obGpasoMm,
M.m
L 2t
A=—y Ry -

Pa6ota A, KOTOPYIO HY>KHO COBEPUIUTb NPOTHB CHJI 3€MHOTO MPHTANKE-
HHsl, paBHa paGote A’, B3ATOi c OGpaTHLIM 3HAKOM, T. €.

ITpene6peras pa3/iHyHeM MeXAy CHJIOH TAMECTH mg U CHJION rpaBH-
TALHOHHOTO NPHTSXKEHHsS Tesa K 3em/e, MOXHO HamHcarh, 4TO

M3m
Orciona
M3m
?'R—=ng3-
3

CnepnoBatenbHo, paGoty (48.2) MOXHO NpEACTaBHTb B BHJE
A=mgR3. (48.3)
Sry pa6oTy yjpansiolieecsi TeJO COBepILIAaeT 3a cyeT 3amaca CBOei
KvHeTHIecKoit sHepruy. UToGH 3amac sHeprHH OKasajcs JOCTATOYHBIM
I/1a coBeplueHHs pacoTHl (48.3), Tesio JOMKHO ObITh 3aMYLIEHO CO CKO-
'POCTBIO U, He MeHbllieif, 4yeM CKODOCTb U, ONpefiesAeMas YCIOBHEM
mo;

D) =ﬂ1gR3.

W

Orciona
v, =V 2gR5. (48.4)
CxopocTh U, M ecTb BTOpas KocMiueckas cKopocTh. M3 cpaBhenus c
(48.1) BuaHO, 9TO BTOpPas KOCMHYeCKas cKopocTb B )2 pas Gosbiue
nepBoii. YMHOXHB 8 KM/c Ha |/ 2, nonyuuMm Ajs v, 3HauyeHue, NpuGIH-
3HTeJIbHO paBHoe 11 Km/c.
OtMmeTHM, 4YTO HeOGXOAMMAasA BeJIMYHMHA CKOPOCTH HE 3aBHCHT OT
HanpaBJieNHsi, B KOTOPOM OCYIIECTBJfI€TCA 3anyck Teqa ¢ 3eMad. Ot

STOrO HamnpaBJeHHs 3aBHCHT JIHLIb BHA TPaeKTODHH, MO KOTOPOM Teso
yIAaJfaeTcs OT 3eMJIH.

st Toro uto6bl MOKHHYTh npesessl CoJHeuHOH CHCTEMBI, TeJo
JO/KHO NPEOoNIeTh, KPOME CHJI NPHTSAKEHHSA K 3eMie, TaKXKe H CHJIH
nputaxendsa K Coanuy. Heob6xomumasi ans 3TOFO CKOpOCTb 3amycka
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Te/la ¢ NOBEPXHOCTH 3eMJ/H Ha3hBaeTcs TpPeTbell KOCMHYEC-
KON CKOpPOCTDhbi0 Uy CKOPOCTb Uy 3aBUCHT OT HaNpaBJIeHHS] 3a-
nycka. [Ipy 3anycke B HanpaBjeHUH OPGHTA/JIbHOrO ABHXKEHHS 3eMJIH
3Ta CKOPOCTb MHHUMaJbHA U COCTaBJIseT 0KoJo 17 KM/c (B 3TOM cayyae
CKOpOCTb TeJ1a OTHOcHTenbHO COJIHIIA CK/IaAplBaeTcs H3 CKOPOCTH Tena
OTHOCHTEBHO 3eMJIH H CKOPOCTH, ¢ KOTOpO#H 3em/1s ABHXKETCA BOKPYT
Coanua). [1pu 3anycke B HampaBJeHHH, MPOTHBOMOJOMXHOM Hampas-
JIEHUIO IBIKEHHs 3eMJH, U373 Km/c.

Bnepsbie kocMuyeckne ckopoctd 6bin gocturiytel B CCCP. 4 ok-
taA6pa 1957 r. B CoBerckom Coro3e OBl OCYIIECTBJIEH MEPBBIA B HCTOPHH
ye/OBeYeCcTBa YCMEWHBI 3amycK HCKYCCTBEHHOrO CHNYTHHKAa 3eMJIH.
2 sauBaps 1959 r. Obln B3AT U BTOPO# pyGexK. B 3TOT IeHb ¢ COBETCKOM
3eMIH OTOIpaBHJIach B MOJET KOCMHYecKas paKeTa, KOTOpas BBILLIA
13 cepbl 3eMHOr0 MPHUTSKEHHSA H CTaNa NepBoil UCKYCCTBEHHOMH nJiaHe-
To#t Hammeit ConHeunoil cuctembl. 12 anpens 1961 r. B CoBerckoM Corose
OB/ OCYINECTBJIEH NepBLI MOMNET YesoBeKa B KOCMHYECKOe IPOCTP aHCTBO.
ITepBriit coBerckuit kocmoHaBT [Opuit AnekceeBuu I'arapuH coBeplina
noJsieT BOKPYr 3eMaAd H GJaromnoJy4Ho npU3eMaHJICA.



FTJTABA VI
KOJIEBATEJ/IBHOE NBH)XEHHUE

§ 49. O6wue cBefeHHs O KoxebGaHMAX

Kone6anusiMH Ha3bIBaOTCA NPOLECCH], OTJHYAIOIHEC TOH HJH HHOI
CTeNeHbIo MOBTOPSieMOCTH. TaKUM CBOHCTBOM NOBTOPSEMOCTH 006J1aaI0T,
HanpuMep, KayaHHs MasATHHKA 4acoB, KOJEOaHMA CTPYHBI HJHM HOXKEK
KaMepTOHa, HaNpsixKeHHe MeX1y o6KaajKkaMH KOHJeHcaropa B-KOHTYpe
pagHONpHeMHHKA M T. II.

B 3aBucumocTH OT hu3HUecKOoil MPHPOJEI MOBTOPSIIOMIETOCA NPOLIecca
pPasaNuaoT KosaeGaHHA: MeXaHHYecKHe, 3JIEeKTPOMarHUTHEIE, 3JEKTPO-
MexaHHuecKHe M T. A. B panHoll rnaBe paccMaTpHBalOTCA MEXaHHUECKIe
KoJie6aHHUs .

KonebaHus MIMPOKO pacnpocTpaHeHkl B 1pupoe U TexHuke. Bo ano-
rHX cJy4asiX OHH HrpalT OTpHUarenbHyl poJab. KonebaHus mocra,
BO3HHKAIOUIHE H3-32 TOJMYKOB, COOOII2eMBIX eMy KOJecaMy Moesia Mpil
NPOXOXKAEHHN Yyepe3 CTHIKH pesibcoB, Kosebanusi (BHOpaLMH) Kopmyc:
Kopa6Jist, BEI3BaHHbIE BpalleHHeM Ipe6GHOro BHHT2, BUODALUH KphLIbes
caMoJieTa — BCe STH IPOLECCE MOTYT MPHUBECTH K KaTacTpOgHUecKH:
nocseacTBHAM. B nomo6HBIX cayyasx 3ajaqa 3aKJ/04aeTcss B TOM, YTOGH
NIpeNOTBPAaTHTh BO3HHKHOBEHHE Kosle6aHU# MJIH BO BCAKOM CjIyyae BOC-
NpensiTCTBOBaTh TOMY, YTOGh! KOJeGaHHsA NOCTHIVIH ONMACHMIX pPa3MepoB.

BmecTe ¢ TeM KosiebaTenbHble NPOLECCH JIeKaT B caMOH OCHOBe pas-
JHYHBIX oTpaciell TexHuKH. Tak, Hampumep, Ha KoJieGaTeNbHBIX NpPO-
leccax OCHOBaHa BCSl pajHOTEXHHKa.

B 3aBHCHMOCTH OT XapaKrepa BO3IeHCTBHS Ha KoJeGJIoUyocs cHe-
TEMY DPasJnyaloT cBoGOxHBIE (MM COOCTBEHHLIE) KO/MeGaHHA, BEIHYXK-
JIeHHble KoJie6aHus, aBTOKONeGaHUSI U MapaMeTpHyecKHe KoJeGaHHs.

CBOOOIHBIMH HJIM COGCTBEHHBIMM HA3LIBAlOTCST TaKHe KoJe6aHus,
KOTOpble MPOHCXOASAT B CHCTeMe, NpefocTaBJeHHOH caMol ceGe mocse
TOro, KaK eif 6bly1 cooblleH TOMYOK JIH60 OHA Oblyia BEIBEJEHA U3 MOJIOXKe-
HUSL paBHOBecHsi. IIpuMepoM MOTYT CAYKHTb KoJsieGaHMs IIapHKa, MoJ-
BeLIEHHOTO Ha HHTH (MaaATHHK). Ias Toro uToOhl BeI3BAThb KOJeGaHHS,
MOXXHO 1160 TONKHYTb LIapHK, 160, OTBelsA B CTOPOHY, OTIYCTHThb €ro.

BrIHYKIeHHBIMH Ha3LIBAIOTCA TaKUe KoseGaHus, B lTpolecce KOTOPHIX
KoJjie0JitoLiasicsi CUCTeMa nojBepraercs BO3IeHCTBHIO BHELIHEH Iepuoau-
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uyeCKH HaMensiouteiics: cuinl. IIpuMepoM cayskar KoJieGaHUS MOCTa, BO3-
HHUKalollie NpPH NMPOXOXKAEHHH MO HeMy Jofeil, lIaraiolHX B HOTY.

ABTokone6aHHUA, KaK H BLIHYX/JEeHHBIE KONeDaHUs, COMPOBOXKAAOTCS
BO3JiecTBHEM Ha KOJEGJIOIYIOCH CHCTeMY BHEIHUX CHJ, OAHaKO Mo-
MEHTHl BpeMeHH, KOrja OCYIIecTBJISIOTCS STH BO3LeHCTBHA, 3ajaloTcs
caMmoii KoJebumomelica cHCTeMOH — cHCTeMa caMa YnpaB/sieT BHEIIHUM
Bo3jelictBHeM. IIpuMepoM aBTOKose6aTe/bHOM CHCTEMBI SABJSAIOTCA 4a-
Chl, B KOTOPHEIX MAasATHHK MOJYYaeT TONYKH 32 CYeT SHEePrHH NOAHATON
THPH WIH 3aKPYYeHHOHM NpDYKHHBI, TPHYEM 3TH TOMYKH IIPOHCXOIAT B
MOMEHTEI IPOXOXKJeHHs1 MasiTHUKa depe3 cpefiHee noJoxeHue. [1pu ma-
paMeTpHUYeCKHX KoseGaHHAX 3a cUET BHELIHEro BO3AEHCTBIA NPOUCXOAHT
NepHOJHYECKOe H3MeHeHHe KaKoro-JauG0 napameTpa CHCTEMBl, HaNpHMEP
JJIMHBL HUTH, K KOTOpPOH MOABelleH IIapHK, COBepLIAOINHi KoJeGaHus.

[IpocreiimiMu  IBJSIIOTCA TapMOHHYecKHe KoneGaHHS, T.e. TaKHe
Kosie0aHHs, IPH KOTOpHIX KoJeboliascs BeTHYiHa (HanpuMep, OTKJIO-
HeHHe MasiTHHKA) H3MEHSETCS] CO BpeMeHeM 1o 3aKOHY CHHYCa HJIH KOCH-
Hyca. 2ToT BHA KoJieGaHHit 0CO6eHHO BaXeH IO CJIeAYIOUMM NpHYHHAM:
BO-TIEpBHIX, KoneGaHHs B IPHPOJE H B TeXHHKe YacTO HMeIOT Xapakrep,
oueHb GJIM3KHI K rapMOHHYECKHM, H, BO-BTOpLIX, MepHOAHYECKHE NPO-
1ecchl HHOH opMEI (¢ Apyroit 3aBHCHMOCTbIO OT BpeMeHH) MOTrYT GHITh
[PeACTaB/IeHR KaK Ha/loXKeHHe HEeCKOJbKHUX rapMOHHYeCKUX KoJsieGaHuH.

§ 50. Maanle xoneGanus

PaccMOTpUM MexaHHYecKyH0 CHCTeMY, ITOJIOXKeHIleé KOTOPOM MOMKeT
GbIThb 33JaHO C NOMOIIBIO OJHO!H BEIHYHHEI, KOTOPYIO MHEl OGO3HAUYHM
yepe3 x. B Takux ciyyasx roBopAT, YTO CHCTEMa HMeeT OAHY CTeleHb
cBoGonpl. BenmnunHoél x, ompefensoulell MOJOXEHHe CHCTEMBI, MOMET
GBITh YTOJI, OTCUHTHIBAEMEIH OT HEKOTOPOH MJIOCKOCTH, HJIH PACCTOSIHHE,
OTCUMTBIBa€MOe BJOJIb 3alaHHOM KPHBOMH (B WaCTHOCTH NMPAMOI) JIHHUH,
d T. n. [ToTeHunanpHas sHeprus cucteM:l 6yJeT GYHKUHEH OAHOH nepe-
MeHHOl x: U=U(x). HonyctuM, uTo cHcTeMa 00/afiaeT NOJOKEHHEM
ycroiiunBoro paBHOBecHs. B aToM nosoxkeHun ¢yHkuus U(x) umeer
MHHUMYM (cM. § 26). YcioBHMCA KOOPAHHATY X M NOTEHUHANBHYIO SHep-
ruio U OTCUHTHIBATH OT NOJIOKEHHA paBHoBechsi. Toraa U (0)=0.

Pasnoxum ¢yHkumo U(x) B pAA NO cTeneHsAM ¥, MpHYEM OrpaHH-
YHMCS pacCMOTPeHHeM MasbiX Ko/eOaHHi, TaK YTO BRICIUHMH CTEEeHAMH
X MoxHO 6yjer npeHeGpeus. [lo dopmyne Maknopena

U (x)=U (0)+ U'(0) x+2/,U" (0) x2
(BBMAOY MaNOCTH X OCTaJIbHBIMH 4eHamH npeHeOperaeM). Ilockosbky
U (x) npu x=0 umeer munumy™, U’ (0) paBHa Hymo, a U"(0) mostoxu-

tenbHa. Kpome Ttoro, mo yciosuio U (0)=0. BBegem oGo3HaueHHe:
U" (0)=k (k=>0). Toraa

U (x) =1/,kx®. (50.1)
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Buipaxenune (50.1) npeHTHuHO ¢ BhipaxeHHeM (25.1) ana nortel-
1HaJdbHON SHEprHH JedopMHpPOBaHHOH NpyXuHEI Bocnosb3oBaBluuch
COOTHOLIeHHeM (22.4), HalileM CHay, AEHCTBYIOUIYIO HAa CHCTEMY:

U
ox

F,o=—%" ——kx. (50.2)

Sra (opMy/a JaeT MPOEKLUHIO CHIBI HA HanpaBJieHHe ¥. B nanbHeiilem

o A HHJEKC x NpH 0603HaYeHHH CHJIBI Mbl 6y-
\ \ JleM onycKaTb, T. €. MHCaTh COOTHOLLe-
HHe (50.2) B Bupe: F=—kx.
Bripaxkenue (50.2) TOXAECTBEHHO
Iy BHpaxeHuio (14.2) ana ynpyrofi cuibl
[

litAly JehOpMHPOBAHHOM NpYXKUHHL. [losTomy
cuabl Buaa (50.2), He3aBHCHMO OT MX
Py ,a
|3 *
- }”

g |

F ) -2 = S

Pue. 50.1. Puc. 50.2.
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NPHPOAH, Ha3bBalOT KBAa3 MU Yy N P YT U MH. Jlerko coo6pasuts, yto
cHJs1a, onHckiBaeMasi hopMyaoit (50.2), Bcerna HampaB/eHa K MOMOXKEHHIO
paBHOBecHsi. MOAYJIb CHJIBI NPOMOPLHOHANEH BeJHUHHE OTKJOHEHHS
CHCTEMBI OT PaBHOBeCHOro noJoxeHHda. CHay, 00JaJarolyI0 TaKHMH
CBOMiCTBaMH, HHOIJAa Has3bBAKT BOCCTaHaBJHUBalUed
CHJOH.

B xauectBe npHMepa paccMOTPHM CHCTeMY, COCTOALLYIO H3 Ilaplika
Macchl /1, NOJABELIEHHOTO Ha NPYXKHUHE, Macco# KOTOPOH MOXHO npeHe6-
peus o cpaBHeHuio ¢ m (puc. 50.1). B monoxkeHn paBHOBecHs! cHJa
mg ypaBHOBellMBaeTcs ynpyrod cuioit kAl

mg=hAl, (50.3)

(Aly,— ynndHeHHe NpyKHHHY). DyneM XapakTepu3oBaThb CMelleHHe IlIa-
PHKa H3 IOJIOXEHHS DaBHOBECHs KOODJAUHATOH X, NPHUYEM OCb X Ha-
NpaBUM 10 BEPTHKANH BHU3, @ HYJb OCH COBMECTHM C MOJIOXKEHHEM paB-
HOBecHA Lapuka. Ecin cMecTHTh IUapHK B MOJIOXKEHHE, XapaKTepH3ye-
MO€ KOOPAHHATOH X, TO YAJNMHEHHE NPYXKHHBI CTaHeT paBHbIM Al
+x ¥ npoekuus pe3yabTHpYIOUlell CHJIEl Ha OChb X NPHMET 3HaueHHe
F=mg—Fk (Aly+x). Yura ycnoeue (50.3), moayuuM, uTO

F=—kx. (50.4)
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Takum o6pasoM, B PacCMOTPEHHOM MpHMepe pPe3yJIbTUPYIOLULAs CHJIBL
TSIXKECTH M YIPYroil CHJIBL HMEEeT XapaKTep KBa3HYMPYTOH CHJIBL
CoofluM IIapHKY CMellleHHe X=a, MOCJ€e Yero NpegocTaBHM CHC-
TeMy camoli ce6e. Iloa aelicTBHeM KBasHympyrofl CHJbl IapHK Oyrer
IBUTAThCH K MOJMOMEHHIO PaBHOBECHS CO BCe BO3pacTaloLIeil CKOPOCTHIO

v=x. [Ipy 3TOoM mNOTeHUHa/NbHAf SHEPTHs CHCTeMbl OyJeT YOLIBAThb
(puc. 50.2), HO 3aTO MOABHTCS Bce BO3pacTamliasi KHHETHUeCKas sHep-
rua ) E,='/, mx? (Maccoli npyxuHb npeHeGperaem). [lpuia B mno-
JIOX<€HHE PABHOBECHS, LIADHK IPOJO/KAET ABHIATHCH MO HHEPLHH.
1o aBHXKeHHEe GyJeT 3aMelJIeHHbIM H IIPEKPAaTHTCA TOTHA, KOrAa KHHe-
TUYeCKas 3HEPTHs MOJIHOCTBIO [PEBPATHTCS B MOTEHUHAAbHYIO, T. €.
KOT[a CMELIeHHe IIapHKa CTaHeT PaBHbIM —a. 3aTeM TaKoil ke mpo-
necc 6yJeT NpoTeKaTh NPH ABHXKEHHUH IIapHKa B OOpPaTHOM HamnpasJe-
HuH. Eciu TpeHue B cHCTeMe OTCYTCTBYET, SHEPIHfl CHCTEMBI JOJIKHA
COXPaHATbCA M LIapHK GyIeT NBHIaThCA B Mpelenax OT X=a JO0 X==
=-—a HeOrpaHHYeHHO XOJITO.
YpaBHenue proporo 3akoHa HbioToHa jp1s mapuka umeer BHI

mx = — kx. (50.5)
BBezas o603HayeHue
w2=k/m, (50.6)
npeoGpa3yeM ypaBHeHue (50.5) cneayrouium o6pasom:
x+oix=0. (50.7)

[TockoabKy k/m >0, ,— BeleCTBeHHAs BeJMYHHA,

Htak, B OTCyTCTBHE CHJ TpPEeHMs ABHIKEHHEe MOJ AeHCTBHEM KBa3H-
yOpyrofi CHJBI ONMHchbiBaeTcs AudepeHUHanbHEIM ypaBHeHHeM (50.7).

Bo BcsKoi peasnbHOR KonieGaTeIbHOH cHCTeMe MMEIOTCS CHJIBL COMpo-
THBJ/IEHHA, AeHCTBHE KOTOPBIX MPHBOIHT K YMEHbIIEHHIO 3HEPTHH CHC-
Tembl. Ecin y6blib 3Hepruy He BOCHOJHAGTCA 33 cYeT PaGOThHI BHELUHHUX
cHJ1, KosleGaHus GynyT 3aTyxaTth. B mpocreliiieM, u Bmecte ¢ TeM Ha-
nboJiee YacTo BCTpeyalolleMcsi, Cjayuyae CH/ia COmpoTHB/eHHs F* mpo-
MOpUHOHA/NbHA BEJHYHHE CKOPOCTH:

Fi=—rx. (50.8)

3aech r — mocTosHHasg, HasblBaeMag KO3(pOpHLUHEHTOM CoO-
NpoTHBJEHHA. 3HaK MHUHyCc oOyciaoBieH TeM, uto cuaa F*
H CKOPOCTb V HMEIOT NPOTHBOMNONOXKHLIE HANPABJICHHS; CJIeA0BaTe/NbHO,
HX MPOEKUHH Ha OCb X HMEIOT PasHble 3HaKH.

YpasHeHnHe BTOpOro 3akoHa HbioTOHa MpH HaJHYHH CHJ CONPOTHB-
JIEHHS1 HMEEeT BHJ

mx=— hkx—rx. (50.9)

1) B yuenuu o xoneGanusnx 6yknpoit T npHHATO 0603HaYaTh MepHOX KoseGaHH,
[TosToMy KHHeTHYecKy!0 SHEpIHi0 Mhl 0603HaYHIH cumBoJioM Ep.
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[MpumeHHB 0GO3HAYEHHA

W=r/m, wi==kim (50.10)
(cp. ¢ (50.6)), nepenumem ypaBHeHue (50.9) caenyiowuMm o6Gpasom:
x4+ 2Bx + oy =0, (50.11)

3ro nudepeHIHaIbHOE yDABHEHHE OIHCHIBAET 3aTyXakollHe KoJebaHus
CHCTEMBI.

KoneGanus, onucbiBaemble ypaBaeHusamu (50.7) u (50.11), apasiores
CBOGOAHBIMH (MJIH COOGCTBEHHBIMH): BBIBEJEHHAsA M3 NOJIOXKEHHS PaBHO-
BECHs MJIH TMOJYUYHBILIAsA TOJMYOK CHCTEMA COBEpLIAeT KosleGaHus, 6y ayuH
npepocraeneHHo# camoii cebe. Temepb mycThb KoseGaTesbHasi cucTeMa
noApepraercs AeHCTBUIO BHELIHEH CHJIB, H3MEHSIOLLEHCA CO BpeMeHeM
10 TapMOHHYECKOMY 3aKOHY:

F.=F, cos ot. (50.12)
B 5ToM cJIyyae ypaBHeHHe BTOPOTO 3aKoHa HbiOTOHA HMeeT BHJ
mx =— kx—rx -+ F,cos of.

Baenst o6osHauenus (50.10), sanuiuem 3To ypaBHEHHe C/IEAYIOLHM 06pa-
30M:

x4+ 2Bx + 0ix = f, cos wt, (50.13)
rape
fo=Fo/m. (50.14)

VYpapuenne (50.13) onHchBaeT BbIHYXKJAEHHHE KoJeGaHHs.
Mol BBISICHHJIM, 4YTO IPHM H3YYeHHH P
KosieGaHUH Pa3JHYHOTO BHAA MBI CTaJ-
KHBaeMCsi ¢ Heo6XOJHMOCTBIO pellaTh
IudxpepeHIHaIbHbIE YPAaBHEHUSI BHIA
x+ax+bx=f (), (50.15) A
rie @ u b — KOHCTaHTHI, f(f) — HeKo-
Topas QYHKuHMSA OT {. YpaBHeHHe THIA

(50.15) HaspBaeTci JHUHEHHBM “of 7 ;; =
aIudbdepeHUHAaJAbHEM YD aB-

HeHHEeM C MNOCTOAHHBMHU ~i
Kosdpopunuentamu B cayuae

ypasuenus (50.7) a=0, b=}, B cnyuae Puc. 5L.L

ypasneHus (50.11) a=2p, b=w}. B o6o-
ux caydanx ¢yHKuua f(f) ToxaectBeHHo paBHa HyJo: f(f)=0. B cay-
qae BLIHYXKAEHHBIX KosebaHuil f(f)=f, cos wt.

Pemenue ypaeuenus (50.15) cunbHo ofseryaercs, ecn mepeldTH
K KOMIUJIEKCHEIM BesiMuuHaM. [TosToMy npeskje ueM mepefiTH K JeTajib-
HOMY pacCMOTPEHHIO KoJieGaHHH pasJHYHOrO BHJA, MbI MO3HAKOMHMCH
KpPaTKO C KOMILJIEKCHBIMH YHCJAaMH M METOJAMH peUIeHHS JIHHEeHHHIX
JuddepeHuyaNbHEIX YPABHEHHH C MOCTOAHHKIMH KO3(uLUeHTaMu,
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§ 51. KomnuaexkcHele uucaa

KoMnieKcHBIM 4HC/IOM 2 Ha3eIBaeTCsA YHCJIO BHAA
z=x+iy, (LD

rjle X ¥ Yy — BelUeCTBeHHble 4HcJaa, { — MHHMasi efuHHua (i2=-—1).
Uncso x HasbBaeTcI B e e CTBEHH O M 4aC T b0 KOMNJCKCHOIO
yncna z. CHMBOJIHYECKH 3TO 3amuchiBaercs B BHIe x=Re z. Uucio y
Ha3biBaeTcss MHHUMOH 4YacThio 2 (3amuceiBaerca: y=Imaz).
Uncmo

Zt=x—1Iy (51.2)

HasblBaeTci KOMMNJAE@eKCHO CONPAXEHHEBM YuCIy X+iy.

BemecTBeHHOMY YHCAY X MOXXHO CONMOCTaBHTh TOUYKY Ha ocH x. Komm-
JIEKCHOMY HHCJY Z MOMHO COMOCTaBHTh TOYKY Ha IJIOCKOCTH, HMelo-
Y0 KOOpAMHATH X, y (puc. 51.1). Kaxnas Touka MJIOCKOCTH ompeje-
JSIeT HEKOTOpoe KoMIJIeKcHoe yncao z. CrefoBaTe/IbHO, KOMIIJIEKCHOE
YHCJIO MOXKHO 3azaTh B Buje (51.1) ¢ noMolbio AeKapTOBBIX KOOpPAHHAT
X ¥ y coorBercTBYloweii ToukH. OJHAKO TO Xe CaMoe YHCJIO MOXHO
3aj1aTh C MOMOILIbIO MOJAPHBIX KOOPAHHAT P H ¢. Mexay oGeumH napa-
MH KOOPJMHAT HMEIOTCA COOTHOIUCHHS

X=pcosp, y=psing, o=V F 7, ¢ =arctg (y/x). (51.3)

PaccrosiHie OT Hayala KOOPAMHAT JI0 TOUKH, H306paaroueil Y10
2, HasbIBaeTcd MO Yy /i e M KOMIJIEKCHOTrO 4Hcaa (o6osHauaercs |zl).
OueBHAHO, YTO
[z]=p=V >+~ (51.4)
Yycsio ¢ Ha3bIBAlOT apryMe HTOM KOMIJIEKCHOrO YHicJa 2.
[IpuHsAB BO BHHMaHHe coOTHomeHHs (51.3), MOXKHO mNpeACTaBHTh
KOMIIJIEKCHOE YHCJIO B TPHTOHOMETpHYecKo# copme:

z=p (cos @i sin ). (51.5)

,ZlBa KOMIIVIEKCHBIX YHCJIa 21=x1+l:y;[ H 22=x2+iy2 CYUHTAKTCA
PaBHBEIMH ADYT JpYyry, €CJH B OTACJbHOCTH paBHBI HX BellleCTBEHHbIE
H MHUMBIE YaCTH.

21=23, €CJIH X1=X2 H Y1=Y3. (51.6)

MO)lyJIH IBYX DPaBHBIX MEXAY OO0 KOMIJIEKCHBIX YHCEJ OJHHAKOBHI,
a apryMeHTHI MOTYT OT/JHYAThCA JHIUb CjJaraeMbiM, KpaTHbIM 2m:

Pi = P2 (pi}=(P2i2kﬂ. (51.7)

Us peipaxennit (51.1) u (51.2) BuaHO, uTO B cayyae, Koraa 2*=z,
MHHMas 4acTh 2 €CTh HYJb, T. €. UHCJIO 2 OKasblBAaeTCs YHCTO BELIECT-
BeHHBIM. TakHM 06pa3oM, YyCJ/0BKE BELIECTBEHHOCTH YHC/IA Z MOXKHO
3anucaTh B BHJE

2*=2. (51.8)
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B maTeMaTHKe ZOKa3hIBaeTCH COOTHOLIEHHE
e'®=cos ¢ +isin g, (51.9)
KoTOpoe HasbiBaeTcss GopMyJsoil Dfiagepa. 3aMeHHB B 3TOH
¢opMyJsie ¢ Ha —@ H YuTH, YTO cos (—@)=cos @, a sin (—@)=—sin @,
MOJYYHM COOTHOLIEHHE
e~'?=cosp —ising. (51.10)
Cnoxum Boipaxenus (51.9) u (51.10) u pewrnm mosyuyuBlIeecs: cOOT-
HOIIEHHe OTHOCHMTENbHO cos @. B pe3yabTare umeeM

cos p="1/, (€' +ei¥). (61.11)
Bowrs (51.10) u3 (51.9), noayuny, uto sin @=(1/2i) (e/*—e='?).
C nomombio ¢opMyJsl (51.9) KOMMIEKCHOE YHC/IO MOXHO 3amHcaThb
B NMOKa3aTe/JbHOH dopme: .
z2=pe'? (51.12)
(cm. (51.5)). KoMnJieKcHO cOMpsiKeHHOE YHCJIO B NOKa3aTeqbHOH dopme
HMeeT B .
2 =pe %, (51.13)
Ilpu cnoXKeHWH KOMILTEKCHBIX YHCeJ CKJaJbIBAalOTCS OTAENBHO HX
BeILECTBEHHEIE H MHHMBbIE UaCTH:

21+22=(x1+x2)+i(y1+y2). (5114)
IlepeMHOKeHIe KOMILTEKCHBIX 4HCesl YJOGHO OCYIIECTBJATH, Geps
3TH 4YHcJa B NOKasaTeJbHOH copme:
2=2;:2,=P,e1- 0,00 = p,p,e’ (P1+0a), (51.15)
Mozynu KOMIIEKCHBIX YHCes NepeMHOXaloTcs, a apryMeHTHl CKJaaibl-
BaloTCA:
P=Pi‘Ps P=P1tPs. (51.16)
AHanOrMYHO OCYLIECTBNSETCA JAe/NeHHe KOMIJIEKCHBIX YHCeN:

. iy X
—Z 0™ PP i(g—gy) (51.17)

Z3  pyeir Pe

[TpunsaB Bo BHNMaHHe dopmyast (51.12) u (51.13), nerko nomyuuts,
4TOo

2z% =p? (51.18)
(xBagpaT MOZYJA KOMILJIEKCHOTO YHC/JIa PaBeH MPOM3BEACHHIO 3TOTO
yHc/ia Ha ero KOMILJIEKCHO COTPSIXKEHHOE).
§ 52. JIuneiinsie puddepeHUHaIbHbIE YPaBHEHHSA

YpaeHeHHe BHZa o
x+ax+bx=Ff(f), (52.1)
rie a U b — Koucraurhl, f(f) —3anaHHan QYHKUHA OT #, HasblBaercs
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JUHelHHNM AnddPepeHULHAJNDbBHBM YpPaBHeEeHHEM
BTOPOTO NopsiAKa C NOCTOSAHHHMH Ko3bduuH-
eHTaMu. KoHcrtaHTsl @ ¥ b MOTYT 6HITE H HYJAMY.

Ecnu ¢ynkuus f(f) toxnmectBenHo pasHa HyJo (f(f)==0), ypasHe-
HHe Ha3bIBaeTCsl O A HO P O A HBI M, B IPOTHBHOM CJy4Yae — H € O I-
HopoaHb M. OIHOPOJHOE YpaBHeHHE HMEET BHJA

X +ax—+bx=0, (52.2)

Pewenne Bcsikoro AuddepeHHaaIbHOrO ypaBHeHHSI BTOPOro Nopsiaka
(T. e. co crapiueii BTOpoit NPOH3BOIHON) COAEPMKUT ABE IPOU3BOJIbHbIE
KoHcTaHTH Cy ¥ C,. DT0 MOXKHO NOHSATL, NPHHSAB BO BHHMaHHe, YTO OIpe-
JeneHHe GYHKIHY MO ee BTOPOIl 1POH3BOJHON OCYIUECTBJAETCH ABYKpaT-
HBIM HHTerpHpoBaHHeMm. IlpM Ka)KAOM HHTErpHDOBaHHHM INOSBJIAETCA
NIOCTOSIHHAas1 MHTerpHpoBaHHs. PaccMoTpHM B KayecTBe npHMepa ypas-
HeHHe

x=0. (52.3)

HurerpupoBanne s3Toro ypaBHeHus jaer, uro x=C,. [ToBtropHoe uurer-
pPHPOBaHHE MPHBOAMT K (PYHKIHH

x=61t+02. (52.4)

Jlerko y6equtbcs B TOM, YTO NPH JIOOGBIX 3HAYEHHAX MOCTOSHHEBIX
Ci u C, dyHkuusa (52.4) ynoeaetBopsieTr ypaBHeHHIO (52.3).

[IpuznaB noctosinHbM Cy B C, onpelie/ieHHble 3HaYeH s, IOTYYHM TaK
HasplBaeMoe HaCTHOe pelneHHe auddepeHUHaTLHOIO ypaBHe-
Hus. Hanpunmep, pyHKuHA 5/+-3 IBJAETCA OJHIHM H3 YACTHEIX pelueHHid
ypaBHeHHs (52.3).

MHoxecTBo Bcex 6e3 HCKJIOUEHHSI YaCTHBIX PpeElIeHH Ha3bIBaeTcs
o6mwuM pelweHHeM aHpdepeHUHaabHOrO ypaBHeHHs. O6iee
pewenie ypaBHeHHA (52.3) nmeer Bun (52.4).

B Teopun nuHeliHeiX AuddepeHINaNbHBEIX YPaBHEHHY JOKA3bIBAETCH,
UTO €CJH X; 1 X; CYTh JIHHEHHO He3aBHCHMbIE !) pelIeHHs] OXHOPOJHOrO
ypaBHeHHA (52.2), To ofllee pellleHHe 3TOTO YPaBHEHHS MOXKHO Hpef-
CTaBHTb B BHJE

x=Cyx;+Csx,, (52.5)

rae C; v C;— NpOH3BOJIbHEIE MOCTOSIHHEIE.

Ilyers x, (¢, Ci, C,) ecTb oflliee pellieHye HEOTHOPOJHOTO YPaBHEHHS
(52.1) (npousBosbHbEe mocTosiHHBIE C; ¥ C, BXOASAT B 3TO DellleHHe B
KadyecTBe NapanmeTpoB), a x,(f) — OAHO M3 YACTHLIX pellleHHH TOro e
ypaBHeHHsI (OHO He COIEPKHT NPOU3BOJIBHEIX OCTOSHHLIX)., BBenem o6o-
3HayeHHe;

x (f, Ci, C) = Xy (t’ Ci, Cz) — Xy .

1) OYHKIMH X; M X, HA3LBAIOTCA JHHEAHO HE3aBHCHMBIMH, €CTH COOTHOILEHHE
a0y x,=0 BHIOJHSETCA TOJBKO B TOM CJAy4ae, KOTAA ¢ H U, PABHBI HYJIO,
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Toraa ofilee pelleHre HeoAHOPOAHOTO ypaBHEHHS MOXKHO NPEACTABHTb
B Buje

x, (¢ Cy, C)=x,(t)+x (¢, Cy, Cy). (52.6)
dynxuus (52.6) npu J06bIX 3HaYeHHAX NOCTOAHHBIX Cy U C, YAOBJIETBO-
pser ypasHenuto (52.1). CienoBaTesbHO, MOMHO HaMHCAaThb COOTHO-
UIeHHE:

%, () + % (4 Cy, C) +ax, () +ax (¢, Cy, Co) +
+bx, (1) +bx (¢, Ci, C)=f (B).
CrpynnupoBaB cJaaraemele, MOJYYUM:
x (¢ Cy, Cy) +ax (¢, Cy, Cy) +bx (8, Cy, C) +
+ [x, () +ax, () +ox, O] =F (). (52.7)
YactHoe peweHHe x,(f) Takke yIOBJeTBOpSieT ypaBHeHH:o (52.1).
[Mostomy BhipaxeHHe, cTOsiHlee B KBaJpaTHBIX CKOOKax B JIEBOM 4YacTH
cooTHowenua (52.7), paBHo mpaBoil yacT a3Toro cootHollenus. Orciona
BeITeKaeT, YTo ¢yukuus x(f, Cy, C.) IOoMKHA YIOBJETBOPATb YCJIOBHIO
X(t, Cy, Co)+-ax(t, Cy, Cp) +bx (¢, Cy, C) =0,

T. €. MpeACTaBJsieT coGoil ofilee pelieHHE OXHOPOAHOIO YpaBHEHHS
(52.2). TakuM o6pa3om, Mbl NIPHILTH K O4YeHb MOJIe3HOH TeopeMme: obuyee
peulerue HeOOHOPOOH020 YpasHeHUA PasHo cymme obLieeo peulerus coom-
gemcmeyrouieeo 00HOPOOR020 YPAasHeHUR U KAKo20-aAub0 4acmHo20 peule-
HUA HEOOHOPOOK020 YPasHERUR:

Xo6u1, ueoanop = ¥o6ut, oxuop + Xyactu, neognop. (528)

JluHeliHble OQHOPOAHBIE AH(depeHLHadbHbIe YPABHEHHS C MOCTOAH-
HBIMH KO3(ppHLLHEHTaMH pellaloT ¢ IMOMOLLbIO MNOACTaHOBKH

x () =eM, (52.9)

rie A — nocrosiHHas BennuuHa. dudpdepeHunpoBanue ¢pyHkuuu (52.9)
JAaeT, 4To

x () =heM, x(f)=A%M, (52.10)

Toacranoska Beipaxennit (52.9) u (52.10) B ypaBuenue (52.2)npusonut
noc/e COKPAilleHHs Ha OTJIMYHBEIA OT HYJIS MHOXUTeNb e K anreGpau-

YeCKOMY YPaBHEHHIO
A*4-ah+4-b=0. (62.11)

10 ypaBHeHMe HashlBaeTcl X apaKTep HCTHUYe C KU M. Kopuu
3TOr0 YPaBHEHH§ MPEACTABJAOT COGOH Te 3HayeHHst A, MPH KOTOPBIX
byukuus (52.9) ynosaerBopsier ypaBHeHHio (52.2).

Ecnu xopuu ypaBHenus (52.11) ue coBmaaator (A5=hs), QYHKUMH
eMt y eM! GyayT JNuHefiHO He3aBHCHMbIMH. CJIGZOBAT@/BHO, COT/IACHO
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(62.5) obuiee pemenye ypaBHeHHs (52.2) MOXHO HamHcaTh B BHJE
x=C,eMt 4 Cy e, (62.12)

MoxHO nokasaTh, 4TO B ciaydae, Korha A;=A,=A, ofliee pelueHHe
ypaBHeHHs (52.2) BRITIAAUT cJlefyIOLHM 06pa3om:

x=C,eM 4 CyleM. (52.13)

HonyctuM, uto KoadduuueHTel @ U b — BelllecTBeHHbIE, a8 QYHKUHNS,
crosasi B mpaBol 4actu ypaBHeHHus (52.1), Kommiekcuas. Ilpexcra-
BHUB 3Ty QyHKUHI0 B Buze f(f)-+i9(f), npuieM K ypaBHEHHIO:

ztaztbz=f+io (52.14)

(MBI 0603HAYHIM HCKOMYIO QYHKIHIO 6YKBOH 2). PelilenHe 3Toro ypaBHe-
Hus 6yner, OYeBHIHO, KOMIJIEKCHBIM. 3anHcaB pelieHHe B BUIe z(f)=
=x(f)+iy(f), noncraBum ero B ypaBHeHHe (52.14). B peaynarrate no-
JYUHM:

x+iy+ax+aiy+bx+biy=f+ige. (52.15)

VY paBHBIX APYT APYTY KOMILIEKCHBIX 9HCeJ PaBHBI [IOPO3Hb BellleCTBEH-
Hele 1 MHHUMBble yacTH (cM. (51.6)). CrnenoBatesbHO, ypaBHeHHe (52.15)
pacnajaercsi Ha AB2 He3aBHCHMLIX YpaBHEHMS:

x+ax+bx=f(), y+ay+by=q(),

nepBOe U3 KOTOPHIX COBNajaeT ¢ ypaBHeHHeM (52.1). 3to cBoiicTBO ypas-
Henus (52.15) no3ssosisier NpUMEHHTH C/eAYIOWMA NpHeM, UHOrAa 3Ha-
YHTeNbHO Of/eryaomuil BeluucIenns. [1ycTb B peliaeMoM HaMH ypaBHe-
ane (52.1) npaBas yacTh BelllecTBeHHasA. IIpHGaBHB K Hell IPOM3BOJIb-
HYI0 MHHMYIO (QYHKUMIO, NpHBeleM ypaBHeHUMe k Buny (52.14). Hatins
3aTeM KOMILJIEKCHOe pellieHHe YPaBHEHHs, BO3bMEM €ro BelleCTBEHHYIO
yactb. OHa 6yjer npeAcTaB]siTh COOOH pellieHHe HCXOLHOTO YpaBHEHHS
(ypaBuenus (52.1)).

§ 53. IapmonnueckHe KoJebanus
PaccMotpuM KoseGaHusl, OMHCHIBAaeMble YpaBHEHHEM
x+oix=0 (53.1)
(cM. (50.7)). Takue koseGaHusl COBEepIIaeT TeNO MAaccHl m, Ha KOTOpoe
LedCTBYeT TOJIbKO KBasuynpyras cuia F=—Fkx. Kosdduuuent npu x
B ypaBHeHu# (53.1) uMeeT 3HaueHue
0}=k/m (53.2)
(cM. (50.6)).
Hoxcrasus B (53.1) Bripaxenue x=eM (cm. (52.9)), npuneM K xapax-
TEDHCTHYECKOMY YPaBHEHHIO

M4 oi=0,



§ 53. TAPMOHNYECKHE KOJIEBAHHSA 191

310 ypaBHeHHe HMeeT MHHMMble KOPHH
A=Fi0,, Ay,=—Iiw,.

CoranacHo (52.12) obuwee pewenne ypaBHenus (53.1) umeer BuJ
x=C,e'od | C,e~iod, (53.3)

rae C; H C,— KOMILJIEKCHbIE NOCTOSTHHBIE.

OnuceiBaomas koneGaHue QYHKUKS x (f) mo/KkHA GHITH BeUIECTBEH-
HO#. Jns sToro kKosdduumnent C; U C; B (53.3) HYKHO BHIGpaTh TaK,
uyToGEI BHINOJIHAJIOCE YycjaoBue (cM. (51.8))

Cl‘e-im.,t + C;eim.,t = Cleimot + Cze— oot (534)

(MBI MPHPaBHANH BhIpaxkeHHe (53.3) ero KOMIMJIEKCHO CONPSIIKEHHOMY).
CootHowenHe (53.4) 6yzer BeimosHeHo, ecan C;=C; (B 3ToM ci1yuae
C,=Cy). IlpencraBuM YIOBJIETBOPSIOUWINE TAKOMY YCJIOBHIO KO3(dH-
uuenTs C; U C, B MOKa3aTesbHO#A ¢opme (cM. (51.12)), o6o3nauuB UX Mo-
ILyJb yepe3 a/2, a apryMeHT GYKBOH o

Ci=(a/2)e*, C,=(a/2)e** (53.5)
TopcraHoBKa 3THX BhipaxkeHHH B (53.3) paer
x =(a/2) (¢ (@t +2) | =1 (@t +2)) = g cOS (W,f + @) (53.6)

(cm. dopmyay (51.11)). Takum oGpa3om, oflllee pellleHHe YpaBHEHHS
(53.1) HmMeer BHZ

x=a cos (w,{+a), (53.7)

Tle @ U 0. — NpPOH3BOJbHLIE NOCTOSIHHBE 1).

Hrtak, cMeleHne x H3MEHAETCS CO BpPeMeHEM [0 3aKOHY KOCHHYca.
CurlenoBaTesIbHO, ABHKEHHE CHCTEMEI, Haxosulelcs o AeHCTBHEM CHJIH
Buga F=—kx, npeactapjasier co6ofi rapMoHHUecKOe KoJseGaHHE.

I'paduk rapMOHHUECKOTO KoslebaHHsA, T. €. rpapuK GyHKIHH (53.7),
noka3aH Ha pHc. 53.1. Ilo ropu3aoHTanbHOR OCH OT/IOMEHO Bpems {,
o BepTHKaJbHOH ocH — cMelleHHe x. ITocKoNIbKY KOCHHYC H3MEHseTCH
B npeeax oT —1 go +1, 3HaueHHs x JexaT B npejesax oT —a 10 +a.

1) Pewenune ypaBHenus (53.1) MoxHo 3anucath eme ABYMA cnoco6amu. [Tpeo6pa-
syeM BbipaxceHie (53.7) mo dopMyse LIS KOCHHYCA CYMMBI:

x=a (cos a cos @yl — sin o sin ©,f)
H BBeleM 0GO3HaueHHS
ci=acosa, ca=—asina.
Torpa dyukumio x (f) MOXKHO NpeACTaBHTL B BHJE:
X =y €0S Oy | C3 SiN Oyt

rhe €, M C; — NPOH3BOJIbHEE INOCTOSHHhIE.
Hakonern, BocnonbsoBaBmHch Gopmysofi (51.9), MOMHO HamMHCATL BEIpaXKeHHe
(53.7) caepyomum o6pasom:

x=Re {aei(mot+a)}_
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BesanunnHa HanGOMBILIETO OTKIOHEHHA CHCTEMEI OT HOJIOXKEHHS PaBHO-

BeCHsl Ha3blBaeTCI aMNOJHTY D0 # koneGanus. Ammiurtyza a —

z NOCTOSIHHASL TOJIOXKUTebHAA BEIHYLIHE,

i Ee sHaueHne ompegmensieTcss BeJHYHHOMH

e NEePBOHAYAJIbHOr0 OTKJIOHEHUS HJIH TOJ-

r yKa, KOTOpPEIM CHCTeMa Obljia BhIBeJeHa

H3 MOJIOXKEHHs] PaBHOBECHS.

0 7 % Bennunna (@¢f+o), crosmas mnoj

3HaKOM KOCHHYCa, Ha3blBaeTcs @ a-

3 0 I kosmebanus. [TocrosinHas o npea-

-2 cTaBjsieT co6oi 3HaueHue (assl B MO-

MeHT BpeMeHH /=0 W Ha3plBaeTcsi H a-

Puc. 53.1. YanbHOMH ¢pa3oil konebaHusa. C

H3MeHeHHeM Hayaja oTcyeTa BpeMeHH

6yner u3MeHATbcs H . CieloBaTesqbHO, 3HaueHHe HayaJIbHOM (ha3hl

onpelensercd BbHIGOPOM Hadasla oTcueTa BpemeHH. TaK KaK 3HaueHHe

X He H3MeHseTCs NPH H06aBJEHHMH MJIM BBHIYUTAHHH U3 ¢asbl LeJOoro

YHC/Ia 27, BCerJa MoXHO No6MTbes Toro, 4ToObl Haya/dbHag dasa Owlia

no Moaymo MeHbie 5. ITostomy o6bIYHO paccMaTpHBAIOTCH TOJBKO
3HaYeHHs o, Jexalllle B Ipejesax OT —x J0 —-1t.

ITockoabKY KOCHHYC — NepHoaHuecKas (QYHKIUS C mepHoioM 2w,
Pa3JIHYHBIE COCTOSTHHA ') CHCTEMEI, COBeplLiaiomiell rapMOHHYeCKHe KO-
Je6aHusl, TOBTOPSIOTCA Yepe3 TaKOH NPOMEXYTOK BpeMeHH T, 3a KOTO-
phlit da3a Kone6aHHs NOJydaeT npHpaileHue, paBHoe 21 (puc. 53.1).
1ot npomexKyToK BpeMenu T HaspiBaeTcA mMe p HO J O M KoJsieGaHHA.
OH MOXeET 6bIThb ONpefeeH U3 caeayiouero ycaosus: [w, ((+T)+al=
=[w,f+al+2r, oTkyaa

T=2n/w,. (53.8)

Uucno koneGaHuil B €JMHUILY BPENeHH HA3BIBAETCA YaCTOTO M
KoJiebanus v. OueBHIHO, YTO HACTOTa V CBSI3aHa C MPOJO/IKHTEJbHOCTBIO
oxHoro KosebGanusi T C/JAELYIOIINM COOTHOLIEHHEM:

v=1/T. (53.9)

3a enUHHILY YaCTOTH IPHHHMaeTCs YacToTa TAaKoro KojeGaHHS, NEPHON

Koroporo paBeH | c. Oty eannuny HaspiBaior repueM (I'm). Yacrtora

B 10° 'y HaskiBaetcs KusorepueM (KI'w), B 10° ' — merarepuem (MI'n).
Ha (53.8) caepyer, uro

0o=2m/T. (53.10)

Taxum 06pa3oM, ©, AaeT YHCJIO KoJeGaHHil 3a 21 ceKyHA. Beanuuny wo
Ha3bBalOT KPYyTOBO# WIM HMKJIHUYecKOH yacroToit, OHa

1) HanoMHHM, YTO COCTOSHHE MEXaHMYECKON CHCTEMEl XapaKTepu3yeIcs 3Haue-
EHAMH KOODAMHAT M CKOpoOcTell Tea, o6pasyiolMX CHCTEMY,
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CBA3aHa ¢ OObLIYHOH YacTOTOK v COOTHOLIEHHEM
Wo=2mv. (53.11)

[MpoxudpdeperunpoBaB (53.7) nmo BpeMeHH, MNOJYYHM BbIpaXKeHlIC
I8 CKOPOCTH

U= X = — aw, sin (0,f + a) = aw, cos (mot—l—a—}—%) . (53.12)

Kak Buano u3 (53.12), ckopocTb TaKKe H3MEHSETCS MO rapMOHHue-
CKOMY 3aKOHY, MpHYeM aMIJINTYJa CKOPOCTH paBHa aw,. V3 cpaBue-
Hua (53.7) u (53.12) cienyetr, YTO CKOpPOCTb OIEpexaeT CMelleHle
no ¢ase Ha /2.

[Tpoangdepenunpobar (53.12) euwe e
pa3 No BpeMeHH, HaiileM BbIpaxeHHe
A9 YCKOpEHHd: p ’ —5
W= X=— ao} cos (v, + o) = v
=awicos (0t +a-+m). (53.13) —z T

Kak crnenyer u3 (53.13), yckopenue H +0e —=CT
CMelleHHe HaXoASTCA B NpOTHBOGdase.

3To 03HayaeT, YTO B TOT MOMEHT, KOTrZa 0 3
C\MeilleHHe JOCTHraeT HaHGOoJBbINEro Mo-
JIOXKHTENBHOTO 3HaueHHs, YCKOpeHHe -z <= B
JIOCTHraeT HanGoJibliero no BeJHYHHe _mlg;__ |
OTpHLATE]IBHOTO 3HayeHWs, H HaoGo-
poT.

Ha puc. 53.2 comnocraBsneHsl rpa- 0 ¢
$MKM /sl CMEUEHUs, CKOPOCTH M yc- o
KOpDEHHH.

Kaxaoe KoHKpeTHOe KoJseGaHHe Puc. 53.2.

XapaKTepHu3yeTcst onpeleJeHHbLIMH 3Ha-
YeHHSIMH aMIJINTYABl @ ¥ HavanbHofl asbl . 3HaYeHHS 3THX Bea!l-
YHH AJA JAHHOTO KoJieGaHHA MOTYT ObITh OnpefesieHbl 3 TaK Hasbl-
BaeMbIX HayaJIbHbIX YCJOBHH, T. €. N0 3HAaYEHHSAM OTKJIOHEHHS Xo M
CKOPOCTH Uy B HavaJbHBIA MOMeHT BpeMeHH. [leficTBHTeJBHO, 110.10-
KuB B (563.7) u (53.12) {=0, monyuuM 1Ba YpaBHEHHS:

Xo=a Ccos o, U,=—aw, sin o,
U3 KOTOPBHIX HaXoJUM, YTO
o= VT @D, (53.14)
(g o = — Ug/ Xy, (53.15)

Ypasuenune (53.15) yaoBneTBopsAeTCA ABYMSI 3HAYCHUAMH €., JIEKALIHMH
B HHTepBaJsle oT — Ao . M3 3Tux 3HaveHuit HyKHO B3ATb TO, NPH
KOTOPOM MOJYYAIOTCH NPpaBHJBbHbIE 3HAKH y KOCHHyca M CHHYyca.
KBasuynpyrasa cuia AB/asieTcd KoHCepBaTHBHOH. [loaTroMy nosHas
SHEPrHsl TapMOHHYECKOTrO KoJie6aHHs JOJI2KHA OCTaBaThCA MOCTOSHHOI,

7 u. B. Canpearer; T. 1
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B mpoiecce kone6aHuil MPOHCXOAUT NpeBpalleHHe KUHETHUECKON Hep-
TdH B MOTEHUHAJBbHYIO U OOpPaTHO, NpHUEM B MOMEHTHl HanGOJBIIEro
OTKJ/IOHEHHS OT MOJIOXKEHHS PaBHOBECHS MOJHAas 3Heprud E COCTOUT
TOJIBKO M3 MOTEHIHaJbHOM SHEPruH, KOTOpas JAOCTHUTaeT CBOEro Ha-
u6osbluero 3HaueHus Up,,:
ka?

E=Umax=—2—’ (5316)
NpH MPOXOMKAEHHMH e CHCTeMEHl uepe3 MOJOKEHHUE paBHOBECHS IOJHaf
3HEPTHs COCTOMT JHIIL U3 KMHETHYECKOH SHEpruu, Kotopas B 3TH MO-
MEHTEHI JIOCTHraeT CBOEr0 HaUGOJBbINEro 3HAYEHUS E, ..

2 2
E = Ej o = T0mex. __ 11200 (53.17)
(Bbile 6BJIO NMOKAa3aHO, YTO aMMJMTYJa CKOPOCTH paBHa aw,). Bripa-
xenus (53.16) u (53.17) paBHbl Apyr Apyry, Tak Kak coryiacHo (53.2)
moi=£Ek,

BLIIcCHHM, KakK H3MeHseTcs CO BpeMeHeM KHUHeTHYecKasl M IoTeH-

z), IMaNbHasi SHEPrus TrapMOHHUECKOTO KO-
Py nebanusi. KuHeTHueckasi SHEprusi paBHa
0 . (cm. Boipaxenue (53.12) aas x)
t 2 202
o ANE Ey=5—= '"”2“’° sin? (@,t +a). (53.18)
1'2“__ __1_1. TlotenuwajnpHass 3Heprusg Boulpaxaercs
\ / \ ¢opMmyJoi
4 2 2
ztr- =ka=£";—cos2 (0ot +-a). (53.19)
J > Crnoxus (53.18) ¢ (53.19) u mpuHSB BO
V4 BHHMaHHe, 410 mwi=k, noayunm dopmy-
£ Jy JJs NMOJHOH SHEpTHH:
ka? ma%og
JE \/ \ E=E+U =5 ="5" (53.20)
0 _/ .. (cp. c (53.16) u (53.17)). Takum o6pasom,
¢ mnoJjHas SHePrHsl rapMOHHYecKOro koJeGa-
Puc. 53.3. HUA JeliCTBUTENBHO OKa3mBaeTcsl MOCTO-

SHHOH.
Hcnoneays u3BecTHple (OPMYyJbI TPHTOHOMETDHH, BBIPaXKEHHAM
A1a E, n U MOxHO npuiath BHA
E,= Esin® (ot +-0) = E [%—%cos 2 (@t +a)], (53.21)

U= E cos? (o + o) = E [%—i—%cos 2 (mot—l-a)], (53.22)

rie E — nojHas 3Heprus cuctemnl. I3 3Tux cdopmya BumHO, uTO
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E, u U naMeHsI0TCA € YacTOTOH 2w,, T. €. C qacToToi, B fIBa pa3a Ipe-
BHILLIAIOMEH YacTOTy rapMoHMueckoro KoseGamus. Ha puc. 53.3 cono-
craBaenn rpaduku aas x, E, u U.

CpenHee 3HaueHHe KBajpaTa CHHyca M KBajpaTa KOCHHYCa DaBHO,
KakK H3BecTHO, noJoBHHe, CliefioBaTeNbHO, cpeliHee 3HayeHue E, coBma-
JaeT co cpeAHnM 3HaueHueM U u paBHo E/2.

§ 54. MasaTHHK

B ¢u3nke mof MasTHHKOM MNOHMMAIOT TBepAOe TeJO, COBeplIalo-
ee Moj JefCTBHEM CHJBL TSHKECTH KoJeGaHMSl BOKPYI HeENOABHIKHOU
TOYKH HJH ocH. [IpHHATO pasnuyaTh MaTeMaTHYeCKHH
U (pu3nUecKHH MasATHHKH.

MaTteMaTHYeCKHM MAATHHUKOM Ha3bIBAalOT HAEaJH-
3UPOBAaHHYIO CHCTEMYy, COCTOSIIYIO M3 HEeBEeCOMOH H
HepacTAXNMOH HHUTH, HA KOTOPOH MOJBElIeHa Macca,
cocpefoToueHHass B oAHOH Touke. [locraToyHO XOpo-
IIMM TpUOJIHXKEHHEeM K MaTeMaTHYeCKOMY MasiTHH-
KY CJYXHUT HeOONbIIOA TsKeNbl LIapUK, MOABelleH-

HbIl HAa QJIMHHON TOHKOH HHTH. h
OTKNoHEeHHe MasiTHHKa OT TOJIOXKEHHS paBHOBe-

cus OyjemM xapakTepH3oBaTb YIJIOM @, OOpPa30BaHHBIM mng

HUTBIO C BepTHKagabio (puc. 54.1). Ilpu orknonenun Pue. 54.1.

MasiITHHKA OT MOJIOXKEHHS] pPaBHOBECHS BO3HHKaeT Bpa-

u1aTesibHbI MOMeHT N, paBHbIi no Benuuuue gl sin @ (m — macca,
a | — pnuHa mMantHUKa). OH HMeeT Takoe HanpaBJjeHHe, YTO CTPEMHUTCS
BEePHYTb MasATHHK B IOJIOXKeHHe paBHOBeCcHsl, W aHaJOTH4YEeH B 3TOM
OTHOILEHHH KBa3uynpyro#i cuje. IToaToMy Tak Ke, KaK CMEIIEHHIO
U KBasWynpyro cuse, MomeHTy N U yIJIOBOMY CMeUIEHHIO ¢ HYXKHO
NPUIHCHIBATL IPOTHBONONOXKHBIE 3HaKHU ). Clle1oBaTe/bHO, BHIpaXKEHHE
JJis BpalLlaTeJbHOIO MOMEHTa MMeeT BUJ,

N=—mgl! sin ¢, (54.1)

HanuweM ans MaATHMKA ypaBHeHHe JHHAMHKH BpalaTeNbHOTO

ABHxkeHHs. OGO3HAuMB YIJIOBOe YCKOpeHHe 4epe3 ¢ M YUYMTHIBasi, 4TO
MOMEHT HHepLHH MasiTHHKa paBeH ml?, mosnydaem:

ml*p=— mglsing.

IlocnenHee ypaBHEeHHE MOXKHO NMPHBECTH K BHUAY

¢+ £ sing=0. (54.2)

1) PacemaTpuBast @ KaK BEKTOp, CBA3aHHMIA C HANpaBJIeHHeM TIOBOPOTA NIPAaBHIIOM
NPaBoOro BHHTA (3TO IONYCTHMO NPH MAJIHIX ¢), MPOTHBONOMNOKHOCTb 3HAKOB nph N ¥ ¢

annmo 5046';;HCHHTI: TeM, 9TO BeKTOPH N M @ HanpabJleHkl B I POTHBONOJOKHEE CTOPOHKI
puc. 54,1),

7*
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OrpaHuyuMcsi paccMOTpeHHeM MasbiX KoJeGaHuii. B 3tom cayuae
MOXKHO MOJIOXKHUTD Sin Q=~¢. Beeas, kpome Toro, o6o3xHayeHue

% =0, (54.3)
npHieM K YpaBHEHUIO
¢+wlp=0, (54.4)
KOTOpOe UJeHTH4YHO ¢ ypaBHeHHeM (53.1). Ero peluienue umeer BUR
@=a cos (0 l+o). (54.5)

CrnepoBaTe/ibHO, MPH MaJbIX KoJeGaHUAX YIJOBOE OTKJOHEHHe Mare-
MaTHYECKOTO MasITHHKa H3MEHSeTcd CO BPeMeHeM M0 rapMOHHYECKOMY
3aKOHY.

Kaxk cnenyer u3 (54.3), yactora KoJe6aHuil MaTeMaTHUYeCKOro MasiT-
HHKa 3aBUCHUT TOJNBKO OT JJIMHEI MasiTHUKA ¥ OT YCKOPEHHS CHJBI TH-
HeCTH W He 3aBHCHT OT Macchl MaaTHUKa. [To ¢dopmyne (53.8) c yue-
ToM (54.3) mosyyaeTcsi H3BECTHOE M3 IMIKOMBHOrO Kypca BbIpameHHe
A8 meproja KoMeGaHUH MaTeMaTH4YeCKOro MasTHHKA:

T =22V 7g. (54.6)

OrtmeruM, yto, peluuB ypaBHeHHe (54.2), MOXHO HafiTH 4151 MepHoja
KoJileGaHHA cieaymouyo GopMyJy:

2 2
T=2n ]/é{1+(%) sin2%—|—<—;—-%) sin 2+ .. }
TIe @ — aMIIMTYAa KoJjieGaHuit, T. e, HauGOJbIUKHA yro/, Ha KOTOPBI
OTKJIOHAETCA MaATHUK W3 MONOMEHHS paBHOBeCcHS.

Ecau kone6uolieecss Teso Heslb3d MNPEACTABHUTh KaK MaTepHalfb-
HYI0 TOYKY, MAATHHK HasbpiBaeTcs ¢uanveckum. [IpM OTK.JIOHEHHI
MafgTHHKa OT MOJOMKEHHS PaBHOBECHS Ha YroJ ¢ BO3HHUKaeT Bpaia-
TeJIbHLIH MOMEHT, CTPeMSLIHICS BepHYTb MasiTHUK B MOJIOKeHHEe paBHO-
BeCHl. DTOT MOMCHT PaBeH

N=—mgl sin @, (54.7)
Tlle m — Macca MasiTHHKA, a [ — paccTosiHHe MexIy TOUKOil noabeca
O u uentpom Macc C maaTHHKa (puc. 54.2). 3HaK «—» HMeeT To Ke
3HayeHHe, YTO M B ciaydae dopmyasl (54.1),

O6o3HauMB MOMEHT WHEpUUH MAasiTHHKa OTHOCHTEJbHO OCH, MpO-
XOAsULel yepe3 TOYKY noaseca, 6ykBoH [, MOMHO HAamMCaTh:

Ip=— mglsing. (54.8)

B cnyvae manpix kogeGauuit (54.8) mepexofuT B yKe H3BECTHOE HaM
ypaBHeHHe:

¢+ olp=0. (54.9)
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Yepes wj 0o603HaueHa B JAaHHOM cJlydae Clelylollas BeJHUHHA:
o;=mgl/l. (54.10)

W3 ypaBHenuit (54.9) u (54.10) caenyeT, uTo NPH MaJbIX OTKJOHe-
HHAX OT NOJIOXEHHs paBHOBecHs ¢U3HYeCKMH MasTHHK cOBepluaeT
rapMoHHYECKHe KoneGaHHs, 4acToTa KOTOPHIX 3aBHCHT OT MacChl MasT-
HMKa, MOMEHTa HWHEpLUHH MasfTHUKA OTHOCHTEJBHO OCH BpalleHHs U
paccTOsiHMSI MEXKAY OCblo BpallleHHsl U LUEHTPOM Macc MafATHHKa. B co-
orBercTBUH ¢ (54.10) nepron KoneGaHWii pM3HUeCKOro MasiTHHKA omnpe-
JeNiAeTcs BhIPAXKEHHeM

T =2n} 1/mgl. (54.11)
U3 comnocraBnenns gopmya (64.6) n (54.11) nonyuaercs, 9To Martema-
THYECKH MasiTHHK C JAJHHOH
lp=1/ml (54.12)
6yneT UMeTb TaKoil nepHOX KoJebGaHU, KaK H AaHHBIH (H3HUecKnii ma-
atiik, Bennunny (54.12) HasbBalOT NP H B e-
AeHHOH AJAHWHON ¢H3HYECKOTO MAasTHH-
ka. TakuMm obpasoM, npHBeleHHas JJHHA U-
311YECKOTO MasiTHHKa — 3TO JJIHHA TaKOro Ma-
TeMaTHUeCKOro MasiTHHKa, TNepHof KoJeGaHHH
KOTOPOTO COBMNajaeT ¢ NepHoAoM AaHHoro ¢usu-
YCCKOr0 MasiTHHKa.

Touka Ha NpsiMOH, coefNHsOLWEH TOYKY 1OA-
E€Cca C LEHTPOM Macc, Jexallasi Ha PacCTOSIHUH
NpliBeleHHOH AJHMHBI OT OCH BpalleHHs, Ha-
3biBaeTcsl L EeHTPOM KaudyaHUsda d¢usMye-
cKoro MasTHHKa (cM.Touky O’ Ha puc. 54.2).
MoxHo noka3aTb (peKOMeHJyeM 3TO CAeslaTb B
Nopsiike YIpaXKHeHHWs), 4TO NMpPH MOABEIIMBaHUH Puc. 54.2.
MasTHHKAa B LeHTpe KauaHusi O’ mnpuBejeHHaA
I.11Ha, a 3HayuT, U mepHox KojeGauuil GyayT TeMH ke, 4YTO H
BHauasne. CnefoBaTeJbHO, TOYKAa MoABeca H UEHTP KauaHHA o6Ja-
JalOT CBOMCTBOM B3aUMHOCTH: NPU NepPeHOCEe TOYKH MOABeca B HEHTP
KauaHUs NpexHsaq TOUKa NOoJBeca CTAHOBHTCS HOBBIM LIEHTPOM KauyaHHs.

Ha sToM cBolictBe OCHOBaHO ompejesieHHe YCKOPEHHSI CBOGOZHOTO
najieHHs ¢ MOMOIIBIO TaK Ha3blBaeMOro o60poTHOro MasitHuka., O6opoT-
HBIM Ha3bIBAeTCS TAKOM MasiTHUK, Y KOTOPOrO HMEIOTCS JBEe NapaJijienb-
Hble ApYyr APYTY, 3aKpenJeHHble BOJIM3H €r0 KOHLOB ONOPHEIE NPH3MHI,
3a KOTOphIe OH MOXET MoouepefHO MNOJABeIINBaThCA. BA0Nb MasTHHKa
MOTYT nepemellaThcsl H 3aKpeNJIsTbCA HAa HeM TsKeable rpya3nl. Ilepe-
MellleHHeM rpy3oB A06HBalOTCA TOro, 4TOOBI NPH MOABEIMBAaHUH MagTt-
HHKa 3a JIioOYI10 U3 IPH3M NepHol KosneGaHHit 6uis oguHakoB. Toraa pac-
CTOSIHME MEXIY ONMOPHbIMH pebpaMu npHuam GyjeT paBHO [,,. Mlamepus
nepuoj KoseGaHUH MasiTHHKA M 3Had [,,, MOXHO No gopmy.Jie

T=2nV1,/g

HalTH ycKopeHHe CBOGOAHOTrO NajeHHs g.
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§ 55. BektopHas puarpamma

Pelienve psijla BONpPOCOB, B HaCTHOCTH CJIOXKE€HHE HECKOJbKUX
KoJ1eGaHMi OJMHAKOBOrO HampaBJieHHs (MJIH, 4TO TO XKE caMoe, CJoXe-
HHE HECKOJbKMX rapMOHHYeCKHX (YHKUMI), 3HAYUTENbHO obJiergaercs
M CTAHOBHTCS HaIJIAAHBIM, €CJIH H3006paxaTh KoJjieGaHHA rpadHYecKu
B BHJIe BEKTOPOB Ha IJockKocTH. [lonyueHHAs TakHM CnocoGoM cxema
HasLIBaeTCsl BEKTOPHOH JHMarpamMoH.

Bo3abMeM ocb, KOTOpYIO 0603HaYHM 6YK-
Boil x (puc. 55.1). M3 toyku O, B3sTOR Ha
OCH, OTJIOKHM BeKTOp AJHHH a, obpaayo-

),

=)

g\)

S
&{

f

8

Puc. 55.1. Pue. 55.2.

IMMH C OCBIO YroJ c.. Ec/i¥ IpHBecTH STOT BEeKTOp BO BpallleHHe C YIJIOBO/
CKOPOCTBIO Wy, TO NMPCEKUHS KOHLUA BeKTopa OyJeT mepeMellaThbCs MO
OCH X B npejejax oT —a IO —+a, NpHYeM KOOPIHHATa 3TOH NMpOeKLUH
6yleT H3MEHATbCA CO BpPeMEHeM IO 3aKOHY

x=a cos (0l+a).

CrnenoBatenbHO, NpPOEKUHS KOHIA BeKTOpa Ha ocbhb GYyJeT COBepllaTh
rapMOHHUYecKoe KoJe6aHHE ¢ aMINIMTYOH, PaBHOM JJHHe BeKTopa,
C KpYroBoil yacToTo#, paBHOA yrJIOBOH CKOPOCTH BpallleHHsl BeKTopa, !
¢ HauyanbHOH @asoil, paBHOH yrJay, ob6pa3yeMoMy BEKTOPOM C OCbIO
B HayaJlbHHH MOMEHT BpEMeHH.

M3 ckasaHHOro cjepyer, 9TO TrapMoOHHYeckoe KojeGaHHe MOXKeT
OLITH 33JaHO C NOMOLLbIO BEKTOpa, JJHHA KOTOPOTO pPaBHAa aMILIMTy.e
Konebanusi, a HanpabJieHHe BeKTopa ofpasyeT ¢ OCbl0 X YroJ, pas-
HElIll HavyaJbHOH (pase kosebaHMsA.

PaccMoTpuM cllorseHHe ABYX TapMOHHYECKHMX KoseGaHHH ONMHAaKO-
BOrO HampaBJ/IeHHsl U OIMHaKOBOH gacToTH. CMellleHHe x KoJebJouie-
rocs Tena GyzeT cyMMoH CMelIEHMH X1 M X3, KOTOPHIE 32NTMINYTCH CJe-
AylolHM o6pasom:

x1=a; cos (0ef+a;), Xy=a; cos(wyl+a,). (55.1)

TlpencTraBuM ofa KoJieGaHHA C MOMOILLBIO BEKTOPOB a; U a, (pHc. 55.2).
TNocTpoumM no npaBH/IaM CJIOXKeHMS BEKTOPOB Pe3yJIbTHPYIOIMHE BEKTOD
a. Jlerko BujeThb, 4TO DPOEKIHA 3TOIO BEKTOPAa HAa OCb X PaBHA CyMMe
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MpOEKUMI cJ1araeMeIX BEKTODOB!
x=xl+xz .

CnejoBaTe/ibHO, BEKTOp a mpeicTaBisieT co0oil pe3yJbTHpYloliee
Kone6anne, DTOT BEKTOp Bpaulaercd ¢ TOH e YIJIOBOH CKOPOCTBIO
g, KAaK U BEKTOPHI @; ¥ a,, TaK 4TO pe3yJbTUPYKOlLee ABHIKeHHe GyneT
rapMOHMYECKMM KoJieGaHHEeM ¢ 4acTOTOH ®,, aMIUIMTYIOH a ¥ Haya/b-
Holt ¢asoit a. M3 mocTpoeHHst BHIHO, 4YTO

a*=a;+ a3 —2a,a, cos[n — (¢, —,)] =a} + a3 + 2a,a, cos (2, —a,),
(65.2)
a; sinay4a,sina, (55.3)

a,cosay ascosay

tga=

Urtag, mnpencraBjieHHe rapMOHMYeCKHX KoJeGaHHH IOCpeICTBOM
BEKTOPOB JaeT BO3MOXHOCTb CBECTH CJIOM(EHHe HeCKOJbKHX Koseba-
HUil K omnepanuy CJOXEHHS BeKTOPOB. JTOT npHeM ObiBaeT OCOOEHHO
noJieseH, HanpuMmep, B ONTHKe, Tle CBeTOBLle KoJebGaHHS B HEKOTOPOH
TOYKE OMNpeJeNsloTCd KaK pe3yJbTaT HaJOKEeHHs MHOrMX KoseGaHWi,
NpUXOAAWMX B JAHHYI0O TOYKY OT pAasJHYHEIX YYacTKOB BOJHOBOTO
¢ponra.

dopmyant (55.2) u (55.3) MOXKHO, KOHEUHO, MOJYYUTh, CJAOXKHB BhI-
pamenus (55.1) m nmpousBeAs COOTBETCTBYIOLIHE TPHUTOHOMETPHUYECKHE
npeoGpa3oBanusa. Ho npuMeneHHHIH Hamu cnoco6 ROJyYeHHS 3THX
cdopmy oTsaHYaerca OGonblueil NpOCTOTOR W HarJasiHOCTBIO.

[lpoananusnpyem BelpameHue (55.2) s amoautyael. Ecnu pas-
HocTb a3 o6oMX KoJleGaHHMH o,—oy paBHA HYJIO, aMIIHTYJA pe3yJb-
THpYIOIETO KosMeGaHHWsi paBHa cyMMme a; U a,. Ecan pasHocts a3
oy—0t; PaBHA +3 HJIH —TT, T, €, 062 Kolle6aHHUsSI HAXOAATCSA B NPOTHBO-
¢a3ze, TO aMIINTyJa pe3yJbTHpYIOWEro KosaeGaHUs PaBHA |a,—dasl.

Ecau yactoThl KoseGaHMil X; M X, HEOLMHAKOBEI, BEKTODHI a; H a,
6yayT BpaulaTbcs C Pa3JIMYHOH ckopocThlo. B aTom ciydae pe3yJib-
THUPYIOLMA BEKTOpP a MNYJbCHPYET MO BeJHYHHE M BpallaeTcs ¢ HEno-
CTOSIHHOH cxopocTblo, CllefoBaTesibHO, pe3yJbTHPYIOULUM JBHKEeHHEeM
OyZieT B 3TOM cjlydae He TapMOHHYeCKoe KoseGaHHe, a HEKOTOPHIH C/10XK-
HEIfl KoJieGaTeJBbHRIA Ipolecc,

§ 56. Buenusn

OcoG6hiii HHTepec NpeACTaBJseT Clyyail, Korja ABa CKJIaJAbIBaeMhIX
rapMOHHYECKHX Ko/le0aHHMs OAWHAKOBOTO HANpaB/EHUA Malo OTJH-
yaloTesl Mo yactote, Kak Mul cefiyac mokaxkeM, pesyJsbTHpYollee JBH-
JKeHHEe IPH STHX YCJIOBHSIX MOXHO PacCMaTPUBATb KaK rapMOHHYECKOE
Kojie6anue c nyJbcHpylomeil aMnautynoii. Takoe koJie6aHuWe Ha3blBa-
eTcsi OMEeHH MU,

OG6osnaulM 4YacTOTy ORHOrO M3 KoseGaHHi GYKBOH ®, 4YacToTy
BTOpOro xoJeGauus yepes o+Aw. [To ycaoBnio Awo. AMIAUTYAR



200 IJ1. VII. KOJIEBATEJIBHOE JBH)XEHME

oboux roneGanuit 6ynem rosaraTb OAWHAKOBBIMH H paBHbIMH a. UTofH!
He YCJOXKHATL 6e3 HajlobHocTH ¢opMmyJ/, AOMYCTHUM, YTO HayaJbHble
dasel ofoux kosebGaHHi paBHBEI Hy/Mo. Torga ypaBHeHUs KoJseGaHMi
6yayT HMeTh CJelYyIOWHH BHA:

x1=a cos of, x,=a cos(w+Aw)l.

CxnajpiBast 5TH BbIPaXKEHHSI H TNPHMEHss TPHTOHOMeTpHueckyio ¢op-
MyJy AJSl CYMMBI KOCHHYCOB, MOJy4YaeM:

x=x1-+x2=<2acosATmt)cosmt (56.1)
(BO BTOPOM MHOXKHTE/IE npeﬂeéperaem yneHoM Aw/2 no cpaBHeHHIO ¢ ©).
_2x
< A

£

. ,,Mmﬁﬁﬂ _

1 Ty
N ' ”li 7= -j_ff -
X }

/] z

Puc. 56.1.

Fpadux yukuun (56.1) usobpamen Ha puc. 56.1, a. 'paduk nocrpoeH
11 o/Ao=10.
3aK/IOueHHbIl B CKOGKH MHOXMTENb B popmyJe (56.1) uaMeHsercs
casp r ropasio MelJeHHee, 4YeM BTODOl
MHOXHTENb, BBHRY ycioBUA AwKo
3a TO BpeMs, 3a KOTOpOe MHOMXI-
TeMb COS @W! COBEepIUaeT HEeCKOJbKO
MOJMHBIX  KoJeO0aHH#, MHOMXHTEb,
CcTOSIMI B cKOOKax, MOYTH HE H3Me-
HUTCA. DTO [JaeT HaM OCHOBaHHe
paccmaTpuBaTh  KoseGanue  (56.1)
KaK rapMmoHMYecKoe KojeGaHHE wvac-
TOTHl @, AMILTHTYJa KOTOPOro H3Me-
HFIETCA MO0 HEKOTOPOMY TMNepHOAHvYe-
CKOMy 3akoHY. BpipameHHeM 3TOro
3aKOHA He MOXKeT GbITb MHOXHTeJb,
cTofiMA B CcKoBKax, TaK Kak OH
Puc. 56.2. M3MeHsieTcs B Mpefieax oT — 2a 1o
-+2a, B TO BpemMsA Kak aMILIHTYIa
MO OIpele/eHHI0 — MOJOKHUTENbHAS BeJHuMHa, ['paduk aMIIHTYIb!
nokasaH Ha puc. 56.1, 6, AHaJIUTHYECKOE BhIPAXKEHHE AMIUIHTY IbL,
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OYEBHAHO, HUMEET BHJ
aMnJaMTy1a =|2acos AT(') L. (56.2)

dynkuua (56.2) — nepuoanyeckas GyHKUHS C yacToToH, B 2 pasa
npeBbllLaoLlell YacTOTY BbIPAMKEHHs, CTOAILErO MO 3HAKOM MOAY.isl
(cM. puc. 56.2, Ha KOTOpPOM comoctaB/ieHbl IpaduKH KOCHHYCa H €ro
Moayas), T. €. ¢ yactotoil Aw. Takum oGpa3oM, yacToTa nmyJbcauuii am-
MVIMTYABl — €€ Ha3blBaloT 4acTOTOH OGHEeHHH — paBHA Pa3HOCTH 4acToT
CKJaJplBaeMblX KoJebGaHMil.
Ao
2
Tyay, HO U Bjauser Ha ¢a3y koje6aHUA. DTO MpOAB/AETCA, HaNpUMep,
B TOM, YTO OTKJIOHEHMS, COOTBETCTBYIOLUIME COCEJHHUM MaKCHMyMaM
aMIJMTYAbl, MMEIOT MNPOTIBONOJIOXHbBIE 3HAKM (cM. Todkd M; u M,
Ha pHc. 56.1, a).

OTMeTHM, YTO MHOXKHTEJb 2a coS ¢ He TOJIBKO ONnpefie/IAeT aMIJIu-

§ 57. CioxeHHe B3aUMHO NepNEeHAHUKYJIAPHBIX KoJjeGaHui

HonyctuM, 4TO MaTepHa/’bHas TOYKAa MOXKET COBepLIaThb KosebHa-
HHS KaK BAOJb OCH X, TaK M BAO/b MEpNeHIUKYJAPHOH K He#l ocH .
Ecau Bo30yauth oba KoneGaHHs, MaTepHasibHas TOYKa OydeT ABH-
ratbcs MO HEKOTOPOH, BooOWle roBops, KPHBOJHHEHHOH TpaeKTOpHif,
¢opma KoTopoii 3aBHCHT OT pa3HOCTH (a3 o6oHX KoJieOaHHH.

BriGepem Hauano OTcueTa BpeMeHHM TaK, 4TOObl HadaabHas ¢asa
nepBoro KoJebaHus Obl1a paBHa HyJuo. Torga ypaBHeHHs KosebaH:uit
3a0HWYTCA CJAEAYIOWHM 06pasoM:

x=acosot, y=>bcos (wf-+a), (v7.1)

rie o — pa3sHoctb a3 oboux KosebaHUH.

Boipaxkenus (57.1) npeacraBasioT coboit 3ajaHHoe B MapaMeTpH-
yeckoft ¢opMe ypaBHEHHMe TPAaeKTOPHH, 1O KOTOPOH ABHIKETCA Te.10,
yuyacTBymwolee B 060Mx KosebaHHAX, UToGbI MOJyyuTh ypaBHEHHE Tpa-
€KTOpDHH B OOBIYHOM BHIE, HYXKHO HCKJIIOYHTb W3 ypaBHeHHH (57.1)
napametp {. M3 nepBoro ypaBHenuUs cjefyeT, 4To

cosot ==, (57.2)

CnegoBaTtesbHO,

sinof == )/ 1— 7. (57.3)

Tenepb pasBepHeM KOCHHYC BO BTOpoM U3 ypaBHeHnHi (57.1) no dopmy.ie
A KOCHHYCa CyMMBbl, MOACTaBJsAs MU 3TOM BMeCTO cOs ®f M sin of
Kx 3Hauenus (57.2) m (57.3). B peaynbrate nomyuum

Y —XcosaFsina ]/l—ﬁ
b a + a? *
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IMocnenHee ypaBHeHHe MOC/e HECJOKHEIX NpeoOpa3oBaHHA MOXHO npH-
BCCTH K BHLY
x2 y2  2xy
T Tab
Tlocnepuee ypaBHEHHE ecTb, BooOlle roBOPS, YPaBHEHHE 3JLIHICA,
OCll KOTOPOrO INOBEPHYTHI OTHOCHTENBHO KOODAMHATHBIX OCEH X M Y.
OpileHTauusa 3JAJHUNCa H BeJMYHHA ero mojyoced 3aBHCAT JOBOJBLHO
CJOXKHHM 06pa3oM OT aMIVIUTYJ a U b 1 pa3HoCTH da3 c.

cos & = sin? o. (57.4)

.y‘L___‘____ g A
b; . b -
iy ¢ 'z 7 b1 <
o S
Puc. 57.1. Puc. 57.2.

OnpenenuM ¢opMy TPaeKTOPHH JJisi HEKOTOPHIX YacCTHEIX CJyuaeB.
1. Pasnoctb ¢as e paBHa HyJio. B stoM cayuae ypaBHeHue (57.4)

(a l )

OTKyJa Mo/aydaercsl ypaBHeHHE NpSAMOM

Peaynbmpy}omee ABHKEHHE ABJAETCA TapMOHHYE€CKHM KosiebanveM

BJOJb 3TOH MpAMON ¢ 4acTOTOH © M aMnauTynoifl, paBHOA V a?+-b?
(puc. 57.1).
2. PasHocts ¢a3 o paBHa +xn. YpaBHeHue (57.4) umeeT BuJ

(£+4)" =0, (57.6)

OTKyZa TNOJIy4aeTcsi, 4TO pe3y/bTHpYIOUEe ABHKEHHE NpEACTaB/seT
co6o#i rapMoHHyecKoe KoseGaHHe BAOJbL mpsaMoi (puc. 57.2)

b
Yy=— z X.
3. Ilpn a=+n/2 ypapuenue (57.4) nepexoauT B

2
Lo, (57.7)

T. €. B ypaBHCHHE 3IJIJHNCA, TNPHBEACHHOrO K KOOPAMHATHHIM OCSM,
npHYEM MOJYOCH IJJHMICA PaBHBI COOTBETCTBYMOINHM aMIJIUTYaM
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Kosebanuit. [Ipy paBeHcTBe aMmMTYX @ ¥ b 3//HMIC BHpOXKAaeTcs B
OKDYKHOCTb.

Cayuan oe=-7/2 n @ =—7/2 OTJINUAIOTCS HANDABJIEHHEM JIBHXKEHHS
M0 3JJHMICY WUJH 1o OKpyxHocTH. Eciu ao=-mn/2, ypaBHenus (57.1)
MOXKHO 3amucaTh cJjexyloumuM o6pasom:

x=a cos of, y=—b sin of. (57.8)

B MomeHT {=0 Tesi0 HaxomuTca B Touke | (puc. 57.3). B nocnenyioume
MOMEHTHl BpeMeHH KOOpJMHATa X yMeHblUaeTcs, a KOopAWHAaTa y cra-
HOBHTCA oOTpHuaTtenbHoil. CiefoBaTe/NbHO, JBHMKEHHE COBeplUaeTcs
10 4acoBOHl cTpeJiKe,

a=E = ‘j_T
2
b i
a 7 z bl
q 7 z
.z
o=+ IL /1 N\ 1

Pue. 57.3. Puc. 57.4.

-

Ipu e=—n/2 ypaBHeHMA KoJeGaHH HMEIOT BHJ
x=a cos wf, y=>b sin wf. (57.9)

Orciofa MOXHO 3aKJIOYHTb, 9TO JBHXKEHUE MPOUCXOAMUT NPOTHB Yaco-
BOH CTpeskH.

W3 ckasaHHOro cjeiyer, 4TO paBHOMepHOe ABHXKEHHE IO OKPYX-
HOCTH pazuyca R ¢ yr/oBoH CKOPOCTBIO ® MOXeT ObiTb IIPEACTaBJIEHO
KaK cyMMa JABYX B3aHMHO NepleHAMKYJSPHBIX KoJeOaHHi:

x=R cos of, y=-R sin of (57.10)

(3HaK «+» B BoIpameHMHM MJS § COOTBETCTBYeT IBHIKEHHIO IIDOTHR
YacOBON CTpPEJIKH, 3HAK «—» — JABHXKEHHIO MO YacOBOH CTpesKe).

B cnyuae, Korja 4acToThHl B3aMMHO MNepPHEHAMKYJAPHHIX KoJsebac
HHH OT/JMYAlOTCA Ha OYeHb MaJjylo BeJHYMHY Aw, UX MOXHO paccMma-
TPUBaThb KaK KoJieGaHWs OAMHAKOBOH YacTOTH, HO C MeJJIEHHO H3Me:
HApolefics pasHocThio $a3. B camom fesie, ypaBHenHs KoJeGaHHA MOXKHO
NpeACTaBUTh CJEAYIOIMM 06pa30oM:

x=acos of, y=b cos[wi+(Aotta)]

M BupaxeHHe Awof+oa paccMaTpHBaTh KaK pasHOCTb (a3, MeIJIeHHO

M3MEHSIOMYIOC CO BpeMeHeM I0 JIHHEHHOMY 3aKOHY.
PeayabTHpylolllee nBHMXKEHHE B 3TOM CJy4yae NPOHCXOIMT MO Med-

JIeHHO BHJOH3MeHsIOLeics KpHBOH, KoTopas GYJeT MOCJef0BaTebHO
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NpHHUMATh GOpMY, OTBEUAIOLIYI0 BCeM 3HAUeHUSIM pasHOCTH ¢a3 oT
—n go -+m.

Ecant yacToTel B3aUMHO HEePHEHAMKYJSDHBIX KoJeGaHHWH He ofHHa-
KOBbI, TO TPAEKTOPHUS Pe3yJbTHPYIOLIETO ABHXEHNUS HMeeT BHJ JOBOJBHO
CJIOXKHBIX KDHMBBIX, Ha3biBaeMblx GurypamMu Jiuccaxy. Ha
pHc. 57.4 nokasaHa oOfiHa M3 NMpPOCTERIUMX TPAEKTOPHUH, Mosydarolascs
NPH OTHoweHuH yacToT | 2 M pa3HocTH a3 /2. Y paBHeHHA KoJeGaHii
1IMEIOT BUI

x=acoswt, y=>bcos (2cot —|—%) .

3a TO BpeMs, NOKa BJAOJAb OCH X TOYKA YCIEBaeT NepeMecTHTbCA M3
OJIHOTO KpaliHero moJioKeHMs B JApYyroe, BAOJb OCH y, BRIiAS H3 Hy.’e-
BOTO NOJIOXKEHHS, OHA YCIIEBAaeT AOCTHTHYTb OJHOTO KpaHHEro ro.oxe-
HHs, 3aTeM JPYroro ¥ BepHYThCA B

HyJeBoe MOJIOKEHHE, 4

Ilpu orHowenuu wactor 1:2 M 2 a
pasHoCTH ¢a3, paBHoil HyJO, Tpaex- —
TOPHA BEIPOXKJ2eTCSl B HE3aMKHYTYIO
KpuByio (puc. 57.5), mno xoropoit |
TOYKa JBIIXCTCS TYAA M obpaTiio. I 5

I
|
4
1 ] |
|
) ,
T 7 |
| \ |
I
| IS
Puc. 57.5. Puc. 57.6.

Uenm 6mKe K eIUHHIE PallMOHaJbHAasA APo6b, BHIPANKAIOMAs OTHO-
WeHHe YacToT KoseGaHMd, TeM c/oxHee oOKa3biBaercsl ¢urypa Jluc-
caxy. Ha puc. 57.6 nna npuMepa mokasaHa KpuBasi JJisi OTHOLUEHHS
yacToT 3 : 4 ¥ pa3HocTH (a3 m/2,

§ 58. 3aryxaomue KoseGaHUA
3aTyxaromye KojeGaHUsI OMHCbIBAlOTCH ypaBHeHueM (cM. (50.11)):
x4+ 2Px L+ ol =0, (58.1)

rae
B=r/m, oi=k/m (58.2)

(r — Ko3bdULIHEHT cONpPOTHBIEHHA, T.e€. KoahdHIHEHT npornopuuo-
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HaJILHOCTH MEXAY CKOPOCTbIO X H CHJIOH CONPOTHBJEHHS; B — Ko3d-
(HUMEeHT KBa3sHyMpyrod CHJIbI).

OTmMeTHM, UTO ©, MpeAcTaB/IseT coboi Ty YacToTy, ¢ KOTopol coBep-
1Wannuch 66l CBOOOAHBIE KO.1€0aHHSI CUCTEMBI B OTCYTCTBHE CONpPOTHBJIe-
HUA cpeast (npH r=0), DTy uyacTOTy Ha3bBalOT COGCTBEHHOH
YacTOTOIM cHCTeMSI.

IMoxcranoska B (58.1) ¢pyHKuuH x=e* NPUBOAUT K XapaKTePHCTH-
4ecKOMY YpaBHEH!HIO

A 4280 L= 0. (58.3)

KopHu 3TOro0 ypaBHeHHsI paBHb
= —+VF—a, h=—B—VFah  (584)

IIpn He cauiuKoM GosbwoM 3aTyXauwd (npu f<Co©,) MOAKOpeH-
HOe BblpaxeHHe OyJeT oTpHuare/bHEIM, IIpefcTaBHM ero B BHIe ((w)?,
rie ® — BeleCTBEHHas Be/MYHHA, paBHas

o=} i —p. (58.5)

Torna KopHH xapaKTepHCTHYECKOTO YpaBHEHUS 3aMUILIYTCA CJAEAYIOMNM
obpa3oM:

M=—f+io, A=——Pp—io. (58.6)

Cor.tacho (52.5) obwum peruenneM ypaBHenus (58.1) 6yner dyHkuus
x=C,e~B+io)t 1 Coe(-B=io)t — p~Bt (C el0t | C,e~i0t),

Bripaxenue B cKo6Kax aHajJoruuHo BripaxkeHumio (53.3). ITostomy ero
MOXKHO TNpeNCTaBUTb B BHAe, aHajoruuHoM (53.7). Takum o6Gpasom,
NpH HE CJAHIUKOM CHJIbHOM 3aTyXa-
HuU obee pelieHHe ypaBHeHud (58.1)
HMeeT BH[ o,

Fmaeteos(of fa). @87 4] ﬂ\ﬂ\\/ﬁ\ﬁ
| 1 ] —
a 4

a6t

2/}

3mech @, U o0 — MPOH3BOJIbHEIE MO- Y
CTOSIHHBIE, ® — BeJHYMHA, Omnpene- \ } \ /
asemast ¢opmyioit (568.5). Ha puc. /.-

58.1 man rpaduk dyuxkuuu (58.7). | M7
[TyHKTHpHBIMH JIMHHSIMH MOKAa3aHBI D

npeiesbl, B KOTOPbIX HaXORUTCA Puc. 58.1.

CMelleHHe KO.1e0MIoedCcss TOYKH X.

B coorBercTBHH ¢ BHAOM (yHK-
uuu (58.7) ABHMKEHHE CHCTEMbl MOXKHO
paccMaTpHBaTh KaK rapMOHHYecKoe KoJeGaHHe 4YacTOThl ® C aMIVIH-
TyAoli, H3MeHsoOWeHca Mo 3aKoHY a(f)=aeP. Bepxuss H3 nyHk-
THPHbIX KpHBbIX Ha puc. 58.1 naer rpabuk ¢ynkuun a(f), npuuem
BEJIMUHHA @, TpeAcTaBasieT coGOH aMIIMTYRy B HayaJbHbIH MOMEHT
BpemeHu, HayanbHoe cMelleHHe X, 3aBHCUT, KpPOME g, TaKiKe OT Ha-
yanibHOH ¢asbl ol Xp=a,- COs O,
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CropocTb 3aTyxaHHsl KoseGaHHI onpefensercd BeauuuHod P=
=r/2m, KOTOPYI0O Ha3pBaloT K03 dPHUHEeHTOM 3aTyXa-
H 1 1. HalineM Bpems T, 3a KOTOpoe aMINIUTYJa yMeHbllaeTcss B ¢ pas.
ITo onpenenennio e Br=e~!, orkypa Pt=1. CrenoBatenbHo, KO3(du-
IMEHT 3aTyXaHUs ofpaTeH MO BeJHYHHE TOMY NPOMEKYTKY BpEMEHH,
3a KOTOpPbIil aMIVIMTY/la YMeHbIlaeTcsl B e pas.

CorsacHo ¢opmyne (53.8) nepuop saryxalomux KoJjeGaHHH paBeH

T=—2Z . (58.8)
V oi—pe
ITpn HesHayHTeIBHOM CcONpPOTHBJEHHM cpefnl (f3<Zw}i) mepuon Koue-
Ganuit npakTHuecku paeeH To=2n/w,. C pocTtoMm Ko3dpuiHeHTa 3aTy-
XaHHS [epHOA KoneGaHuit yBesHYHBaercs.

[Nocnenyromue HauGoJbline OTKJIOHEHHS B Kakylo-Ju60 CTOPOHY
(nanpumep, a’, a”, a”’ u T. A. Ha puc. 58.1) oGpasyior reoMerpuue-
cKyio nporpeccuio. JleiicTBHTeNbHO, eci @’ =a.e™®, 10 a"=ae P =
=q'e BT, q''=qe 8+ =q"b8T y 1. 1. Booble, OTHOIIEHHE
3HayeHHH aMIJMTYJ, COOTBETCTBYIOLIMX MOMEHTaM BpeMeHH, OTJHya-
IOIUMCA Ha NEpPHOJ, PaBHO

_a) __ 87

a((+7)
ST0 OTHOWeHHe HA3LIBalOT JEeKpDEeMeHTOM 3aTYXaHHF,
a ero qorapudM —norapuPMHUYECKHUM AeKPEeMEeHTOM
3aTYyXaHHUS:

a@®
A:]nm—ﬁT (58.9)

(He nmyTaTk ¢ A B opmysiax (58.3 ) u (58.6)!).

Jns xapakrepuMcTHKH Kojie6aTelbHOH cHCTeMBI OGBIUHO HCMOJb-
syercs JorapubMmuueckuil fekpemeHT 3aTyxanus A. Beipasus B cooT-
BeTcTBHH ¢ (58.9) P uepes A M T, MOXKHO 3dKOH YObIBaHHMs dAMIIMTY bl
CO BpeMeHeM 3anucatb B BHIe

A
-t
a=ae T
3a Bpemst T, 3a KOTOpOe aMIJINTyJa YMEHbIIAeTcs B e pas, CHCTeMa
T

L] —A_
ycnesaer coBepwiutb N,=t/T Konebanuit. U3 ycioBua ¢ 7T =e™?!

T -
nonyyaercs, 4to A--=7AN,=1. CuenoBaTe/bHo, JOrapHMHYeCKHil

JeKpeMeNT 3aTyXaHus ofpaTeH MO BeJMYMHE YHCY KoseGaHMi, coBep-
IaeMbIX 33 TO BpeMs, 3a KOTOPOE€ aMIVIMTYJa YMeHbluaeTcs B € pas.

Ins xapaKTepHCTHKH KoJieGaTe/IbHOM CHCTEMEI YacTO YII0TpeGsercs
TaKyKe BeJHYHMHA

(58.10)
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Ha3biBaeMass A O0O6POTHOCTB IO KosefaTenbHolt cucTeMul. Kak
BHIHO U3 e€e onpelesieHUs, AOOPOTHOCTb IPONOPLHOHAJAbHA YHCIY
Kose6anui N,, coBepllaeMbIX cHCTeMOH 3a TO BpeMs T, 3a KOTOpoe
aMIIMTYyJa KoJjeGaHHil yMeHbIlaeTcs B e pas,

IToacranoBka ¢yHkuuH (58.7) ¥ ee npou3BoAHOK B BbIpaxkeHHe IJIS
MOJIHOH 3Hepruu Konebmomeiica cucremsl F=1/,kx?+*/, mx® npuBOZHT
nocse npeobpasoBaHuil K dopmyJe

=2ikage-2ﬁt{1+§osin(2mt+2a+¢)}, (58.11)

rae P=arctg (f/®). Tpaduk 3Toit PyHKuMH H306paxkeH Ha puc. 58.2.
YO6blBaHNE 3HEPrHH O06YcJI0BJEHO paGoTOH CHJBI CONPOTHBJEHHA
cpeibl  Feonp=—rx. MomuocTb, passHBaeMas 3TOH CHJIO, paBHa
(—rx) (x)=—rx?. TaxkuMm obpa3som,
dE i
dt '
Otciofia BLITEKAET, 9TO B TeX TouKax KpHBoit E (£), rie x=0, KacaTenbHas
K KpHBOH napanenbHa ocH {. B ocranbHeix toukax dE/dt<<0.
ITpn manom saryxaunu (B<€w,) craraembiM, coaepKalliM CHHYC,
B dopmyie (58.11) MoxkHO npeHeOpeydb U CYUTATDh, UTO SHEPTHUS U3MEHA-
eTCsil IO 3aKOHY

E=E, e, (58.12)
rne E,=%, kal — 3HaueHve 3HEPTUH B HavaJbHLIA MoMeHT. K ToMmy ke

pe3y/bTaTy MOXHO NPHATH, ecH 3aMeHHTb ompelesisieMoe GopMyJIOH
(58.11) MrHoBeHHOe 3HaueHMe E (f) ero cpegHuM 3HadeHWeM 3a BpeMd

£

Puc. 58.2.

ot t—T/2 po t4-T/2 (T — neproa KoseGaHuit), BLIYHCIEHHLIM B Mpef-
[OJIOXKEHHH, YTO MHOXHTeab exp (—2PBf) B TeueHwe npomexxyTka T
OCTaeTCA MOCTOSHHEIM,
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INpoauddepenuupoBas BripaxeHue (58.12) no £, nonyuuMm cKopocTb
BO3pacTaHHsl SHEPTUM CHCTEMBI:

dE
4 o _9BE 1= —90F.

WaMenuB 3HaK Ha oOpaTHHIA, HalljeM CKOpocTb yObIBAHMS 3HEPrHH:
=20E. (58.13)

Ecau sHeprus Masio U3MeHseTcsl 33 BpeMsi, paBHoe nepHojy Koaeba-
Hufi, yOblJb 3HEPTHH 32 IepHOJ MOMHO HaHTH, YMHOXHB BbIpaxeHue

(58.13) wa T:
—AE =2pTE

(sanomuuM, 4to AE o6osHauaer npupauenne, a —AE — y6buib
sHepruu). HakxoHell, npunss Bo BHMManue dopmyasl (58.9) u (58.10),
HOpUAEM K COOTHOLLEHHIO

E Q

(—AE)  2n°

113 KOTOpOro cJefyer, YTo NpH cjaGoM 3aTyXaHMu KosneGaHHil 106poT-
110CTh C TOYHOCTBIO MO MHOXHTENS 27 paBHA OTHOLIEHHIO 3HEPTHH,
3amaceHHod B cHcTeMe B JaHHLIA MOMEHT, K yOblIM 3TOH SHEprHil 3a
OJUH TNepHO KoJeGaHHH.

U3 cdopmynnr (58.8) coenyer, uto ¢ pocToM KoadduuHeHTa 3aTyXa-
HMA mepHol KoJeGaHMH yBenuuuBaercs. [Ipu P=w, nepuoxn xo.e6a-
HUA ofpaiaercss B GeCKOHEYHOCTb, T. €. NABHJKEHHE NepecTaeT ObiTh
NepUOAUYECKHM.

l'Ipu f>w, KOPHH XapaKTepHCTHYECKOTO YpPaBHEHHSI CTAHOBSTCSA
z BeulecTBEHHBIMU (cM. (58.4)) u pelueHHe
avddepennuanpHoro ypaBHeHus (58.1) oka-
3bIBa€TCA PaBHBIM CyMMe JBYX 3KCIo-
HEHT:

x=Ce~Mt ;- Cpe-tt,

3necs C; u C, — BellleCTBEHHLIE MOCTO-
fIHHBIE, 3HAUEHUs KOTOPBLIX 3aBHCAT OT Ha-
¢  NZ_— ¢ vanbHHIX YCGJOBHHA (OT X, H Up= (X)o).
Puc. 58.3. CnenoBaTeNibHO, JABHXKEHUE HOCHT anepHo-
Ju4yecKUH (HemepHoAuuecKui) XapaKTep—

BbIBeJIleHHAs] U3 MOJIOKEHUs] paBHOBECHS CHCTEMAa BO3BpallaeTcs B Io-
JIOXK€HHe paBHOBecHsi, He coBepuias kojebanuil, Ha puc. 58.3 noka-
33aHO IBa BO3MOXKHBIX crocofa BO3BpAlEHHS CHCTEMbl K IOJOXKEHHIO
paBHOBeCHS MpPH anepHOAMYECKOM JBHkeHHH, Kakum U3 3THX cnoco6oB
NPUXOAUT CHCTeMa B MOJIOXEHHe PaBHOBECHsI, 3aBUCUT OT HadaJbHBIX
yciaoBuil, JIBuzkeHne, u3o6pakaeMoe KPHUBOH 2, mnojayqaeTcs B TOM
clydae, KOTZa CUCTeMa HauMHaeT JABUTaTbCA U3 MOJOXKEHHMs, Xapak-
TEPH3YEMOTO CMellleHHeM X,, K TOJIOXKEHHIO PaBHOBECHs C Ha4aJbHOH
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CKOPOCTbIO Uy, ONpeaesieMolf ycJOBHEM

| vo| > %6 | (B4 VB —a3). (58.14)
310 ycnosde OYyAeT BLIMOJHEHO B TOM cJiyyae, ecjM BblBefeHHOIl H3
NOJIOEHHA paBHOBeCHSI cHCTeMe COOGWNTb [OCTaTOYHO CHJIbHBIH
TOJIYOK K MOJIOXKEHHI0 paBHoBecHsi. EcsiH, OTBefs cHCTeMy M3 mojloe-
HHMSl paBHOBecHsl, OTMYCTHTbL ee Ge3 Tomuka (T.e. ¢ U,=0) uau coob-
ILUTD efl TOMYOK HENOCTAaTOYHOH CHJIHL (TaKOH, YTO ¥y OKAXEeTCs MeHblle
onpeflensemoil ycioBvem (58.14)), nBuxkeHue OyJeT NPOHCXOAHTh
B COOTBETCTBMM € KpHBO# I Ha puc. 58.3.

§ 59. AstoxoneGaHus

Ilpu saryxaomux KojeGaHUAX 3HEPrHsl CHCTEMBI PAcXOAVeTcA Ha
npeojoJieHHe COMpPOTHBJIEHHA cpelpl. Ecanm BocnosHATe 3Ty YOBLIbB
3HeprUH, KojeGaHMs CTaHYT He3aTyxawoWMMH. [lonosHeHue sHeprun
CHCTEMBl MOMET OCYLIECTBJAATBCA 33 CYeT TOJNYKOB H3BHE, OIHAKO
3TH TOMYKH JOJ/HBI COOOIIATHCS CHCTEME B TAKT C ee KoJeGaHHAMH,
B IPOTHBHOM CJlyyae OHH MOT'yT OCJla-
6uTb KoJMebaHHsl M Aaxe NpeKpaTHTb
ux coBceMm, MoxHoO clesatbh Tak, 4To-
66l KoneGmowascsa cucTeMa cama yn-
paBJsijla BHELIHHM BO3fefcTBHEM,
obecrneynBasi COIJIacoBaHHOCTE €O0G6-
1 aeMblx e TOJYKOB CO CBOMM JBHKeE-
nuem, Takas cucreMa HasblBaeTcs a B-
ToKoJeGaTe abHoH, acoBep-
1aeMbie €0 HesaTyXalwllHe KoJjeGa-
HHI—aBTOKOJAeOaHUAMH. Puc. 59.1

B kauecrtBe mnpumepa aBTOKO- T
Je6aTesIbHOH  CHCTeMBI PacCMOTPHM
yacoBoil MeXaHH3M. MasiTHMK 4acoB HacaXeH Ha ONHY OCb C H30THY-
THIM pblYarom — aHkepoM (puc. 59.1). Ha koHuax aHkepa umelorcs
BLICTYNBI cCrenyajbHOH ¢opMel, HasblBaeMule TNaJjieTTamMH. 3yGyaToe
XO/l0BOE KOJIecO HaXOAHTCA NOj BO3JeHCTBHEM LENOYKH C THPel HJH
3aKPYYEHHOH NMPYMKUHEI, KOTOpHIE CTpeMATCS IOBepHYThb €ro Io 4aco-
Boil crpesnike. OnHako GOMBIIYIO YacTb BPeMEHH KOJIECO YMHpaercs
OZHUM H3 3y6beB B GOKOBYIO NMOBEpXHOCTb TOH JH60 HHOH MHaJeTThl,
CKOJIb3fIllell MPHM KayaHMH MasATHHKa MO NOBepXHOCTH 3y6a. ToabKo
B MOMEHTHI, KOTa MasiTHHK HaXORMTCA BOJIN3HM CPEJHEero NoJIoXKeHHs,
naJeTTbl TepecTaloT Iperpaxjarb NyTb 3y6bAM M XOJOBOe KoJeco
NpoBOpauuBaeTCs, TONKasA aHKep 3y60M, CKOJb3SIIUM CBOEH BepIINHOI
MO CKOIIEHHOMY TOpLY NaJjeTTbl. 32 MOJHHI UMK/ KayaHHH MasiTHHKA
(3a nepuon) XonoBoe KoJiecO MpoBopadyuBaeTcss Ha ABa 3y6a, mpuueM
KaXkJasf U3 najert rosyyaer no TojuKy. IlocpeacTBoM 3THX TOJNYKOB
32 cyeT 3HEePrHH HOAHATOH I'MpPH UM 3aKPYJeHHOH NPYMKHHBI U BOCNOJ-
HsieTcsl YOBIIb SHEPTHH MAasiTHAKA, BO3HHKAIOLLAs BCJIEACTBHE TPEHHMS.

ek agmuine

Lleresmmsr

Xodobee
Honeco
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§ 60. Buiny:xnaeHHbie KodeGaHHsA

B cnyyae, xorga BhIHYXJAIOIas CHJIa M3MEHSETCA 110 FapMOHM-
YeCKOMYy 3aKOHY, KO/ieGaHHsSl OMHChIBalOTCA AudxpepeHUHabHEIM ypaB-
HeHHeM

X+ 2Bx + oie = f, cos ot (60.1)

(cMm. (50.13)). 3pmech P — koadpHuHEHT 3aTyXaHUA, ®, — COGCTBEHHAs]
yactota cHcreMul (cM. ¢opmyan (58.2)), fo=Fdm (F, — amnautyjaa
BbIHYJKJAIOWe!l CHJIbI), @ — YacTOTa CHJILL.

YpaBHenue (60.1) sBaserca HeomHOpoAHHIM. CorJiacHO TeopeMme
(52.8) ofuiee perueHHe HEOIHOPOAHOTO YPaBHEHUsI PaBHO CyMMe OOLUEro
pelleHHs] COOTBETCTBYIOIIETO OJHOPOJHOI'O YPaBHEHHS M YACTHOTO pe-
IIeHHsT HeOZHOPOAHOro ypaBHeHHs. OOliee pelleHHe OXHOPOJHOTO
ypaBHeHHMs MBI yike 3HaeM (cM. gyHKnuio (58.7), aBasiomytocs ofmum
pelienHeM ypaBHenusi (58.1)). OHo umeer Buf

x=a.e~ B cos (o't +a), (60.2)

rae o =} w3 —P% a g, 4 o — MPON3BOJIbHBIE MOCTOSHHEIE ).

Ocraerca HafiTH 4acTHOe (He cofiepXKallee MPOM3BOJIBHBIX ITOCTOSIH-
HBbIX) pemneHue ypaBHeHus (60.1). BocnosbayeMmes a/is 3TOrO NpHEMOM,
onHcaHHHIM B KoHue § 52. Ilpu6aBum K ¢yHKUMM, cTosedl B mpaBoi
yacTH ypaBHeHus (60.1), mHuUMyl0 ¢yHKUMIO if, sin wf, mocse uero
NpeicTaBHM IpaBylo 4acTb B BHIE fee'® (cM. dopmyay (51.9)). Takum
0o6pa3oM, Mbl NPUXOAHM K YPAaBHEHHIO:

X+ 2Bx + wix = felot, (60.3)

3To ypaBHeHHe Jierue pelidTb, 9eM ypaBHeHue (60.1), Tak Kak 3Kcro-
HeHTY npoule IuddepeHUUPOBATD U MHTErPHPOBATH, YeM TPHUTCOHOMET-
pHYeCKHe (YHKUWH,

Ilonpo6yem uckaTh uacTHOe pellleHHe ypaBHenus (60.3) B Buge

X = ae'!, (60.4)

rie 4 — HeKOTOpoe KoMIUIeKCHoe ugucao. Pyukuus (60.4) Takxke
KOMIJIEKCHasl, YTO OTMeueHO IAANKoH Hax x. Ilpoaudepennuponan
3Ty GYHKUMIO MO £, NOMYYHM:

X =iwae'®!, x—=—aqelot, (60.5)

MoacranoBka Beipaxenuit (60.4) u (60.5) B ypaBHenue (60.3) npuBoguT
nocie COKpalleHHsi Ha OOWHMA MHOXUTeJb e'®' K anreGpaudecKoMmy
ypaBHEHHIO;

— 0% + 2ipoa + via = f,.

') BykBoll ©® 6e3 mTpPMXa MW OGO3HAUHJIH 9YacTOTY BHHYMKZalOmled CHIH.
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Orcioga

_ fo
O= e (60.6)

MbI HamLM 3HaveHWe @, npH KoTopoM ¢yHKuus (60.4) yIoBseTBOpser
ypaBHeHuio (60.3). IlpencraBuM KomiJieKCHoe dMc/0, CTosllee B 3Ha-
MeHaTeJle, B INOKa3aTelbHOH ¢opme:

(0} — ©?) +2iBw = pe'@. (60.7)
CornacHo ¢opmynaam (51.3)

p=) (0i—0?)?*+4p%?%, ¢=arctg

2Bw
05—

(60.8)

3amena B (60.6) anameHaTtenst B cooTBeTcTBHH ¢ (60.7) maer
a= folpe’® = (f,/p) e=*o.

IToxcTaBuB 3To 3Hauenue a B (60.4), MOJYUMM YacTHOE PelIEHHE YpaB-
HeHus (60.3):

£ (folp) €19t = (fy/p) el @1-,

HaKkoneu, B3fiB BellleCTBEHHYIO 9acTb 3TOH (YHKUHH, NOJYYHM dacT-
Hoe pemeHue ypaBHeHHs (60.1):

x=(fo/p) cos (wi—q).

IToncranoBka 3HaueHHus fo, a Takxke 3HaveHuit (60.8) Ansi p U ¢ npuBo-
JUT K OKOHYaTeJbHOMY BBIpaXKEHWUIO:

2
= __Folm cos (mt—arctg il 2). (60.9)
Voi—o?  dpor "

OrmetuM, uto dyHkuus (60.9) He cOAepMKHT NPOH3BOJbLHBIX IOCTOSH-
HBIX.

IMoayunM wacTHoe peleHne ypaBHeHus (60.1) eme ofHMM crnoco-
60M — C mMoMollblo BeKTOpHO! AMarpammbl. [lpeamosiouM, 4TO 4acT-
Hoe peileHHe ypaBHeHHs (60.1) umeer Buj

x=a cos (0t—¢). (60.10)

Torpa )
x=—oasin(of —¢) =wacos (of —¢ +a/2), (60.11)
X = — ©?a cos (of — @) = @%a cos (of — ¢ -+ 7). (60.12)

IMoacrasoBka Beipamennit (60.10) — (60.12) B ypaBHenne (60.1) npu-
BOJAHUT K COOTHOLUEHHIO
0*a cos (0 — ¢ + 7) + 2Bwa cos (wf —@ +7/2) +
—+ o}a cos (of —@) = f,coswi, (60.13)
N3 (60.13) caenyer, uTo NOCTOAIHEBIE @ M ¢ AOMKHEI MMETh TakHe
3HayeHHs, 4YTOOB TrapMoHHYecKas (YHKIUMA fo cos of OhlJIa paBHa
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CyMMe TpPeX rapMoHHYyecKUX (yHKIH{, CTOALIMX B JeBOH YacTH ypas-
HeHusi, Ecin u300pas3uth GyHKUHIO ®3a cos(®wf—@) BEKTOPOM J/HHEI
©}a, HanpaeJeHHbIM BHpaBo, To QyHKuMA 2Pacos(wf—e--n/2)
H300pa3uTca BeKTopoM IJHHB 2fwa (puc. 60.1), MOBepHYTEIM OTHOCH-
Te/IbHO BEKTOpa ®ia NMPOTHB YacoBOH CTpeJKH Ha yroa /2 (cM. § 55),

Zﬁwa Y o N T Tuibwa

- p X N7

g @iz wiz wiz
] q
(wf-w?)a (-wf)a
a) 4)
Puc. 60.1.

a QyHKIHS ®°%a cos(0f—@-T) — BEKTOPOM AJIMHB! ®2d, [IOBEPHYTHIM
OTHOCHTEJIBHO BeKTopa wja Ha yroa m. Uto6sl ypaBuenue (60.13) Gbisio
yIOB/IETBOPEHO, CYyMMa TpeX Iepeuyc/eHHBIX BEKTOPOB JOJIXKHA COBIa-
JaThb C BEeKTOpPOM, H30Opamawwum ¢yHKuHo f, cos of. M3 puc. 60.1, a
BHUAHO, YTO TAKOE COBMAJieHHE BO3MONKHO JIMIIb MPH 3HAYEHHUH aAMIIH-
TyAbl @, KOTOpPOe OIpeje IseTcs YCJA0BHeM:

(0; —0?) a* +-4pro%a* = f,
OTKYJa
Fo/m
a= 2°—_
1 (0f—0?)* 4-4p0?
(Mpt 3amenuau f, otHouwennem Fo/m). Puc. 60.1, a orBeyaer cayuaiwo
w<{o,. M3 puc. 60.1, 6, oTBeuaiollero CIyyal0 ®©>>w,, OOJyYaeTcs
TaKoe e 3HayeHHe a.

Puc. 60.1 nosBoaser NOJy4HTb TaKKe M 3HauyeHHe @, KOTOpoe
npencrapiaser co6oil BeJMYMHY OTCTaBaHHA NO (pase BLIHYXKIEHHOIO
koaeGanus (60.10) or obycnoBubLiell ero BulHyxkAawoLleidl cuspl. M3
pLCYHKa cJefyeT, 4TO

(60.14)

tgp =20 (60.15)

ITogcraBue B (60.10) anauenust a ¥ @, ompefesasiemble opMyTaMU
(60.14) u (60.15), monyuum ¢yHkuuio (60.9).

Oyukuus (60.9) B cymme ¢ (60.2) naet obulee pelieHHe ypaBHEHHA
(60.1), onuchiBalollee MoBeJleHHE CHCTEMbl MPH BLIHYXAEHHLIX KoJjeba-
HusAX, Cnaraemoe (60.2) urpaer 3aMeTHy10 poJib TOJNBKO B Ha4aJbHOH
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CTaIMH TIpoLecca, TpH TaK HAa3bIBaeéMOM YCTaHOBJEHHH KoJe6aHHi
(pnc 60.2). C TeueHreM BpeMeHH H3-33 SKCMIOHEHIUAJbHOTO MHOXKHTEIS
-P* pob cnaraemoro (60.2) Bee Goviblue yMeHbluaeTcsl, 1O NpPOLIECT-
mm JOCTaTOYHOrO BPEMEHH MM MOXHO NpeHeGpeub, COXpaHss B pe-
lIeHNH JHIIb cjaraemoe (60.9).

Takum obpasom, ¢yHkuus (60.9) omuceiBaeT YCTaHOBHBILHECS BHI-
HYX/JeHHbe Koje6anua. OHM npeicTaBAsiOT COGOH rapMOHHYEcKHe
koJ1e6aHHsl ¢ 9aCTOTOH, PaBHOIN 4acTOTe BLIHYMJAIOWIEH . CHIIBI. AMMJIH-
Tyaa (60.14) BBIHYXIEHHBIX
KooleGaHUi NPONOPIHOHAb- zh e
Ha aMIJIHTYAe BbIHYXKJalo- Py
meid cuabl. ns naHHOH Ko- /
JjieGaTebHOIl CHCTeMBI (onpe-

LeJIeHHBIX ®o U ) aMmauTy- \/ . >—
12 3aBHUCHT OT YacCTOThI BBHI- V UU ¢

>

nyKaawomwel cuiael. Belryx-
DeHHble KoJieGaHus OTCTaloT
no ¢ase OT BbIHYXAaKOUIEH
CHJIBI, TIPHYEM BeJMYHHA OT- Yemaonotnevue

CTaBAHHA @ TaKXe 3aBHCHT Hornebanusi

OT YacTOThl BBIHYMAAOLEN Puc. 60.2.

cinasl (eM. (60.15)).

34BUCHUMOCTb aMILTUTYABl BHIHYXKAEHHBIX KoJe6aHHH OT 4YacTOTHI
BhillyAawllel CuJbl NPUBOAHT K TOMY, YTO NPH HEKOTOPOH omnpene-
JEGHHOH AJsi NaHHOH CHCTeMBl YacToTe aMIIIMTyAa KoJaeGaHWH LOCTH-
raer MakcumaJibHoro 3HaueHus. IKoneGatenbHas chcTeMa OKa3bIBAETCS
0COGEHHO OT3bIBUHBO Ha JelicTBHe BbIHYXK/Jaloluell CHUJbl NPH 3TOMH yac-
ToTe. 3TO ABJleHHe Ha3blBaeTcss PE€3OH a H COM, a COOTBETCTBYIO-
Ilag yacToTa — pe3O0HaHCHOH# YacToOTOH.

UTo6bl OMNpefieINTh DPE30HAHCHYI0 YacCTOTY Wp.;, HYXKHO HaHTH
MaKcUMyM ¢yHKUHH (60.14) nam, 4TO TO XKe camoe, MHHUMYM BhIpake-
HHS, CTOALIEro Noi KopHeM B 3HameHartese. IIpoaudibepeHunpoBaB 3710
BHIpa)keHHe 110 @ M NPHPABHAB HYJIO, MBI MOJYYHM yCJOBHE, onpene-
NAOIIEE @pe,:

—4 (0 —?) 0+ 82w =0. (60.16)

YpaBHenue (60.16) umeer Tpy perenusi: o=0u o=+ wj —202.
Pelienne, paBHOe HYJIO, COOTBETCTBYeT MaKCHMyMy 3HaMeHatend. I3
OCTANbHBIX JBYX pelleHHH OTpHUATesbHOe AOJKHO OBITh OTOPOILEHO,
KaK He nMelolee ¢pu3HYeCKOro cMbicJia (4acToTa He MOXKeT ObITb OTpHLaA-
TesbHOM). TakuMm o6pasom, A1 PE30HAHCHOH 4YacTOTHL MOJgyuzeTcs
OfHO 3HaueHHe:

Opes = V 0} — 27, (60.17)

[MoacraBuB 310 3HaueHue yactothl B (60.14), nonyuyuM BhIpaxeHne AJs
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aMIVIMTYAR NPH pe3oHaHce:
Fo/m

28V o3 —p?
U3 (60.18) cnemyer, 4To NMpH OTCYTCTBHMHM CONPOTHUBJIEHHS CpeXbl
aMILIMTYAa [P pe3oHaHce obpamanack 661 B 6eckoHeyHocTb, CorsacHo
(60.17) pesoHaHcHas 9acToTa MpH Tex ke ycsioBHaAX (npu f=0) coBna-
JaeT ¢ COOCTBEHHOH 9acTOTOH KoJeGaHHMil CHCTEMBI ®,.
3aBHCHMOCTb AaMIIMTYABl BHIHYXKIEHHBIX KOJe6aHHH OT 4YacTOTh
BBIHYKJa101lell CHJABl (MJIH, YTO TO e caMoe, OT 9acTOThl KoseGaHuii)
nokasaHa rpagudeckd Ha pHc. 60.3. OrlesbHble KpUBEIE Ha rpagHuxe
COOTBETCTBYIOT Pa3/IMYHKIM 3HAauyeHHsAM napamerpa B. B cootseTcTBHU
¢ (60.17) u (60.18), yem MeHblIe B, TEM Bhbllle U MpaBee JIEXKUT MaKCH-
MyM janHo# xpuBo#. Ilpu oueHb GoJsbliOoM 3aTyXaHUM (TaKOM, 4TO
2p2>w}) BhIpaxeHHe I/ PE30HAHCHOH YACTOTHI CTAHOBHUTCH MHMMBIM.
210 03HawaeT, YTO MPH 3THX YCJOBHSX pe3oHaHC He Habsmopnaercs —
C yBeJHYeHHeM 4acTOTHI aMl-
JUTYJla BHIHYXKJIEHHBIX KoJeba-
HHH MOHOTOHHO yOhIBaeT (CM.
HWJKHIOIO KpMBYIO Ha DHC.
£,<f P 60.3). Mso6paxenHas Ha pHc.
60.3 coBoKynHocTb TIpadHKOB
dynxuun (60.14), cooTBercTBY-
IOWIMX Pa3JMYHBIM 3Ha4YeHHAM
napamerpa P,HasciBaercss p e-
30H2aHCHBIMH KPHBBIMH.
Ilo moBopy pesoHaHCHBIX
KPUBBIX MOXHO CJleJlaTh ellle
caepyiome 3ameyaHusi. [lpu
Puc. 60.3. CTPEMJIEHHH © K HYJIIO BCE KDH-
Bble LIPUXOUST K OHOMY H TO-
My JKe, OTJIHUHOMY OT HyJs, MNpeleJbHOMY 3Ha4YEHHIO, DaBHOMY
Fomwi, 1. e. Fy/k. D10 3HaueHVe mNpeACTaBJaseT cofoil cMelleHHe
M3 NOJIOXKEHUS] PABHOBECHs, KOTOPOE MOJIYyYaeT cHcTeMa NoA JAeHCTBHEM
MNOCTOSIHHOM CHJIbI BesiMuuHbL Fy. [1pu cTpeMieHnH ® K 6eCKOHEYHOCTH
BCe KPHMBBEIE aCHMIITOTHYECKH CTPEMATCS K HYJIO, TaK KaK NpH 6osbllIoi
YacToTe CHJa TaK GBICTPO H3MeHsileT CBO€ HanpabJieHHe, |TO CHCTEMa
He ycreBaeT 3aMeTHO CMECTHTbCA M3 MOJOXeHHs paBHoBecHsa. Hakxo-
Hell, OTMETHM, 9TO 9eM MeHbllle f, TeM CHJIbHee H3MeHsieTCsi C YacTOTOR
aMnIHTyJa BOGJM3H pe3oHaHCa, TeM «OCTpee» MOJyyaeTc MaKCHMYM.,
M3 ¢opmyasl (60.18) BhITeKaeT, YTO NPH MaJsOM 3aTyXaHuH (T. e.
npu B<€w,) aMIJHTYHa NpH pe3oHaHce NPUOJMKEHHO paBHa
Fo/m
Gpes = Dfay

(60.18)

Qpes =

a

7 s @y

>
el

Pasgenum sto BBIpAXK€HHE HA CMELIEHHE X, OT MOJIOXEHHA PaBHOBECHA
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noi fAeficTBHeM NocTosiHHOM cuanl F,, paBHoe Fy/mwi. B pesyabrate
[0y YUM:

2n

Opea . Wo_ N _
Xo ~26—2T

HE

=Q (60.19)

(cM. dopmyay (58.10)). Takum o6pa3oM, A0GpOTHOCTb Q MOKa3bIBaeT,
BO CKOJIbKO pa3 aMIJINTYAa B MOMEHT Pe30HaHCa NpeBHIIAeT CMeLleHHe
CHCTEMBbl M3 IOJOXEHHS] paBHOBecHs NOJ JeACTBHEM MOCTOSTHHOM CHJIBI
TOM ke BeJMYMHBI, YTO M AMINVIMTYJA BhIHYXKZalollell cHJH (3TO crpa-
BeJJIMBO JIHIIb OPH HEGOJBIIOM 33aTyXaHHH).

M3 puc. 60.1 BuaHO, 4TO BHIHYXJEHHHE KoJeGaHHA OTCTAIOT IO
dase oT BhHIHYMKAAlOULell CUJbI, NTPHYEM BeJIMYHHA OTCTABAHHA @ JIEKHUT
B npefenax or 0 Ao s, 3aBUCUMOCTh @ OT © NPHU Pa3HLIX 3HaueHUAX
NOKa3aHa rpaguuyeckd Ha pHC.
60.4. YacroTe ©, COOTBETCTBYET —
¢=m/2. Pe3oHaHCHaA uYacroTa * —T
MeHblle  coOcTBeHHOA  (cM.
(60.17)). CnenoBaTesbHO, B MO-
MeHT pe3oHaHca @<<n/2, Ilpu
c/1a00M 3aTyXaHHH < Wy,
W 3HAayeHHe @ INpPH pe30HaHce
MOXHO CYMTATh PABHBHIM 1/2,

C sBneHveM pe3oHaHca
NPUXOAUTCA CYMTATbCSL TIpH
KOHCTPYMPOBaHHH MallHH M
Pa3JHYHOrO PONa COOPYKeHHH.
Co6erBeHHas 4actora KoaeGa- 4 7  dfyy— 2
HUH 3THX YCTPONCTB HH B KOEM Prc. 60.4.
cJiy4ae He JO/KHA ObiTh GJH3Ka
K 4acToTe BO3MOMKHBIX BHeEIIHMX BosfeiicrBuiél. Tak, Hanpumep, cobcet-
BeHHas 4acTora BHGpauLMi Kopnyca Kopabnsi W/ KPHJIbeB CamoJeTa
IO/MKHA CHJIBHO OTJIMYAThCA OT YacTOThl KoJsie6aHuil, KOTOpble MOryT
6uITb BO36GY K/eHEI BpalLleHHeM rpeGHOTro BUHTA WJIH mponesJepa. B npo-
TUBHOM CJyYyae BO3HMKalOT BHOpALMH, KOTOpble MOTYT Bbi3BaTh Kara-
crpody. HaBecTHH csydad, Korja oOpyLIMBajiuch MOCTHI NpPH Mpo-
XOM(IEHHH MO0 HHM MapLUHMPYIOIMX KOJIOHH COJAAT. 2TO NPOHCXOAHJIO
noToMy, 4To coOCTBeHHad 4acrora KosjebGaHHfi Mocra OKasbiBaJach
6/1M3KOH K 4acToTe, ¢ KOTOPOH Llarasia KOJIOHHA.

BMecre ¢ TeM siBleHMe pe3OHaHca 4acTO OKa3biBaeTcsi BecbMa IMoO-
Jie3sHbIM, 0CO0EHHO B aKyCTHKe, paJHOTeXHHKe H T. J.

§ 61. Ilapamerpuvecknit pe3oHaHC

B paccmorpeHHOM B mpeamiayieM naparpacde ciydae NpUJIOKEHHast
H3BHe BbIHYXJaIoOUlasi cHja oGYCJIOB/IMBAJA HENOCPEACTBEHHO CMelle-
HHE CHCTEMH M3 NOJIOXKeHHsi paBHoBecusi. OKasbiBaercs, CYLIECTBYeT
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HHOH BHA BO3AeficTBHS H3BHE, C MOMOLIBIO KOTOPOrO MOMKHO CHJIBHO
packayaTb CHCTeMY. JTOT BHJ, BO3JEHCTBHSA 3aKJIOYaeTcsl B COBepliae-
MOM B TaKT C KoJeGaHMSIMH NepPHORHYECKOM H3MeHeHHH KaKoro-/H-

Puc. 61.1.

60 napamerpa CHCTeMbl, BCJEACTBHE YE€ro camo
siBleHHe Ha3bhiBaeTcsi MapaMEeTPUYECKHM
Pe30OHAaHCOM.

Bosbmem AJs npHmepa nmpocTeAlUHit MAATHHK—
WapHK Ha HUTKe, Ecin nepHoauyeckH H3MeHAThb
IMMHY MasTHHUKa [, yBeJMyHBasg ee B MOMEHTHI,
KOTAAa MafATHHK HaXoAHMTCA B KpaHHHX MOJOXKe-
HHUSIX, H YMEHbllasg, B MOMEHTBI, KOrZa MafTHHK
HaXOZHUTCA B cpefHeM nonoMeHuu (puc. 61.1),
TO MasTHUK CHJbHO packayaercsi. Y BeJUYeHIe
SHEprMM MasiTHUKAa NPH 3TOM NPOMCXOOHT 3a CHeT
paboTel, KOTOPYIO COBEpINAeT cHJa, AeHCTBYIOLLAf
Ha HUTb. CH/la HaTSXKeHUs HHUTH NpH KoseGaHHfAX

MasfiTHUKA He MOCTOSTHHA: OHA MeHble B KpPaHHHX MNOJTOMKEHHUSAX,
KOrja CKopocTh OfpauiaeTcsi B HyJb, H GoJibllie B CPeIHEM MNOJI0oMe-
HMM, KOTJJa CKOPOCTb MasiTHHKa MaKcHMaJjbHa. [Tostomy oTpHuare.s-
Hafg pafora BHelUHe#l CHJBI MNMPH YAJHHEHUH MasATHHKAa OKAa3blBaercs
MeHbllle NO BeJIHYHHE, YeM M0JI0XHTeJbHasA paboTa, coBepInaeMas MpH
YKOpOuUeHHH MasTHUKa. B uTOore paGora BHelIHedl CuJIBI 33 NEpHOA
oKasbiBaercsi GoJibllue HYJ.



FTIABA VI
PEJIATHBUCTCKASI MEXAHHKA

§ 62. CneuvajbHas TEOPHA OTHOCHTENLHOCTH

B § 6 Gbio oTMeyeHO, YTO HBIOTOHOBCKAf MeXaHHKa cnpaBelJiuBa
TONBKO AJIA TeJ, ABHIXKYIIUXCA CO CKOPOCTAIMH, MHOTO MEHBILUHMH CKO-
pPOCTH CBeTa B BaKyyMe (3Ty CKOPOCTb NPHHATO 0603HauyaTb GYKBOH ).
Jas onucanus ABHMKEeHHMH, COBepLIAMOIHXCA CO CKOPOCTSIMH, CPaBHH-
MBIMH C ¢, DHHIITEHH CO3LaJ PEJIATHBHCTCKYIO MEXaHHKY, T. €. Mexa-
HHKY, YYHTHBAWOULYI0 TpeGOBaHHf CMELHaJbHOH TeOpHH OTHOCHTE/b-
HOCTH.

Co3nanHan DiHiuTeiiHoM B 1905 r. cneuuasbHas TeOpUsi OTHOCH-
TeJIbHOCTH TpefCTaBJsieT cobod (PM3HYecKylo TEOpHI0 NPOCTPaHCTBA
M BpEMeHH JJIfl CJAydas npeHeGpeXMMO claGhlX IPaBHTALHOHHBIX TIO-
Jeit 1). OcHOBY 3TOH TeopHH 00pasyioT ABa NOCTYJara, KOTOpbIE HOCHAT
Ha3BaHUd TNPHHLHMNA OTHOCHUTEJNBHOCTH IDHHL-
TeiHa MU NPHUHILHMNA NOCTOAHCTBAa CKOPOCTH
cBeTa.

IMpuHunn orHocHTenbHOCTH DifHIUTEHHA ABJAETCA pacnpocTpaHe-
HHeM MexaHuyecKoro npuHuuna lanunes (cMm. § 12) Ha Bce Ge3s HckJo-
yeHHus ¢usnyeckue sBjaeHUs. COrJacHO 3TOMY TNPHHUMNY 8Ce 3aKOHoL
npupodsl 00uUHaKoBbL 80 8CEX UHEPUUAAbHbIX cucmemax omcdema. Hens-
MEHHOCTb BHAa YPaBHEeHHs NpHY 3aMeHe B HeM KOOPAHMHAT M BpeMeHH
OHO# CHCTeMB! OTCcYeTa KOODAHMHAaTaMHM M BpeMeHeM JPYroH CHCTeMBl
Ha3biBaeTcA HHBAPHAHTHOCTb 0 ypaBHeHus. [loatomy npuu-
UMM OTHOCHTEJNBHOCTH MOXHO COPMYJIHPOBATh CJELYIOWMM 06pasoM:
YPasHeHUR, BblpaNCAlOUiUe 3aKOHbL Nnpupodst, UHBAPUGHMHLL NO OMHO-
WeHuw K npeobpasosanunm KoopounHam u 8pemenu om 00HOU uHepyu-
aneHoll cucmembt omcuema K Opyeoll.

IlpHHLINO NOCTOSIHCTBA CKOPOCTH CBEeTa YTBEpIKAAeT, UTO CKOPOCH
ceema 8 saxyyme o0UHAKOBA 60 8CEX UHEPYUANbHOIX CUCMEMAX OMCUema u
He 3asucum om OBUNCEHUR UCMOYHUKO8 U NPUEMHUKOS cgema 2).

1) B 1915 r. DfHwTellH CO3fan OCHOBbI OGLIeH TeOPHH OTHOCHTEABLHOCTH, KO-
TOpas MpejacTaBifAeT co6oii TeOpHIO TATOTEHHSA.

2) OnbiT MaiikeAscona u Mopau, MoATBepAUBLIHI CNpPaBeAMROCTb 3TOTO NPHH-
1una, 6yleT omucaH BO BTOPOM ToMe Kypca. )
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V3 chopMy/iHpOBaHHLIX BHIIIE MOCTYJIATOB BHITEKAaeT pAA BAaXKHBIX
BEIBOJIOB, KacCaloIIUXCS CBOHCTB HNDOCTPAHCTBAa M BpemeHH. B HbloTO-
HOBCKOH MeXaHHKe MPOCTPaHCTBO M BpeMs paccMaTpHBaJHCh He3aBH-
cuMo Jpyr ot apyra. HblOTOH cuntan, 4To CyuecTBYIOT abcoioTHOE
NPOCTPAaHCTBO ¥ aGCo/OTHOe BpeMsi. AGCOMIOTHOE NMPOCTPAHCTBO OMNpe-
JeNsJIoch UM Kak Oe30THOCHTe/NbHOE K 4eMy-JH60 BHEIIHEMY BMECTH-
JiLe Bellel, ocTawueecss Beerja OMHAKOBBIM H HemoABHKHLIM. O Bpe-
MeHd HploToH nHcad: «A6coJOTHOE, HCTHHHOE HJH MaTeMaTHYeckoe

74
Vi M s N

o-f———_ <N} o | AN >
T ¢

Pae. 62.1.

BpeMst camo Io ce6e U B CHJIY cBoefi BHyTpeHHell NPHPOALI TeUET paBHO-
MepHO, 6e30THOCHTeNIBHO K 4YeMy-JH6o0 BHeIIHeMy». B COOTBeTCTBHH
C 3THM CYHTAJOCh COBEpILUEHHO QYEBHIHBIM, YTO ABa COGbITHS, OXHOBpe-
MEHHble B KakoH-1u60 cHcTeme orcueTa, GYAYT OAHOBPEMEHHRIMH H
BO BCEX OCTaJbHBIX cHcTeMaX orcyera. OJHaKo JIerko y6eauThbcs B TOM,
YTO MOCJeJHEE YTBePKJeHHE HaXOANTCA B MPOTHBOPEYMH C MPUHIMIIOM
MOCTOSIHCTBA CKOPOCTH CBeTa.

BosbMem gBa Tena K u K', ofpasyromux BMECTe ¢ COOTBETCTBYIO-
IUIMH YacaMH HHepLHajbHbIe cHcTeMbl oTcyera. [lycts Teno K’ jaBH-
’eTcd OTHOCHTEJIbHO Tesla K cO CKOpPOCTbIO Vo, HanpaBJeHHOH BAOJb
npsiMo#l, mpoxoaswel uepe3 ueHTPHl Tea (puc. 62.1). Ilomectum Ha
3To#t mpsAMoit aBa Tena M u N, paBHOyAaneHHmX oT Tesja K'u coefgu-
HCHHBIX ¢ HHMM xecTKo. OTHOCHTeNBHO Tena K 3TH Tesa JBHXKYTCH CO
CKOPOCTBIO V,, OTHOCHTeJbHO Tena K’ oHM mokostcst. PacecmoTpuM B
00eHX CHCTeMax OAHH M TOT e MPOLEeCC, 3aKJ/OYaIIUICA B HCIY CKaHHH
13 UeHTpa Tcia K' CDCTOBOro CHrHasla M JOCTHXKEHHHM STHM CHIHAJIOM
1e1 M u N. CkopocTb cBeTa BO BceX HallpaB/leHHsIX OAHHAKOBa U paBHa
c. [lostomy B cHcTeMe orcyera K’ curHaj 6yfer gocturatb Ten M u N
B OJMH H TOT K€ MOMEHT BpeMeHd '

B cucreme orcueta K cBeT TaKike pacnpOCTpPaHSeTCA TO BCEM Ha-
NpaBJIEHHSAM CO CKOpPOCThIO ¢. B 3TOft cHcreme Teno M pBHIKeTCs Ha-
BCTPe4y CBETOBOMY cHrHany. Teso N aBH2KeTCH B Ty XKe CTOPOHY, YTO
H curHajd. [Tostomy Tena M curHan ZocTHrHer paHbliue, yeM Teaa N,
H, c/efoBaTebHo, fy<<lty. TakuMm ofipa3oM, COOLITHS, KOTOpHE B CH-
creMe K’ 6bLIH OHOBpeMEHHBIMHM, B cHcreMe K OKasbiBalOTCA HEOAHO-
BpeMeHHbIMH. OTcloja BHITEKAeT, YTO BpeMsl B PasHEIX CHCTeMax oOT-
CyeTa TeyeT HEOAHHAKOBO.

YTobe onmucaTh COGHITHE B HEKOTOPOMH CHCTEME OTCYeTa, HY»KHO YKa-
3aTh, B KaKOM MecCTe M B KaKOH MOMEHT BpPEMEHHM OHO NMPOMCXOAMT. ITa
3ajlaya OKaXeTcsl OCYIeCTBMMOll, ecIH CO3JaTh B IPOCTPAHCTBE PaBHO-
OTCTOsAIIIME KOODAHHATHEIE METKM M COBMECTHThb C KaXKION TaKoH MeT-
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KOH 4achl, N0 KOTOPbIM MOXXHO Obl10 OB ONpefesUTh MOMEHT BPeMeHH,
B KOTOpLIH NMPOHCXOAUT coObITHE B JaHHOM MecTe. KoopaHHATHBIE METKH
MOXKHO HaHEeCTH NyTeM NepeKJaiblBaHUs eIMHHYHOro MacutaGa, B ka-
YecTBe 4acOB MOXHO B3fiThb JIIOGYIO CHCTeMY, COBEpLIAIOILYIO NepHoAu-
YyecKd MNOBTOpsioWMHca mnpouecc. UToGpl CcpaBHMBaTb MOMEHTHI Bpe-
M€HH, B KOTOpble IIDOHUCXOASAT JBa COGHLITHS B pa3HLIX TOYKaxX MpOCT-
paHCTBa, HYXHO yOeAMTbCSi B TOM, YTO 4achl, HaXOAALIMeCH B 3TUX
TOYKaX, UAYT CHHXPOHHO.

CHHXpOHH3AIIUI0 MOXHO, Ka3aJjocb Gbl, BLINOJHHTh, IOMECTHB Yackhl
CHayajga pfAJOM, a 3aTeM, IOcsie CBepKH HUX TIOKa3aHMH, MepeHecTH
yackl B COOTBETCTBYIOIIME TOYKH MpocTpaHcTBa. OnHaKo Takoi crnocob
HY:KHO OTBEPrHYTb, TaK KaK MbI He 3HaeM, KaK MOBJHsET Ha X0 4acoB
UX MepeHoC U3 ORHOro Mecta B jpyroe. [loaToMy HYXKHO cHauana pac-
CTAaBHTh Yachl N0 MeCTaM M JHMIUb 3aTeM NPOU3BECTH CBEPKY HX MOKa-
3aHHIl, DTO MOXKHO CIesaTh, MOChL1asi OT OAHHX YacoB K JPYTHM CBETO-
Bo#i curHan ?). ITycTb u3 ToukH A mocelnaercs B MOMEHT f; (OTCYMTaH-
Hblfl 1o yacaM B A) cBETOBOI CHTHAJ, KOTOPBIH OTPaXkaeTcsl OT 3epKaJa,
NOMELLEHHOT0 B Touke B, M Bo3Bpamaercsa B A B MoMeHT £,, Yackl B B
HY}XHO CYUHTaTb CUHXPOHHLIMH C yacaMu B A, ec/M B MOMEHT JOXOm[e-
HM# 0 HUX CHTHaJa yachl B B NokasbiBaJiH BpeMs f, paBHoe (f,--1,)/2.
Takyio cBepky HeoOXOAMMO NpOJeaaTh AJISI BCeX HacoB, PachoJIOMeH-
HbIX B pasHbix TouKax cucrembl K. CoGbiTHa B A U B 6yayT cuuTarbcst
O/IHOBPEMEHHBIMH B cHcTeMe K, €C/M COOTBETCTBYIOLIME HM OTCYETHI
BpeMeHM Mo yacam B A u B coBnanyr.

AHaJlorHYHO NPOM3BOAMTCS CHHXDOHH3ALIMSI BCEX 4YacoB B CHCTeMe
K’ v mo6oit npyroii nHepuuaabHoii cicreme orcyera. CKOpOCTb cBeTO-
BOTO CMrHaja, ¢ MOMOILbI0 KOTOPOrO OCYIUECTB/SETCS CHHXPOHHM3alus,
EO BCeX MHEPLHaNbHBIX CHCTEMAaX OTCYeTa OJH3 M Ta Ke. DTHUM H obyc-
JIOBJIEH BHIGOpP B KayecTBe CHrHaja AJsl CHHXPOHHM3alMM XOJa 4YacoB
IIMEHHO CBeTOBOrO cUrHasa. OKasklBaeTcsl, YTO CKOPOCTb CBeTa fiBJIAET-
csi npegenbHoit. HuKakolf curuaj, HHUKakoe BO3JeidcTBHe OIHOIO
Tesa HAa JpYroe He MOT'YT PacHpOCTPaHSATBCS CO CKOPOCTbIO, MpPEBbI-
maiolell CKOpOCTb CBETa B MyCTOTE. ITHM M 06bACHAETCH OAWHAKOBOCTh
CKOPOCTH CBETa B NMyCTOTe BO BceX cHcTeMax oTcyera. CorJiacHo MpHH-
IIUNY OTHOCHTENBLHOCTH 33KOHBI NMPHUPOALI BO BCE€X HHEpPLHaJIbHBIX Cli-
cTeMax HOJMKHbI ObITb ONMHAKOBBI, TOT (PaKT, UTO CKOPOCTb CHIHaJja
He MOXKeT IpeBblllaTh NPefeIbHOr0 3HAaUYeHUs, €CTb TaKiKe 3aKOH IIpH-
ponbf. IloaTomy 3HaueHMe mpenebHOH CKOPOCTH AOMKHO GHITh ORMHA-
KOBO BO BCeX CHCTeMax OTCYeTa.

TTOCTOSTHCTBO CKOPOCTH CBeTa MPHUBOAUT K TOMY, UTO NPOCTPaHCTBO
¥ BpeMs OKa3blBaloTCA B3aMMOCBSI3aHHBIMH, 06pa3ys eavHoe IpOCT-
pPaHCTBO-BpeMsi. DTa B3aHMOCBS3b MOxeT GHITb NMpeACTaBJ€Ha OCOGEHHO
OTYETJIHBO C IOMOMIbI0 BOOGPaKaeMoro YeTblpeXMepHOTo NPOCTPaHCTBa,

1) TlpoBepKa yacoB No paAMOCHIHajaM NpeACTaBjfieT coGoft MO CYLleCTBY TaKYio
CHHXPOHH3aLHIO.
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Mo TpeM OcAM KOTOPOro OTKJAJABIBAIOTCS NMPOCTPaHCTBEHHbIE KOOPAH-
HaTHl X, Y H 2, a IO YeTBepPTOH OCH — BpeMmsi_ f, TOYHee — MPOMOPLHO-
Ha/bHasi ! BpeMeHHAs] KOOpAMHAaTa ¢f, MMelomas Ty e Pa3MepHOCTb,
YTO ¥ NPOCTPAHCTBEHHBIE KOOPAHHATHI.

Kakoe-nu6o cobbiTie (HanmpuMep, pacrnaj HEKOTOPOH HacTHLBI) Xa-
paKTepH3yeTcs MecCTOM, TAe OHO MPOH30LLIO (KOOpAMHATaMH X, ¥, 2),
W BpeMeHEM f, Koraa oHo npousomio, Taxum o6pasoM, cobbITHIO OTBe-
yaeT B BOOODarKaeMOM UYEThIpeXMepHOM IPOCTPAHCTBE TOYKA C KOOPAH-
HaTaMH X, y, z 1 c¢f. DTy TOUKY NPHHATO HA3pBATbMH DOBO® TO u-
K 0 #. Bcskoii yacTuie (1a)ke HelOABHKHOH) COOTBETCTBYET B UeThIpeX-
MEDHOM TMNpOCTPaHCTBe HeKOTopas JHHHs, HasbiBaeMasi MU pOBoO il
AUHUeHd (115 nokosiledcss YacTHILI OHA MMeeT BHJI NpsMOd JMHHH,
napaJjJenbHod OocH cf).

Hrak, npocTpaHCTBO M BpeMsi SIBJSAIIOTCA YacTMH €IWHOTO LEJOro.
OaHako BpeMsi KayeCTBEHHO OTJIMYAeTCs OT NPOCTPAHCTBA. JTO IPOSB-
JisleTcsl B TOM, 4TO BooOpakaemoe YeTblpexMepHoe NpOCTPAHCTBO OTJIH-
uaeTcs [0 CBOWM CBOHCTBaM OT OGBLIYHOIO TPEXMEPHOro MPOCTPAHCTBA.
O6blyHOE  mpocTpaHCTBO OG/ajiaeT TaK HasbiBaeMoil  €BKJHMJOBOi
MeTpHKOl, DTo o03Hauaer, YTO KBajpaT paccrosaHHa Al mexay ABYyMs
TOUKAMH paBeH CyMMe KBaJpaToB pa3HOCTeHl KOOpAHMHAT:

Alr=Axr+Ayr+ Az,

KBazpar «paccrtosiHHs» MexAy [ABYMSI MHDOBHIMH TOYKAaMM (3TO
4paccTOsIHME» HA3bIBAIOT M HTEepBaJoM M 0003HayalOT CHMBO-
JaoM As) onpepensercsa ¢opMyJoi

Ast=c? Af—Ax>—Ay*—Az? 62.1)

(cBoficTBa MHTepBasa paccMmarpuBaioTcs B § 65).

[TpocTpancTBa, A KOTOpPHIX KBaApaT pacCTOSHHS ONpeAessercs
¢opmyJioil Buaa (62.1), Ha3biBaloTCsi NCeBAOEBKJ HJA0BEIMH,
KauectBeHHO® pasnnune MexAy BpeMeHeM H NPOCTPaHCTBOM MpOsiB-
JisieTcsl B TOM, YTO KBaJpaT BPeMEHHOH KOOpAMHATHl H KBaJpaThl MPOCT-
PAHCTBEHHBIX KOOPJAWHAT BXOAST B BblpameHHe (62.1) ¢ pa3HbIMM 3Ha-
KaMH.

B cneunanbHOR TeOpHH OTHOCHTENBHOCTH OCOGYIO PONb MrpaloT Be-
JIHYHHBI, ABJIAIOMMECA MHBapHaHTHB MU II0 OTHOLIEHHIO K Tpe-
00pa3oBaHHAM KOOPAHHAT ¥ BPeMEHH OT OfHOH UHepIUaJbHOH CHCTEMBI
oTcyeTa K JApyroit (MHBIMH CJOBAaMM, BeHYHHBI, HMeIOLMe OFHHAKOBOE
YHCJIOBOE 3HauyeHHE BO BCeX HWHePUMAJBbHBIX cHcTeMax orcyera). Oxmy
M3 TaKHX BeJHYHH MBI yXXe 3HaeM — 3TO CKOpPOCTb CBeTa B ITyCTOTe.
B § 65 MBI moxaxkeM, yTo onpefeasienblit dopmynoit (62.1) uHTepBan
TakKe sIBJsieTCS VHBapHAHTOM,

Ocobyio po.b HrpaloT Takxe GopMyJsl M COOTHOIUEHHS, WHBapH-
aHTHBIE 10 OTHOIUEHHIO K YKa3aHHbIM Bhbillle Npeofpa3oBaHHAM (T. e.
IMelolHe OAMHAKOBLIA BHJL BO BCeX MHEDUHAJbHEIX CHCTEMaX OTCYETa).
Hanpumep, peJsATHBHCTCKHe BbIpaxeHIsl A MMIOYJbca M 3HEPrHu
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onpefe sA0Tcs TaKUM 00pa3oM, YTOOHI 3aKOHBI COXPAHEHHS 3THX BeJ/H-
YUH He HapyluaJHchb NPU Mepexofe K APYroi MHepuHa.IbHOH cucTeme
orcueta. B Xole Ka/ibHefilIero H3JOXKeHHUS Mbl MMO3HAKOMHMCH C PAJAOM
MHBADHAHTHBIX BEJHYHH M COOTHOLIEHHIH.

§ 63. IpeodpazoBanns Jlopenua

PaccMoTpuM 7Be HHepLHMaJbHble CHCTEMBI OTCYETa, KOTOpble Mbi
o6o3sayum K u K’ (puc. 63.1). Ilyctb cucrema K’ nBHIKETCSI OTHOCH-
TeJbHO cHcTeMbl K co cKopocThbio v, *). HampaBum ocu x ¥ x' BIo/b
BEKTOPA V,, OCH ¥ H y', @ TaKXKe z ¥ 2’ NpPeArno/oKHM napanjiebHbIMHA
Apyr Apyry.

B cuny npuHnuna oTHocHTesabHOCTH cHcTembl K M K' coBepliieHHO
paBHonpaBHbl. EfnHHCTBeHHOe (OpMasbHOE OTJIHUHE HX 3aKJ/I0YaeTch
B TOM, YTO OTCYHTaHHas B cHcTeMe K HKcoBas KoopAHHara Hayana O’
cucrembl K’ H3MeHseTcsl MO 3aKOHY

X0 =10yt (63.1)

B TO BpeMs KakK OTCYHTaHHas B cHcteMe K’ HKcoBas KoopivHaTa Ha-
yaja O cucreMbl K HM3MeHfieTCsl MO 3aKOHY

Xo=—u,t’ (63.2)

2710 pasjHude BHI3BAHO TeM, YTO HampaBJ/eHHs ocell x H X' Mbl BHIGpain
o1uHakoBbiMK, a cHctemMb! K U K'

ABMXKYTCA JPYT OTHOCHTEJBHO ApYra 4 ¥

B [IPOTHBOINOJIOXKHBIX HAMpaB/leHUAX.

o ’
[TosToMy npoeKuUHs OTHOCHTENbHOH « 7
CKOPOCTH Ha OCb X CHcTeMbl K paBHa
’ ' - A4 _olvw 5B
U, a Ha ocb x' cuctemnl K' paB g
Ha —Uyp. / / z z
B HepenATHBHCTCKOM MeXxaHHKe z z’
mepexol OT KOODAMHAT H BpeMeHH Prc. 63.1.

OJHOH HHEepPLHaJbHOH CHCTEMHl OT-
¢yeTa K KOOpPAHMHATaM H BpeMeHH ApY-
roif HHepIUMaJbHOH CHCTEMBbl OCYLIECTBJISETCA C MOMOLUbIO Mpeobpa3o-
Bauuft anqumes (12.1). M3 sTux npeo6pa3soBaHHI BbLITEKAaeT 3aKOH

1) HanoMHuM, YTO HHEpPUHANbHON Ha3LIBaeTCS CHCTEMa OTCHETa, OTHOCHTENbIIG
KOTOpOIt CBOGOLHASA YaCTHLIA ABHIKETCA Ge3 yCKOpeHHst (CM §7). B§ 12 OflHpanch Ha
npeo6pasoBanus I'anuses, Mbl NOKa3a/u, 4TO CHCTEMA K’, IBHHKYILAsACA OTHOCHTENbHO
HHE[LHANBHOH CHCTEMBI K ¢ nocrosHHof CKOpOCTBIO V,, B CBOIO O4Yepefib ABJIAETCHA
vHepUHaMbHOH. B penfiTHBHCTCKOI MexaHHKe MpeoGpasoBaHusA ["anunes AGJIMCHEL GbiTs
3aMeHeHbl APYIHMH MpeoOpa3oBaHHAMHU, COIMACYIOLIMMHCA C MPHHLHIOM (IOCTOSHCTBA
ckopocTH cBeta. OnHaKo fCHO, 410, KaKHM 651 HY OBIJT 3aKOH npeoGpaaoBaHun npu
nepexofie OT cHcTeMsl K K ABHAKYILEHCA OTHOCHTEBHO Hee C TOCTORHHOH CKOPOCTBIO Vy
cucteme K', B c/Iyude, eClH CKOPOCTb YACTHIIbI V B CHCTeMe K mocTofHHA, OCTOAHHOI
O6yzeT u CKOpOCTh v’ BcucteMe K CilefoBaTesibHO, ¥ B PeASITHBHCTCKOH MeXaHuKe
cucreMa K’, ABHXKYILAsCS OTHOCHTENBHO HHEpUHATBHOR CHCTeMbE K ¢ nocrosHHoit
CKOPOCTBIO v,,, TaKxe 6yIeT MHepUHAJLHOM.
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CJIOXeHHUsA cKopocTell: v=v'+v, (cM. dopmyay (12.3)). SroT 3akon
HaXOmUTCA B MPOTHBOPEYHH C MPHUHIUNOM IOCTOSIHCTBA CKOPOCTH
cBeta. [leficTBHTENbHO, ecin B cucTeMe K’ CBETOBOH CHrHaJ pacnpoct-
paHseTca B HanpaBJeHHH BEKTOPA Vo CO CKOPOCTHIO ¢, TO corsacHo (12.3)
B chcTeMe K CKOpOCTb CHTHaJIa OKaXeTCsd paBHOH ¢+U,, T. €. NPEB30H-
Jet ¢. Orciona cienyert, uto npeo6pasoBaHusa [anunes ROMKHEI OHITH
3aMeHeHbl JAPYTHMH ¢opMynaamMH. 2TH ¢(oOpMYyJbl HEeTPYIHO HaHTH.

B camoM ofwmeM BHJe npeo6pasoBaHHsA KOOPAMHAT M BpeMeHH OT
cucremsl K’ K cucreMme K BHINISAAAT CIEAYIOMIMM 06pa3oM:

x=f1(x’,y’,z’,t'), y=f2(x',y’,z',t’), 63.3
e= oy 2 ) t=fi g 2 ), (63.3)

M3 oxHoponHOCTH BpeMeHH M TNpPOCTPaHCTBA cJaelayeT, 4To (opMyJh
(63.3) monXHB! ObITH JUHEHHBIMH, T. €. UMETb BHJ

x=o.x +oay +oaz +at +o (63.4)
u T. 4., TOe &, O, ..— KOHCTaHTH. COOTBETCTBEHHO
de=o,dx +a,dy +ogdz’ +a,dt’ (63.5)
u T. 8. JelictBuTennHo, corsacho (63.3)
de="t gy - 0 af* L dy’ 2 gy - Iy (63.6)

H T I

Ecnn B3ATb HeKOTOpHIE NMPOU3BOJNBHO BhIGpaHHbte dx’, dy’, dZ’
dt’ B Touke x{, Y1, 2, {1, TO, MOACTABUB B (63.6) 3HaUEHHUST MPOH3BOAHBIX
B JaHHOH TOYKe, Mbl NOJIYUHM AJIA dX HEKOTOpOe 3HaueHMe dx;. OnHako
B CHJIy OJHOPOJHOCTH NPOCTPaHCTBA H BpeMeHH B Mo6GOH Apyrod Tou-
Ke X3, s, 25, I, IPH TeX Ke 3HaueHUAX dx’, dy’, d2’, u df’ mOMKHO mouTy-
4aTheA AJIA dx TakKoe JKe 3HaueHHe, Kak H B NIepBOH TOUKe, T. €. JOJKHO
6biTh dx,=dx;. To e camoe AOMKHO HMeTb MecTo ans1 dy, dz H di.
Tockonbky dx’, dy', dz’ u dt’ 6e11H BHIGpaHBI COBEpLIEHHO NMPOH3BOJb-
HO, yKa3aHHOe TpeGOBaHHE MOXEeT BBHINMOJHATHCA JHIIL B TOM cayudae,
€C/IM MpOH3BOJIHbIE Ofi/0x" M T. A. He 3aBHCAT OT KOODAHMHAT, T. €. SAB-
JsioTea KoHcranTamu. Otcioga BhitekaeT (63.5),a 3atem u (63.4).

IIpn ykaszanHoM Ha puc. 63.1 BbIGope KOOpAMHATHBIX Ocefi MI0CKOCTh
y=0 coBnagaer ¢ niockocTbio ¥’ =0, a nJa0cKocTb z=0 — ¢ NJOCKOCTbIO
2'=0. Otcioga caefyer, yro, HanpHUMep, KOODAHHATH ¥ H y' LOJIMHHbI
obpamaThcd B HYJb OJHOBPEMEHHO, HE3aBUCHMO OT 3HaueHHH ADYrHX
KOOpAHHAT U BpemeHH. IToaToMy y K y’ MOryT GHITh CBA3aHH TOJIBKO
COOTHOIUEHHEM BHIA

4
y=¢ey,
rfie € — KOHcTaHTa. B cuny pasHonpaBroctH cucTeM K u K’ oGpatHoe
COOTHOLLIEHHE JOJ/DKHO HMETb BUJ

y'=ey
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C TeM e 3HayeHHeM KOHCTaHTHI €, YTO U B NepBOM ciyuae. [TepeMHOXHB
c0a COOTHOWIEHUA, NMOJNYYHM, 4TO €=, oTKyAa e==1. 3Hak mJoc
COOTBETCTBYET OJHHAKOBO HaNpaBJEeHHHIM OCAM ¥ M y', 3HaK MHUHYC —
NPOTHBOMOJIOXKHO HanpasieHHbIM. HanpaBuB ocH oauHakoBbM oGpa-
30M, TOJYYHM

y=y". (63.7)
AHanornuHele paccyXIeHHs NpPHBOAAT K dopmy.e
z2=7'. (63.8)

O6paTuMcsl K HaXOXJAEHHIO mpeoOpa3oBaHuil s x u t. M3 (63.7)
H (63.8) cienyer, UTO 3HAYEHHs Y U 2 He 3aBHCAT OT x' H ¢'. OTcioaa BhI-
TEKAaeT, YTO 3HAYEHHSA X' U ' He MOT'YT 3aBHCETh OT Y U 2; COOTBETCTBEHHO
3HaYeHHsl X M { He MOT'YT 3aBHceTb OT y' M 2'. Takum oGpasom, x U ¢
MOTYT GBITb JIMHEAHBIMH (QDYHKUUSAMHU TOJbKO x' M ¢’

Hauvano koopaunar O cuctemsl K uMeeT KoopAuHaty x=0 B cHcTeMe
K u x'=—u,t’ B cucreme K’ (cM. (63.2)). CnepoBaTenbHO, BHIpaXKeHHe
(¥ +v,et') monmxHO 06palaTLCS B HYJb OJHOBPEMEHHO ¢ KOOPAMHATOM X.
Ins atoro nmuHefiHOe nmpeoOpa3oBaHHe NO/KHO MMETb BHJ

x=7(x"+vet"), (63.9)

rJe y — HEKOTOpas KOHCTaHTa.
Ananornydo, Hauano koopauHat O’ cucrembl K' UMeeT KOOpAHHATY
x'=0 B cucreme K’ u x=u,¢ B cucreme K (cM. (63.1)). Otciona crnenyer,

4TO
x' =y (x—0ot). (63.10)

Ha pasnonpasus cucreM K u K’ BhiTeKaeT, 4To K03((hHUUEHT MPOMop-
IHOHAJBHOCTH B OGOMX C/aydasXx JOJXeH OBITb OJMH H TOT XKe.

Jns nHaxoxaeHus KoaddulMeHTa y HCmoNb3yeM MNPHHLUHI MOCTO-
SIHCTBa CKOPOCTH cBeTa. HauHeM oTcueT BpeMeHM B OGEHX CHCTeMax
OT TOrO MOMEHTa, KOrJa HX Hayala KoopjiuHaT coBmajaioT. [lycTsb
B MOMeHT {=¢'=0 B HampaBJ/ieHHH ocefl X U x’ MOChLIaeTcs CBeTOBOH
CHTHaJ, KOTOpHII NPOM3BOAMT BCHBHILKY CBeTa Ha 3KpaHe, pacrnoJo-
JEHHOM B TOYKE ¢ KoopAuHaTOM x B cucreme K M ¢ Koopaunartoit x'
B cHcreMe K 2T0 coGHITHe (BCNbIUIKA) OMHCHIBAETC KOOPAUHATOH X
M MOMEHTOM { B cucTeMe K M KOOpAMHATOH x' H MOMEHTOM {' B CHCTeMe
K', npuuem

x=ct, x'=ct.

IMoxcraBuB 3TH 3Hadenus x U x' B dopmyan (63.9) u (63.10), moayuum
ct=7y(ct' +ot)y=7y(c+uv)t,
ct' =y (ct—vt)=v(c—vy) L.
[lepemHOXHMB 06a COOTHOLUEHHS, MPHAEM K YpaBHEHHIO
c? = y? (c?—1p).
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Orciona
1
_— 63. l l)
v V 1 '—l'g//f2 (
IToncranoBka 3Toro sHauenus B (63.9) npuBoauT K dopmyJie
x' ot
=, 63.12
V1—de ( )

®opmyaa (63.12) nosBosseT no U3BECTHLIM 3HauYeHHUAM x' U ¢’ HAHTH
3Hayenyne x. UToGkl noayunTh GOpMy.ly, NMO3BOMAIOLYIO MO0 H3BECTHBIM
3HayeHusM x' ¥ ¢’ HafiTH 3HaueHue f, HcKmounM H3 (63.9) u (63.10)
KOODIMHATY X W pa3peluM MOJYYHBILEeCs COOTHOLIEHHe OTHOCHTEeJNBbHO
{. B pesysabrate mosyuum

[t (-]

IMoacranoska 3nauenns (63.11) xas y npHBOAMT K ciefytower gopmy.e:

U+ (vo/c®) x’
Vi—dic (

CoBokynHocts topmyn (63.7), (63.8) (63.12), u (63.13) Hocut
HasBaHHe npeo6GpasoBaHuil Jlopenua Ecan npuMeHuts
O0lenpHHATOe OGO3HauYeHHe

B =uv,/c, (63.14)

npeo6pasoBanus JlopeHua OpUMYT BUJ

x" +Bet’ / ' v+ (Ble) x
V?ﬁ’ y=y, z2=2, t=ﬁ2—' (6315)
ITo ¢opmynam (63.15) ocylecTBaAsieTcss mepexoj OT KOOPAHHAT H
BPEMEHH, OTCYHTAHHHIX B cucTeMe K', K KOODAMHATaM U EpeMeHH, OT-
CYMTAHHBIM B clcTeMe K (KOpode, mepeXoj oT cucTeMbl K' K cucTeme K).
Ecan paspemmnts ypaBueHusi (63.15) OTHOCHTENBHO LITPUXOBaHHBIX
BeJIMYHH, moayyatcsi ¢(opMmyJbl npeoGpazoBaHHs JAJqs nepexoja oT
cucreMsr K K cucreme K':

X =

xl:%’ y =y Z=¢ t’=tl7—](ﬁi%7x. (63.16)

Kak u caenoBano oxuIaThb, YUHTbIBas DPABHOMPABHOCTb cHcTeM K
H K’, ¢popmyan (63.16) oTsmuatotes ot ¢opmya (63.15) TOIbKO 3HAKOM
npu B, T.e. NpH v,

Jlerko noHaTk, uto B cayuae v<Zc (1. e. f<K1) npeoGpasoBauus Jlo-
peHua nepexolsat B npeoGpasobaHud I'anuaes (cM. (12.1)). Takum o6-
pasoM, npeoGpazoBanusa I'asnness coxpaHSIOT 3HaUeHHe AJ1S CKOpOCTeH,
MaJIblX 10 CPaBHEHHIO CO CKOPOCTBIO CBETa B MYCTOTe.

INpn ve>>c Buipaxenus (63.15) u (63.16) ana x, ¢, x" u ¢’ craHoBsTCA
MHHMBIMH. DTO corjacyercsl ¢ TeM, YTO JBHXKEeHHE CO CKOpOCThiO, Tpe-
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BhlILAIOIEA CKOPOCTb CBeTa B MNycToTe, HeBo3MoxHO. Hesb3as nazke
nosb30BaThcsl CHCTEMOH oOTcyeTa, ABHXKYLIEHCS €O CKOPOCTBIO ¢, Tak
KaK TpU Uy=C B 3HaMmeHaTeJasaXx ¢dopMmyJ AJf x U { MOJYYAeTCA HY.b.

[TpeoGpa3oBanus JlopeHua UMeOT OCOGEHHO MPOCTOH M CHMMETpHY-
HbI}l BUJ, €c/1M MHCATh UX He N8 x U £, a 415 x ¥ (cf), T. €. LJs BeJHunl
OAMHaKOBOA pasMepHocTd. B 3tom cayuae ¢opmyast (63.15) BeirasasT
cienylomuM obpasom:

X' +B(et) ’ ' (ct")+Bx’ -

X=— I = 2=z cl)=—"F—=—=. 63.17
e U=Ys L =T (6317)

@®opmyanl (63.17) nerko 3anoMHHUTb, NPUHSAB BO BHUMAHHE, YTO nep-
Bas M3 HMX OTJHMYAeTCA OT «OuYeBHAHOH» GopMyJbl x=x"-}v,t" Haan-
yieM B 3HaMeHaTeJe XapaKTepHOrO AJs PeNATHBUCTCKHUX (opMy.1

soipaxkenuss V T—Pe. Tlocnenuas d¢opmysa monyyaeTcs M3 mepsoii,
€c1H NOMeHATb MecTamH x' M cf’

§ 64. Caeacreus u3 npeolGpasopanuit Jlopenua

W3 npeobpa3opannii JlopeHua BhiTeKaeT pAX HEOOBIYHBIX C TOUKH
3peHHA HBIOTOHOBCKOH MeXaHHKH C/IeACTBHA.

OnHoBpemeHHOCTh COGLITHH B Pa3sHBIX cHcTeMax orcuyera. ITveThb
B cHcTeMe K B TOYKax c KOOpPAHHATAMH X; U Xy NPOHMCXOAST OXHOBpe-
MeHHO JBa COOBITHS B MOMEHT Bpe-

MeHH ¢,={,=b. CorsacHO noc/iefHel g

u3 ¢opmyn (63.16) B cucreme K’ Y

3THM COOBITUSIM GYAYT COOTBETCTBO- —

BaTh MOMEHTBHI BPEMEHH ol o1 vo iz iz

4 =b—(B/c) Xy P b—(p/c) x, // Zy z 2z
R 72 e B Vg z 7

M3 atux gopmys BHIHO, YyTO B CAy- Puc. 64.1.

yae, €c/d coObITHA B cucTeMe K npo-

CTPaHCTBEHHO Pas3obILeHbl (X;7<X,), TO B chicTeme K’ oHU He OyayT oalo-
BPEMEHHBIMH (f7=1;). 3HaK pa3HOCTH /;—{, onpejesifieTcss 3HaKOM Bbi-
paxenus (B/c)(x,—x,); cnenoBatesbHO, B pasHbIX cucTeMax K’ (npu
pasHeiXx ) pa3HOCTb {;—{; GylAeT pa3iuyHa MO BeJMHYMHE H MOMET OT-
JiMYaThCsl MO 3HaKy. DTO 03HAayaer, YTO B OAHMX cHcTeMax cobhiThe
Oynetr npenulecTBoBaTh COOHITHIO 2, B JAPYrHX cHCTeMax, Hao6opor,
co6bITHe 2 6yJeT NMpeAllecTBOBaTh COGHITHIO /. 3aMeTHM, 4TO CKa3aHHoe
OTHOCHTCS JIMIIb K COOBITHSIM, MEXAY KOTOPBIMHM OTCYTCTBYET MpPHUIH-
Hasi cBA3b. [IpHyNHHO cBAi3aHHBe COOHITHA (Hanmpumep, GpocaHHUe Kam-
HA U MajieHde ero Ha 3eMJI0) HH B OZHON M3 CHUCTEM OTcueTa He OyayT
OXHOBPEMEHHBbIMH, W BO BCeX cCHUCTeMax coGhITHe, SBJSIOLiEeCH NpHUH-
Hofl, OyJleT mnpealnecTBoBaThb cJeAcTBHIO, [logpoGHee o6 3aTom Gyaer
peub B ciejylolleM mnaparpade.

8 u. B, Capenben, T. 1
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JUAHA TeX B Pa3HbIX CHcTemMax, PaccMOTpUM cTeprkeHb, pacnosio-
MKEHHBIA BJOJb OCH X' M NOKOALMICA OTHOCHTEJIbHO CHCTEMBI OTCYETa
K’ (puc. 64.1). IauHa ero B 3TOH cHcTeMe paBHA [y=x,—X{, TAC X; H
X, — He M3MeHslomMecs co BpeMeHeM ¢’ KOOpAHMHATH KOHLOB CTEPXHS.
OrtHOCHTENbHO cHcTeMBl K CTepXKeHb JOBIIKETCA CO CKOPOCTbIO U=U,.
[As onpezesieHHs ero AJHHEL B 3TOH CHCTEME HYXKHO OTMeTHTh KOOpJH-
HAaTbl KOHIIOB CTEPXKHS X; H X, B OOUH M TOT e MOMEHT BPeMeHH ;=
={,=b. Ux pasHocTb [=Xx,—X; AacT LJHHY CTE€PMHsS, H3MEPEHHYIO
B cucreMe K. UToGbl HalTH COOTHOLIeHHe MeXAY [, ¥ [, cieayeT B3AThb
Ty u3 dopMyn npeobpasoBaunii JlopeHua, Koropas COAEPXHT x', X
i ¢, T. e, nepByio U3 ¢opmya (63.16). 3amMenuB B 3Toil popmyae P depes
vy/c, MoNy4HM

X, = Xi—Uob . x= Xo—Ugb ,
Vl —ug/c? Vmo/—c’
OTKYAa
—x= _Ye—Xt
Vi—de

Bocnoap3oBaBmnch obo3HaueHHAMH [ H [, a TakiKe 3aMEHHB OTHOCH-
TeJIbHYIO CKOPOCTb CHCTEM OTCYeTa U, PaBHOH eH CKOpOCTBIO U CTepIKHS
OTHOCHTEJILHO cHCTeMbl K, NpuieM K COOTHOLIEHHIO

=1, T—v¥c. (64.1)

Takum oGpa3oM, IAHHA CTepKHSA [, H3MepeHHasi B CHCTEMe, OTHOCH-
TeJIbHO KOTOPOH OH HBHXKETCS, OKa3blBaeTcsi MeHbllle JJUHH [, H3Me-
peHHOH B cHCTeMe, OTHOCHTEeJbHO KOTOPOH CTepxkeHb IOKOHTCAH %),

Ecay crepxenb AMHHH [;=X,—X; NOKOUTCA OTHOCHTEJNBHO CHCTeMBbI
K, To a5 onpegenieHus ero AJHHHL B cucteMe K’ HYXKHO OTMETHTB KOOp-
JUIATH KOHIOB X] M X; B OANH M TOT K€ MOMEHT BpPEMEHH fj={;=0,
PasHoctb [=x;—x; AacT DAHHY cTepxkHA B cucTeMe K', OTHOCHTENBHO
KOTOpO#t OH ABHMETCA CO CKopocTbio v, Mcnonb3oBas nepBoe H3 ypas-
HeHHit (63.15), cHoBa npuaem K cooTHouweHuio (64.1).

3aMeTHM, 9TO B HampaBJIeHHH ocelfl y H 2 pa3Mephl CTepKHA OIHHA-
KOBbl BO BCceX CHCTeMax oOTcyeta,

Hrak, y mBMxKymuXcs Tesl pa3MepH HX B HanpaBJjieHHH ABHXKeHUS
coxpalranTcsa TeM Goaplie, 9eM GoJsbliie CKOPOCTb JBHKEHHA. ITO AB-
JieHHe Ha3blBaeTcd JOpEeHHDeBB M (HAH (HTIIKePAIbJIOBbIM)
COKpaleHHeM. JrobolbTHO, YTO BH3yaJbHO (HaHHa (oTorpa-
¢uu) n3MereHue GopMbl Tes, Aaxke NPH CPAaBHHMBIX C € CKOPOCTSIX, HE
MoxeT OuITh oGHapymeHo. IlpuuliHa 3Toro BechbMa mpocra, HaGmozas
BH3yaJbHO HJH (oTorpadupys Kakoe-qHGO Teslo, Mbl PerucTpHpyeM
HMIYJbCHl CBETa OT PasHLIX YYacTKOB TeJsa, JOCTIHTLIHE OAHOBPEMEHHO

1) Nuorna mnmuy [, W3MepeHHY!o B CHCTeMe, OTHOCHTRNIBHO KOTOpOH CTepiKeHb
MOKOHMTCA, Ha3LIBAOT COGCTBEHHON AMHHOMI CTepKAd,
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CeTuaTKH rsa3a win doronaactiHKH, HenyckaloTes ke 5TH HMMyJbchl
HeojdoBpeMeHHo. MMnynbchi oT Gosiee yjnasieHHHX YYacTKOB OBLIH
HCNyLIeHbl paHblue, YeM oT Gosiee GAH3KHUX yyacrtKoB. Takiim oGpa3oM,
€CJIH TesIO JBHIKETCS, Ha ceTuaTKe IJia3a HJH Ha (POTOCHHMKe Moday-
uyaeTcsl HCKa)KeHHOe H3obpamkeHre Tesa. CoOOTBETCTBYIOLIMIA pacueT
NIOKashiBaeT, YTO CJEeJCTBHEM YKa3aHHOro HcKaxKeHus OyleT Komneu-
calMsl JIOpeHlleBa COKpallleHHd *), TaK 4TO Tesa KaXKyTCs He HCKameH-
HRIMH, a JHIUb NoBepHYThiMH, CaelloBaTe/bHO, Tes0 cdepHecKoi dopmul
Jaxe npil GoNbLIMX CKOPOCTAX ABMXKeHNHs OyjeT BOCOPMHMMATBhCA BH-
3yajlbHO KaK Teslo cepHyecKoro ouepTarHs,

NpomexyToK Bpemenu mexay cobbiTusamu. [IycTh B 0AHOMR U TOH ke
Touke cHcreMbl K’ NpOHCXOAAT ABa coOHITHs, IlepBOoMy cOGLITHIO COOT-
BeTCTBYET B 5TOH CHCTeMeé KOOPAHHATA X;=d ¥ MOMEHT BpeMeHH {;, BTO-
poMy cOOBITHIO — KOOpAHMHATa X;=a H MOMeHT BpemenH f;. CorjacHo
nocaeaneil 13 dopmya (63.15) 3THM COOBITHSIM COOTBETCTBYIOT B CHCTEME
K MomeHTHl BpeMeHH

_tt@Edhe it (@) a
! V1—vice T Vl —ug/c?
(Mul 3aMeHnaH B uepes vy/c). Orciona

15— 11

t —t By y—————=all
P l/l—z'f,/c2
Beenst o6o3nauvennsa f,—f,=Af u L—4=A¢, noayunm ¢opmyny
At

Vi—e
KOTOpasl CBfI3HIBAET NPOMEXYTKH BpPEMEHH MEXIY ABYMS COORITHAMH,
n3mepeHHble B cHcremax K u K’, Hanomuum, uto B cicreme K’ o6a
COGLITHSL NPONCXOAST B OAHOH M TOH JKe TOUKe: X{=X;.

HonyctnM, 4To 06a COGHITHS TPOMCXOAAT C ONHOH M TOM XKe YacTH-
ueff, Koropast nokouTcss B cucreMe K’ M JBHIKETCS OTHOCHTEJBHO CH-
creMbl K co CKOpOCTBIO U=0,. Toraa Af’ MOXKHO TpaKTOBaThb Kak Mnpo-
MEXYTOK BpeMEHH, Hi3MepeHHHIl N0 yYacaM, HENOABHXHLIM OTHOCH-
TeJbHO YAacTHUBI, HJH, HHBIMH CJ0BaMH, H3MEpPeHHHH M0 yacam, ABH-
JKYIMMCSL BMeCTe C yacTHuell (MMeeTcst B BHAY JABHXKEHHE 110 OTHOLUe-
HHIO K cucTeme K). Bpems, oTcuuTanHOe o yacaM, ABHIKYIIUMCS BMeCTe
C TEJIOM, Ha3biBaeTcst cOGCTBEeHHL M BpeMeHEM 3TOro Teja
1 0o6o3Hayaercs 06b14HO GykBOil T. TakuM obpasom, At =Av, C yueroM
storo gopmyse (64.2) MOXHO MpuUAATH BHA

Ar=AM YV T—0%A (64.3)

) Ecym 6Hl IopeHLepa coKpallleHHst He 6KJI10, GHCTPO ABMMYMecH TeaAa ROMMHH
GLUIA Ghl DPefCTABAATLCHA BRITAHYTHIMH B HanpaBJIeHHM JBHMEHHS,
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@

(MBI 3aMEHH/IHM OTHOCHTEJBHYIO CKOPOCTb CHCTEM OTCYeTa U, paBHOIl eff
CKOPOCTBIO U 9acCTHLRI).

dopmyaa (64.3) cBsisbiBaeT cOOCTBEHHOE BpeMs Tena T C BpeMeHem f,
OTCYMTAHHBIM MO YacaM CHCTEMBI OTCYeTa, OTHOCHTENbHO KOTOPOi TeJlo
IBHXKETCS CO CKOPOCTBIO ¥ (CaMH 3TH 4Yachl ABHXXYTCA OTHOCHTENBHQ
Tena c¢o ckopocteio —v). M3 (64.3) BHAHO, uTO cubcTBEHHOE BpeMs
BCErAa MeHbllle, YeM BpeMs, OTCYHTAHHOE IO YacaM, ABHKYLIHUMCE OTHO-
cHTeNBHO Tesa. B caeayrwoieM naparpadge Mbl noxaxem, YTo coGCTBel-
HOE BpeMsl eCTb HHBapHaHT (T. €. 0AHHaKOBO BO BCeX CHCTEMax OTcyeTa).

PaccmaTpuBas mpoHMcxojslune ¢ 4acTHued cofbiTua B cucteme K,
MOXHO omnpeleJuTb Af{ KaK NPOMEXYTOK BpeMeHH, H3MEePeHHBH Mo
HEMOABMXKHBIM 4acaM, a AT — KaK NMPOMEXKYTOK BpeMeHH, H3MepeHHBIil
Mo yacaM, ABHXKYIIMMCA cO cKopocthlo v, CorsacHo (64.3) At << A¢;
MO3TOMY MOXHO CKa3aThb, YTO ABHKYLUHeCs Yachkl HAYT MeJJIeHHee, 'eM
noKosiLLHecd 4yacel (MMeeTcs B BHAY, YTO BO BCEM, KpOMe CKOPOCTH ABH-
A€HHSA, Yacbl COBEPILUEHHO HAEHTHYHBI).

CootHoteHre (64.3) noayuu/a0 HemocpeAacTBEHHOe 3KCNepHUMEHTab-
Hoe moATBepxjeHHe. B coctaBe KocMHUeCKHX Jyuell HMEIOTCSI HaCTHIHI,
HMeHYyeMble |L-Me30HaMH HJHM MIOOHAMH., OTH YacTHUH HeCTAGHJIbHB -—
OHH pachajfaloTcs CaMOMpPOH3BOJIBHO Ha 3JIEKTPOH (MM MO3HUTPOH) It
Asa HejfitpuHo, CpenHee BpeMsl XH3HH, I13MeDeHHOEe B YCJOBHAX, KOTAa
OHH HENONABHIKHBI (MJM ABHXKYTCH C MaJol CKOpPOCTBIO), COCTaBJIsIeT
okojo 2-107¢ ¢, Kasasoch Obl, uTO, Ja)ke ABHTasicb CO CKOPOCTHIO
CBeTa, MIOOHBI MOFYT NPONTH JHlIb NMyTh nopsiaka 600 M. OaHako, Kak
MOKasbIBalOT HaGMI0JIeHHs, MIOOHBI 00pa3syloTcsi B KOCMMYECKHX JyHdax
Ha BpicoTe 20—30 KM U ycneBalOT B 3HaulTeJbHOM KOAHYeCTBE JOCTHI-
HYThb 3eMHOH MOBepXHOCTH. 10 obbsicHAercs TeMm, yto 2-107° ¢ —
coGCTBEHHOE BpeMsl XKM3HHM MIOOHA, T. €. BpeMs, H3MepeHHOe IO HacaMm,
IBHXYLIHMCS BMecTe ¢ HUM. BpeMsi, oTCuMTaHHOe MO yacaM 3SKcHepH-
MEeHTaTopa, CBA3aHHOrO ¢ 3eMJell, OKasblBaeTc ropasgo GOJbLIHM
(cM. dopmyny (64.3); v MiooHa 6.13Ka K ¢). [1o3TOMY HeT HMYEro yiu-
ENTEJbHOrO B TOM, YTO 3TOT 3KCIepHMeHTaTop HaGuoaaeTr mpober mio-
OHa, 3HauuTeJbHO Goapwuit 600 M. OTMETHM, 4YTO C MO3HIHH Hab.o-
Jaresi, ABHXKYILErocsi BMeCTe C MIOOHOM, PacCcTosiHUHe, NpoJeTaeMoe UM
JI0 TIOBEPXHOCTH 3eMJH, cokpaiaercs o 600 m (cM. dopmyay (64.1)),
TaK YTO MIOOH YCNeBaeT NpoJieTeTh 3TO paccTosHHue 3a 2-107¢ ¢,

§ 65. HurepBan

B § 62 6bl10 yKa3aHO, YTO KaAOMY COOBITHIO MOXKHO CONOCTaBHTE
B BOOGPaXaeMOM YE€THIPEXMEPHOM NPOCTPAHCTBE MUPOBYIO TOUKY C KO-
ODIMHATaMH cf, X, y, z. IlycTb ofHO cOGHITHE HMEET KOOPAMHATHI cf,
X1, Y1, 21, ADYroe — KOODJAHHATHI Cfa, X3, Y2, Z.. BBeleM 060O3HaUEHHs:
L—h=Al, x;—x;=Ax u 1. 1.

Hanomuum, 4To BeneAcTBHE KayecTBEHHOTO pasiHuus Mex1y Bpe-
MeHeM M TPOCTPaHCTBOM KBaJpaT DAasHOCTH BPEMEHHBLIX KOODAMHAT
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(c Af)* u xBajpaTh! pasHOCTeHl NPOCTPAHCTBEHHBIX KOOPAHHAT Ax2,
Ay®, Az BXOAAT B Bhipa)keHHe 151 KBajpaTa <«pPacCTOSTHHS» MeX1y
COOLITHSIMH (TOYHEE, MEXAY OTBEHalOWHMH COGBLITHSM MHPOBBIMII TOY-
KaMH) C pa3HbIMH 3HaKaMH:

Ast=c*Af—Ax*—Ay*— Az, (65.1)

Onpezensiemast 3T10il opMmyJsoil BeanuuHa As HasbiBaeTcs M H T e p-
BaJoOM Mex1y COOBLITHAMH.

BBeass paccrosiHie Al=VT’—}—AyT—|—A—z2 MeXJy TOYKaMil oObiu-
HOTO TpeXMepHOro MpoCTPaHCTBA, B KOTOPbIX MPOH3OLIJIH paccMatpil-
BaeMble COObLITIISI, BHIpa)KeHHe JJiI1 HHTepBaJja MOXHO MNpPeAcTaBlTH
B BHJE

As=V ctAlr—ApL, (65.2)

Jlerko y6eauTbcsl B TOM, YTO MHTEpBaJ MeXAy ABYMSI JAHHBIMH (G-
OBITHSIMH OJMHaKOB BO BCeX MHeplHaJbHLIX cHcTeMax orcuera. Mmelnno
5T0 06CTOATEIbCTBO MOCJAYMUJIO OCHOBAHHEM JIJfl TOTO, YTOGH CYHUTATD
€ro aHaJjIoroM paccrosiHua Al Mexxay JByMs TOYKaMH B OObIYHOM TpeX-
mMepHOM npocTpaHcTBe (Al He M3MeHseT CBOero 3HayeHHs NpPH Nepexole
OT OflHONl TpexMepHOH CHCTeMbl OTcueTa K JpYroii).

[Tycts B cucTene orcuera K kBajpar HHTepBaJa omnpejensiercs ¢op-
MyJiol (65.1). KBagpaTt nHTepBana MeXAy TeMH e COOLITHSIMU B Cli-
creme K’ paBeH

As' 2 =c?At—Ax'2— Ay *—AZ'?, (65.3)
CoraiacHo ¢opmysam (63.16)

A I:A-‘:—ﬂCAt A I=A A I=A A /=Al—(B/C)Ax.
V=Y M A =he M=

[NoacrasuB 3TH 3HaveHusi B ¢opMmyay (65.3), mocse HeCJOXKHBIX npeos-
pasoBaHHil MOJIy4uM, 4To As'2=c*Af2—Ax:—Ay*—Az?, T1.e. utO

As'2=As?,

TakuMm ofpa3oM, MHTepBaJj fIB.IseTC MHBAPHAHTOM MO OTHOLIEH!IIO
K Mepexony OT OJAHOH MHepLHaJbLHOIl cHCTeMBbl OTCUeTa K apyroii. B npe-
AblAylleM naparpadge Mbl BHIEJH, YTO MPOMEXKYTKH BpeMeHH Af ¥ 11il-
Hbl Al IO OTHOWIEHHIO K TaKOMY Nepexojy He sIBJSIOTCA HHBapHaHTaMI,
CilenoBaTenbHO, KaJ0e H3 cJjaraeMblX, oOpa3symoUX BeJHUYHHY As?—=
=c2Af2—AI[?, u3MeHseTcs NpH Nepexoie OT OJHON CHCTeMbl K JApyroii;
cama ke BesJMyKMHA As® ocTaercsi HeM3MeHHOH,

HntepBan Mexay AByMA COOBITHAMH, NPOMCINEIIMMH C HEKOTOPOIl
yacTHIed, HAXOAUTCA B NMPOCTOM COOTHOLIEHHH C MPOMEXYTKOM COOCT-
BEHHOTO BpeMeHH Mexay 3THMH cobbiTHAIMH. CorsacHo (64.3) npomexy-
TOK COGCTBEHHOrO BpeMeHHM AT CBfi3aH C NPOMEXYTKOM BpemeHn Af,
OTCYHUTAHHBIM MO 4YacaM CHCTeMHl, OTHOCHTEJIbHO KOTOpOH 4acTHUa ABli-
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JeTCST CO CKOPOCTBIO U, hopMy.Ioit
At =AMtV 1 —v¥/ce,
[peoGpasyem 31y ¢opmyly CAeAyOLHM oOpa3oM:
=1 l/c2 At — (v Al)? =1 Vc2 Az —Al2,

3necb Al=v A{ ecTb NyTh, NPOXOANMEILIL qacmueﬁ aa Bpems Af. Cpap-
HeHue ¢ (65.2) maer, uTO
Av=LAs, (65.4)

c

rie As — vuTepBas MeXAy COOBITHAMH, Pa3feeHHEIMH NpPOMEXYTKOM
BpemenH Ar,

H3 ¢opmyant (65.4) BhITeKaeT, 4TO NPOMEXKYTOK COOCTBEHHOTG Bpe-
MeHH TpOMNOpLMOHa/NeH HHTepBaly Mexay coOhTHsAMH. MHTepBas sc-
qsetcs wHBapuaHtoM. CleloBaTesibHO, COOCTBEHHOE BpeMsi TaKwKe sB-
JIieTC MHBAPHAHTOM, T. €. He 3aBHCHT OT TOro, B KaKoi CHCTeMe OT-
cueta HaGsrojaercss ABHXKEHHe JAHHOTO TeJa.

B cootBercTBIH ¢ (popmyJ0it (65.2) HHTepBaa MOMeT ObITb BellecT-
BEHHBIM (ecan ¢ Af>Al) nubo MHUMBIM (eciiH ¢ Af<CAl), B vacTHOM
clyyae MHTEPBaJ MOMET OKa3aThbCs PaBHLHIM HYJ0 (ecan ¢ Af=Al).
[Tocnepuuit cayyaih uMeeT MecTo AJSL COOBITHH, 3aKJ/IOYAIOIMLHXCA B HC-
MyCKaHUH CBCTOBOTO CHTHAaJa H3 TOYKH Xy, Y5, 2; B MOMEHT {; 1 NIpUXoJe
3TOrO CHI'Haja B TOYKY Xg, Y, 22 B MOMEHT f,. [loCKOJBKY B 3TOM CJY-
uyae Al=c A{, nHTepBas MexAy cOGHITHSMHM paBeH HYJTO.

B cuay nHBapHaHTHOCTH HHTepBaJ, BelleCTBeHHbIT (MHIIMBIIM)
B OIHOH KaKoii-1u60 cucreme orcueTta [/{, 6yZer BellecTBEHHBIM (MHH-
MEIM) B JI0GOH Apyroii MHepuHa/bHOH cHcTeme K,

B cayuae BeulecTBeHHOro HHTepBaJa

c? AfP—Al2=c? At'*—Al'>0,

M3 3Toro cooTHowweHHsa clefyeT, YTO MOMHO HailTH Takyio cictemy K',
B Kotopoil Al’=0, T, e. 06a COOBITHS OKa3blBaKOTCS MNPOCTPAHCTBEHIO
coBMelieHHbIMH, ORHAKO He CYIIECTBYeT TaKOil cHCTeMbl OTCYeTa, B KO-
Topol 6bl10 661 AY'=0 (npHM Takom 3HayeHHH A{ uHTepBaJt cran Gbl
MHHMEIM), TakuM o6pa3oM, COOHITHS, pa3je/feHHble BellleCTBeHHBIM HH-
TEpBaJOM, HH B O[IHOI H3 CHCTEM OTCYeTa HE MOTYT CTaThb OJHOBpEMEH-
HeiMH. [lo 3TOof npuunHE BeuwlecTBEHHblE HHTEPBAJH HAa3bIBAIOTCS
BpeMeHHNOoa06HBbIMH,

3aMeTHM, 4TO COORITHS, IPOHCXOASIIHE C OAHOH H TOH JKe yacTHell
(MMeeTcst B BHAY YacTHIA C OTJHYHOH OT HYJSI Maccoit MOKOs), MOIYT
6bITh pas3fieleHbl TONBKO BpeMeHHNONOOHKM HHTepBadoM. lelicTsH-
TeJIblIO, CKOPOCTb TaKOH YacTHUH U BCeria MeHblle C; CJIEA0BATEb-
HO, nyTb A/, npoiifieHHBUl yacTHLeH, MeHblue ¢ Af, OTKya BbITEKaer,
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yto As®>0, CornacHo nocneaHeil u3 ¢opmya (63.16)

r At— (/o) Ax
Al ———-VlTﬁ" . (65.5)

Ecau npoMexkyTku Af v Ax pasnensitoT cOGbITHS, IPOHCIUEALIHE C TOR Xe

camoil wactuueil, To Ax/Af naer KOMIIOHEHTY CKOPOCTH YaCTHLLI v,.
Tlostomy ¢opmyay (65.5) MoxHO npH 3TOM YC/AOBHH 3anHcaTb B BHJAe

P M— B/ Ax/a AL AL [ px),
M =— = VT—F< %)

IMockoabxy u B=uv,/c, ¥ v, /c MeHblile efMHHIN, CKOGKa B NpaBoil 4acTH
paBeHcTBa AJas Bcex cucreM K’ nosoxutenbna, Otciona ciepyer, uTo
3HaK A?’ OAMHAKOB co 3HaKOM Af, DTo 03HauaerT, YT0 ABA COOLITHSA, I1PO-
HCXOAsLIME C HEeKOTOpofl uacTHileil, Bo BCeX CHCTEMax COBepLIAIOTCsI
B OAMHAKOBON moc/eloBaTe/bHOCTH. Hanpumep, poMKieHHe YacTHULI
BO BCEX CHCTeMax oOTcyeTa NpejliecTByeT ee pacnamy.

B cayyae MHHMOro HHTepBaJa

CAP—AP=c?At*—Al'? <0,

Otciona BHITEKAET, YTO MOXHO HalfiTH Takyw cucremy K’, B KoTopoi
At'=0, 1. e. 06a COGLITHS NMPOUCXOAAT B OAHH H TOT XKe MOMEHT Bpe-
MeHH ¢, OfHaKoO He CYIIeCTByeT TaKOil CHCTeMbl OTCYeTa, B KOTOpOil
6bi10 6ol Al'=0 (npu TakoM 3HaueHud Al' uHTepBas cTaJj Gbl Bewlect-
BeHHuIM), Takum obpa3oM, coObITHSI, pa3fieleHHHleé MHHMHLIM HHTepBa-
JIOM, HH B OJHOHM M3 CHCTEM OTCYeTa He MOT'YT OKa3aTbCsl NPOCTPAHCT-
BEHHO COBMelleHHHIMM, [lo 3TOlf npuyHHe MHHMMHE HHTEpBaJbl Ha3bl-
BalOTC! NPOCTPAaHCTBEHHONOMAOGHEL MH,

Pacctonnne Al Mex1y TOYKaMH, B KOTOPHIX HPOHCXOASAT COGLITHS,
pasjeseHHble [POCTPAHCTBEHHONOJOOHLIM .HMHTEPBaJOM, INpeBLILAET
¢ At. TlosToMy paccMaTpuBaeMble COOLITHS HMKaK He MOLYT OKd3aTh
BJMsIHHEe LPYT Ha Apyra, T. €. HE MOryT ObTb NPHYHHHO CBSI3aH-
HbIMIL APYT C ApyroM (HamoMHHM, 4TO He CYyIEeCTBYeT Bo3fe#cTBHMil,
pacnpoCcTpaHsIOIUXCA CO CKOPOCThIO, GoJbllell yeM c).

IlpuunnnO cBfA3aHHLIE COGLITHSA MOTYT GhITh pasfe/ieHH JIHLIbL Bpe-
MEHUII0A06HLIM JIHGO HYJIeBEIM HHTEpBAJIOM,

§ 66. IlpeoOpasoBanue M cJoxeHHe cKopocTed

PaccmoTpuM ABHXeHHe MaTepHaJibHOM TouKH. B cucreme K nonoxe-
HHE TOYKM ONpefie/IAeTCA B Kam/pili MOMEHT BPEMEHH { KOOpAMHATAMH
X, y, 2. Buipaxenus

dx dy dz
v, =—
at

Ux=ar Y=g

NpEACTaBAAIOT coboii IPOCKUKH HA OCH X, Y, 2 BEKTOpPAa CKOPOCTH TOYKH
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oTHocHTeabHO cHcteMbl K. B cicreMe K’ nosmoxeHnue TOUKH XapaKTepil-

3YeTCHl Kax[blli MOMEHT BpeMEHH t' koopauHatamu x', y', z' Tlpoex-
UMK Ha ocH X', ¥, 2 BeKTOpa CKOPOCTH TOYKH OTHOCHTEbHO cnaeuu K
OTpefeIAIOTCS BHIPaXKEHHAMH

, dx’ . dy . d?

Ux=grs W=gry =g
H3 ¢opmyn (63.15) BmITekaer, 4Tto
dt’ + (zo/c) dx’

dx=M. dy:dy" dz=dz', di= /_—
l' 1—7.'0_(.‘:

Vi—d/e '

(vbt 3aMeHUJIH P uepes v,/c). Pa3nennB nepBbie TPH PaBeHCTBA HA 4eT-
tepTO®, NosMy4yuM (opMyabl npeoGpasoBaHHs CKOPOCTEH NpH nepexore
OT OIHOM cHCTEMB! OTCYU€Ta K ApYroii:

vx—}—v v =v!;l/l—l'ﬁ/l‘2 v _v;l”fl—vﬁ/c'l (66.1)

v = .
X * z ’
14 voux/c‘ ¥ 14 vgoy/c? I+ vy c?

B cnyuae, korpa v,<£c, cootHollenus: (66.1) nepexoxsT B ¢opMy.IL!
c.10XeH1sl cKkopocTeit (12.2) KaaccHYecKOR MeXaHMKH.

U3 ¢opmya (63.16) serko noayunTb BhIpaxkeHUs AJA CKOPOCTCit
B cyicteMe K’ uepe3 ckopocTH B cHcTeme K:

— s
0 = Px—T0 v,=vyV | —vg/c? o =tz 1 1—cd/c? (66.2)
x ¥ I—uvgrec® ' 72 l—vyict

2
1—oyu,.c

Itn GopMyJEl OTIHYaOTCs OT ¢opmya (66.1) aviub 3HAKOM Tepel .
Taxoii pesy/bTaT, KOHEYHO, MOXHO 6bLIO MpeNBUIETh 3apaHee,

Ecay Teno ABMXKeTCA mapaJlie/lbHO OCH X, €r0 CKOPOCTb U OTHOCII-
TeJbHO cHCTeMbl K coBnajaer ¢ v,, a CKOPOCTb U OTHOCHTE/BHO CH-
crembl K'—c vy. B 3ToM ciayuae BaKOH CJI0XKEHHS CKOPOCTEH HMeeT Eilj

v 4 v, P
= — 0V .0)
U THow it (6.2
ITycTn ckopocTb v” paBHa ¢. Toraa ans v nosyyaercs no gopmy.ie (66.3)
3HayeHye
(—!" Ty

-3 =C.
I4-v.cic?

U=

OTOT pe3y/LTAT He ABJIAETCA YAMBHTEJbHBIM, TaK KaK B OCHOBE Mpeos-
pasosanuil Jlopesua (a cjefoBaTesiblio, H (DOPMYJ CIOMEHHS CKO-
pocrTeil) JieXXHT yTBEepMKIeHHe, YTO CKOPOCTb CBETA OJMHAKOBA BO BCeX
ciucremax orcuera. Ilomoxus B dopmyne (66.3) v'=v,=c, moayuu
AJSl U TaKKe 3HaueHWe, paBHOE C. TakuM 00pa3oM, €C/IH CKaAblBaeMblc
CKOPOCTH U’ H Uy He MPEBLILIAIOT ¢, TO H PE3YJ/bTHPYIOLWLAs CKOPOCTb U
HC MOMET IpEBLICHTh C.
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§ 67. PensTHBMCTCKOE BbipaxeHHe NS MMNYJbca

YpaBHeHHsi HbioToHa MHBapHaHTHBI [0 OTHOLUEHHIO K mpeoGpaso-
BaHuaM lanuges (cm, § 12), OgHako no OTHOLIEHMIO K NpeobpasoBa-
HiusM JIopeHIla OHM OKaswIBalOTCA HE MHBapMaHTHBIMM. B uyacTHoCTH,
He WHBapHaHTEH MO OTHOLIEHHIO K npeobpa3oBaHHsAM JlopeHua BhbiTe-
Katoluil n3 3aKoHoB HbioToHA 3aKOH coxpaHeHHMsl UMmyJbca (cM. § 27).
Yrobbl y6eAnuTbCST B 3TOM, PacCMOTPHUM, Kak BBIMANMT B cHcTeMax K
H K’ abcosoTHO Heynpyruil yjaap ABYX OAMHAKOBHIX ILapoB MAacCHl /1
(puc. 67.1).

[Tycts B cucreme K wwapbl ABHIKYTCH HaBCTpeYy APYT APYrY BAOJb
OCH X C OAHHAKOBBIMH MO BeJIMYHHE CKOPOCTSMH, MPOEKUHH KOTOPHIX
Ha OCb X PaBHHL: U,;=Uy H U, =—7U, (Vg — OTHOCHTEJIbHAs CKOPOCTb CH-
cteM K u K’). I[Ipy 3THX yc/lOBHAX mocsie CTOJIKHOBEHHA luaph GYAyT

/{I

—2v,/(1+uf/c?)

J 7 - 2 < v 7 4
Puc. 67.1.

fIOKOUTbCA: U=U,,=0. Takum obpa3om, NOJHBEIH HMIYJbC CHCTEMBI
H M0, U MOCTE CTOJKHOBEHHS paBeH HYJIO — B cHcTeme K uUMMYyJbC
COXpaHsieTcs,

Tenepb paccmoTpuM TOT e npouecc B cucteme K’ Bocnosb3oBag-
1IKCh NepBo# H3 dopmya (66.2), HaliileM A/l CKOPOCTEH 1apoB A0 CTOJK-
HOBeHMA 3HaveHusi vy, =0 u v,=—2,/(14v}/c?), a ana ckopocreii
I1IapOB TOCJe CTOJNKHOBEHHsl COBMAajaollee 3HAYEHHE Uy =Up=—U,.
C11efoBaTe/lbHO, CYMMAapHBI MMNOYJbC [0 CTOJKHOBEHHSI paBeH
—2mu,/(1+ui/c?), a nocie CTONKHOBEHHS cocTaBasger —2mu,. Ecau
ve<Zc, MMNYJbC CHCTeMBl A0 M TOC/e€ CTOJNKHOBEHHS NPaKTHYeCKH
oauHakoB, OfHaKO NpH JABHXKEHHH LapoB C OGOJBIIOH CKOPOCTBHIO U,
pasJMyHe HayaJbHOTO M KOHEYHOTO MMIYJIhCOB Jles1aeTcsl BecbMa OILLY -
THMBEIM. TakuM 06pasoM, BOCMO/b30BaBLINCh HBIOTOHOBCKHUM Bbipame-
HHeM /IS UMOYJbca, Ml NPHLLIH K BeIBOAy, 6yATO B cucTeMe K’ UMIYJIbe
He coxpaHserci. OAMH M3 OCHOBHBEIX 32KOHOB MEXaHHKH —3aKOH
COXpaHeHHs! HMIyJ1bca — B HBIOTOHOBCKON (POpMyJIMpOBKe OKa3plBaeTCs
HEMHBAPHAHTHLIM MO OTHOLIEHHIO K mnpeoGpa3oBaHuaM JlopeHua,

TlonbiTaeMcst HaliTH TaKoe BhIpaMeHHe A/ UMIYJbca, YTOOLI 3aKOH
CoOXpaHeHUs! UMNyJibca GbLT HHBADHAHTEH MO OTHOLUEHHIO K mpeobpaso-
BaHusMm Jlopenua. Ilpy stom 6yaem MMeTb B BHAY, YTO NPH MAJBIX CKO-
poctax (v<€c) peATHBHUCTCKOE BbIpaXKEHHE JJs HUMNyJbca JOJKHO
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nepexoiuTbh B HbIOTOHOBCKOE BhlIpame€HHE

p=mv=m-3 (67.1)

dt *
I'Ipennonome, YTO BhIpaKe€HIl€ JJIsi HMOYJEkCa YacTHUBMacChl m
HMECT BH]I

p=mf (V) v, (67.2)

Ile V — CKOpPOCTb, U — MOAYJ/Ib CKOPOCTH HacTHIIH, f(v) — HekoTopast
GesapasMepHas (pyHKuus v. s Toro 4to6hl npu v ¢ BoipaxkeHne (67.2}
nepexonuso B (67.1), dyHxuua f(v) KOMXKHa AN TaKMX CKOpocTeH
NPaKTHYECKH PaBHATHCA €INUHMLE,

PaccmoTpuM  afcoMIOTHO ynpyroe coyjlapeHHe IBYyX OIMHAKOBHIX
YacTHLL MaccHl m B chcteMe K, MX ueHTpa MHepuuH. B 3Toil cHcTeme
CYMMapHBI MMNYJbC 4acTHL paBeH HyJo. CnepoBaTeNbHO, CKOPOCTH
YACTHIL ONMHAKOBH MO MOAYJIO H NPOTHBONOJIOXKHHL N0 HaNpPaBJEHHIO
(puc. 67.2, a). B cuny 3aKoHOB cCOXpaHEeHHs SHEPTHH H HMMYJbCA CKO-
POCTH YacTHLl MOcne yjiapa JOMKHBl UMETb TOT XK€ MOAYJb, YTO H JO
yZapa, a HanpabJieHHsl CKOpPOCTeH NO/KHEI OhITh TPOTKHBOMOJIOMKHBIMU,

2 3)
Puc. 67.2.

BribepeM OCH KOOPAHMHAT TaK, YTOOBI CKOPOCTH YacTHIL JI€Xasu
B IJIOCKOCTH X, Y H Pacnoyiarajuch OTHOCHTEJNbHO OCH X CHMMETPHYHO.
Toraa coyaapenne yactuul B cucreMe K¢ 6yAeT BHINALETh TaK, KaK No-
Ka3aHo Ha puc. 67.2, 6.

Tlepefinem oT cuctembl otcuera K¢ K cucreMe K, OTHOCHTENbHO KO-
TOpoH yacTuua I ABMKeTCS NapajelbHO ocH Y. B sToil cucteMe co-
yAapeHHe BBIMISAANT TaK, Kak NokasaHo Ha puc. 67.3, a. PagoMm co
CTpeJIKaMH, H300paXalomMMH CKOPOCTH MJH HX COCTaBJfloOIHE IO
KOOPJHHATHBIM OCAM, YKa3aHhl MOAYJH COOTBETCTBYIOLIHX CKOpOCTeil
HJIH COCTaBASAIOUHX,

Ml ucxoamnH M3 TOro, 9T0 CyMMapHbIl HMNyJbC YacTHIL coXpa-
HfeTcsi NPH coyAapeHHH B cucteMe Ko. [loTpe6yeM, 4To6Hl 3aKOH cO-
XpaHeHMA HMIOyJbca BHINOMHAJNCA H B cucteme K. M3 puc. 67,3, a
BHAHO, YTO HKCOBas KOMIMOHEHTa CYMMapHOrO WMMNYJbca YacTHI B CH-
creme K B pesysibTate coyfapeHHs He uaMmeHsercsi. Jlo/mkHa ocTaBaThes
HEH3MEHHOH TaKXe HrpekoBass KOMMNOHEHTa CYMMapHOro MMNyJbca
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gqactHl. C yderom (67.2) 3T0 3anuiueTci aHaJHTHUECKH CJELYIOLIHM
o0pasoM:

mf (@) (—w) +mf (Vv +u?) u = mf (©) w +mf (V v?+ 1) (—u).

Orcioaa BhiTekaer, 4910

f@yw=Ff(/v*+u?)u. (67.3)

Hafizem cBsisb Mexay u H w. Il 3TOro paccMOTpPHM cCOyAapeHie
B cucreMe orcieta K', OTHOCHTENBHO KOTOPOH HacTHLUA 2 JBHIKETCsl
napaJiesnpHo ocH y' (puc. 67.3, 6). 3HaveHus v, 4 H w Ha puc. 67.3, a
U O ONHH U Te Xe, TaK KaK BCJIEJCTBHE CHMMETPHH 3alla7H MPH nepexofe
oT cuctemnl K K cucreMe K° yacTHipl O6GMEHHBAIOTCS CKOPOCTSAMH.

f/k 7 X
wlw

[+]

)0_ .

2

v-cropocms K

——
omracumensie K
y ,
6)
J
2
Pne. 67.3.

Bocnoab3yeMcst  ¢opMyJiol Ipeo6Gpa3oBaHHA WIPEeKOBOH KOMMO-
HeHThI ckOopocTH. B cucteme K’ HrperoBasi KOMIOHEHTa v, Haua/abHOil
CKOPOCTH 9acTHLHI 2 paBHA W, a HKCOBash KOMIOHEHTAa U, paBHAa HYJIO.
B cucreme K HrpeKkoBasi KOMIIOHEHTA U, HayaJIbHOM CKOPOCTH HacTHLbI 2
paBHa u. OTHOCHTeNbHAA CKOpPOCTh U, cucreM K’ u K paBHa v. Hrak,
v,=u, v,=w, v;=0 1 v,=v. IloAcTaBuB 5TH 3HaueHHs BO BTOPYIO H3
¢dopmya (66.1), MOAYYHM HCKOMYIO CBA3b MEXAY U4 M Wi

u=wlV 1—v¥yc.
INoncTanoBKa 3Toro 3HadeHus u B paBeHcTBO (67.3) maet, 4910

f@y=fV 2Fu2)V T—v¥c. (67.4)
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[ycts w (a 3HauuT, U 4) MHOTO MeHbLUE ¢, B TO BPeMs KaK U NOpAAKa
¢ (4acTHLBI JIETAT MOYTH NapaJienbHo ocH x). Torna f(w) MoxHO moao-
JKUTBb PaBHOM emuHuLe, a ) v+ u? cunTaTh paBHEM . CaMy 3Ke U MOXHO
paccMaTpHBaTb He KaK COCTABJSIOUIYIO CKOPOCTH IO OCH X, @ Kak Mo-
JlyJlb CKOPOCTH YacTHURI. B 3TOM cayuae cooTHoweHHe (67.4) mpHHUMaeT
BUZ

1=f )V 1—0v%c,

OTKyJa

FO)=3 ==

V2 /CZ

Toacranoska 3710#i (yHKUMH B (67.2) NPHBOZHT K PeNATUBHCTCKOMY
BhIpaXKeHHIo AJIf MMNyJbca:

mv -
p= g (67.5)

Bripaxenne (67.5) MOXXHO NpeAcTaBUTb B BHAe
m_ & (67.6)

P=yi—woa &’

rie dt — NMpPOMEXYTOK COGCTBEHHOTO BpeMEHH YacTHIbI, 3a KOTOPHIH
OHa moJayyaer cMelleHHe dr (cMm. (64.3)). OtveruM, uto dr B dopmy.ie
(67.6) ecTb mepeMmeliieHie YacTHUBLI B TOH CHCTEMe OTCYeTa, B KOTODOIi
OnpejesifeTcs HMIYJbC P; MPOMEXYTOK BpeMeHH dT ompefieniseTcsi Mo
yacaM, ABHKYILUHUMCSt BMecTe ¢ 4yacTHuell. Macca m npeacrasisier coGo#
MHBAapHAHTHYIO H, C/elOBATeNbHO, He 3aBHCAILYIO OT CKOPOCTH Tesa
BEJIHYHHY.

M3 (67.5) cnenyer, 4TO 3aBUCHMOCTH HMINYJbCa OT CKOPOCTH OKas3Hl-
BaeTca 6osee CJI0KHOH, YeM 3TO NpeAnoJaraeTci B HbIOTOHOBCKOH Me-
xanuke. Ilpn v« c Buipaxenue (67.5) nepexoautT B HbIOTOHOBCKOE BEHI-
pakeHue p=mv.

3ameruM, uTo BhlpaxeHue (67.5) JomyckaeT c/elylollyio, BCe peie
HCTIO/b3yeMylo TPakToBKY. MMnysbc, Kak 1 B HbIOTOHOBCKOA MeXaHH-
Ke, paBeH NPOH3BEJEHHIO Macchl Teja Ha ero CKOpOCTb:

p=m.v. (67.7)

Onnako Macca Tesia He SIBJAETCA NOCTOSIHHOA HHBap]IaHTHOﬁ BeJYH-
LIOH, a 3aBHCHT OT CKOPOCTH IT0 3aKOHY

m

I'lpn Takofi TpakToBKe MHBAPHAHTHYIO Maccy f Ha3blBAalOT M acCCOH
NOK O (eeyacTo 0603HAYAT CUMBOJIOM f11y). 3aBUCALLAA OT CKOPOCTH
HeHHBapHaHTHasl Macca /m, HOCHT Ha3BaHHe PeJ A THBHCTCKOH
Macch HIAM Macch ABHXEeHHAd.
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§ 68. PeafiTHBHCTCKOE BbipaXeHHe /ISl 3HepTHH

Bropoit 3akon HbloToHa raacHT, 4To NpoM3BOAHAA HMIyJbca 4Yac-
TULLl (MaTepHasbHOH TOYKH) [0 BpEeMEHHM PpaBHA pe3yJbTHpYHoLLeil
cuJe, delcTByloulel Ha yacTuuy (cMm. ¢opmyay (9.1)). ¥YpaBHeHnue BTO-
pOro 3aKOHA OKa3blBaeTCs WHBAapPHAHTHBIM OTHOCHTEJIBHO Mpeobpa3so-
BaHuil JlopeHua, ec/iM Noj HMMYJ/1bCOM NMOAPa3yMeBaTh BeIHUHHY (67.5).
CnepnoBaTte/lbHO, PeNATHBUCTCKOE BhIpa:KeHMe BTOPOro 3akoHa Hbrotolia
HMeeT BHJ

d my
2 (Vl__UTCz, F. (68.1)

Crenyer uMeTb B BHAY, YTO COOTHOWIeHHE mW=F B PeJsTHBHCTCKOM
c/yuae HellpUMeHHMO, npHyeM ycKopeHne w H cuaa F, BooGie rosops,
OKa3blBaIOTCA HEKOJJIMHeapHbIMH,

3aMeTHM, 49TO HM WMIMY.IbC, 1IH CHJA He ABJIAIOTCA HHBapHAHTHBIMI
BesIHuMHaMH, PopMyJ/bl NpeoOpa3oBaHMS KOMIOHEHT HMIYJ/bca MpPH
nepexoie OT OAHOIl MHepUHasblOH CHCTeMB OTcYeTa K ApPYyroil 6yayt
noslyyeHH! B cjefytowlem naparpage. ®opMyJsl npeo6pa3oBaHUs KOM-
TIOHEHT CHJIBI Mbl JaauM 0e3 BhiBOZa:

Fx+((B/c)F'v F, VT—p® F,V1—p¢
=, F=—"——"—" F,=*%—-"- (68.2
y 1+ B (vx/c) Y 1+p (vx/f) 2 +p (Ux/c) ( )

(B=wvo/c, v’ — ckopoctb uyactuusl B cicreMe K'). Ecan B cucreme K’
JeficTByromas Ha 4actuuy cusa F' nepneHAUKYJfipHA K CKOPOCTH 4ac-
THILL V', CKaJifipHOe mpoH3BefseHe F'v’ paBHO HYJII0 H nepBas U3 ¢op-
Myna (68.2) ynpomaercs ciieAyolUM 00pa3oM:
-
Fo=— . (68.3)
* 1+|5(Ux/5)
UToOn HalTH peJIATHBHCTCKOE BhlpameHWe JJIi SHEPTHH, MOCTYMUM

TaK Me, Kak Mbl nocrynuiu B § 19. YMHOXHM ypaBHeHHe (68.1) Ha
nepeMelleHHe 4actuubl ds=v df. B pesyabraTe noJjydum

d mv
T (W-—UT/CE) vdt=F ds.
ITpaBasi wacTb 3TOro cooTHoweHHs AaeT paGoty dA, coBepluaeMylo Hag
yacTHuel 3a Bpems df. B § 19 6bio nokasano, yto pabora pesyJbTH-
pymooleil Bcex CHJI HAET Ha TpHpallleHHe KHHETHYECKOH 3Hepruu
yacTHupl (cM. ¢opmyay (19.11)). CnenoBaTenbHo, JieBasi 49acTb CO-
OTHOLLEHHS JO/KHA GLITh HCTOJNIKOB2HAa KaK NpHpalleHHe KHHeTHYEeCKOH
aHepruu T wactuunbl 32 Bpems df. Takum oGpasom,

_d mv _ my
4T = 2 (i ) Vet =V 4 (e )
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IlpeoOpasyeM moaydeHHOe BLIpa)eHHe, NPUHSAB BO BHHMaHHE, YTO
v dv=d (v¥2) (cM. (2.54)):

dT =v { mdv mv (v dv/c?) } md (v%/2)

T U=wiprT
mc®d (v¥c?) d( mc? )
Viewe )

TI(I= R T— e

V’m—z (1_v2‘/cz)3/2

HuTerpupoBanne noJyyeHHOTO COOTHOMmEHHS AAeT

mc?

_— . 4
T g -+ const (68.4)

Tlo CMBICJTY KHHeTHYeCKOH 3HEpPruH OHa J0J/I2KHa oﬁpama’rbca B HYJb
npu v=0. Orciofa I KOHCTAHTHI noJiyyaercss 3Ha4veHHe, PaBHOE
—nmch, Cnenosa're.nbﬂo, PEeIATHBHCTCKOE BLIpaXK€Hle JJA KHHeTHue-
CKoii JHEPrHH YacTHUBLI HMEET BHJ

=" e mef el 1
T = s —me = me* (= —1).
B cnywae mannix ckopocreli (v<Zc) dopmyay (68.5) MoxHO mpeoGpa-
30BaTh CJEAYIOLMM 00pa3oM:

1 1 ¢? mu?
T=mc2<W__?—/?—-l)~mcz<l+-§- CT—1>= 5 -

Mul NpUIIIK K HbIOTOHOBCKOMY BBLIPAMEHUIO /I KHHETHYeCKoi 3Hep-
THH YaCTHLLI. DTOTO H CJEJ0BANO OXKHJAATh, IOCKOIBKY HPH CKOPOCTHX,
MHOTO MEeHBHIHX CKOPOCTH CBeTa, Bce (HOpMYJIEI peNATHBHCTCKOH MeXxa-
HHKH JAO/I2KHBl NEPEXOAHUTb B COOTBETCTBYIOIIHE (OPMYJIEI HBIOTOHOB-
CKOH MEXaHHKH,

PaccmorpuM cBoGOAHYI0 uacTHUy (T. e. 9acTHLLy, He IOJBEpKEH-
HYIO JefiCTBHIO BHELUHUX CHJI), ABHKYILYIOCH CO CKOPOCTBbIO U. MHI BhI-
ACHHMJIH, YTO 3Ta yYacTHUa oOvsidJaeT KMHETHYECKOH 3Hepruel, omnpcie-
JfeMoit dopmyJoit (68.5). OnHako uMEIOTCH OCHOBaHMA (CM. HHIKE)
npHnHcaTbh CBOGOAHON YacTHlle, KpOMe KMHeTHueckoil snepruu (68.5),
JIOTIOJIHHTENLHYIO 3HEPTHIO, PaBHYIO

Ey=mc?, (68.6)
Takum o6pa3oM, nosHas SHEPrus CBOGOAHOM YACTHLEI ONpeaenseTcs

evipayenueM E=T-E,=T-+mc? Ilpunas se BHumarue (68.5), no-
Jy4¥M, YTO

(68.5)

2
E=—rt _, 68.7
VYV 1—v¥c? ( )

IMpn v=0 Brpaxenne (68.7) nepexoaut B (68.6). IlosToMy E,=
=mc? Ha3blBAOT 3Hepruedl I OK 0. Ira SHEPrus npejacTabiasieT
€000l BHYTPEHHIOI SHEPTHIO YaCTHIIL!, HE CBSA3aHHYIO C ABUIKEHHEM yac-
THLEI KaK uesoro, ®opMyan (68.6) u (68.7) cnpasenauBhl He TONBKO AJS
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3JIeMeHTapHOM YacTHUB!, HO H AJS CJIOMHOIO Tesa, COCTOSALIErO U3 MHO-
rux yactuy. Dueprus E, Takoro Tena coxep:KHT B ceGe, MOMHMO 3Hep-
ruit MoKosl BXOAALIHX B €r0 COCTaB YacTHL, TaKKe KHHETHUYECKYIO 3Hep-
ruio yacty (06YCJOBJEHHYI0 HX IBHXKEHHEM OTHOCHTEe/NIbHO LeHTpa
Macc Tesla) H' JHEPruHio UX B3aHMOJEICTBMA JAPYr C APYroM. B sHep-
THIO MIOKOSI, KaK M B NoJAHYI0 ') s3Hepruio (68.7), He BXOMUT MOTEHUHATb-
Hasf 3HEpTUs TeJla BO BHEIUHEM CHJIOBOM IO.1e,

UckniouuB u3 ypapreHuit (67.5) u (68.7) ckopocTb v (ypaBHeHHe
(67.5) HYKHO B3#iTb B CKaJSPHOM BHJe), MOJYYHM BbIpakeHue MOHO
3HEpPTHH YacCTHLBI 4Yepe3 HMNYJbC p;

E =cV p* + m*c. (68.8)
B cayuae, xorma p<€mc, 3Ty ¢dopMyay MOXHO MPENCTaBHTb B BUAE

E = me? ( V 1+ (L) mme 144 (2)'] —me+ L. (68.9)

ITonyuyenHnoe BblpaxkeHHe OTJHYaeTCS OT HBIOTOHOBCKOTO BbIPaXEHUS
I KuHeTHdecKoil sHeprunm T'=p?*2m cniaraembM mc?,
3aMeTHM, 4TO W3 CONOCTaBJIEHHS BbipaxKeHuil (67.5) u (68.7) BriTe-

Kaet dopmysa

p=—ov. (68.10)

IosicuuM, nodgemy cBOGOZHOH HacTHIE cjelyeT NMPHMHCHLIBATH 3flep-
ruio (68.7), a He TONBKO KHHeTHYeCKYlo 3Hepruio (68.5). DHeprus mno
CBOEMY CMbICIY AOMKHA OblThb coxpaHsmwouledics BejauunHoi. Coorsert-
CTBYIOLIEe PAaCCMOTPEHHe MOKA3bIBaeT, YTO NMPU CTOJKHOBEHUAX HACTHIL
coxpaHsieTcsi cyMMa (1o YacTHlaM) BelpaxeHHit BHaa (68.7), B To Bpems
KaK cyMma BblpaxkeHHH (68.5) okasbiBaeTcs Hecoxpausiouiefics. He-
BO3MOXHO YJOBJIETBOPHTL TPeGOBaHHIO COXPAaHEHHsI 3HEPrHH BO BceX
HHepUHaJbHLIX CHCTEMAaX OTCYeTa, €c/lM He YUYHTLIBaTb 3HEPTHI0 Mo-
Kona (68.6) B cocraBe moJ/HoOl 3HEPrHH.

Kpome Toro, u3 Beipaxenus (68.7) 47151 aHepruy M BulpaxeHus (67.5)
LISl MMIyJbca yRaeTcA o0pa3oBaTbh MHBAapHAHT, T. €. BeJHYHHY, He
H3MeHsoOULYloc NpH npeoGpa3oBaHuAX JlopeHua, [leicTBUTENLHO, U3
¢dopmyant (68.8) BbiTekaer, uTO

E2 2 22 1

= —pr=mic=inv (68.11)
(HamoOMHHM, 4TO Macca tm H CKOPOCTb ¢ SIBASIOTCH HHBAPHAHTHLIMH Be-
JUYMHAMH), DKCMEepPHMEHTHl Haj OLICTPLIMH YacTHHAMH MOATBEpPIKAAIOT

1) Ot™meTHM, YTO TEPMHH €MOJNHAA SHEPrHfi» MMeeT B PeJATHBHCTCKON MeXaHHKe
HHOM CMBIC/, YeM B HbIOTOHOBCKOH MeXaHHKe. B HbloTOHOBCKOH MexanMKe MOJIHON
SHepruefl Ha3bIBAETCA CyMMa KMHETHUeCKOH M MOTeHUHA/NbHOR 3HepTHit yactuusl. B pe-
JIATHBHCTCKOIT MEXaHHKe MOX MOMHO# 3HeprHeil MOHHMAeTcsA CyMMa KHHETHYECKOH 3Hep-
THH H 3HEPTHH MOKOA YacTHLUbL.
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MHBapHaHTHOCTh BeanuyuHbl (68.11) Ecau mop E B (68.11) moHHMaTth
KuHeTHyeckylo 3Hepruio (68.5), BripaxeHue (68.11) okaspiBaeTcs He
WHBapHaHTHBIM,
Monyuum emie opyo Beipa)ceHHe NSl peJNsTHBHCTCKOH sHepruu. M3
¢opmyJsl (64.3) caenyer, 4To 1 J
t
Ve dr’ (68.12)
rie df — NMpPOMEXYTOK BpPEeMEHH MeXXAy ABYMS [POHCXOASILHMH C yac-
THLEeR COOLITMAIMHM, OTCUMTAHHBIA MO YacaM TOH CHCTEMBI OTCYe€Ta, OT-
HOCHTEJIBHO KOTOpOH 4acTHIa ABUIKETCS CO CKOPOCTbIO U, dT — TOT XKe
MPOMEXKYTOK BpEeMEeHH, OTCYUMTAHHEIH 10 YacaM, ABHXKYLIMMCH BMecTe
¢ yacTHUe#l (npoMexyTOK coGeTBeHHoro BpemenH). [logcraBiuB (68.12)
B dopmyay (68.7), moayyuMm Bhipa:keHHe

dt
E=mc2d—r. (68.13)

Sroir dopmyJofi Mbl BOcmoJib3yeMcss B cjepylolleM naparpade.

§ 69. MpeoGpazoBaHus HMIYyJAbCA H IHEPTHHU

Tlonnas sxeprus E W MMIyJbC p He SABAAIOTCA HHBAapUHaHTaMmH,
JHefictBuTeNbHO, 0Ge BeJHYUHBL 3aBMCAT OT U, CKOPOCTb JKe B pasjHy-
HBIX CHCTEMaX OTCYeTa MMeeT HEeOJAMHAKOBOe 3HaueHHe, BbIACHMM, Kak
npeo6pasyloTcd SHEPrUs U UMNYJbC [PU Mepexofie OT OOHON CHCTEMBI
oTCcYyeTa K ApYrof.

PaccMoTpUM 3J/ieMEHTapHOe MepeMellleHHe HEKOTOPOHM HYaCTHLEL.
[Tycte B cucteme orcueta K 3TO HepeMellileHHe OCYLIECTBIseTCA 3a
BpeMs df, a KOMNIOHEHTHI epeMellleH!s paBHbl dx, dy, dz. B cucreme K’
TO e caMoe NepeMeleHHe POHCXOAUT 3a BpeMs df’, a ero KOMIIOHEHTHI
paBubl dx’, dy’, dz’ B cootBercTBHH C dopmysamu (63.17) mexay mnpo-
MEXYTKaMH BpeMeHH M KOMIIOHEHTAMH NepEMELEHHs HMENICH Cuui-
HOLLEHU S

=dx’—|—ﬁcdt’ — — s’ =cdt’—:~ﬂdx’
dx ——Vl—ﬁ% , dy=dy', dz=dz", cdt _——Vl—ﬂz'

YMHOXHM 3TH GOPMYJIBI HAa Maccy HacTHLBI /72 M Pa3feMM Ha COOoT-
BeTCTBYIOLee NpoMexyTkaM df U df’ coGCTBeHHOe BpeMsl YacTHIb dT
(HamoMHHM, 4TO Macca H coGCTBEHHOE BpeMsl IBJISIOTCS MHBAPHAHTHBIMI
BeJHYHHAMH, T. €. HMEIOT OJHMHAKOBOe 3HayeHHe B obeHX cCHCTeMax).
B pesyabrate nonyuum

dx _m (dx’ /dT) +Pmce (d?’ /d7)

dt Vi—p? '
dy __ dy dz __d?

Cﬂ __mc (dt'/dt) 4 Pm (dx' /dv)

M F Vi—p
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CornacHo (67.6) m(dx/dv)=p,, m(dx'/dt)=p;, m(dy/dt))=p, u
T.A. B cootBerctBuu ¢ (68.13) mc(dt/dv)y=Elc, mc(dt'/dt)=E'lc.
C yuetom 3toro dopmyasl (69.1) MOXKHO nMpeacTaBHTb B BHJE

_ PxtB(E') — — __(E'[c)-+ Bpe
Pe=" =g * PyT P Pi=Pa (E/e) ek (69.2)

Mbl mosnyunau ¢GopMyJbl, O KOTOpLIM Npeo6pa3yloTcs HMOYJAbC H
3Heprusl 4acCTHUBI NMpPH Mepexoje OT OJHOH MHepPLHaJbHOH CHCTEMBI OT-
cyerta K jpyroii. 3t ¢opMyarl coBnaiawnT c gopmytamu (63.17), no
KOTOpBIM Npeo6pasyloTcsi KOOpAHHATEl M Bpems. UTobwl Jerye 6blo
NPOM3BOAUTb CONMOCTaB/eHHe, HanuweMm dopMyanl (63.17) u (69.2)
psaoM:

x =X B p _ PxtB(E)
VT—p’ ovi=p
y___ yr. 2= 2'. py — p;' pz= p;' (693)
_(et') By oy (E0)+Bpx
(ct) =V’ (E/c) View

M3 conocraBjieHHs cheayeT, YTO KOMMOHEHTHI HUMNYJIbCa BEAyT ceds
npu npeoGpa3oBaHMsiX KaK KOODJAMHATH, a SHEPTHS — KaK BpeMms,

BckpriBaeman ¢opmyaami (69.3) anasiorust nossosisieT NpeACTaBHTh
MaTeMaTHYeCKHil anmapaT peJsiTHBHCTCKOH MeXaHHKH B BUJE COOTHO-
lIeHHH MeXZYy BeKTopaMH B BOOOpa)kaeMOM YeThIpeXMepPHOM MpoCT-
paHcTBe (ueThipexBexkTopam#). B § 62 MBI yxke oTMeuasaH, 4To 3TOMY
NPOCTPAHCTBY NMPHXOAMTCA MpPHIHKCHIBATL HEOObIUHBIE CBOMCTBA, OT.1HY-
Hble OT CBOMICTB NPUBBLIYHOTO HaM €BKJMJ0OBa npocTpaicrtsa. B Ttpex-
MEpHOM eBKJIMJOBOM IIPOCTPaHCTBe BeJHYHHA

Al=Ax*+ Ay +AZ?

ABJI4€TCA HHBapHaHTOM, T. €. HE H3MEHSIETCA NpH IOBOPOTAaX KOODAif-
HaTHLIX oceii. B NMPOTHBOINOJIOKHOCTb 3TOMY BEJHYHHA

ct AP+AR Ay A2 (69.4)

OKa3blBaeTcsl He MHBapHaHTHOH — oOHA He coxpaHseTcs NPH nepexojie
OT ORHOH HMHepUHA/NbHOH cHCTeMBI OTCYeTa K Apyroif (Takoil mepexon
MOXXHO NpPeACTaBHThL KaK TOBOPOT Oceil B YETHIPEXMEPHOM IPOCTPaH-
cree). CiepoBaresbHO, BeaHunHa (69.4) He o6aasaer cBoficTBaMM
KBaJpaTa pacCTOSHHA MEXAY ABYMA MHDPOBLIMH Toukamu, MuBapuanTt-
HEIM, KaK MhI BbISICHHJH B § 65, aBjsercs BblpaimeHue

As?=ctAfP—Ax?—Ay*—AZ2, (69.5)

KOTOpOe H CJeAyeT paccMaTrpHBaTbhb KakK KBaJpaT pPacCTOAHHA MEXKAy
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IBYMSL TOYKAMH B HHTepecyiolleM Hac 4YeThIpeXMEPHOM [pOCTpaH-
cTBe }).

HapgenuB uerbipexmepHOe MPOCTPAHCTBO TAaKHMH CBOHCTBAMH, Mbl
MOXEM paccMaTpHBaTh BEJNHYHHEI cf, X, Y, 2 KAK KOMINOHEHTHl UeThipex-
BEKTOpa, NPOBEJEHHOr0 H3 HauaJa KOOPAMHAT B JaHHYIO MHPOBYIO
TouKy. CooTBeTcTBeHHO ¢ Af, Ax, Ay U Az MOXXHO paccMaTpHBaTh Kak
KOMITOHEHThl 4eThIpeXBeKTOpa — MepeMelieHUss H3 OfHO# MHpOROI
TOYKH B JpPyryio. B TpexMepHOM eBK/IHIOBOM NpPOCTPaHCTBe, Kpome
paaHyca-BeKTOpa H BeKTOpa mepeMellleHHs, pacCMaTpHBawTcd H Ipy-
rHe BeKTOpHI (CKOpPOCTH, YCKODEHHS, CHJIBl M T. 1.), MPHYEM JJs JIio-
foro BeKTOpa a BejMYHHA

a*=ai+aj+a;

ABJAsETCS MHBapHaHTOM. KOMNOHeHTH J060ro TaKOro BeKTopa npeos-
pasylTcA NpH MOBOPOTAX KOOPAMHATHHIX Ocell Mo TaKHM ke dopmy-
JaM, KaK M KOOpZAMHATHI.

[To aHamorMuM c TpexMepHbHIMH BEKTOPaMH B €BKJHMJIOBOM IpOCT-
PaHCTBe MOXKHO ONpejesHThb YeThlpeXMepHble BeKToprl. [lox ueTsipex-
MepHbIM BEKTODOM MOHHMAIOT COBOKYNHOCTb YeThlpeX BeJIHUHH @y, dx,
ay, a,, Npeo6pasyiolMXCsA N0 TeM ke popMyJam, uTo H ct, X, Y, Z (CM.
Nesblit cTonGen, ¢opmya (69.3)). «KsaapaT» Takoro BeKTopa chaelyer
onpefeuTh Kak

ai—a;—a; —ai. (69.6}
BcnepcTBHe TOro, UTO KOMMOHEHTH Npeo6pasyioTca TaK e, KaK Koop-
IuHaThl, BblpaxkeHHe (69.6) oka3biBaeTci MHBADHAHTHBIM IO OTHOUIS-
HHIO K TnipeoGpa3oBaHuaM JlopeHua.
H3 dpopmya (69.3) cienyer, 4TO COBOKYNHOCTb BEJTHYHH

Ele, pu Py P2 (69.7)

obpa3yeT yerbipexBeKTop. Ero Ha3bBaloTBe KTOPOM 3 HEe P T U H-
HMnyJabca. O6pasoBaHHOe U3 KOMNOHEHT (69.7) BhipaxkeHHe BHJIA
(69.6) siBasieTcA, Kak Mbl ycTaHOBHaH (cM. (68.11)), HuBapHaHTOM:

(Elc)* —pz—py— pz=m*ct.

§ 70, B3aumocBA3b MacChl H 3HepruM

Bocnosb3obaBiuch pensiTHBHCTCKOH Maccolt (cM. (67.8)), dopmyny
(68.7) MoxHO HanucaTb B BHIE

E=m_2 (70.1)

W3 storo cooTHOlIeHH BEITeKaeT, YTO SHEPTHA TeNa H €ro PEIATHBHCT-
CKasg Macca Bcerja nponopuHoHadbHbl Apyr Apyry. Beskoe 2) uame-

1) Pasymeercsi, MOXHO paccMaTpHBaTh M €BKJAMOBO HeThIpeXMepHoe NpOcTpaH-
ct80. OXHAKO TaKOe MPOCTPAHCTBO A HYXA PEISATHBHCTCKON MEXaHHKH OKA3bIBAeTCH
HENPHIONHKLIM.

%) 3a HcKJIOYeHHEM R3MeHeHWS MOTEHUHATLHOR 3HEPTHH BO RHEUIHEM Moje U,
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HeHHe 3Heprud Ttena AL conpoBOXJIaeTC H3MEHEHHEM peNfTHBHUCT-
ckoii Macchl Tena Am,=AE/c* n, Hao60pOT, BCAKOE H3MEHEHHe pe-
JATHBHCTCKON Macchl Am, cOnpoBOXAaeTCA H3MEHEHHUEM SHEPrHH Tena

AE =c*Am,. (70.2)

3TO YTBEPXKJEHHEe HOCHT HasBaHHe 3aKOHAa B3aMMOCBA3H
PENATHBHCTCKON MaccH H 3HeprHuul).

IlponopunoHanbHOCTS MEXIY PeNATHBHCTCKON Maccoi M 3Heprueii
NPHBOAMT K TOMY, YTO YTBEDXJEHHE O COXPAHEHHH CYMMapHOH pe-
JIATHBHCTCKOM Macchl 4acTHIL NpeACcTaBafeT co60i CKa3aHHOE HHbIMH
CJOBaMH YTBEDXJEHHE O COXPaHEHMH CYMMapHOH NOJHOH SHepruH.
B cBsI3H ¢ 3THM He NPHHATO TOBOPHTb O 3aKOHE COXPaHeHHs peNATH-
BUCTCKOH Macchl KaK 06 OTHeJbHOM 3aKOHe.

B npoTuBonosoxHOCTL peNiTHBHCTCKOH Macce cyMMapHas Macca
NOKOSI CHCTeMBl B3aHMOJIEHCTBYIOLIIHX 4acTHIL He coXxpaHserca. Hanpu-
Mep, NpPH HeynpyroM COyAapeHHH JABYX YacTHL, HabMoJaeMOM B
cHCTeMe HX IeHTpa Mace, Macca NMoKos o6pa3oBaBLICACs 4HacTHLbI
paBHa

ms=m, +m,+ (T, +T,)/c?,

riae m; u T;— Macca noKosi H KHHeTHYecKas SHeprHsi neppofl HCXOAHOM
yacTHubl, m, H T; — Macca NMOKoA H KMHETHYecKasi 3Heprus BTOPOH
yacTHuel. TakuM o6pasoM,

my > m, -+m,.

B paccMoTpeHHOM cnyyae KuHeTHHecKas SHEPrHsi MCXOAHBIX HacTHIL
npeBpaTHiach BO BHYTPEHHIOIO 3Hepriio o6pasoBaBLIEHCA YacTHIHI,
B peayJbTaTe Yero Macca roKosi 3TOH YaCTHIE NPEBLICHJIA CYMMY Macc
NOKOSI MCXOAHBIX YacTHIL.

Pa6ora aTOMHBIX 3/IeKTPOCTAaHIMIH OCHOBLIBAeTCS HA LIEMHOH peak-
LMK jeJeHHs sjep ypaHa %iU (MM NAYTOHKSA) NpH 3axBaTe MELJIEH-
HBIX HeHTpOHOB £ ). JlejieHHe OCYLUECTBJSETCS pPa3HBIMH NYTAMH.
OaHH H3 HHX BHIMIALUT cheaylomuM obpasoM:

38U 4 n — 28U — 18Cs 4 $¥Rb + 27 (70.3)

3axBaTHB HeHTPOH, AP0 YpaHa pacmajaercd Ha AIpO LE3HA C Macco-
BbIM yHcaoM 140 u axpo py6unusa ¢ MaccopeiM uHcaoM 94. Kpowme Toro,
BHJeAseTcs ABa HelTpoHa. CyMMapHas Macca nokosi ypaHa-235 M
HeHTPOHA NpeBOCXOAMT CYMMapHYI0 Maccy MOKOs 4acTHIl B NPaBoil
yacTH dopMmyan (70.3) npumepHo Ha 4-10~2° kr, OTBeuaiollas ITOMY

) HHorna roopsT 06 5KBHBaJIEHTHOCTH MaCCH K 5HEpTHH, NOXPa3yMeBas HX B3a-
HMOCBA3h W NPONOPUHOHANLHOCTB JAPYT APYTY.

2) Cumpon 253U 0603HayaeT H30TON YpaHa ¢ MACCOBHM THCAOM, paBHEM 235. Slapo
aTOMa 5T0T0, H30TONa COCTOHT M3 92 npoToHOB K 235—92= 143 HefiTponos. CuMBoJoM R
0603HayaeTcH HEeATPOH,
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H3OLITKY Macchl BHYTPEHHAA SHePrusA, paBHas
E=c*Am=(3-10%2.4.10-2 ~ 4.10~1 [T,

NpeBpalllaeTci B KHHETHYECKYI0 3SHepruio 06pasylollMXci YacTHL
(OCKONIKOB JieJieHHs1) ¥ B SHEPrui0 3/eKTPOMarHHTHOrO M3JyYeHHd,
BO3HHKAIOILEr0 NPH JAeJTEHHH.

§ 71. YacTHubl ¢ HyJdeBoH Maccoii?)

[MTonoxus B gopmyse (68.8) m paBHO#t HyJIO, MOAYYHUM COOTHO-
ILeHHe

E=cp, (71.1)

KoTopoe coryacyerca ¢ (68.10) Tonbko DpH YC/IOBHHM, 4YTO U==C.
Orciofa crepyer, 4To yacTHLA ¢ HyJeBOM Maccoil Bcerfa ABHXKETCA
CO CKOPOCTBIO CBeTa B BaKyyMe. K uHC/Iy TakHX 4YacTHi, NpHHauje-
JKUT CBETOBafA 4acTHua, HasbiBaeMas ¢oToHOM. Jlo HenaBHero Bpe-
MeHM IOJarajiH, 4T0 HYJIEBYI0 Maccy HMeeT TaKke 3JieMeHTapHas
yacTHila, HasbiBaemass HeH TpuHo. OnHako B 1980 r. B. A. Jliobu-
MOB C COTPYAHHMKAMH MOJYYHJI 3KCePHMEHTaNbHO A/l Macchl HeATpH-
Ho 3HaueHue 6-107% xr (1/15000 Macchl 31eKTPOHa). DTH AaHHbIE
He Obl/IM MOKAa NOATBEPXKAEHBH B APYrHX 3KCNePUMEHTaX, B CBA3H C
yeM He MOTYT CYMTaThCA OKOHYATe/NbHBIMH.
DHeprus ¢otoHa onpenensiercs ¢GopMy.JIoi

E=hv, (71.2)

rie h—noctosnuaa Ilnanka, v—uactota cBeTa. B COOTBeTCTBUH C
(71.1) doton obGnagaer UMNyJIbCOM

p=hvjc. (71.3)

Ceer npeicraBnser coGoii mnotok ¢oroHos. IIpn norsomieHHH cBeTa
WM OTPXKEHHH €ro OT MOBEPXHOCTH KaKoro-iuGo Tesma 3TOMY Teny
coofliaeTcss UMNYJAbC, YTO NPOSAIBJASETCS B BHAe NaBJeHUS, OKa3blBae-
Moro cetoM Ha Tesio. CperoBoe nabnenue uamepusn I1. H. JleGenes
B 1900 r. PeaynbTathl u3MepeHu#l OKa3aquCh B INOJHOM COIVIACHH C
dopmytoit (71.3).

O6wasn Teopust otHocutesnbHoctH (OTO) npeacraBaser coGoft pe-
JIATUBHCTCKYIO TeOpHio rpaBHTauud. B cnyuyae cnabbix rpaBHTalHOH-
HbIX TOJEH M MaJblX cKopocTel (V<< ¢) 9Ta TEOPHA NEPEXOJUT B HbIO-
TOHOBCKYIO TeOPHI0 (B 3aKOH BCEMHPHOTO TAroTeHus). MOTOH ABHIKETCH
€O CKOPOCTBIO €; NO3TOMY (OpMyJibl HBIOTOHOBCKO#M TEOPUH K HEMY He-
NPUMEHHMBL.

1) imMeercn B BHAY uHBapuaHTHas Macca, HasbiBaeMasg B HayuHO-ROMYJAspHOf
JIUTepaType M HEKOTOpLIX yuyeGHHKax Maccoil MOoKosl.
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Cornacio OTO Bo3zeficTBHe TPaBUTALHMOHHOrO NOJS Ha HacTIUy
onpejensieTcsi ee 3Heprueil W MMmysancoM, a He Maccod ). Iloatomy,
xoTa GoToH M GesMaccoBas yacTHLia, OH IOABEDMKEH JeACTBMIO Tpa-
BHTALHOHHBIX MoJeil.

Onsa cnyuasi, korja ¢oToH JABHKeTCcH «BAOJb» 'PAaBUTALlMOHHOTO
nosnst (T. e. BAOMb JIMHHI MoJisi), pe3ysbTaThl pacyeTa, AaBaembie OTO,
COBMQJAIOT C pe3yJbTaTaMH, NOMYYaOIMMUCA B HBIOTOHOBCKOH Teo-
pHH LS YacTHLLI ¢ Maccoit m=~hv/c®. OgHako B cayyae, Korja GoToH
JBHIKETCS1 ¢nomepek» noas, pesyabtathl OTO u HblOTOHOBCKO# TeopHH
pe3Ko pacXoiATcd, NpHYeM C 3IKCNEeDHMEHTOM COIJacyloTcs AaHHbIe,
nonyyaemsle OTO. TlostoMy Hemn3s cuuTaTh, 4TO (JOTOH o6Aazaer
Maccoit hv/c*,—dgoToH 6e3MaccoBasi yacTHIa.

®otoHbl, npuxoiswue Ha 3emmo ot CoJHua, JBHKYTCA BIO.Tb
JHHUR TpaBUTaLHMOHHBIX monefi. B nose ConHua cunibl TArOTeHHA co-
BepLIAIOT Haj (OTOHOM oTpHUaTeNbHYIO paboty, B mose 3eMJH pado-
Ta cua mosa nosoxurenbHa. OxHako nome CoJHlla HAMHOTO CHJbHee
noas 3emuu. IloaToMy B cymme copepiuaemass Haj (oToHOM paboTa
OTpHHATeNbHA, YTO MPHBOJUT K YMEHbIUEHHIO 3HEPrHH OTOoHA.
CoraacHo (71.2) yMeHblieHHe SHEPrMH COMPOBOM/ACTCS YMEHbILEHHEM
YacTOThl CBeTa. JTO yMeHbllUeHHe HOCHT Ha3BaHHe T'PaBHTaI U O H-
HOTO KPacHOrO cMelle HU A (4aCTOTAa KPacHOro CBETa MeHblue,
yeM (HOJIETOBOTO).

B HenocpescTBeHHOH GJIM30CTH K NMOBEPXHOCTH 3eMJIH Haj JeTs-
UM N[O BepTHKaJAH (oTOHOM coBepmaercs pabora == (Av/c®) gl, rie
[ —TpolileHHbIi MO BEpTHKAJMM MNYTb; IJIIOC COOTBETCTBYET JIBHIKEHUIO
(JoTOHa BHH3, MHHYyc—JBHXKeHHIO BBepX. llpupaBHsaB 3Ty paboty
NpHpalleHH0 3Hepruu ¢otoHa, noayuum AE=hAv=4 (hv/c*)gl.
Orcioza nonyvaetcss ¢opMyna Al1s OTHOCHTENBHOTO H3MEHEHMA ua-
CTOTHl pOTOHa:

Avjv = =gl/c?. (71.4)

B 1960 r. avepukanckue yueHble ITayna m Pe6ka uaMepusu 1s-
MeHeHHe YacTOThl (IOTOHZ, BO3HHKAWMIee NPH MNPOXOKIACHHH HM 10
BepTHKaaH BOJU3M noBepxHoctH 3emnu nytH [=21 M. IloxcranoBka
B (71.4) sHauenuii g, ! u ¢ gaet, uto Av/v=2.10"2%, [loaydyeHHbIil
pe3y/bTaT CoBMaJ C pacyeTHHM C ToyHOCTbio 15%.

1) I'paBHTaLMOHHOE NPHTAKCHHE YAaCTHILE ITPONOPIUHKCHANBLHO BeJIHYHHE, Ha3ul-
E&€MOIl TeH30pOM 3HepPruH-HMIyJbca.



FrTABAIX
rUAPOIUHAMHKA

§ 72. Jluuun w TpyokH Toka. HepaspeiBHOCTB CTpPyR

Kpome MexaHHKH MaTepHaJbHOH TOYKH H MeXaHHKH TBepJOro TeJaa,
KOTOpBle paccMaTpHMBaJIiCh B NpeibIAYIIHX TIJaBax, CYILIeCTBYeT eile
MeXaHHKa CIVIOIIHBIX cpel. DTa HayKa OXBaTrhiBaeT THAPOAHHAMIKY,
rasoByl0 AHHAMHKY, TEOpHIO YNPYrocTH ') M PAA APYFMX AHCLUHIVIHH,
paccMaTpHBaIOMMX BEMIECTBO KaK HenpepuiBHYI cpenay. I'maponuna-
MHKa npejicTaB/ser cofoi pasjes MeXaHHKH CIVIOIIHBIX cpel, B KOTO-
POM H3YUaeTCAl ABHKEHHEe HECKHMaeMbIX XKHIKOCTeH H B3aHMOJeHCTBHE
HeCHHMaeMblX MKHAKOCTEH ¢ TBEPALIMH TenaMH.

Yrtobsl OonHcaTh ABHXKEHHE XHAKOCTH, MOXHO 3aJaTb I0JOXeHIe
KaxJIOH YacTHIH XHIKOCTH KakK bhyHKUHIO BpeMeHH. TaKoi cnocob onH-

caHus paapa6atbiBajica Jlarpan:kew.
b Ho MOXHO caequThb He 3a yacTHLAMHU
v JKHJIKOCTH, a3a OTAeJbHBIMH TOUKaMII

o MPOCTPAHCTBA, H OTMeYaThb CKOPOCTh,
C KOTOpO# mpOXOAST yepe3 KaxAyio
/—-\ JAHHYI® TOUYKY OTAEJbHble YaCTHIH

HAKocTH. Bropoil crocob Ia3niBaert-
Puc. 72.1. csl MeTofloM Jitnepa.

CocTosiHNE ABHKEHHS MHIKOCTH

MOXKHO OINpeNesNThb, YKa3aB A Ka-

X I0# TOUKH MPOCTPANCTBA BEKTOP CKOPOCTH KakK '(yHKIHIO BpeMeHH.
CoBOKYNHOCTb BEKTOPOB V, 3aJaHHBIX JJig BCceX TOYEK MPOCTPAHCTBA,
o0pa3yeT TaK HasbiBaeMoe TOJie BeKTOpa CKOPOCTH, Ko-
TOpOe MOXHO H300pa3uTh cjenymluuM o6pa3oM. IIpoBeneM B ABHXKY-
weilcs KHAKOCTH JIHHHMH TaK, YToObl KacaTeJbHas K HHM B KaxJo#
TOYKe COBNajalja no HanpaBJeHHIO ¢ BeKTopoM v (puc. 72.1). i nu-
HHUY HA3BBAIOTCA T HH U AMH TOK a. YCIOBHMCH NPOBOIUTD JIHHII
TOKa TaK, YTOOBI rycToTa MX (KOTOpas XapaKTepH3yeTcs OTHOLUEHIeM
yHcaa aHHHEE AN K BelHUMHe NepneHAMKY/ASPHOH K HHM IVIOLAAKH

1) Hekotopuie Bonpochl T€OpHH YOpYTocTH 3aTparksanuch B §§ 14 u 25,
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AS, uepe3 KOTOpYIO OHH NPOXOAAT) OhIa NPONOPLUHOHANbHA BeJHYHHE
CKOPOCTH B JaHHOM MecTe. Torja no KapTHHe JMHHH TOKa MOXHO GygeT
CYAMTb He TOJbKO O HampaBJleHHH, HO H O BeJIHYHHe BeKTopa Vv B pa3-
HBIX TOYKaX NPOCTPAaHCTBAa: TaM, Ile CKopocTb 6oJsblie, JHHHH ToKa 6y-
AYT Tyule U, Hao6OpOT, Ile CKOPOCTb MeHbllle, JHHHH TOKa GynyT
pexe.

[TockonbKy BesJHYHHA H HanpaBjeHHe BeKTopa v B KaxIoil Touke
MOTYT MEHSTbCH CO BpeMeHeM, TO M KapTHHA JMHHI TOKA MOXeT Hempe-
PLHIBHO MeHATbcA. Ec/M BeKTOp CKOPOCTH B KaXJOM TOYKEe NpOCTpaH-
CTBa OCTaeTcsi NMOCTOSTHHBIM, TO TeUeHHE Ha3LIBAeTCsl YCTaHOBMBIUUMCA,
mm cTauHvoHapHBM [Ipu crauMoHapHoM TeueHHH Jio6as
YacTHIA KHJAKOCTH MPOXOIMT AAHHYI0O TOUKY NPOCTPAHCTBA C OAHHUM
M TeM JKe 3HaueHHeM v. IKKapTHHA JHHHI TOKa NpH CTaUMOHApHOM Te-
YeHHH OCT2eTCsl HeH3MEeHHOH, H JIMHHHM TOKa B 3TOM CJy4ae COBNajaloT
C TPaeKTOpHAMH YacTHl.

YacTb KHIKOCTH, OrpaHHYEHHAs JIMHUSAMH TOKa, HasbIBaeTCs
Tpy6 KO To K a. Bekrop v, 6yayun B xaxaoil TouKe KacarteJbHbIM
K JHHUM TOKa, OyIeT KacaTelbHbIM H K NOBEpXHOCTH TpyOKH ToKa,
CJlIeJOBaTeIbHO, YacTHILl XXUAKOCTH NPH CBOeM ABMXKEHHH He mepece-
KaloT CTEHOK TpYOKH TOKa. -

5 ™

Pue. 72.2. Puc. 72.3.

BosbMeM NepneHAHKYJAsipHOe K HanpaBleHHI0 CKOPOCTH ceueHHe
Tpy6KH Toka S (puc. 72.2). IIpeanoJodkuM, 4TO CKOPOCTb ABHIKEHHSA
YacTHL JKHAKOCTH OJHHAKOBA BO BCeX TOYKAX ITOro ceyeHHus. 3a Bpems
At uepea ceuenne S npoNAYT BCE YACTHILI, PACCTOSHHE KOTOPbIX OT S
B HayanbHHI MOMEHT He NpeBhINaeT 3HaueHHA v Af. CaejnoBaTeqbHO,
sa BpeMs Af uepe3 ceueHue S npoiaeT 06beM HHAKOCTH, paBHLIi Sv Af,
a 3a eIHHHUILY BpeMeHH 4Yepe3 ceueHHe S MpoHAeT 00beM KHAKOCTH, paB-
Hbit Sv. BosbMeMm TpyOKYy TOKa, HacTO/NbKO TOHKYIO, YTO B KaXKJIOM ee
CEYEHHH CKODOCTb MOXKHO CYHTaTh NOCTOSIHHOH. EcAH XKHAKOCTH He-
cxHMaeMa (T. €. MJOTHOCTb ee BCIOAY OAMHAKOBA M H3MEHATbCHA He
MOXET), TO KOMHYECTBO KHAKOCTH MEX LY ceueHusaMH Si H S, (puc. 72.3)
6yaer ocraBaThcsi HeusaMeHnbM. Otcioa creayer, YTO OGBEMEl KHA-
KOCTH, NpOTeKalole 3a eJMHHUY BPeMeHH yepe3 ceueHHa Si M Sz,
JO/KHEl OGLITb OAMHAKOBLL:

S1v;=_S8,0y
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(HanomMHuM, 4TO yepe3 GOKOBYIO NOBEPXHOCTb TPYOKHM TOKa YacTHLI
XHUIKOCTH He MPOXOAAT).

IlpuBeseHHOE BhilIe pacCykICHHe NPHMEHHMO K Ji06Gof nape ce-
yenuit S; U S,. ClielloBaTeNIbHO, 048 HecHumaemoll HUOKOCm 6eAULLHA
Sv 6 mobom cewenuu 00HOU u moti e mpybKu moka 0oaxcHa Obury
o0unaxosa:

Sv=const. (72.1)

[Tonyuennniit HaMu pe3yJsbTaT NpeAcTaBjaAeT coboit copepxaHHe Teo-
peMbl O Hepa3pHBHOCTH CTDYH.

M3 (72.1) cnenpyer, uTO mpH nepeMeHHOM CeYeHHH TPYOKH TOKa
YacTHLLI HeC)KMMaeMOH XKHIKOCTH IBHXYTcA € ycKopeHueM. B ropi-
30HTa/MbHO TpyGke TOKa (puc. 72.4) 3TO yCKOpeHHe MOXET GbITb 006y C-

JIOBJIEHO TOJILKO HENOCTOSIHCTBOM JlaB.1e-

\ HHA BAOJb OCH TPYGKH — B MecTax, rie
CKOPOCTb MeHblle, MAaBJEeHHe JNOJIKHO

» v, ObITh GoJsblie, U Haobopor. Kounyecrt-
v BeHHad CBA3b MEXJIY CKOPOCTBIO Teye-
HHA H JlaBjeHHeM OYJeT YCTaHOBJeHa

Puc. 72.4. B cJenyiouieM naparpage.

Teopema O HepaspHIBHOCTH CTPVH

NpPHMEHHMa K peasbHbIM JKHIKOCTAM

Il laxe K rasaM B TOM CJyyae, KOrja CXKMMaeMOCTbI0O HX MOXKHO
npeHeGpeub. COOTBETCTBYIOWMI pacyeT MOKas3biBaeT, YTO MpPH JBHIKe-
HHH XKHAKOCTEHl M rasoB CO CKODOCTSIMHM, MEHBIUHMH CKOPOCTH 3BYKa,
HX C JIOCTAaTOYHOH CTENMEeHbI0 TOYHOCTH MOXKHO CYHTATb HECXKHMAEMbIMH.

§ 73. YpaBuenne bepHyuin

PaccmatpHBas ABHXKEHHE KHAKOCTeil, BO MHOTHX CJy4asX MOXKHO
C4MTaTh, YTO IlepeMelleHHe OJHHX YacTeil >KHAKOCTH OTHOCHTENbHN
JIPYTHX He CBA3aHO ¢ BOSHHKHOBEHHEM CHJ TpeHHs. JKHAKOCTb, B KOTO-
poii BHYTpPeHHee TpeHHe (BA3KOCTb) NOJHOCTbIO OTCYTCTBYET, Ha3hl-
BaeTcss M AeaJabHo il

BeiesquM B CTAalHMOHApHO TeKylueH HAeasbHOH XXHIAKOCTH TPYOKY
TOKa MaJsoro ceyeHHs (pHc. 73.1). PaccmoTpum o6BeM KHAKOCTH, Orpa-
HHYEHHBIH CTeHKaMH TPYOKHM TOKa H NEPNeHAUKYJISPHHIMH K JIMHHAM
ToKa ceyeHMAMH Sy U S,;. 3a Bpemsa Af 3TOT 06beM nepeMecTHTCH BAO/b
Tpy6KH ToKa, mpHueM ceyeHHe S; TnepeMecTHTCs B MoJoOMeHHe Si,
npoitas nyte Al;, ceueHue S, nepeMecTHTcsA B nojoxeHue S;, npoiiaa
nyTs Al,. B cuny Hepa3phIBHOCTH CTPYH 3alUTPHXOBaHHHE OGBEMbL
OynyT HMeTb OJMHAKOBYIO BenmuuHHy: AV,=AV,=AV.

SHeprus Kaiof 4YacTHLBI XKHIKOCTH CJaraeTcsi U3 ee KHHeTHYe-
CKOH 3HepPTHH H NoTeHLHMaJbHONR 3HEePTHH B MOJE CHJ 3eMHOTO TATOTe-
HHA. BeaencteHe cTalMOHApHOCTH TeyeHHS YacTHLA, HaXOAAlasacA
criyct Bpems Af B Jito60H H3 TOUEK He3alUTPHXOBaHHOM uacTH pac-
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cMaTpHBaemoro o6bema (cM., Hanpumep, Touky O Ha puc. 73.1), HMeeT
TaKYyl0 XK€ CKOPOCTb (a c/lefoBaTeJbHO, H KHHETHYECKYI0 3HEPTHIO),
KaKylo MMe/a YacTHUA, HaXOAMBILAACS B TOH e TOYKE B HAYa/lbHBLIH
moMeHT BpemeHH. [TosToMy npHpawenue sxneprun AE Bcero paccmat-
pHBaeMOro o6beMa MOXKHO BBHIYUHCJIHTb KaK PasHOCTb 3HEPTHH 3alTp-
XoBaHHbIX o6bvemuHkoB AV, n AV,

BosbmeMm ceueHHe TpPYGKH TOKa
u oTpe3kHn Al HacToNbKO MaJbIvH,
yTOGHl BCEM TOYKAaM KaxJ0ro H3 3a-
LITPHXOBAHHHIX OOGBEMUYHKOB MOKHO
OLLI0 MpHUMHCAThb OJQHO M TO XKe 3Ha-
yeHHe CKOPOCTH U, JAaBJIeHH p H
BbICOTHI h. Torjaa npupauieHde 3Hep-
TMH 3anHuUieTcs cJjefyowHM obpa-
30M:

pAVv?

2

8 = (U7 1+ pAvgh, ) —
AV
_(“‘2—" -l—pAVghl) (73.1)

(P — NJIOTHOCTb XKHIAKOCTH).

B npeanbHoM XHAKOCTH CHJIEI TPe- Pac. 73.1.
Hus orcyTtcTBytor. [lostomy npupa-
ieHHe sHeprud (73.1) gomkHO paBHATbCH padoTe, coBeplliaeMOfi Hapg
BbiZle/IeHHbBIM 06BEMOM CHJ1aMH AaBseHus. CHabl AaBieHNsl Ha GOKOBYIO
NOBEPXHOCTb MepNeHAHKYAAPHbl B KaJ10l TOYKe K HanpaB/eHHIO
nepeMelleHHA 4YacTHl, K KOTOPbIM OHH MNpPHJIOXEHHl, BCJAEACTBHE Yero
paboThl He coseplwaloT. OT/IHYHA OT HYJA JHIUbL paboTa CHJ, MPpHJIO-
JKEHHBIX K ceueHnaM S; 1 S,. 3ta paGoTta paBHa

A=p,S; Al —p,S, Aly=(p,—p.) AV (73.2)

IlpupaBuaB BuipakeHHst (73.1) u (73.2), cokpatuB Ha AV u nepe-

Hecsl YJIeHBl C OJHHAKOBBIMH HHJEKCaMH B OJHY 4acTb PaBeHCTBA, MO-
JIYUHM:

%

(3 I

T+pgh1+p1=_2‘+pghz+pz- (73.3)
Ceuenua S; M S, OblTH B3ATH COBeDUIEHHO NPOH3BOJBHO. [TosTOMy
MOXKHO YTBep’K1aTb, YTO B J060M cedeHHll TPYGKH TOKka BbIpa)keHHe

‘1;—' -+ pgh + p HMeeT OlHHAKOBOe 3HaueHHe. B cOOTBETCTBHH CO cAe/aH-

HbIMH HaMH NPH ero BbIBOJE NPEANOJIOKEeHHsIMH ypaBHeHue (73.3) cra-
HOBHTCA BIMOJIHE TOYHBIM JIHLIb NPH CTPEMJIEHHH NONEepeYHOro CeYeHUua S
K HYJIO, T. €. IPH CTATHBAHUH TPYOKH TOKa B JHHHIO. TakuMm o6pasom,
BeJIHYMHBI p, U H A, UrypHpYIOLUlHe B JeBoil U npaBoil UacTAX ypaBHe-
Hua (73.3), caeayer paccMaTpuMBaTh KakK OTHOCALIMECS K ABYM NPOM3-
BOJIbHbIM TOYKaM OAHOIl W TOil K€ JIIHIH ToKa.
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TToayueHHEH HaMH pe3yJbTaT MOMHO COPMYJHPOBATL CAEAYIOUIHM
o6pasoM: 6 crmayuorapro meKkyuieil udeaabroll scudxocmu 800ab a0boL
AUHUL MOKQ 6bINOAHSEMCA YcAo8ue

f’_gz_}_pgh-}-p:const. (73.4)

YpaBHenue (73.4) i paBHO3HAuUHOE eMy ypaBHeHue (73.3) Ha3biBaeTcs
Foia ypaBHeHnueM BepHyaann Hecmo-
TPA Ha TO, UTO 3TO YpaBHeHHe OHLIO noay-
l YeHO HaMll Anst HAeajJbHOM KHAKOCTH, OHO
JOCTAaTOYHO XOpOLIO BBINOJAHAETCA JAA pe-
aNbHBIX MXHJAKOCTeil, BHyTpeHHEe TpeHHe B

I KOTOPBIX He OuUeHb BeJHKO.
JAs ropH30OHTaAbHOR JHHHH TOKa yCJ0-

BHe (73.3) NpPHHHMAET BH]L
Hodeos \]”/
I prl ol

9 +p1 =T+p2v

/ ‘\ T. €. JaBJEHHE OKa3hlBaeTcsi MEHBbIIHM B
TeX TOYKaX, Ifie¢ CKOpocThb 6oJblle (Kavect-
BEHHO 3TO YKe OblJ1O NOKa3aHO B INpeAbay-
eM naparpade).

YMeHblUeHHe JaBJeHHs B TOYKax, rje
CKOpOCTb NIOTOKa 6oJbliie, IMOJOMXEHO B OC-
8 amwocpeny HOBY ycTpoiicTBa BoAOCTpYHHOTO Hacoca (piic.
Pue. 73.2. 73.2). Crpys Boiml mojaerci B TpPYOKy, OT-
KphBalollylocA B aTtmocdepy, TaKk 4YTo I1a
BhIXOJle H3 TpyOGKM HaBjeHHe paBHO aTMocdepHoMy. B Tpy6Gke
IiMeeTCs CylKeHHe, MO KOTOPOMY BoZa HIET ¢ 60Jblued CKOPOCTbIO,
ECjIeICTBHE Yero AaBJjieHHe B 3TOM MeCTe 0Ka3blBaeTcs MeHbllle aTMoctep-
noro. Taxoe e naBJeHlie yCTaHaBJAMBaeTCs U B oXBaThiBatouleil Tpyoxy
KaMepe Hacoca, KoTopas coofuiaetcs ¢ TpyG6Koil uepes paspbiB, HMeElO-
uufica B y3xkoift wacti Tpy6KH. IloacoenuHMB K Kamepe Hacoca OTKa-
ylBaeMblil o6beM, 13 HEro MOXHO OTKauaTh BO3AyX (WJIH Kakoii-auGo
Iapyroit ra3) po pabnaenus nopsika 100 MM pT. cT. OTKaunBaeMblil BO3-

AyX 3axBaThlBaeTcsl CTpyell BOABl U YHOCHTC B aTMocgepy.

§ 74. HUcTeuenne XHIKOCTH M3 OTBepCTHA

ITpumeHnM ypaBHeHHMe DepHY/IH K cy4yaw HCTEUEHHs MHAKOCTH
43 HeGOJBILIOTO OTBEPCTHH B LIMPOKOM OTKPHITOM- cOcyAe. Boijennw
B XHIKOCTH TPYOKY TOKa, HMeIOLLYI0 CBOHM CeYeHHeM C OAHOH CTOPOHKI
OTKPHITYIO NOBEPXHOCTb XXHIKOCTH B COCYZe, a C APYrod CTOPOHMW —
OTBEPCTHE, Yepe3 KOTOpoe XKHAKOCTb BhiTeKaeT?) (puc. 74.1). B Kaxaom

1) Touanee, ceyeHHe CTPYH NP BHIXOfe M3 OTBEPCTHR, Ec/H He NPHHATDL CeLHAN b
HHIX Mep, TO ceyeHHe CTPYM GyJeT MeHblue OTBEPCTHA.
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H3 3THX CeYyeHHil CKOPOCTb M BBHICOTY HajJ HEKOTODLIM MCXOAHLIM YDOB-
HEM MOXXHO CUHTAaTb OAMHAKOBEIMH, BCJEICTBHE Yero K HHM MOXKHO
NpUMEHUTb ypaBHeHHe (73.3), mosyyeHHOe NPH 3TOM NPERNOOKEHHH.
Janee, naBiaenna B 0GOMX CEYEHHAX PaBHEI aTMOCHEPHOMY H IO3TOMY
OAHNHAKOBEI. KpoMe Toro, cKopocTb mepeMellleHHs OTKPLITOi MoBepX-
HOCTH B IIHPOKOM COCY/€ MOXHO MOJIOXHTb paBHOM HyJ0. C yueToMm
BCEro cKasaHHOro, ypaBHeHHe (73.3) npHMEHHTEJbHO K JAHHOMY CJYy-
4al MOXHO HanMcaTbh B BHJE

pgh, =+ pghs,

TI€ U — CKOpOCTb HcTeyeHHs M3 oTBepcTHs. COKpaTHB Ha p M BBeld
h=h,—h,— BrICOTY OTKpHITOil MOBEPXHOCTH [XKHAKOCTH HAaZ OTBEp-
cTueM, moayuum: v%/2=gh, oTKyla

3 % v =V 2gh. (74.1)

T Ora ¢opmyna HasbiBaeTcs op My 1o i
———— ToppHnuenam.

5 \“ ——- Hrak, cKOpocTb HCTeUeHIA KHAKOC-
v TH U3 OTBEPCTHS, PAaCHOJIOKEHHOro Ha

y\— — —\ (

N _
— T ialopl
% —- .‘__\——-’_’r-\ F———

/s E > AK

Ci i i sV

Puc. 74.1. Puc. 74.2.

rayGuHe i moA OTKPLITOH TNOBepXHOCTbIO, COBMajaeT coO CKopoc-
TbI0, KOTOPYIO NpHOOpeTaeT Jirodoe Teso, nagas ¢ BbicoTl 1. Caenyer
HOMHITB, YTO 3TOT pe3y/bTaT MOJyueH B NPEANOJIOKEHHH, YTO KHI-
KOCTb HaeanbHa. [l peanbHBIX XHAKOCTEH CKOPOCTb HCTEYeHUs GYHET
MeHblle, NpHYeM TEM CHJIbHEe OTVIHYAeTc OT 3HaueHua (74.1), uem
Gosblile BSI3KOCTb JKHIKOCTH.

Crpys XHIKOCTH, BbITEKAOLIAA H3 OTBePCTHSA B cocyne (pHe. 74.2),
YHOCHT c coboil 3a Bpems Af umnyanc AK=pSuvv Af (p — nnoTHOCTD
MHAKOCTH, S — NJIOIWAb OTBEPCTHS, V — CKOPOCTb HCTEYEHHS CTPYH).
10T HMNYJbC cOOOILAeTCA BHITeKalowell HUAKocTH cocyRoM. [lo Tpe-
TheMy 3aKoHy HblOTOHa cocyz monyyaeT OT BhITEKalOUIEH MKHAKOCTH
3a Bpema Af uMnyJsbe, paBHbli —AK, T. . HCOBITHIBAaeT AefiCTBHE CHIBL

=K oSov. (74.2)

3Ta cuJa HasbBaeTcd peaKIHeill BHTeKalomef CTpyH.
Ecan cocyn nocTaBuTb Ha TesexKy, TO mojx AeficTBueM cuanl F, oil
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npHAeT B JBHIKEHHE B HanpaB/jeHHH, NPOTHBONOJOXHOM HarpaBsJeHilio
CTpYH.

Haitnem sHauenue cuabl F,, Bocnosnb3oBaBlIHCh BhIpaxkeHHeM (74.1)
I CKODOCTH HCTEYEHHS KHAKOCTH H3 OTBEpCTHA:

F, =pSv*=2ghpS. (74.3)

Ecau 6B, Kak 3TO MOXeT NoKasaThcs Ha mepBblil B3rasja, cuaa F,
COBMAajana no BeJHYHHE C CHJIOR TMAPOCTATHYECKOTO JaBJIeHHS, KOTO-
poe XHAKOCTb OKasbiBajsa 6bl Ha NpPOGKY, 3aKpLIBAOULYl0 OTBEPCTIie,
To F, 6b1a 661 paBHa gh pS. Ha camom nene cuna F, okasbiBaetcs B
2 pasa Goabluefi. 210 OGBACHACTCA TEM, YTO BO3HHKAlOLIEE NPH BLITE-
KaHHH CTPYH ABHXKeHHe MUAKOCTH B COCY /e MPHBOAHT K nepepacnpeie-
JIEHHIO JlaBJIeHHd, TNpHYeM JaBjeHHe BOJH3M CTEHKH, Jiexalleld npotis
OTBEPCTHA, OKAa3biBaeTCAd HECKOJbKO OOMbLUMM, ueM BGJM3H CTEHKII,
B KOTOPOH CjeNaHO OTBEpCTHE.

Ha peakuuu BbiTeKarolleil CTPyH ra3a OCHOBaHO JelCTBHE peaKTIIs-
HbIX ABHraTtesnefi W pakerT. PeakTHBHOe JABHXeHHe, He HYXKJascb 111
CBOEro OCYLIEeCTBJAEHHA B HaJHYHH aTMochephl, HCNOAb3YyeTeA AJIA Noe-
TOB B KOCMHYECKOM TNpPOCTPaHCTBeE.

OCHOBOMOJIOXKHHKOM TEOPHH MEKNJAHETHBIX COOCIEHHI sABJAeTCA
BHIJAIOLIMACA pYccKuil yueHblll M n3obperarenb K. 3. Ifnonkocruii
(1857—1935). OH nan TeopHio moJeTa pakeThl U OGOCHOBAN BO3MOZK-
HOCTb MPHMEHEHHA peaKTHBHBIX amnmnapaToB LI MEXIJIaHETHbIX coob-
weHuit. B uacTHocTH, LIMOSKOBCKHM Oblla paspaboTaHa TeopHA ABil-
JKEHHSl COCTABHBIX DaKeT, B KOTOPBIX KaKJas NOCJaefyrouias CTyneHb
BCTynaeT B JieHCTBHe NOcC/e TOrO, KaK Npejblaylias cTyneHb, H3pacxo-
JOBaB IMOJAHOCTbIO TOMJHBO, OTAEAUTCA OT paKkerhl. Mpew LiHonkos-
CKOT'O MOJYYHJH jajbHelllllee pa3BHTHe H GBLIH OCYLIECTBJIEHbl COBET-
CKHMH YYEHLIMH M HHXXeHepaMH, ofecneudBLIMMH BeAylylo poab Co-
perckoro Corw3a B OCBOEHHHM M H3YUYeHHH KOCMHYeCKOro MpOCTPaHCTBa.

§ 75. Cuabi BHYTPeHHero TpeHus

UreanbHas KHAKOCTb, T. €. XKHAKOCTb 6e3 TpeHus, f.1seTcA ab-
cTpakuueli. BeceM peanbHbIM XKHAKOCTSIM H Ta3aMm B GoJblUel HIH Meilb-
lleff cTeMeHH NpHCylla BA3KOCTb H/H BHYTpeHHee TpeHHe. Bs3KocThb
NposAB/IsAETCA B TOM, YTO BO3HHKIIEE B XKHJIKOCTH MJH rase ABHKeHIIe
nocje npekpaueHua AefcTBHA NDHYHH, €ro BLI3BABLIMX, MOCTENEHHO
npeKpailaercs.

Jnsa BblicHeHHA 3aKOHOMepHOCTefl, KOTOPEIM MNOAYMHSRIOTCA CIiTb
BHYTDEHHETO TpeHHsl, DacCMOTPHM cJaelyloluit onuiT. B XHAKOCTh
NOrpYXeHbl [B€ MapanjenbHble APYr APYry MJacTHHBL (puc. 75.1),
JIHHEHHBIE pa3Mepbl KOTOPBbIX 3HAYHTEJNbHO MNPEBOCXOAAT paccTosiHue
Mexay HuMH d. HyuxHsAa niacTHHa yjepuBaeTcs Ha MecTe, BEpXHAf
ODHBOJUTCS B JBHXKEHHE OTHOCHTENLHO HIXKHeH C HEeKOTOPOH CKOpO-
CTbIO ¥,. OmbIT AaeT, YTO ANS NEpeMEIEHHs BepXHell NJacTHHBL C MO-
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CTOAIHOIT CKOPOCTBIO Uy HEO6XOAHMO NeHCTBOBATb HAa Hee C BOOJMN2
ornpesesieHHoN mocTofHHOM no BennunHe cuioft F. Pas nnacthna ne
noJlyYyaeT YCKOPEHHA, 3HAUHUT, AeficTBHE 3TOH CHJ/Ibl YpaBHOBELUHBaETCS
paBHOlt efi no BeJUYMHE NPOTHBOMOJOXHO HanpaBJIEHHON CHIOi, KOTO-
pasi, OYeBHAHO, €CTb CH/IAa TPeHHs, AECHCTBYIOULAA Ha MJIACTHHY MNpH ee
IBIDKEHUM B uAKocTn. O6o3Hauum ee F..

BapbHpyst CKOPOCTb MJIACTHHBI Up, MJOLIAMb MJACTHH S # paccTon-
Hile MeKAY HHUMH d, MOXHO MOJYYHTb, YTO

Fp=12S, (75.1)

rae 1 — Ko3pdHUHEHT NPONOPUHOHANBHOCTH, 3aBUCAWHH OT MPHPOIb!
{l COCTOSIHMSt (Hampumep, TeMHepaTyphl) >KUAKOCTH H Ha3blBaeMblii
kKo3bbHuUMEeHTOM BHYTpPEHHETrO TPEeHHUA HIH KO-
5¢pbHuUuHEeHTOM BA3KOCTH, WIH MPOCTO BSA3KOCTbIO XKHA-
KOoCTH (raza).

HuxkHas nnacTHHA NpH IBHXKEHHH BepXHell TaKXKe OKa3blBaeTcH
fIOJIBEPIKEHHONH NEeHCTBHIO CHJIBI

\
, o z! F.
F;p, paBHoii no BesnuuuHe F ;. L <7
[Jsia TOro YToGhl HHXKHAA MJac- " F v
TIHa OCTaBa/ach HEMOABHKHOH, F

’ P
cy  Fi HeoBxoaumo ypas- <7 g =
HOBECHTb ¢ noMouihio cHabl F' % . Frp

Takvm o6pa3om, NpH ABHKeE- %vm- .
— —_—

HHH IBYX NOTPYKEHHBIX B XHI- F Frp
KOCTb MJIACTHH I OTHOCH-
y ApY Puc. 75.1.

TENILHO Jpyra Mexay HHMH
BO3HHKaeT  B3auMo/eficTBHe,
xapaktepuayemoe cusoi (75.1). BosgefictBHe naacTHH Apyr Ha
ApYra OCYLIECTB/IAETCH, OYEBHIHO, Yepe3 KHAKOCTb, 3aK/MOYEHHYIO
MeX/y MJIaCTHHAMH, MEePENaBasch OT OZHOTO CJIOA XHAKOCTH K ApY-
romy. Ecan B sto6oM MecTe 3a30pa mpoBECTH MbICJIEHHO MJIOCKOCTD,
AapauieNIbHYIO MJ1acTHHAM (CM. MYHKTHPHYIO JIMHMIO Ha puc. 75.1),
TO MOXKHO YTBEpPXJaThb, UTO YaCTh XHUAKOCTH, JIeXallasi Haf 3TOf mJoc-
KOCTbIO, HEHCTBYeT Ha YacTb XXHAKOCTH, JIEXKALLYX MOJ IJIOCKOCTBIO,
¢ cuaofi Fpp, a yacTb XHIKOCTH, NeXkanas noj IJOCKOCTbIO, B CBO
ouepelb AeHCTBYET Ha YacTb KMIAKOCTH, JIeXKAaUIYI0 HaJ MJOCKOCTHIO,
¢ cuaoit F.,, npuuem 3uauenns F, u F;, onpenensiorca dopmynoit
(75.1). Takum obpasom, copmyaa (75.1) onpenensier He TOMBKO CHJTY
TpPeHHUsl, AeACTBYIOLLYIO HA MJIACTHHBI, HO H CHJIY TPEHHS MEXAY COMpH-
KacaloLUMHCA YaCTAMH XKHIKOCTH.

Ecin vccnenoBaTh CKOPOCTb YacTHL, XHAKOCTH B PasHHIX c/0fX,
TO OKa3bIBAETCsl, YTO OHA M3MEHSIETCA B HaNpaB/IeHHH Z, MeprneHAuKY-
JSIPHOM K MJacTHHaM (pHc. 75.1), no JMHeHHOMY 3aKOHY

v(2)="22. (75.2)
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YacTHUB XKHAKOCTH, HENMOCPEICTBEHHO CONMPHKacalouiHecsi C IIJIaCTH-
HaMH, Kak Gbl NPHJINNAIOT K HHM M HMEIOT TaKYIO K€ CKOPOCTb, KaK H
camu naactuasl. CornacHo gopmy.e (75.2)

dv
dz

U

=2, (75.3)

3HaK MOAYJf MBl NMOCTaBHJAM MmO chaenywoueil npuunHe. Ecnn 6b1 Mul
3aKpenuJil BepXHIOIO MJacTHHY, a ABUraiH HHXKHIOW (cM. pHc. 75.1),
WM M3MEeHMJH HanmpaBJleHHe ocH z Ha obpaTHoe, NMPOH3BOAHasA dv/dz
cTana Gl oTpuuaTenbHoll. BeanunHa e vy/d Bceraa noJsoXKHTeJbHA.
IToatomy ans Toro, 4toGhl opmysia (75.3) Gbia cpaBeAJMBa B JIOGOM
cayyae, HYXHO B3ATb MoAyJb duv/dz.

HcnonbaopaB paBeHcTBO (75.3), dopmyse (75.1) MokHO npuzaTh
BHJ,
dv
dz

F,[p:n S. (75.4)

Dra dopMyna onpefeiseT MOAYJAb CHJIH TpeHus. Beanunna |dv/dz|
NOKa3kbiBaeT, KaK OLICTPO H3MEHSETCH CKOPOCTb B HamnpaBJieHHH OCH 2z,
H npexcTaBaseT co6oil MOIYJb TpajHeHTa MOAYJsl CKOPOCTH (ecau v
3aBHCHT TOJBKO OT 2, 0v/0x=0v/0y=0, O0v/0z=dv/dz).

dopmyna (75.4) nonyyeHa HaMH DJIst cayyasi, KOT4a CKOPOCTb H3aMe-
HAeTcsl MO JIMHeiHoMy 3aKoHy. OkxasblBaeTcsi, uTo 3Ta ¢opmy.sa oc-
TaeTCA CNpaBefJHBOA M AJs JO6Oro APYroro 3aakoHa M3MeHEHHf CKO-
POCTH OT cJI0s K cjoto. B atoM cayvae j1s onpeleneHHs CHJIBI TPeHHS
MEXJAY ABYMS TPaHHYalllMMH APYT € APYroM CJOSIMH HYXHO 6paTh 3Ha-
yeHHe |dv/dz| B ToM MecTe, TAe NpPOXOAHT Boobpa:Kaemasi [OBEPXHOCTb
pasjena cJoeB.

Bce ckasanHoe B 3TOM nap arpage OTHOCHTCS HE TOJbKO K XKHAKOCTAM,
HO M K rasam. )

Ennnnnen BsskoctH B CH cayuT Takas BA3KOCTb,” IPH KOTOPOIl
rpagMeHT CKOPOCTH ¢ MOAyJeM, paBHBIM | M/c Ha | M, NPUBOAHUT K BO3-
HHKHOBEHHIO CcHJIbI BHyTpeHHero TpeHusa B 1 H na 1 mM? noBepxHocTH
KacaHHs cJloeB. DT1a eMHHLA HA3LIBaeTCA M aCK aMib-CE€ Ky H A O i
(o6o3nayaetcs ITa-c) %),

B CI'C-cicreme en#Rulell BAIKOCTH snBasercs nyad ([1), pasuuit Takoil Ba3ko-
CTH, NPH KOTOPOii I'PaJINeHT CKOPOCTH € MOAYJeM, paBHEIM | cM/c Ba | cM, NPHBOAHT K
BOJHHKHOBEHHIO CUJIK BHYTPEHHEro TpeHHA B | AMH Ha | cM? NOBepXHOCTH KacaHWs
cnoeB. Eaunnna, pasuan 10-€ [1, HasuBaercs MukponyasoM (mxIl). Memay nyasom
M NacKajib-CeKYHAOR HMeercs COOTHOLIeHHe

1 Na-c=10 11,

KoapuiueHT BA3SKOCTH 3aBHCHT OT TEMIEPATypH, NMPHYEM Xapak-
Tep 3TOH 3aBHCHMOCTH CYILIECTBEHHO Da3fIHueH AJs KHAKOcTell H ra-
30B. Y XHAKOCTeH KO3(pHUMEHT BA3KOCTH CHJIBHO yMEHbIlIaeTcs ¢ no-

%) TackaneM HaskBaerca eAunHLA fasienna B CH (1 Ma=1 H/u?),
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BLIIEHHEM TeMIeparypel. ¥ rasos, HanpoTHB, KO3pdHUHEHT BA3KOCTH
¢ Temnepartypoit pacter. OT/HYHe B XapaKTepe NOBEAEHHS 1) NPH H3Me-
HeHHSIX TeMNepaTyphl yKa3hBaeT Ha pa3/iH4ie MeXaHH3Ma BHYTPEHHero
TPEHHA B XKUJAKOCTAX M rasax.

§ 76. JlamnuapHoe H TypOyJIeHTHOE TeYeHHSA

Ha6monaeTcsi 1Ba BHAA TeUeHHA MXUAKOCTH (Mad rasa). B oauux
cnydasX XKHUAKOCTb KakK Obl pasjensieTcd Ha CJOH, KOTOpble CKOAb3AT
IDPYT OTHOCHTEJBHO APYra, He mepeMellNBasAcb. Takoe TeyeHHe Ha3bl-
BaeTcA JaMH H a p H bl M!) (cnoucteiM). Eciy B maMuHapHBIR NOTOK
BBECTH MOAKpAlEHHYIO CTPYHKY, TO OHa COXpaHseTcs, He pa3MEIBasiCh,
Ha Bcell IJIMHE MOTOKA, TaK KaK YacTHLBl JKMIKOCTH B JAMHHapHOM
MOTOKE He TMepeXoisiT 13 OIHOro C.1051 B Jpyroi. /laMuHapHOe TedeHHe
CTalHOHapHO.

Ilpu yBenMYEHHH CKOPOCTH HJHM MONMEpPeYHbIX pa3MepoB MOTOKa
XapaKTep TeueHHUs CYLleCTBeHHbIM o6pa3oM H3MeHsieTcs. BosHnkaer
3HEepPrHYHOEe IIepPeMellNBaHNe MXHAKOCTH. TaKoe TeueHHe Ha3bIBaeTcsi
Typ6yaneHTHH M. [Ipu Typ6yJeHTHOM TeYeHHH CKOPOCTb YacCTHIL
B KaX/JOM JAHHOM MecTe Bce BpeMs U3MeHseTcs GecmopsaouHBIM ofpa-
30M — TedyeHHe HecTanHOHapHO. EciH B TypOyJIeHTHBIH NOTOK BBECTI{
OKpalleHHYIO CTPYHKY, TO yXe Ha HeGOJBLIOM PacCTOSHUH OT MecTa ee
BBeJleHHs OKpalleHHas MXHIKOCTb pPaBHOMEPHO pacnpejenasiercs no
BCEMY CEYEHHIO MOTOKaA.

AHrnuiickuit yueHblii PefiHONMBAC YCTAHOBHII, UTO XapaKTep TeUeHHs
33BHCHT OT 3HaueHHs] Ge3pa3MepPHON BeJHUYHHBL

Re = &L, (76.1)
n
rae p — MJIOTHOCTb KUAKOCTH (MJM rasa), v -— cpegHss (N0 CeyeHH:o
TpyGbl) CKOPOCTb II0TOKA, T — KO03(dHUHEHT BS3KOCTH KHAKOCTH,
| — xapaKTepHHIH 1/ IONEPEYHOro ceyeHHs pasMep, HalpuMep, CTO-
poHa KBajpaTa NMpH KBaJpaTHOM CeYeHHH, PajHyC HJH JHaMeTp npu
KPYrJOM CeYeHHH H T. A.

Bennuuna (76.1) HasbiBaercs uncsaoMm Pefinoawbaca. [py
MaJbIX 3HayeHHAX 4yHcsa PeiiHosnbaca Habuonaercsi JlaMHHapHoe Te-
yeHne. HaumHasa ¢ HekoToporo onpejejeHHoro 3HaueHust Re, Haswl-
BaeMoro KpHTHYECKHM, TeyeHHe mpHoGpeTaeT TypOyJ/IeHTHBIH XapaKTep.
Ecin B KauecTBe XapakKTepHOro pasmepa IJsi Kpyrioil TpyGel B3Thb
ee pajuyc r, TO KpHTHYECKOe 3HaueHHe uHcsia PeiiHosbaca (koTopoe
B 3TOM C/ly4ae uMeeT BHA Re=pur/v)) oKasbiBaeTCs paBHBIM *) IPHMEPHO
1000. B uyncno PeiiHonbAca BXOAAT B BHAE OTHOUIEHHS ABE BEJHUHHBI,
3aBHCAllHe OT CBOHCTB MKHAKOCTH: IJIOTHOCTb P H  KOS(DGHUHEHT

Y

1) Jlamunckoe «lamina» o3nauaer naacTHHKY, MOJOCKY-
¢) OueBuaHo, 4TO, B3AD B KayecTBe [ He pajuyc, a AUaMeTp TPYGhl, MBI JOKHEI
YBeTHUHTb KPHTHYECKOE SHaueHHe Re B 2 paaa,
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BA3KocTH 1. OTHOLIeHHe
v=n/p (76.2)

Ha3blBaeTc! KHHEeMaTHUYEeCKON BSA3KOCTbHII. B omiHune
OT v B&JINYHHA T) Ha3blBaeTcl I M HaMHUYEeCKOH BA3KOCThIO.
Hcnonbays KUHeMAaTHUeCKYIO BA3KOCTb, 4YHCaYy PeliHoabiaca MOXHO
npujaTh cjaeiylow i BHA:

Re = vl/v. (76.3)

Uucno PefiHosbAca MOMXKET CIAYXHTh KpUTEPHEM nojoGHA AJs Te-
YeHHs XHAKOcTeH B Tpy6axX, KaHanax M T. J. XapaKrep TeueHHs pas-
JIYHBIX XKUAKOCTEH (MJIM rasoB) B Tpy6ax pas3HLIX ceyeHHH GyHeT co-
BepllIeHHO OZMHAKOB, €CJM KaXKAOMY TEYEHHIO COOTBETCTBYET OJHO H
TO XKe 3HaueHHe Re,

§ 77. TeuenuHe KHAKOCTH B KPYrioi Tpybe

Ilpu mBHKEHHH XKHIKOCTH B KPYyIJoH TpyGe CKOPOCTb paBHA HYJIO
y CTeHOK TpyObl U MaKCHMaJsbHa Ha ocH TpyOHl. [losaras TeueHue ma-
MMHapHBIM, HalJeM 3aKOH H3MeHeHHs

P CKOPOCTH C pACCTOSIHHEM r OT OCH

[ - AT TPYOHL.
,#’v - T BoigeauM BooGpaxaeMblfi  LIMJIHHA-
e 2 pHYecKuii 06beM MKHIAKOCTH pajuyca r
- sl S v aaunbt [ (puc. 77.1). Ilpu crauo-
Puc. 77.1. HapHOM TeueHUH B TPyGe NOCTOAHHOrO

CeueHHA CKOPOCTH BCeX 4acTHIL XKHIKOC-
Tl OCTaioTcA HeM3MeHHbIMH. CilefoBaTeNnbHO, CyMMa BHELIHHX CH.I,
NPHJIOKEHHBIX K Jio6oMYy 06BEMYy KHAKOCTH, paBHa Hyso. Ha ocho-
BaHHA paccMaTPHBAeMOro HHJIHHAPHYeCcKoro ofneMa AeHCTBYIOT CH-
Jbl JAaBJCHHUSI, CyMMa KOTOPHIX paBHa (p,—p,)nr?, Sra cuna Jeli-
CTBYeT B HanpaBJleHHH ABHKeHHs KUAKocTH. KpoMe Toro, Ha GOKOBY!O
NOBEPXHOCTh UMJAHMHApPA AeACTBYyeT CHJa TpeHHsl, paBHas mldv/dr|2nrl
(imeetca B BULY 3HaueHHe dv/dr Ha pacCTOAHHH r OT OCH TpYOH). VYc-
JIOBHE CTAallHOHApPHOCTH HMeeT BHJ

(P — py) mur2 = m|dv/dr | 2nurl. (77.1)
CxopocTb y6bIBaeT C paccTrosiHieM OT ocH TPy6ul. CienoBaTenbHO,

dv/dr otpunarenbHa H |dv/dr|=—dv/dr. Yura 3to, npeobpasyeMm COOT-
HomeHHe (77.1) caenymrowum o6pason:

_d_v_ (pr— p2)r
ar— 2l

PasgenuB nepeMeHHLble, TOJYYHM YpaBHEHHE:

—__Pi—P2
dv = o rdr.
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HHurerpupoBanye jaaer, 4ToO

. Di—DPs3
v=—0P . (77.2)

IToCTOSIHHYI0 HHTEIPHPOBAHHSI HYXHO BBIGpATh TaK, YTOGH CKOPOCTb

=
[ |

Pue. 77.2. Pue. 77.3.

ofpamanack B HYJb Ha CTeHKax Tpy6Hl, T. €. npu r=R (R — pazunyc
Tpy6u). M3 sTOro yc/oBHs

__Pi—pPe
C-——4n — R2.
IMoacraHoBka 3HaueHuss C B (77.2) npuBOAHT K dopMyJe
D o 2
v(,)=P_IW&(Rz_,z)=P_1mP_2Rz(1_7’?—2). (77.3)
3HaueHHe CKOPOCTH Ha ocH TpyGHl paBHO
0y =10 (0) =ﬂ$ R2. (77.4)

C yueroMm storo ¢opmyJe (77.3) MOXHO MPHAATL BHA
v(r) =1, (1 _?(;2)_ (77.5)

Takum o6pasoM, npH 1aMHHAPHOM Te4eHHH CKOpPOCTb H3MeHseTcs ¢ pac-
CTOSHHEM OT ocH TPYGH 1o napaGoanyeckoMy 3aKoHY (puc. 77.2).

Ilpn TypGy/IeHTHOM TEUEHHH CKOPOCTh B KaJOH TOUYKE MEHAETCA
6ecnopsagouHbiM o6pa3oM. IlpM HeM3MeHHBIX BHEIIHHMX YCJOBHAX IO-
CTOAHHOH OKashIBaeTcsi cpefiHAA (110 BpeMeHH) CKOPOCTb B KaxJoif
Touke ceyeHHsl TPyGul. Ilpodusib cpefHHX cKopocTeli mpH TypOyJeHT-
HOM TeUeHHH H306pakeH Ha pHc. 77.3. B6an3n creHoK TpyOHI CKOPOCTh
U3MeHsieTcA ropasfio CHJbHee, ueM IpPH JaMHHApHOM TeYeHHH, B OC-
TaJIbHOH 2Ke YacTH ceueHHs CKOPOCTb H3MeHMeTCA MeHblle.

ITonaras TeueHHe JaMHHApHBEIM, BBIYMCJIHM IOTOK XXHIKOCTH Q,
T. e. 06bEM KHIKOCTH, NPOTEKAIOINI Uepe3 nonepeyHoe ceyeHHe TPYOLI
3a eAMHHLY BpeMeHH. Pa3ofbeM monepeuHoe ceyeHne Tpy6H Ha KoJblUA
LIMPHHHI dr (puc. 77.4). Uepe3 KoabLO paauyca r NpoijeT 3a ceKyHAY
06BbeM JKHAKOCTH, paBHBIN NMPOH3BEJEHHIO IJIOWAAN Kosbla 2nr dr Ha
CKOpPOCTb TeYeHHS B TOYKAX, HaAXOJAAI[HUXCA HAa PACCTOSIHHH r OT OCH

9 WU. B. Capesnes, T. 1
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Tpy6hl. [IpunaAB Bo BHHMaHHe dopMyny (77.5), nonyuum:
dQ =1, (1 — ) 2ar dr. (77.6)

Yro6El noayuuth NOTOK , HYXXHO NPOHHTErPHPOBAaTh BhIpaXeHHe
(77.6) no r B npeznenax ot Hysaa 10 R:
§‘ r? 1 2 1
Q= \v, (1 — F)2nrdr =5 nR V=15 Sv, (77.7)
0

(S — nnomanp ceuerust TpyGe). U3 dopmyast (77.7) crepyer, uto
NPH JlaMHHApHOM TeueHHH cpelHee (1O ceyeHHIO) 3HaueHHe CKOPOCTH
PaBHO MOJIOBHHE 3HayeHHs] CKOPOCTH Ha OCH
TPYOHI.
[ToncraeuB B (77.7) 3HaueHue (77.4) ans
Uy, HNONYYUM LJIA NMOTOKA opmyay
(pi—ps) TR*
Q__Bnl—' (77.8)
Sra ¢opMyna HasbiBaeTcas ¢GOpPpMYJOH
ITy aseitas CornacHo (77.8) moTok xKuni-
KOCTH NpOMOPIHOHA/EH epenany AaBJeHHs Ha
elUHNLE JIHHBL TPYGbl, NPONOPLHOHAJNEH
yeTBePTOH cTeneHH paauyca TpyOGwl H obpaT-
HO NMPONOPIHOHAaNEH KO3(h(hHIHUEHTY BA3KOCTH KHAKOCTH. HanomHum,
yto opmysa [lyaseins npuMeHNMa TONBKO NPH JAMHHADHOM TeUeHHH.
CootHomenue (77.8) Hcnonb3yeTcss ANs OnNpefesNeHHs BA3KOCTH
xkuakoerelt. [Iponyckasi sKHAKOCTD Uepe3 KanH/IAp H3BECTHOTO pajuyca
M H3Mepsia nepenaj JaBjieHHs U NMOTOK , MOXHO HaHTH 1.

§ 78. /IBHieHHe TeJ B XMHAKOCTAX H rasax

Ilpu nBHKEHHH Tesa B >KHIKOCTH HJIH rase ) Ha Hero AefiCTBYIOT
CHJIBI, PaBHOZEHCTBYIOIYI0 KOTOPHIX Mbl 0G03HauuM GykBoit R (pHc.
78.1). Cuny R MOXHO pasjIoXKHTb Ha [Be COCTaBJAOIINE, OfHA H3 KO-
TOPHIX, Q, HanpaBJieHa B CTOPOHY, MPOTHBOMOJIOKHYIO ABHKEHHIO Tena
(nsM B CTOpPOHY ABHKEHHS NOTOKa, Haberamlero Ha Tenlo), a BTopas,
P, nepnennuky/sipHa K 5T0My HanpasJjeHHio, CocTaBaswiiie Q 1 P Ha-
3bIBAIOTCA COOTBETCTBEHHO J OOGOBBIM COMPOTHBJEHHEM
H noAbeMHOR cuJsoit. OueBHAHO, YTO HA TeNO, CHMMETPHYHOE
OTHOCHTEJIPHO HalpaBjieHHs JABHXKEHHs, MOXeT JeHCTBOBAaTb TOJIBKO

1) 3ameTHM, 9TO TMpPH NMOCTOAHROA CKOPOCTH NBHMKEHWH TeJa OTHOCHTEJBHO MXAX-
KOCTH CHAa, ReficTBYIONIAA Ha TeJo, GyleT B COOTBETCTBHH C MPHHLMIIOM OTHOCHTE/b-
HocTH [anmaes TaKoil 3Ke, Kak H B c/yyae ABIXKEHHS MUIKOCTH C Toil JKe CKOPOCTBO
OTHOCHTE/IbHO HeNoJBH}KHOrOo Tea, Pre, 78,1, cooTBeTCTByeT moc/efiHeMy caydalo,
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N060BOe CONMpPOTHBAEHHE, TOLbEMHAs e CHJa B 3TOM cayyae GyneT
paBHa HYJIIO.

Kak nokaswlBalOT pacuerThl, B HI€aJbHOH XHAKOCTH paBHOMEpHOe
JBHXKEHHe TeJs JOJKHO GbI0 Gkl IPOHCXOAHTL 663 JI0GOBOro COnpoTHB-
JeHus. He o6japas BA3KOCTbIO,

WieaqbHash  JKMIKOCTbD  JOMKHE —— Ty

Puc. 78.1. Pue. 78.2.

cBOGOZHO CKOJIb3HTb 10 NIOBEPXHOCTH T€/1a, NOMHOCThIO o6TeKas ero. Ha
puc. 78.2 noKa3aHbl JIHHUH TOKA NPH 06GTeKaHHH oueHb AJIHHHOrO («Gec-
KOHEUHOTO») LMJAHHAPA HAeaNbHOH >UJKOCTblO. BcneacTBHe mOMHOrO
ofTeKaHHsl KapTHHA JHHHH TOKAa OKa3bIBaeTCA COBEpLIEHHO CHMMETPHY-
HOH KaK OTHOCHTeJIbHO NPsAMOH, npoxoasiueii uepe3 Touku A n B, Tak
OTHOCHTEJbHO TpsAMOM, mpoxoasuieit 4yepes Toukn C u D. Tlostomy
JaBjenue B6n3u Touek A B B GyzeT onHHAKOBO (M Gosblie, YeM B He-
BO3MYIIEHHOM MOTOKE, TaK KaK CKOPOCTb BOJH3H 3THX TOUEK MEHble);
TOYHO TaK Ke jaBJjeHHe BOIN3M Touek C u D Toxke 6yneT OAMHAKOBO
(¥ MeHblIe, yeM B HEBO3MYILEHHOM NOTOKE, TaK KaK CKOPOCTb BOJH3H
3THX Touek Goubiue). ClenoBaTesqpHO, Pe3yJ/LTHPYIOMAS CHI LaBJEHHSA
Ha MOBEPXHOCTb LHJIHHAPA (KOTOpas IPH OTCYTCTBHH BSA3KOCTH MOIJa
651 06YCJIOBHTH JIOGOBOE CONMPOTHBJEHHe), O4eBHAHO, OyJeT paBHA
Hymo. Takoll e pe3ysabTaT nosyuyaercs W AJaA Ten APYTod GopMeL.
MHaye npoTekawT fABJAEHHA NMpPH [BHUXKEHHMH TeJa B IKHAKOCTH, 06-
Jajpaomell BA3KocTbio. B 3TOoM cayuae oueHb TOHKHE CJOH JKHMAKOCTH
MpHJHNAeT K NOBEPXHOCTH TeJa H ABHXKETCA C HHM KaK OJHO 1EJIoe,
yBJieKas 3a coGoif M3-3a TpeHHs mnocJeayiwomue cioH. Ilo mepe yaane-
HHUA OT NOBEPXHOCTH Tesla CKOPOCTb CJIOEB CTAHOBHTCA BCe MeHbiue, M,
IIaKOHell, Ha HEKOTOPOM pacCTOSIHHH OT MOBEPXHOCTH XHAKOCTb OKa-
3blBaeTcsl NPAaKTHYECKH He BO3MYLIEHHOH IBHXKeHHeM Tesa. TakuM 06-
PasoM, TeJO OKa3bIBAaeTCs OKPYXEHHBIM CJI0€M XHJIKOCTH, B KOTOPOM
IIMEeTCA TpajHeHT CKOPOCTH. JTOT CJOH Ha3blBaeTcd NMOT P a H U Y-
H B M. B HeM meficTBYIOT CH/IBI TpeHHs, KOTOpble B KOHEYHOM MTOre
OKa3bIBAIOTCA NPHJOKEHHBIMH K TeJNy H NPHUBOJAT K BO3HHMKHOBEHHIO
JI060BOTO CONPOTHBJICHHUA.

Ho neno He HcuepnbiBaeTcs TosnbKo 3THM. Hamnune morpaHH4HOro
CJI0sl B KOpHE H3MeHsleT XapakTep o6TeKaHHs TeJa XKuaKocThio. [losHoe
o6TeKaHHe CTaHOBHUTCA HEBO3MOXKHBIM. JlefiCTBHE CHI TpeHUs B MOBEPX-

9’.
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HOCTHOM CJIOE NPUBOAHT K TOMY, YTO NOTOK OTPLIBAaeTCsA OT IOBEPX-
HOCTH Tesna, B pe3yJbTaTe 4ero mosagu Tesja BO3HHKAIOT BHXPH (CM.
pHc. 78.3, Ha KOTOpDOM NOKa3aHO OOTeKaHHe IHMJIHMHAPA BA3KOH MHA-
KOCTbi0). BHXpH yHOCATCSA NOTOKOM M MOCTENEHHO 3aTyXaloT BC/EACTBHE
TPEHHAA; NPHU STOM 3HEPrHs BHXPeH pacxoiyercs Ha HarpeBaHHe XKHUI-
KocTu. JlaBaeHHe B o6Gpa3yIollencs 3a TeJOM BHXpeBOH 06JacTH OKa-
3bIBAeTCS MOHHXKEHHEIM, [IO3TOMY Pe3yJIbTHPYIOIas CHJ JaBJeHus Oy1eT
OT/IMYHA OT HyJs, B CBOI oyepelb 00ycJoBAHBAs J1060BOE COMpPOTHB-

JleHHue,
Taxkum o6pasoM, J1060BOE COMPOTHBJEHHE CK/aAblBaeTCsl H3 COMpo-
THUBJICHHS] TPEHHSI U CONPOTHBJIEHHA AaBjieHHs. IIpu naHHBIX nomepey-
HEIX pa3Mepax Te/ja CONpPOTHBJIEHHE

e JaBJIeHHUS] CHJIBHO 3aBHCHT OT (hOPMbI
—/’_\\-

ﬁb: ——

2
:——\AD’) 23 — \—/-—’—\/\‘
—\—/ _\/_
— ESSS—
Puc. 78.3. Puc. 78.4.

tena. Ilo 3Toi mpuYMHe ero Ha3bIBAIOT TaKXKe CONPOTHBJIEHHEM
dopmbl. Haumenbluum conpoTHB/IeHHeM JaB/ieHHs 06/1afaroT Tesa Xo-
pouio ofTekaemoit KamJieBHaHO#M ¢opmel (puc. 78.4). Taxywo copmy
CTpeMATCA NPHAATh (IO3ENISKY M KPBUIBAM CaMOJIETOB, KY30BY aBTOMO-
6used U T. m.

CooTHoLIIEHHE MEXAY CONPOTHBJIEHHEM TPEHHS M CONPOTHBJIEHHEM
IaBJIEHUS ONpelendeTcs 3HaueHHeM uucaa PeiiHosbzica (76.1). B nau-
HOM cJay4ae | — HEeKOTOpHIfi XapaKTepHHI/i pasMep Tesa (HampHMep,
pamiyc A Tela waposoli hopMLI), v — CKOPOCTb Tela OTHOCHTENBHO
JKUIKOCTH.

[lpu Manbix Re OCHOBHYIO poO/b HrpaeT CONPOTHBJEHHE TPEHH,
TaK YTO CONPOTHBJIEHHE JaBJeHHH MOXKHO He NPHHHMAaTb BO BHHMaHHe.
[1pn yBeauueHun Re posnb conpoTHB/eHHs AaBjeHHs Bce GOJIble pac-
teT. [1pu Goapluux 3HaYeHUsIX Re B JIOGOBOM COMPOTHBJIEHHH Npeobia-
LAT CHJIBl JaBJIEHHS.

Onpenenssi xapakTep CHJI, JefiCTBYIONIMX Ha TeJO B NMOTOKE, YHCJO
PeiiHosbACca MOXKeT CIYXKHUTb KpPHTEPHEM NOJAOGHA fBJEHHH H B 3TOM
ciyyae. 310 OGCTOATENbCTBO HCMONb3YyeTcsd NMpH MojeaupoBaHHH. Ha-
npuMep, MOJAesb caMoJsieTa GyaeT BecTH ceGsi B NOTOKe rasa TakHM xe
ofpa3oM, KaK U ee mpoobpas, ec/M, KpOMe IreoOMeTpHYeCKOro Hoiobus
MoOJlelM M camoJsieTa, OyJeT COGMIONEHO TaKKe PaBEHCTBO IJIA HMX
gyucen PefiHonbnca.

dopmyaa Crokca. Ilpu maneix Re, T. e. npH HeGOIBIIMX CKOPOCTAX
IBuxeHHA (M HeGosbluux I; cM, (76.1)), conpoTuBieHHe cpeanl o0yc-



§ 78. ABU)KEHHE TEJ B JXHAKOCTAX M FA3AX 261

JIOBJICHO NPAKTHYECKH TONBKO cHiaMH TpeHHs. CTOKC YCTaHOBHJ, 4TO
CHJIa CONPOTHBJICHHS B 3TOM CJiyyae MpONOPLHOHANbHA KO3(GHUHENTY
JMHAMHUYECKOH BA3KOCTH 1), CKOPOCTH U JABHIKEHHS TeJla OTHOCHTEJBHO
JKHAKOCTH H XapaKTepHOMY pa3Mepy Ttena [: F~mnlv (npeanosaraercs,
4TO paccTOSHUE OT Tesa O TPAHHIL KHAKOCTH, HanpHMep [0 CTEHOK CO-
cyla, 3HauuTesnbHO Goablle pa3MepoB Tena). KosdpuuueHT nponop-
LIHOHANLHOCTH 3aBHCHT OT topMbl Tena. s mapa, ecnn B Kauecrse !
B3AThb pajHyc mapar, KostpHLUHEHT MPONOPLUEOHANBHOCTH OKa3blBaeTCs
paBHbM 6n. CrefoBaTesbHO, CHJIA CONPOTHB/IECHHS IBHMKEHHIO L1apHKa
B JKHAKOCTAX NpPH HeGOJNBLIMX CKOPOCTAX B COOTBETCTBHH ¢ (opMy.Jiofi
Crokca paBHa

F=6anrov. (78.1)

Monbemnasa cuna, Il BO3HUMKHOBEHHS] NMOABEMHOH CHJIEI BA3KOCTh
SKHIKOCTH He HMeer CyLIlecTBeHHoro 3HauenHs. Ha puc. 78.5 nokasanet
JUHHH TOKa NPH OOGTeKaHHH HJeaNbHOR MKUAKOCTbIO MOMYHH/IHHApA.
BenepctBre nmosHOro o6TeKaHNs JIMHHH TOKa OYAYT CHUMMETPHYHBI OT-
HocHTeabHO nmpsamoit CD. OaHako oTHOCHTENBHO mpamoil AB kapTuHa
6yner HecMMMeTpHuHOH. JIMHHM TOKa crymanTca BO6IH3H Toukd C,
NO3TOMY AaBJieHHe 3Jiech OyneT MeHblue, yeM BOJIH3H To4kM D, H BO3-
HHUKaeT noabeMHas cuaa P. AxanornynbiM o6pa3oM BO3HHKAEET MOJbEM-
Hasfi CHJIAa U B BA3KOH KHAKOCTH.

Cusoit, noagep:kHuBaiolleil caMosieT B BO3AyXe, CIYXKHT NOAbeMHAs
CHJa, JedcTByollas Ha ero Kphl-
absi. JIo6oBOe cONpOTHBIEHHE UIPaeT

_— T 5

—_ T 5.

—7 N
A V]

P

Puc. 78.5. Puc. 78.6.

NpH NoJeTe caMoJieTa BpeAHY0 poab. [103TOMY KpbUIbfIM caMoJjeTa H
ero ¢io3eNs:Ky NpHAAT Xopowo obrekaemyo gopmy. Ilpoduab Kpoiia
JOJIKEH BMECTE C TeM o6ecrneyuBaTh AOCTATOUHYIO 1O BeJHUHHE NOJABEM-
Hyio cuny. OnTHManbHEIM JJi1 Kpblla sBJSIeTCS NMOKa3aHHBIA Ha pHC.
78.6 npodunb, HafizeHHull BennkuM pycckuM yuennM H. E. )Kyxkos-
ckum (1847—1921). Tpynamu JKykoBckoro u ero yuennka C. A. YHan-
JILIFHHA GBLIO NOJIOXKEHO HavyaJlo coBpeMeHHof aspoanHamuke. B. V. Jle-
HHMH Ha3BaJs JKyKOBCKoro otiioM pycckoii aBnanu. JKyKoBckHii, B yact-
HOCTH, BbIBEJN (OpMYJYy AJS onpejeneHHss NOLBEMHOH CHJBI, ABJIAIO-
lyloCc OCHOBOH BCeX aSpOJHHAMHYECKHX PacueToB CaMOJIETOB.



YUACTD 2
MOJIEKYJIAPHASl ®U3UKA H TEPMOAHUHAMHUKA

r'TABAX
NPEABAPHTEJIbHBIE CBEREHHS

§ 79. CraTucruueckas $u3HKa H TepMOAHHAMHKA

Moneryasipuasn ¢u3HuKa mpexncTaBiasier cobofl pasgen (pH3MKH, H3Y-
YAIOIHH CTPOEHHE M CBOMCTBA BelllecTBa, MCXOASA U3 TaK Ha3hBaeMbIX
MOJIEKY I DHO-KHHETHUECKHX mpeacTasieHuit, CorsacHo 3THM mpej-
CTaBJeHHAM, J000e TeJNo — TBEpAOE, XHIKOe HJH rasoobpasHoe —
COCTOHT H3 GOVIBILOIO KOJIHYECTBA BecbMa MaJibiX 060CO6JEHHBIX ydac-
PHIL — MOJIEKYJ ). MoJsleKyJIbl BCAKOrO BelllecTBa HaxoAATcs B Gecro-
PANOYHOM, X20THYECKOM, He HMEIOIIEM KaKOro-JHGO mpeHMYmiecTBeH-
HOI'0 HanpapJeHHs ABHKEHHHM. Ero HHTEHCHBHOCTb 3aBHCHT OT TeMme-
paTyphbl BellecTBa.

HenocpencTBeHHBIM JOKAa3aTeJbCTBOM CYIECTBOBAHHS XaoTHye-
CKOTO JBHXKEHHSI MOJIEKYJ CJYXKHT GDOYHOBCKOE IBIKeHHMe. DTO fABJe-
HHe 3aKJII0YaeTcsl B TOM, YTO BeCbMa MaJble (BHIHUMbIE TOJBLKO B MHKPO-
CKOI) B3BeLUeHHLIE B XXHAKOCTH YaCTHUEI BCETJa HAaX0AATCS B COCTOSIHHH
HerpephIBHOrO 6ecrnopafoYHOro JABHMEHHS, KOTOpoe He 3aBHCHT OT
BHELIHNX NPHYMH H OKa3biBaeTcs NPOMABIEHHEM BHYTPEeHHEro ABHXKe-
HUA BelecTBa. bpOYHOBCKHE YacTHIBI COBEpIIAIOT ABHKEHHE O] BJIHA-
HHeM OecrOpANOYHBIX YAAapOB MOJIEKY.I.

MornekynspHO-KHHETHUECKAsA TEeOPHS CTaBHT ceGe LeabI0 HCTOJKO-
BaThb Te CBOHCTBA TeJl, KOTOpble HEMOCPeICTBEHHO HaGJ/I0aloTcs Ha
onbITe (ZaBJjieHHe, TeMmilepaTypy H T. I1.), KaK CyMMapHBLIA pe3ynbTaT
JedcTBUA MoJIeKyJ1. [IpH 5TOM OHA NOJIb3yeTCsl CTATHCTHYECKUM METOL0M,
HHTepecysich He ABUXXEHHEM OTIEeJbHLIX MOJIEKYJ, a JIMIb TaKUMH cpel-
HYMH BeJHYHHAMH, KOTOPhIE XapaKTepPH3YIOT ABHXKEHHe OrPOMHOMH COBO-
KynHocTH yacthl. OTciofia Apyroe ee Ha3BaHHe — CTaTHCTHUecKasa (H-
3HKa.

HayueHnem pasnnyHbIX CBOHCTB Tesl U H3MeHeHHH COCTOSIHMA Be-
IECTBA 3aHMMaeTCs TaKKe TepMoJHHaMuka. OgHako B OTJIHYHE OT
MOJIEKYJIAPHO-KHHETHYECKOH TEeOpHMH TepMOJHHAMHKH H3yyaeT MaKpo-

) ATOMHI MOXKHO pacCMaTpUBaTh KaK OZHOATOMHBIE MOJEKYJIRl,
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CKOIMMYeCKHe CBOACTBA TeJ H SiBJeHHH NpUPOABl, HE HHTEpPECYACh HX
MHKpOcKonnyeckoi kKaptuHoi. He BBomf B paccMOTpeHHe MOJIEKY.IBI H
aToMBbl, He BXOJsi B MHKDOCKOIIHYECKOe PacCMOTPeHHe HpPOLECCOB, Tep-
MOJHHaMHMKa NO3BOJIAET JesaTh LeJbfl psiJ BEIBOJAOB OTHOCHTEJNBHO HX
[IpOTEKaHH4.

B ocHoBe TepMOAMHAMHKH JIEXKHT HECKOJbKO (yHIAMEHTaJbHBIX
3aKOHOB (HasblBaeMbIX HavYaJdaMH¥ TEepPMOJILHHAMHUK H), yc-
TaHOBJIEHHBIX HAa OCHOBaHHUH 0600LIeHHs 60NbUIOH COBOKYNHOCTH OMNBIT-
HEIX ¢akToB. B cHily 3Toro BHIBOLBI TepMOAMHAMHKH HMMEIOT BechbMa
ofImuid Xapakxrep.

Ilogxoass K paccMOTpeHHIO H3MeHEHMH COCTOAHHMA BellecTBa C pas-
JIMYHLIX TOUEK 3PEHHs, TEPMOAHHAMHKA H MOJEKYJIAPHO-KHHETHYeCcKas
TEOpHsl B3aUMHO JONOJHAIOT APYr Apyra, o6pasys 10 CYLIECTBY OZHO
1eJ0e.

OG6pamasch K HICTOPHH Pa3BHTHS MOJIEKYJIAPHO-KHHETHYEeCKHUX npef-
CTaByieHuH, cJelyeT MpexJe BCero OTMETHTh, UTO NpPeACTaBJeHNA 06
aTOMHCTHYECKOM CTPOEHHH BelllecTBA GBLIH BBICKa3aHH ellle ApEeBHHMH
rpekaMi. OHaKO y ApeBHHX I'PEKOB 3TH HIeH GHUIH He GOsee ueM re-
HuanbHOH Joraakod. B XVII B. aTomHcTHKa BO3poxaaeTcs BHOBb, HO
yXe He Kak JOrajka, a Kak HayyHas runote3a. OcoGeHHoe pasBuUTHE
3Ta TUMOTe3a MOJYYHJIa B TPYAaX TreHHaAbHOT'O PYCCKOrO YdYeHOro M
meicnutesis M. B. JlomonocoBa (1711—1765), KoTopHlil npeanpuHAJ
NONBITKY JaTh €IHHYIO KapTHHY BceX H3BeCTHRIX B €r0 BpeMs ¢H3Hde-
CKHX M XHUMHYecKHX aBJeHHH. IIpu 3TOM OH HCXOAMN U3 KOPNYCKYJIAP-
HOro (mO cOBpeMEeHHOH TEepMHMHOJIOTHH — MOJEKYJISPHOro) NpencTaB-
JIeHHS O CTPOEHHH MaTepuH. BoccTaBas npoTHB rocnojiCcTBOBaBIIEd B er0
BpeMs TEOpHH Temaopoja (THNOTeTHYeCKOH TemyioBo#t MHAKOCTH, CO-
JlepXKaHHe KOTOPOM B TeJsie ONpefieisieT CTeneHb €ro HarpeToctH), JloMo-
HOCOB «IPHYHHY TelJa» BHAMT BO BpAallaTelbHOM JIBHMEHHMH YacTHI
Tena. TakuMm o6pa3oM, JIOMOHOCOBEIM OBLTH MO CYIIECTBY CGHOPMYJIH-
pPOBaHEI MOJIEKYJIADHO-KHHETHUECKHE HpeICTaBJeHHH.

Bo Bropoit nonoBune X1X B. u B Hauane X X B. 6aarofaps TpyAaM
pAja y4eHBIX aTOMHCTHKA NpeBpaTH/Jach B HAyYHYIO TEOPHIO.

§ 80. Macca u pasmepsl MOJIEKYJ

Jna XapaKTepHCTHKH Macc aTOMOB M MOJIEKYJl NIDHMEHSIOTCS BeJH-
UHHBI, NOJYYHUBIUHE Ha3BaHHE OTHOCHTEJbHOH aTOMHOIM
MaccHh 3JeMeHTa (CoOKpaleHHO — aTOMHOH Macchl) H O T H O-
CHTEeJAbHOH MOJEKYNAPHOMH MacCh BemecTBa
(COKpallleHHO — MOJIEKYJAPHOI Macchl) 1),

Aromuoit Maccoit (A,) XHMHYECKOro 3JieMeHTa Ha3bIBaeTcsi OTHO-
IIeHHe Maccel aToMa 3TOoro 3JeMeHTa K 1/12 Macchl atoma 2C (Tak 060-
3HayaeTcsl M30TON YIJepoia C MAacCOBhIM yHcsioM 12). MosexyaspHoit

) Panee 5TH BeJIEYMHH HA3HBAJAHCh ATOMHHM H MOJEKYJSPHHM BECOM,
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Maccoit (M,) BellecTBa HaseIBaeTCsl OTHOLIeHHE MAacchl MOJIEKYJBl 3TOTO
BeiectBa K 1/12 Macce aroma *2:C, ‘Kak crenyeT u3 ux ompejesieHus,
aTOMHasi ¥ MOJIeKYyJApHasi MacChl fBJAIOTCA Ge3pa3MepHBIMH BeJHYH-
HaMH,

Envudua Macesl, paBHas 1/12 maccel aToma *2C, HasbiBaeTCsl 2 T O M-
HOU eAMHUULeH Macch (a.e. M), O603HaYUM 3Ty eAUHHLY,
BLIDAXEHHYIO B KHJOTpaMMaXx, uepe3 m,,. 1oraa Macca aTtoMa, Bhlpa-
XeHHasi B KHJIorpammax, 6yser paBHa A,m,,, a Macca MoJeKyJasl M, m,,.

KosnuecTBo BellecTBa, B KOTOPOM COREPXKHUTCS UHCJIO 4acTHI (aTo-
MOB, MOJIEKYJ/, HOHOB, 3JEKTPOHOB H T. 1.), paBHOe YHUCJIY aTOMOB
B 0,012 xr usorona yraepoaa **C, HasbiBaercsl M 0 J1 € M, ¥YTnorpebas-
IOTCSl TaK)e KpaTHble M JONbHble eAMHHLB KHJIOMOJAb (KMOJb), MHJ-
JIUMOJIb (MMOJIb), MUKPOMOJIb (MKMOJIB) U T. A.

Unesno yacTdl, colepKaluxcsd B MoJe BellecTBa, Ha3bIBaeTCA
uucaoM ABorappo. OnbTHEM @yTeM HafiieHO, 4TO HYHCJO
ABorajpo paBHO

N, =6,022-10% mMoab™2, (80.1)

Takum ofpa3oM, HanpuMep, B MoJje Meld cogepxdTca N, atoMoB
MelH, B MoJie BOAHI COfepXHTcA N MOJeKyJ BoAbl, B MoJle 3/eKTPOHOB
collepUTCA N, 3JIEKTPOHOB H T. A.

Maccy Mong HaspBalOTMOJIApHOH Maccoit M. OueBuaHo,
yto M paBHa npou3sBefeHHI0 N Ha Maccy MOJIeKYanl M, m,:

M=NMm,,. (80.2)

B cayuae yraepopa *C M=0,012 kr/Monb, a Macca aToMa paBHa
12 m.,. [ToacranoBka 3THX 3HaueHui B coorHoleHue (80.2) naer
0,012 (xr/mosb) = N, (Mosb~1).12m,, (Kr).
Orciona -
0,001 (kr-moan=1) 0,001 xr

e, (K1) = Na (Moab—1%)  6,022-10%

=1,66-10~27kr. (80.3)

CnenoBatesbHO, Macca JioGoro aToMa pasHa 1,66-10~27. 4, kr, Macca
moboit Moslekysl paBHa 1,66-10-27-M_ Kr.
M3 (80.3) BeiTekaer, uto npousseseHue N am,, paBio 0,001 Kr/Moss.
IToactanoBka atoro snaueHus B ¢opmyny (80.2) aaer, uto
M =0,001 M, xr/moJn (80.4)
UK

M= M, r/moas. (80.5)

Takum o6pasoM, Macca MoJss, BbIpPaXeHHas B TrpamMMmax, YHCJIEHHO
paBHa OTHOCHTEJNbHOH MOJIeKYJsApHO# Macce. OZHAKO CJIeAyeT HMMeThb
B BHAY, 4YTO, B TO BpeMs Kak M, — BenHunHa GeapasMepHasi, M uMeer
pa3MepHOCTb KI/MOJb (HJIH T/MOJIb).

Tenepp npousBesieM OlLEHKY pa3MepoB MoJeKya. EcTecTBeHHO
NPEANO/IOKHTb, YTO B KHAKOCTAX MOJEKYJIHl Pacho/araioTcs AOBOJb-
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HO 6/u3KO Apyr K Apyry. Ilosromy npuGianmxeHHYIO OLEHKY oGbema
OJIHOH MOJIEKYJIbI MOMKHO MOJYYHTb, Pa3JieNuB 00beM MOJIA KaKOH-IuGO
MUAKOCTH, HanpuUMep BOJbIL, Ha UMCJO MOJEKYyn B Mmoje N,. Moan
(r. e. 18 r) Bognl 3anumaer obpem 18 cm®=18-.10-¢ M3, Caepopa-
TeJNbHO, Ha JAOJI0 OXHOH MOJIeKYJbl NMPHXOAUTCA OOBEM, paBHBIf

(18-10-%)/(6-102?) = 30- 1030 w?,

Orciona cnenyer, 4TO JIMHeHHBIE pasMepbl MOJEKYJ BOAbL NPHGJH-
3UTEJIbHO PaBHbI

3/30.10-% &~ 3-10-10 M =3A.

Monekybl JpYrHX BelECTB TaKXke WMelOT pasMephl MOpsAAKa He-
CKOJIbKHX aHrcTpeM 1),

§ 81. Cocrosnue cucremnl. Ipouecc

CHcreMoH Tesl HJM MPOCTO cHcTeMoil Mel 6yfeM HasmiBaTbh COBO-
KYIIHOCTb paccMaTpHBaeMbIX TeJs. ITpHMepoM CHCTeMBI MOKET C/IYXKHTh
UAKOCTh ¥ HaxXoAsllMica B paBHOBecHMH c Hell map. B wactHocTH, cH-
cTeMa MOXET COCTOATb W3 OJHOro Tesa.

Bcesikasg cHcreMa MOXET HaXOOUTbCH B Pas/IMYHBIX COCTOAHHAX,
OT/HYAIOIMXCA TeMmnepatypoli, AaBienueM, oobeMoM d T. A. Ilogo6-
Hble BeJHMYHMHEI, XapaKTepU3YyIOllHe COCTOSIHHE CUCTEeMBbI, Ha3bIBAIOTCA
napaMeTpaMH COCTOAHHUAI.

He Bcerpa xakoil-nn6o mapaMeTp HMeeT onpefeJieHHOE 3HayeHHe.
Ecnu, HanpuMep, TeMrepaTypa B Pa3HBIX TOYKaX TeJa HEOAWHAKOBA,
TO TeJly HeJNb3si NpPHUNHCATh ONpefie/leHHOe 3HayeHWe mapamerpa 7.
B 5TOM cllyyae cocTosiHHe Ha3blBaeTcsI He paBHOBe cHH M. Ecu
TaKoe TeJO M30/HPOBAThb OT APYTUX TeJ W NMpPeNoCTaBUTb caMoMy cebe,
TO TeMIepaTypa BbIpaBHSeTCA M [pPHUMeT OIHHAKOBOE A/ BCeX TodeK
3HayeHue T — TeJIO MepelfeT B paBHOBECHOE COCTOSIHUE. DTO 3HadeHue T
He M3MeHseTcs A0 TeX IMop, MOKa Teso He GYJeT BLIBEJEHO U3 paBHOBeC-
HOTO COCTORHHS Bo3feficTBHEM H3BHe,

To e camoe MOXeT HMEeTb MecTo M Ji/Isi JpYTHX NapaMeTpoB, HanpH-
Mep A/A AaBjeHHs p. EcaM B3ATb ras, 3ak/odYeHHBIH B IHJIHHApHYE-
CKOM cocyJe, 3aKpBLITOM [IJIOTHO NPHTHAHHBIM TOPIUHEM, M HayaTh
6LICTPO BABHraTb NOpLIEHb, TO MOX HUM obpa3yeTcs ra3oBas IOAYIUKa,
AaBJleHHe B KoTopoH Oyjer GoJbllle, YeM B OCTaJbHOM oObeMe rasa.
CnefoBaTesibHO, Ta3 B 3TOM cJydyae He MOXeT GbiTb OXapaKTepH30BaH
ofnpejeneHHbIM 3HaYeHHeM AaBJeHHs p, H COCTOsTHUe ero 6y/eT HepaBHO-
BecHbIM. OJIHAKO €cJIH MPEeKPaTHTb nepeMellieHHe HOPIIHS, TO AaBJeHHe
B pa3sHbIX TOYKax o6beMa BblpaBHfETCA M ra3 nepeiijieT B paBHOBECHOE
COCTOsIHHE.

1) AurctpeMmoM (o603HayaeTcsi A) Ha3LBAaeTCH BHEeCHCTEMHAS €IMHHNA JAMHEL,
paBHas 10-19 1, OTa eMHHLA OYeHb YROGHA B aTOMHOMH (pH3auKe,
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ITponecc mepexozsa cHCTeMbl H3 HepaBHOBECHOIO COCTOSIHHS B paB-
HOBECHOe Ha3biBaeTcsi NpoHecCcOM peJaKCalldH HIH npo-
CTO pesakcaunue#d Bpemsa, 3aTpaunBaeMoe Ha Takoi nepexof,
Ha3kBaloT BpeMeHeM peJdaKcaluu B xauectBe BpemeHu
pellakcauMu NMPWHHMAaeTcs BPeMs, 3@ KOTOPOe NMePBOHAYaJbHOE OTKJIO-
HeHHe KaKoH-In60o BeJHUUHEI OT PaBHOBECHOTO 3HayeHHs YMEHbIIaeTcs
B ¢ pa3. JIia Kax[oro napameTpa CHCTEMBI HMEETCs CBOe BpeMs peJsaK-
cauun. HanGosbiee U3 3THX BpeMEH MIpaeT poJib BpeMeHH peJlaxca-
IHH CHCTEMHI.

Htak, paBHOBEeCHHM COCTOSHHEM CHCTEMBH HAa3bl-
BaeTcsl TaKoe COCTOsIHHE, NIPH KOTOPOM Bce NapaMeTphbl CHCTEMB! HMEIoT
onpefleleHHRle 3HAYeHHs, OCTAlOllHecs TNPH HEH3MEHHBIX BHENIHHX
YCJIOBHSIX HOCTOSIHHEIMH CKOJIb YTOAHO HOJIO.

EciiM 1m0 KOOpZMHATHBIM OCAM OTKJA[LIBATH 3HAYEHHS KaKHX-I160
IBYX napaMeTpoB, TO J000€ paBHOBECHOE COCTOSIHME CHCTEMBI MOXET

6LITb M3006pakeHO TOYKOH Ha KOOpPIAHHATHOH
pA 7 IUIOCKOCTH (CM., Hanpumep, TOUKY J Ha pHC.
< 81.1). HepaBHOBecHOEe cOCTOSiHHE He MOXeT
\—\ 6LITb M306pakeHO TaKHM CIGCOO0M, MOTOMY
7 u4To XOTA GBI ONMH M3 NMApaMeTPOB He GyaeT
HUMeTb B HEDABHOBECHOM COCTOSIHMH OIpeje-

JIEHHOTO 3HauYeHHs.
Besikuit npouece, T. €. nepexofl, CHCTEMEL H3
OJIHOTO COCTOSIHHSI B JIpyroe, CBf3aH C
g vy HapyleHHeM paBHOBecHsl cHcreMbl. Ciefo-
BaTeJIbHO, NPH TNPOTEKaHHH B CHCTeMe Ka-
Kcro-nM6o mnporecca OHa NPOXORUT uYepe3
10CJIe[10BaTe/bHOCTh HePaBHOBECHBIX COCTOS-
Hui. O6pamasch K YKe DacCMOTPEHHOMY NpOLECCy CXKATHs rasa B
cocylle, 3aKPBITOM MODPLIHEM, MOMKHO 3aKJIOYHTb, UTO HapylueHHe paB-
HOBeCHsl NPH BIBHIraHHH NOPLIHA TeM 3HauUTeJbHee, yeM OhicTpee
NPOU3BOIUTCS CxkaTHe rasa. Ecau BABHraTh NoplleHb OYeHb MeJJIeH-
HO, TO paBHOBeCHE HapylllaeTcsi He3HauyuTeJbHO H JaBjeHHe B pa3-
HBIX TOYKax Majo OTJIHYaeTCsi OT HEKOTOPOrO CpefHero 3HayYeHHs p.
B npezene, ecan cxatue rasa NpOMCXOIZMT GECKOHEUHO MEJJIEHHO, a3
B KaxInii MOMEHT BpeMeHHM OyJeT XapaKkTepH30BaTbCA OIIpefe-
JIEHHBHIM 3HayeHHeM JaBJjieHHs. CrefoBaTenbHO, B 3TOM clyyae co-
CTOSIHHE rasa B KamIbli MOMEHT BpeMeHH fBJsieTcs DaBHOBECHEBIM,
H OecKOHeYHO MeJJIeHHHI mpouecc GyAer COCTOSATb M3 MOC/IENoBa-

TEJIbHOCTH PaBHOBECHBIX COCTOSTHHH.

Ilpouece, cocTosMi H3 HenpephIBHOM NOCJENOBaTeNbHOCTH PaBHO-
BECHbIX COCTOSIHMH, HasblBaeTcsi paBHOBECHBLIM HIM KBa-
3HcTaTHyecKHM H3 ckasaHHoro cjenyer, uto paBHOBECHBIM
MOXeT GbITb TOJILKO GeckOHeYHo MexseHHLIH mporecc. [Ipu mocTaToyHo
MeAJIeHHOM TPOTEKaHWH peajibHble IpoOlecchl MOTYT NPUGINKATLCA
K PaBHOBECHOMY CKOMb YTOZHO GJH3KO.

Puc. 81.1.
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PaBHOBecHBI mpolecc MOxKeT GBITBH NMpOBEfeH B 06paTHOM Hanpas-
JIEeHHH, TIpHYyeM cHucreMa OyIeT NMPOXOAHTb Yepe3 Te e COCTOSAHMS,
YTO M MPH NpPAMOM XOje, HO B 0OpaTHOM nocJefoBaTe/bHOCTH . TIoaTomy
paBHOBECHBIE INPOLECCH HA3BIBAIOT TaKXke O6paTHMBH MH.

OGpaTHMBIil (T. €. paBHOBeCHHIH) MpoLecc MOXeT GbiTh H306paXkeH
Ha KOODAMHATHOH NJIOCKOCTH COOTBETCTBYIoULeH KpuBo# (cM. puc. 81.1).
Heo6patumele (T. e. HepaBHOBecHBIe) mnpoLecchl MBI OyleM YCJIOBHO
n306paxkaTb NYHKTHPHBIMM KDHBbIMH.

ITpouecc, mpH KOTOPOM CHCTemMa Mocje PsAAa M3MEHEHHH BO3Bpa-
maeTcss B HCXOAHOE COCTOfiHHe, Ha3hiBaeTcd KPYTOBHM 0 p o-
HeccoM MJIH I HKJ oM. I'paduueckn UMKJI H3oBpaKaerca 3aMK-
HyTOH KpDHBOH.

TToHsiTHA PaBHOBECHOT'O COCTOSTHMS M 06paTHMOro mpolecca WrpaioT
GoabIIYI0 Posib B TepMOAMHaMHKe. Bce KOJMYECTBEHHBIE BHIBOAML TEp-
MOAMHAMHKH CTPOrO NMPHUMEHHMEI TOJMBKO K DaBHOBECHBIM COCTOSHMAM
M o6paTHMBIM IHpomeccaM ?).

§ 82, BHyTpeHHsl 3Heprus CHCTEMbI

BHyTpeHHelt sHepruel kKakoro-a16o Tesa Ha3bBaeTCs SHEPrUs STOTO
TeJla 32 BHIYETOM KHHETHYECKOR 3HepTHM Tesla KaK LEeJOoro H MNOoTeH-
LHaNBbHOM 3HepruM Tena BO BHelllHeM noJse cui. Tak, Hanpumep, npu
onpe/eNeHHH BHYTPEHHell 5HeprHU HEeKOTOPOH Macchl rasa He JOJIKHEL
YUYUTHIBATBCA SHEPTHSA JBHXKEHHS rasa BMECTE C COCYJOM M 3HeprHsd,
o6ycJIOB/IeHHas HAXOXAEHHEM ras3a B MoJie CHJI 3eMHOTO TSATOTeHHS.

CrnepoBaTelbHO, B NMOHATHE BHYTpEHHeiH SHEPTHH BKJIOYAIOTCS KH-
HeTH4YecKas 3Heprus XaoTHYeCKOTO JBUIKEHHS MOJIeKYJI, MoTeHIHa bHAas
5Heprus B3aMMOJEHCTBHA MeXAy MOJEKyJaMH H BHYTPHMOJIEKYJAspHas
SHeprus 2).

BHyTpeHHAS 3HEpPrHA CHCTEMBI TeJl paBHA CyMMe BHYTPEHHHX SHep-
rufl KaXJa0ro H3 TeJ B OTAEJNbHOCTH M SHepPrud B3aHMOZEHCTBUA MEKIY
TeJlaMH, NpeicTaBJAomell cobodl SHeprHio MEXMOJIEKYJIAPHOrO B3au-
MOZEACTBHA B TOHKOM CJIO€ HA IpaHHMLE Mexnay TenamH. Ilocneanss
3HeprHs CTOJMb Majla MO CPaBHEHHIO C 3HeprHel MaKpOCKOMMYECKHX
TeJ, YTO el0 MOXKHO NpeHefpeuyb H CYHTATb BHYTPEHHIO SHEPTHIO CH-
CTEMBl MaKPOCKOMHYECKHUX TeJ DaBHOM CyMMe BHYTPEHHHX SHeprui
ofpasyromux cHcremy ted. Takum o6Gpa3oM, BHYTpEHHSII 3HeprHd
SIBAsieTCA aJHTHBHO! BeJqMUYHHOM.

BHyTpeHHAs 3Heprus sABjaserca (yHKuMed COCTOAHHSI CHCTEMHI.
1o o3HavaeT, YTO BCAKUH pa3, KOrja cHCTeMa OKa3hIBaeTCsl B JaHHOM

1) CyutecTByeT TaiiKe TePMOIWHAMHKA HEPaBHOBECHLIX MPOLECCOB, OJHAKO Mul
ee KacaThCfl He GyfeM.

2) Dr1o ompelleJcHHe CJeAYeT pacCMaTpUBaTh KaK MpelBapuTelbHoe. B cra-
THCTHUeCKOW (pH3HKE NOHATHe BHYTPeHHeii SHeprHM moOJBepraercsl yTouHeHuio. (O0-
CYXK/IeHHe 3TOTO YTOYHEHHS BLIXOJHT 33 paMKH obliero xypca (pH3HKH,
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COCTOSIHMH, ee BHYTPEHHSIl 3HEpPTHs NPHHHMMaeT NpHCYylLIee 3TOMY Co-
CTOSIHHIO 3HayeHHe, He3aBHCUMO OT npelplcTOpHH cHucTeMpl. CrenoBa-
TeJbHO, M3MeHeHHe BHYTPeHHeH 3SHePrHH NpPH INepeXoAe CHCTEMBI M3
OJIHOTO COCTOSIHMSI B jpyroe GyJeT Bcerfia paBHO Pa3HOCTH 3HAuYeHHH
BHYTpEHHefi 3HePrMM B 3THX COCTOSHHSIX, HE3aBHCHMO OT NyTH, IO
KOTOPOMY COBepIIaJICs Nepexof, T. €. He3aBHCHMO OT mpouecca HJH
COBOKYITHOCTH TPOLECCOB, NPUBEAIIMX K MEPeXOAy CHCTEMBI H3 OJHOTO
COCTOSIHMAL B JpYTOe€,

§ 83. lNepBoe Hauyado TepMOIHHAMHMKH

BHyTpeHHss1 SHEPTHST MOXKET U3MEHAThCS 32 CYeT B OCHOBHOM JIBYX
Pa3NHYHBIX MPOIECCOB: COBEpLUEHHs Haj TeJoM paboTel A" U coofiie-
HHA eMy KosuuectBa Tensa Q. CoBepiueHMe paGoThl CONPOBOXKAAETCA
nepeMellleHHeM BHEIUHMX TeJs, BO3[eHCTBYIOmMX Ha cucrteMy. Tak,
Hanpumep, NpH BABHIAaHUU TIOPIUHSA, 3aKpPLIBAIOLIETO COCYA C ra3soM,
NopLIeHb, MepeMellasch, coBepliaeT Haj ra3oM pabory A’. ITo Tperbemy
3akony HpbloToHAa ras mnpu 3ToM coBepiiaeT Haj NOpLIHeM paGoTy
A=—A",

CoofuieHHe rasy Temia He CBSI3aHO C TiepeMelleHHeM BHEIIHHX TeJ
H, CJIef0BaTe/bHO, He CBSI3aHO C COBepLUeHHEeM Hajl ra3oM MaKpPOCKONH-
yecKoll (T. e. oTHocAlleficA KO Bceil COBOKYMHOCTH MOJEKYJ, M3 KOTO-
PBHIX COCTOMT Tesio) pa6oTel. B 3TOM cnyuae H3aMeHeHHe BHYTpEHHeH
SHEepPTHH 06YCJIOBJIEHO TeM, YTO OTAe/bHEIE MOJEKYJbl 6oJiee HarpeToro
Tesla COBepUIaloT paboTy Haj, OTAeJbHBIMH MOJeKyJaMH Teja, Harpe-
Toro Menblie. [lepenaya sHepruM MPOMCXOAHT NPH 3TOM TaKxke yepes
naayvyenue, COBOKYTNHOCTb MHUKPOCKOMHUYECKHX (T. €, 3aXBaThIBAIOIMX
He BCe Teso, a OTAe/bHble ero MOJIeKYJBI) NpOUecCOB, MPUBOAAIIMX
K nepejaye 3HepTHH OT TesJa K TeJy, HOCHT Ha3BaHMe TeMNmJjaome-
pefiauu.

Ilono6Ho TOMY Kak KOJIMYECTBO SHEpruH, MepefaHHOE OJHUM TeJIOM
IpyroMy, ompejensercs pa6orofi A, coBeplwaeMofi Apyr Haj IPYroM
TeNlaMH, KOJMYeCTBO 3HepruM, NMepefaHHoe OT Teja K TeJay NyTeM Tel-
Jionepenadd, ompefiesieTci KON HUYEeCTBOM Tenaa @, OTAaH-
HOTO OJHUM TeJoM JApyroMy. Takum ofpa3oM, NpHpalleHHe BHYTPeH-
Hell 3HEPTrHU CcHCTeMbl JOKHO OBITb PaBHO CyMMe COBEepIUEHHOH Haj,
cHcteMolt paGotel A’ M KosuuecTBa COOGLIEHHOrO cHcTeMe Temdaa Q.

Ur—U;=Q+A’ (83.1)

3aech Ui 1 U; — HauanbHOE H KOHEUHOE 3HaYeHHsi BHYTPEHHeil 3HeD-
ruu cucteMb, O6blYHO BMmecTo pa6oTel A’, coBepllaeMOH BHEIIHHMH
TeJaMH HaJl CHCTeMOH, paccMaTpuBaoT paboty A (paBHyio —A’),
COBEpIUAEMYI0 CHCTeMOH Haj BHewHHMH Tenamu. IlogcraBu —A
BMecTo A’ M pa3pewnB ypaBHeHue (83.1) oTHOCHTEJIbHO Q, TOJYUYHM:

Q=U—U;+A. (83.2)
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YpaBHenue (83.2) BhlpaxkaeT 3aKOH COXPaHEHMs 3HEPIMH H mpef-
craBiser coOOH cofepxaHHe MmepBOTro 3akoHa (Hawyaua)
TepMoJAdHuHAaMHUKHU CloBaMH ero MOKHO BHIPa3UTh CJEAYIOIHM
00pa3oM: KOAuMECme0 menaa, coobuerHoe cucmeme, ulem Ha npupauie-
Hue sHympeHHell JHepaul Cucmems. U Ha cosepuierue cucmemoll pabomot
HA0 BHewlHUMU meramu.

Cka3aHHOe OTHIOAb He 03HayaeT, YTO Bcerja MpH coobLeHHH TemJa
BHYTDEHHSIS 3Heprus CHCTeMHl Bo3pacTaer. MoxeT cayyHTbes, YTO,
HEeCMOTpSl Ha cooOlleHHe cHcTeMe TelJla, ee SHEeprus He pacrer, a YOhl-
paetr (U,<<U;). B atoM cnyuae cornacHo (83.2) A>Q, T. e. cucrema
coBepllaeT paboTy KaK 3a cyeT moJydyaeMoro Temnia Q, Tak H 3a cueT
3anaca BHyTpeHHeH 3Heprud, yOul1b Kotopoil paBHa U;i—U,. HyxHo
Taxxe MMeTb B BUAy, 4To Bequuunbl Q u A B (83.2) saBastoTca anre6-
panueckuMd (Q<<0 o3Hayaer, 4ro cHCTeMa B JeHCTBHTEJBHOCTH He
[OJIy4aeT TEmJo, a OTAAeT),

W3 (83.2) cnepyeT, 94TO KOJMYECTBO Telja Q MOXKHO H3MepSTh B TeX
e eIMHHLAX, uTo U paGory uau sHepruio. B CH ennuunel konuyecTea
TEIIa CAYXKHT JKOYJb.

s u3MepeHHS KOJHYECTBA TerJa MPHMEHAETCH TaKkKe ocobasd efMHHIA, Ha3H-
BaeMas KaJ opH e i, OfHa KalopHA paBHAa KOMHYECTBY Temaa, HeoGXOLHMOMY
A1s HarpeBauus 1 r Boast ot 19,5 no 20,5°C. Teicaya kanoprit HasnBaeTca GoJblLON
KaJopHeH HJIH KHJIOKaJopHefi.

OnbITHEIM NyTeM YCTaHOBJEHO, YTO OJHA KaaopHdA 3KBuBajeHTHa 4,18 JIx. Chne-
ZOBaTeIbHO, OIHH AXOYJIb 3KBHBaneHTeH 0,24 xan. Bennunna /=4,18 x/kan naau-
BaeTci MeEXaHHYEeCKHM 3KBHBAaJEGHTOM Tendaa.

Ecnn BeaMyHHB, BXOAslUHe B (83.2), BoIpaMeHH B PasHbIX elHHHLAX, TO HEKOTO-
pble H3 3THX BeJHYHH HYKHO YMHOXHTb Ha COOTBETCTBYIOUIMI SKBHBaJeHT. Tak,
HanpuMep, Bolpaxasa Q B Kanopusax, a U u A B proyasx, cootHowenre (83.2) nyxuo
3amHcath B BHIe

IQ = Uz —_ UI + A .

B nanbuefimeM Mbl Gyaem Bcerga npeanonarats, uto Q, A u U BbipaxeHs B
OTHHAKOBBIX €JHHHIAX, H NHCaTh ypaBHeHHe MepPBOro Hayaja TePMOJHHAMHKH B
sule (83.2).

IIpn BBIYMC/IEHHH COBEpIIEHHOH cHcTeMoil paboTHl WM IOJY4YeH-
HOTO CHCTeMOl TeMJia 06bIYHO NPHXOANTCS pa3GuUBaTh paccMaTpHBaeMbIH
nporecc Ha pPsAll 3J€MEHTAPHBLIX NMPOLECCOB, Ka[blil H3 KOTOPBIX COOT-
BeTCTBYeT BecbMa MaJoMy (B mpefesie — GecKOHEYHO MaJjioMy) H3Me-
HEHHIO MapaMeTpOB CHCTEMBl. Y paBHeHue (83.2) mjsA 3/jeMeLTapHOrO
npouecca HMeeT BHA

A'Q=AU-+A'A, (83.3)

rae A’Q — aneMeHTapHoe KoauyecTBO Temsia, A'A — asmeMeHTapHas
paGota u AU — npupalleHHe BHYTpPEHHEH SHEprHM CHCTeMHI B Xoje
JaHHOTO 3JIEMEHTApHOro IpoLecca,

BecbMa BaxHO MMeTb B BHAY, uTo A’Q u A’A Henb3s paccMaTpH-
BaThb KaK NpHpaileHus BeauuuH Q u A. CooTBeTcTBYylOILee 3JeMeHTap-
HoMy mpoueccy A KaKoH-AMO0 BeIHYMHB [ MOXHO paccMaTpHBaTh
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KaK TNpUpalleHue 3Toil BeIMYMHBI TONLKO ‘B TOM cCiyuae, -ec I Af,
‘€00TBETCTBYIOULAS] TEPEXOAY W3 OJHOFO COCTORMHUS B IpYFoe, -HE Ba-
BHCHT OT NYTH, IO KOFOPOMY COBEpILIaeTCsi NEPEeXOf, T.-€. &CIAH BelH-
uyuHa T @Bisiercs (yHKiwmeld cocrosHus. B oTHoweHHH DyHKUMH cO-
‘CTOSIHUSL ‘MOXXHO TOBOPHTb O €€ «3amace» B KaKHgoM M3 COCTOSHUIL.
Hanpumep, MOXHO roBOpPHUTE O 3amnace BHYTPEHHOH BHEPTHHU, KOTOPEIM
ofnanaeT cuCTeMa B PAa3JIMOHBIX COCTORHMSAX,

‘Kak MBI yBUAMM B JaJibHeiilleM, BeJiMUMHA COBEPLIEHHOR CHCTeMO#
‘PaBOTE U KOJMYECTBO MOJYYEHHOIO CHCTEMOW TEIfa FaBHCAT OT MYTH
TIEpexclla CHCTEMBI M3 OJHOrO COCTOsiHMA 'B JApyroe. ClienogBaTessHO,
‘HH Q, HH A ‘He SBASIOTCH (PYHKUHAMH COCTOSIHMSA, B CHJIY GETO :HeNb3s
"FOBODHTD 'O 3amace TemJa HJIH PaGOTH, KOTOPEIM GOJIafiaeT cHoTeMa
‘B \PABJHYHBIX COCTOSTHUSX.

Takum -ofpasom, B cumBont A, crosmuil npn A u Q, BRJIazmBaercs
MHOM cMHICA, yeM B cuMBod A, crosmuft npu {J, UTo6el MOAYEPKHYTD
3TO ‘O6CTOATENBCTBO, B TIepBOM cnydae A cuaGikeHo urrpuxoM. ChM-
BoN1 AL/ -o3nayaer mpupalleHHe BHYTpPeHHel 3HepTHH, GUMBOAE A'Q
1 A’A o3HavaloT He NpHpalieHHe, a 3/1eMEHTaPHOE KOMUYECTBO TEMJIOTEl
H paboTkL.

Utobal npowm3BecT BriuucieHus, B (83.3) nepexoaar kK auddepeH-
nuanaM, Torpa ypaBHeHHe NepBOro Hauaja HPHHMMaeT CJefyIOMMi
BHI %):

d'Q=dU+d’'A. (83.4)
HurtenpupoBanne (83.4) mo Bcemy mpoueccy NPHBOAMT K BHIPAMKEHHIO
Q= (U,—U1)+4,

TOXJECTBEHHOMY ¢ ypaBHeHHeM (83.2).
Eme pas momuepkHeMm, 4To, HanpuMep, pe3yJbTaT HHTErpHpOBa-
HHA d'A Henbas 3amMcatbh B BHJE

2
’
(ara=4,—4,.
1
Takas sanuch o3navaja Gbl, YTO cOBepIUEHHAasi CHCTEMOH pa6oTa paBHa

Pa3HOCTH SHaYeHMi (T. €. 3anacoB) paGOTel BO BTOPOM M NEPBOM CO-
CTOSTHHSIX.

§ 84. Pabota, cosepiiaemas TeJOM NpPY HM3MeHEHHAX OObema

B3aHMOlI€ﬁCTBHC JAaHHOrO TeJa ¢ CONpHKacamIniMHCA ¢ HUM TeJlaMH
MOXXHO OXapaKTepH30BaTh AABJIEHHEM, KOTOPOE OHO Ha HHUX .OKa3biBaeT,
C moMoubio JaBJIEeHHs] MOXHO ONHCAaTb B3aUMOAEHCTBHE rasza CO CTeH-

1) B ypasuenun (83.4) dU npencrasaser coboft monnsift pubepenunan, dQ u
d’A Be ABAMOTCA MOMHRIMH. Juddepenuuanann (oM. § 22),
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KaMi cocy[a, a TaKKe TBEPHOTO WJIH MHMIKOro Tefa co cpegoH (Hafpu-
Mep, rasom), KoTopas ero okpyxaeT. [lepemenieitie ToueK NpHIONHe-
HHMs CHJl B3aHMOJEHCTBHS CONMPOBOMAETCS M3MeueHHeM ofbema Tesa.
CuiefoBaTesibHO, paGoTa, coBepilaeMasi JAHHBIM TeJOM Haj BHELIHHMI
TeJaMH, MOKET ObITb. BbIpa)eHa uepes AaBJjeHHe H H3MeHeHHS obbeMa
tesa, UTo6bl HAaiTH 3TO BEIpaX<eHHE, PACCMOTPUM CJERYIOUHH MpHMep.

Pue. 84.1..

IMycTb ras 3akmodyeH B UHMMHAPHIECKHH COCY/, 3aKDHITBIA IJIOTHO
NPHTHAHHBIM JIETKO CKOJIb3siuuMM nopiudHeMm (puc. 84.1). Ecax no ka-
KHM-M00 NMpHYHHAM Ta3 CTaHET pacluMpsATbCsA, OH GyleT nepeMmeliaTth
NOpLIeHb M COBEpHIATL HAf HUM paboTy. DjeMeHTapHas pabora, cO-
BepllaeMasi ra3oM NpHU MepeMelieHHH MOPIUHS Ha oTpe3ok Ak, paBHa

A’A=F Ah,

rne F — cusa, ¢ KOTOpoil ras HeficTByeT Ha MOpuUIeHb. 3aMEHMB 3Ty
CHJy MpOM3BeJeHHEM AaBJeHHs rasa p Ha IVIOIajb NMOPLIHA S, MOJy-
quM:

A’ A=pS Ah.

Ho S Ah npencraBaser coGoit nmpupamenue o6bema rasa AV. ITostomy
BhIpaXKeHHe IS WIeMEHTapHOA paGoThl MOXKHO 3alMCaTh CIEAYIOUIUM
obpasom:

A'A=pAV. (84.1)

Beanunna A’A B (84.1), oueBuaHo, siBasiercA anareGpavyeckolt.
JleficTBHTENBHO, NPH CXKATHH rasa HanpabJieHus nepeMelneHHs Al
H el F, ¢ KOTOpo#l ra3 aeficTByeT Ha MOpLIeHb, NPOTHBONOJOXKHEI,
BCJIEACTBHE Yero sjemenTapHas pa6ora A’A Gyner orpuuarensHa. Ilpu-
palleHse o6beMa AV B 3TOM ciyyae TaxKe OyAeT OTpHUATE/bHBLIM.
Takum o6pasom, dopmyna (84.1) Zaer npaBHJBHOE BhIpaXeHHE AJIA
paboTsl NpH MOCHIX. USMEHEHUAX o0BeMa: rasa.

Ecnin paBienye rass ocraeTcs NOCTOAHHBIM (WIS 3TOrO ACUKHA
ONHOBPEMEHHO. HAMEHATHCS: COOTBETCTBYIOIUM 00pasoM: TeMIepartypa),
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pa6ora, coBeplaeMasi Np¥ H3MeHeHHH ofbeMa OT 3HadeHus Vj 1o 3Ha-

yeHusa V., GyJlerT paBHa
Ai=p(V.—V)). (84.2)

Ecnu xe npu n3MeHeHMH o0BeMa JaBjieHHe MeHsercs, ¢opmyJa (84.1)
CTpaBefJIHBaA TOJBKO AJSl JocTatoyHo Maanix AV, B stoM cayudae
pa6oTa, coBepluaeMas NpPH KOHEYHBIX HM3MeHEHHsX obbeMa, JOJKHA
BBIUMC/IATBCS. KAK CyMMa 3JeMeHTapHBIX pa6oT Buza (84.1), T. e. nyTeM
VHTErpHpPOBaHHS: ,
2
A= pav. (84.3)
Vi
HafiienHple BrlpaxeHnsi Ajs paGoThl CHpaBelIMBHI NPH JIOOHIX
H3MeHeHHAX ofbeMa TBepABIX, KHUAKHX W ra3oo0pasHuiXx Ted. UTobbl
B 3TOM YyG6eAuTbCsl, PacCMOTPHM elle oA¥H npumep. BosbmeM TBepjoe
TeJI0 NPONU3BOJNBLHON (POPMEI, IOTPYIKEHHOE B KHJKYIO HJIH ra3aoo6pasHyio
cpely, KoTopasi ‘OKasbiBaeT Ha Tejl0 OJMHAKOBOe BO BceX TOYKax JAaB-
Jenne p (puc. 84.2). IlpeanonoxuM, 4TO TeNO pacluHpsieTcs Tak, 9TO
OTIeNbHEIE 3JeMEHTAPHBIE YUYacCTKH ero moeepxHoctH AS; nolyualor
passiHuHbie Nepememlenusi Ah;. Torja i-ii yyacTok coBeplidT paboTy
A’A;, paBuyw p AS; Ah;. Pa6Gora, coBepliaemass TeJIOM, MOXeT ObITb
HajijeHa Kak cyMMa paboT OTHe/JbHBIX YYacTKOB:

A'A =2A,Al=2p AS, Ahi.

BbiHOCS 32 3HaK CyMMBI OfHH2KOBOE J,i1 BCEX Y4YacTKOB p H 3aMedas,
uto MAS; Ah; naer npupamenue obvema Tena AV, MOXKHO Hamucath:
A’A=p AV, T.e. 1 B obuleM cayyae MBI NIPHXOXMM K QopmyJie (84.1).

H3obpasum mpouecc H3MeHeHHs ofheMa Teja Ha Xuarpamme (p, V)
(puc. 84.3). DnemenrapHoii paGore

A'A;=p; AV; coorBercTByer mao- gk
P
P
09 Vv, A BV g 2
Puc. 84.3. Puc. 84.4.

Ilajb y3KOH 3alUTPHXOBaHHOM MoJOCKH Ha rpaduke. OueBHAHO, 9TO
nJomajb, orpaHdyeHHasi ocbio V, kpupoii p=f(V) u npsameimMd V;
H V;, ucieHHo paBHa pabore, coBepluaeMoil NPH H3MeHeHHH o0beMa
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ot 3HaueHus V; no V,. Paborta, coBepiiaemas npu KpyroBoM Iipoliecce,
YHCJIEHHO paBHa IJIOLIAJHM, OXBaThiBaeMoil KpHBOH (puc. 84.4). Heiict-
BHTEJNbHO, pabGoTa Ha yuacTKe /—2 moOJIOKHTEJNbHAa M YHCJIEHHO paBHa
nJiolany, OTMEUEHHOM HaKJOHEHHOI BIpaBoO LITPHXOBKOH (paccmaTpH-
BaeTcs IVKJ, coBeplliaeMmnlil 1o uyacoBofl cTpesike). Pabora Ha yuyacTke
2—] orpuuatenbHa M YHCJEHHO paBHa IJIOWAAM, OTMEYEHHOH HaK.Jo-
HeHHoit BJeBO TpuxoBKoil. CienoBatenbHo, paboTa 3a UHKJ YHCIEHHO
paBHa IUIOWA/H, OXBAaThIBaeMOH KDHBOMH, M GyleT MOJOMKHMTEJNbHA NpPH
MpsSIMOM UMKJe (T. €. TaKOM, KOTOPbIi COBEpINaeTCs B HaNpaBJeHHH
10 YacoBOH CTpesiKe) U OTpHIaTeNbHA NPH O0OpaTHOM.

N3 ckasanHoro B § 81 sicHO, YTO nosyyeHHBIC HAMH QOPMYJIBI MOTYT
ObITb NMpPHMEHEHBl TOJbKO K o6pa'meIM npoueccaM.

3amMeTuM, YTO, HCIOJb30BaB Beipaxenue (84.1) (c nepexoioM K Aud-
qJepeHuHa.naM), ypaBHenue (83.4) nepBoro Hayajla TepPMOJRHHAMHKH
MOXKHO HamucaTh CJeAYyIOLHM o6pasoM:

d'Q=dU-+pdV. (84.4)

§ 85. Temnepartypa

K omnpenenenuio NMoOHATHS TEMNEpaTypbl MOXKHO NPHATH Ha OCHO-
BaHUH cJeAyoOlWHUX coobpaxenuii. Ecau conpHKacawuecs TeJa
HaxoJfTCs B COCTOSTHHH TEMJIOBOTO PAaBHOBECHA, T. €. He OGMEHUBAIOTCS
sHepruei nmyteM TenjonepeAayu, TO 3THM TeJaM NpPHIHCHBaeTCs OfHHa-
KoBasg TeMnepaTtypa. Ecau npH ycTaHOBJEHHH TeMJIOBOTO KOHTaKTa
MeXIy TejJaMH OJHO M3 HHUX INepefiaeT SHEPrHio APYTroMy IMOCPEACTBOM
TenJionepejauy, TO TepBOMY Teay MNpHNUCLIBaeTcss 6OJbllas TemIe-
patypa, 4eM BTOpoMy. Psx cBoficTB Ten — ob6beM, 3JeKTpHYeckoe
CONIPOTHBJIEHHE H T, Il.— 3aBHCHT OT TeMIepaTyphl. JIio6oe M3 3THX
CBOYICTB MOXeT OBITb HMCIIOJb30BaHO AJIA KOJHYECTBEHHOTO oOIlpeneJie-
HHUSl TeMIepaTypHI.

[MpuBenemM Tesio, BHIOpaHHOe HaMM [Jsl HM3MEPEHHS TeMIepaTtypbl
(TepMoMeTpHYecKoe TeJ0), B TEeMJOBOe PaBHOBECHE C TAIOMUM JIbIOM,
NIpUNUILIEM Tely B 3ToM caydae Temnepatypy 0° M oxapakTepH3yem
KOJIHYECTBEHHO TO CBOHCTBO Tesa (TeMNepaTypHBIH MpPH3HAK), KOTOpPOE
Mbl HaMepeBaeMcsl HCIOJb30BaTh ANA H3MepeHHs TeMIepaTyphl. Hycrb
B KayecTBe TAKOro NpH3HaKa BuIGpaH 06beM Tesia, U 3HayeHHe ero npu 0°
paBHO V,. 3aTeM mpHBeJeM TO e TeJlO B TENJIOBOE paBHOBeCHe ¢ KHMs-
el 1MoA aTMOC(EPHEIM JaBjeHHeM BOJOH, NPHIHIIEM eMy B 3TOM CO-
CTOSIHUH 3HayeHWe TemnepaTypsl, paBHoe 100°, ¥ ompejgeauM COOTBeT-
cTBYIOUHI 06beM Vigo. IIpuHMMas, uTo BeI6GpaHHBIH HaMH TeMmeparyp-
HBIf IpH3HaK (B paccMaTpuBaeMOM IpUMepe — 0GBbEM) M3MEHsIeTCS
c TeMIeparypoll JIMHeilHO, COCTOsiHHIO, B KOTOPOM TepMOMETpHUeCKoe
Teslo MMeeT o6beM V, caepyer npumicarth TemmepaTtypy

V=V, 2
t=gtt 100°. (85.1)
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¥cTaHoBNeHHAA TakAM o6GpasoM: TeMnepaTypHas IIKajla HaskRBaeTcd,
Kak u3peerro, mkamoi llenbcus, Coornoluenue, anasornyHoe (85.1),
MOJKHO HANHCaTk M JJIS CIy4as, KOTAA JIJ1s1 N3MepPeHHs TeMIepaTyphl
Gepercsi He aOmbeM, a Kakoi-quMO0 HHOH TeMnepaTypHHH NpH3HAK.

IlporpanynpoBaB OIMICAZHHBIM CIIOCOOOM TEPMOMETD, €0 MOXKHO
UCITOTL30BATh ANS H3MEPEHHs] TeMIepaTyphl, NPHUBOASA B TeIJIOBOE
paBHOBecHe C TeM TeJIOM, TeMNepaTypa KOTOpPOro Hac HHTepecyerT, H
NpPON3BOZSA QTCYET” BEMMUHHB OGbEMA.

Ilpu cpaBHeHHM TepMOMETPOB, HCIOJB3YIOMUX Pa3/lUYHBIE MO NpH-
pole TepMOMETpHuecKHe Tesa- (Hampumep, PTYTh U CNHPT) HWJIK pasiny-
Hble TeMIIepaTypHEIE NPH3HAKH (HanmpHMep, O0BEM M IEKTRHWECKOe
CONMPOTHBJIEHNE), QOHApYKMBAeTCA, YTO IOKA3aHHSA 3THX TEpPMOMeT-
poB, coBnajast H3-3a crnocob6a rpagynpoBku npu.0° u 100°, He coBna-
30T IpH ApYyrux TemmepaTtypax. OTciofa cleayeT, 4ToO I/l QEHO3HAY-
HOTO OINpeje/ieHHsl TeMrepaTypHOH IIKaJnl HEOOXOIUMQ YCJIOBHThCH,
KpoMe crnocofa TpagyHpOBKH, TakkKe O BHIOOpe TepMOMETPHUECKOro
TeJla U TeMnepatypHoro npusHaka. O ToM, Kak JiejlaeTcsi 3TOT BHIGOD
NpH YCTAHOBJIEHWH TaK Ha3bBaeMoOll SMIUpHYecKON MNIKaJil Temmepa-
TYp, GyIeT cKa3aHo B cielylomieM naparpade. 3aferas Bmepes, yka-
JKeM, 4YTO Ha OCHOBe BTOPOrO Hauasla TePMOAMHAMHKHM MOXKET ObITb
yCTaHOBJIEHa TeMmIlepaTypHas MIKaJja, He 3aBHCAUlAs OT CBOHCTB Tep-
MoMmeTpHuecKoro Tena (cM., § 106). 3ta mkasa Ha3blBaeTcsl Te p M O-
IMHaMHYecKoll mkKaJdo# TemmnepartTyp.

B TexuuKe M B OLITYy INpHMeHseTcdi MeXAYHapojAHa#
NpaKTHYecKas TeMhnepaTypuHasa WKama 1968 r.
(MIITHI-1968), panee umeHoBaBuIasica WKajo#t Ilenscus. B ¢uauke
Gosee yno6Ha a6 coJIOTHAa s W KaJaa. Temneparypa T, OTCYH-
TaHHAA NO 3TOH IIKaje, CBsI3aHa C TeMIepaTypoH f Mo MeXAYyHapOAHOH
NPAaKTHYeCKOR IlIKaJie COOTHOLIEHHEM

T=¢+273,15.
Exvnnny a6cosioTHO TeMnepaTyphl Ha3blBalOT K € 1 b B U H 0-M {060-
3Hayaetcs K). Panbiie ee uMeHoBasm rpangycoM KenbBuHa (¥ 0603Ha-
yaqn °K). MexayHapoIHYI0 NpAaKTHYECKYIO TEMIIEPaTypy H3MepsiioT
Brpaanycax Hearcwua (°C). 3HaueHus KeJIbBHHA M Tpajyca
Llenbcus onvHaxoBwt. Temneparypa, paBHas 0 K, nHasniBaercs a 6 c o-
JIOTHHM HYyJeM, eMy coorBercTByer ¢=-—273,15°C.

B paabnefituem (cM. § 97) Mul moxaxem, uto aGco/llOTHAsA TeMmiepa-
Typa NpPOHOPUHOHA/bHA cpenHefi KHHETHUECKON 3HEPTHH NOCTyIaTesb-
HOFO IBHEHHS MOJIeKy. BelliecTBa. B aToM 3akiiouaercs. du3uyeckui
CMBIC] abCOJIOTHO TeMIepaTyphl.

§ 86. YpaBHeHHe COCTOSIHHSA MIEaJbHOTO rasa

CocrosinMe 3ajaHHOM MacCh rasa ONMpenesseTcsl 3HAYeHUAMH Tpex
nmapaMeTpoB: JaBieHHMs p, o6peMa V n TeMmnepatypul 7. 3TH mnapa-
METPLl 3aKOHOMEPHO CBfI3aHHl APYT € APYIOM, TaK YTO H3MeHeHHe Of-
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HOTO M3 HUX BJledeT 3a co0ofi M3MeHeHHe HAPYFHX. YKa3aHHasa eBs3b
MO¥eT OLITh 33fiaHa aHAJIMTHYECKH B BUJE fpy}lKU.HlfI

F(p, V, T)=0. 86.1)

CooTHollIeHHe, oOnpefessoliee CBA3b MEXKAY NapaMeTpaMu KaKoro-
JM60 Tesa, HA3bIBaeTC! YpPABHEHHEM COCTOWMHUSHA 3TOTO
tena, CnenoBatesibHo, (86.1) mpencraBisier cob6oit ypaBHeHUE COCTOS-
HHsA ZaHHOH Macchl rasa,

IlpocrefiiiiMu cBoiicTBaMH obimajaer ras, B3aHMOJEHCTBHE MeXIy
MOJIEKY7IaMH -KOTOpOFD TipeHeGpexumo Maxo. Taxoil ras ‘HaspiBaeTcd
HXeauJbH bl M, Baaumoneiictaue ‘Mexny MOJIEKYIaMH BeAKGro raaa
CT@HOBUTCS NPeHeOPesRUMO CIFaBhIM NIDH GOJLILOM pa3peXeHH#, T. €.
OpH MaJbIX IJIOTHOCTAX rasa. Besxkuil peanbHBIH ra3 mpy JOCTaTOYHOM
pa3pexxeHHH OJH30K IO CBOMM eBOHCTBaM K MAeanbHoMy. Hekoroprie
rasbl, TakMe, KaK BO3AyX, a30T, KHCJIOpPOA, Jaxe NpH OOBIYHBIX yCJIO-
BHfAX, T. €. NPH KOMHATHOH TeMnepaType M aTMocepHOM JaBJIEHHH,
Majlo OTJMYaloTCA OT #uieanbHoro rasa. OcobeHHO OU3KH MO CBOMM
CBOCTBAM K HAeaJIbHOMY rasy resifi ¥ BoAOpOL.

INpu HeGoOMBIINX MAOTHOCTAX rasbl ¢ XOPoIHeH TOYHOCTBIO MOAYH-
HAIOTCA YpaBHEHHIO

—‘;TV = const. (86.2)

CnenoBaTtenbHO, 910 ypaBHeHHe eCThy pa BHEeHH e COCTOSAHU R
HleaJlbHOTro raaa,

B cooTBeTcTBHM C 3aKOHOM, YCTAHOBJEHHHIM ABorajgpo, MoJl BceX
ra3oB 3aHUMalOT NpPH OJWHAKOBBIX YCJOBMAX (T. €. NPH OAMHAKOBBHIX
TeMnepaType M AaBJIEHHH) OAMHAKOBHIY o6beM. B yacTHoCTH, MpH TakK
Ha3blBaeMblX HOPpMaJbHB X yYyCJAOBHAX, T. e mpu 0°C u
AaBjenun B I atM (1,01-10% Ila), ob6vemM Mosas J060ro rasa paseH
22,4 n/monp=22,4-10-% m3/monb. OTciofia cJjeayer, 4To B cJayuae,
KOTJla KOJIMYeCcTBO ra3a paBHO OJHOMY MOJIO, BeJMYHHA KOHCTaHTHI B
(86.2) 6yner omMHaKoBa A/ Bcex ra3oB. OG03HAUMB COOTBETCTBYIOLLYIO
MOJIIO BeNMYMHY KOHCTaHTHI GYyKBofi R, HanuiieM ypasHeHHe (86.2)
caenylomuM obpasoM:

pV, = RT. (86.3)

Mbl nocTaBuaM npu V uHAeKc «M», 4TOGhl NOKa3aTh, 4TO peyb HAET 00
o6beMe, 3aHHMaeMOM TIpH JaHHeiX p M T MoseM rasa. YpaBHeHHe
(86.3) ecTs ypaBHeHMe COCTOSHHA HJeaJbHOTO rasa, HalMCaHHOE IS
OIHOr0o MOJA.

Bennuvaa R HaseiBaeTcs ra3oBoi mocTtosHHOHN Co-
rnacHo cootHowenuwo (86.3) u 3akoHy Asorajpo

.105.99.4.10-? ITa-M®/Mo:
R=’#= 1,01 102723,4 10-3 Ia MK/MOJH:=8'31 JTix/(Moab- K)
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(MpOM3HOCHTCS: JXKOYJb Ha MOJb-KeJNbBHH) ).

Ot ypaBHeHus (86.3) ajs ogHoro MoJS JIerKo MepeATH K ypaBHe-
HH0O A/18 Jio6od Macchl 1, IPUHSIB BO BHUMAaHHe, YTO NPH OAMHAKOBBHIX
JaBJEHHH H TeMIlepaType v MoJefl rasa 6yXyT 3aHMMaTh B v pa3 60Jb-
wuii obveM, yeM ofHH Moab: V=vV,. ¥YMHOxuB (86.3) Ha v=m/M
(m — Macca rasa, M — mossipHast Macca) H 3ameHuB vV, Ha V, no-
JYyUHM YypaBHeHHe

pV =73 RT. (86.4)

310 ypaBHeHHe INpeACTaB/seT coboil ypaBHEHHe COCTOSHHSA HAeasbHOro
rasa, HamMCaHHOE AJS MacCHl rasa m.

YpaBHenuio (86.4) MoxHo npuAate Apyro# BuA. s sToro BBexeM
BeJHYUHY

=R (86.5)

(R — rasoBas mocrosiHHas, N, — uucno ABoragpo). Dra BeauYHHa
Ha3piBaeTcd MOCTOSHHOHN Bonbunmana. OHa umeer 6osee
rnyGokuii ¢uanuyeckui cMuics, 9eM nocTosiHHas R. B § 97 6yzxer mo-
Ka3aHo, 4YTo K npepactaBiser cofoil ko3ddHUMeHT NponOpUNOHA/b-
HOCTH MeXIy cpeinefl sHeprieifl TensJoBOro ABHIKEHHS MOJEKYJBI M
a6cosoTHO!M TeMnepatypoil. [TogcraHoBKa B (86.5) YMCAOBLEIX 3HAYEHUI
R n N, paer

b — 8,31 IOx/(moab-K)
~ 6,022.102 moab—1

YMHOXKHMM H pasje/uM NpaByl HacTb ypaBHeHHA (86.4) Ha N,.
Torma ypaBHeHHe MOMKHO HanucaTb B BUJE
pV =~vNEkT.

[Tpoussegenue vN, paBHO uncaIy Mortekya N, cofepKauiuxca B Macce
rasa m. C yyeToM 3TOro moJjyuaeM, 4To

pV=NET. (86.6)

Tenepr pasngenum obe uactu ypaBHeHust (86.6) na V. Ilpunsas Bo
BHHMaHHe, yto N/V ecTb 4HCJI0 MOJEKYJ B eAHHHLE o6beMa f, NPHXO-
IHM K dopmyJe

=1,38.10"2* Tx/K.

p=nkT. (86.7)

Ypasueuus (86.4), (86.6) u (86.7) mpepcraBngwor cofolt paznut-
Hble JOpMBI 3aITHCH ypaBHEHIsl COCTOSTHHSI MJeasbHOro rasa,

1) s npakTUYecKHX pacieToB HHOrAa GhBaeT yA0GHO MOJIb30BAThCA 3HAYeHHeM
R B nuTp-atMocthepax Ha MOJIb-KeJbBHH:

1 at™-22,4 a/moab
273 K

R= =0,0820 s1-aT™/(Mous -K),
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OTHolneHHe Macchl rasa K 3aHMMaeMoMy MM oObeMy JaeT NJOTHOCTE
rasa: p=m/V. CornacHo (86.4) N/JOTHOCTb MZeasIbHOrO rasa

M
P="%p- (86.8)

TakuM o6pa3oM, TJIOTHOCTL MAeaJbHOTO ra3a NMpONOPUHOHAJbHA [aB-
JIEHHIO U O0OpaTHO NpPOMOPUHOHAJbHA TeMIepaType.

[lpoctas cBsi3b MeXAy TeMNepaTypoil H OCTaJIbHBIMH NapameTpamH
HJleaIbHOTO rasa JieJlaeT 3aMaHYMBLIM HCIIOIb30BaHME €ro B KauecTBe
TepMoMeTpHYeckoro BeiectBa, OGecrneydB MNOCTOAHCTBO oObeMa H
NCMONIBb30BaB B KayecTBe TeMNEpaTypHOrO NpPH3HAKa JaBJieHHe rasa,
MOXKHO NOJYYHTb TEPMOMETP C HJeasbHO JIMHEHHOH TeMmmepaTypHOil
wKajoi, B panbHefiiieM 3Ty wkany Ml OyfeM HasblBaTb U [ € a J b-
HoH ra3oBoHd mMKXKaJgoi TemneparTyp.

TIpakTHYEeCKH, N0 MEXAYHapOAHOMY cOrJallieHHIo, B KauecTBe Tep-
MOMeTpHyecKoro Tesia GepeTcs BOJAOpPOXA. ¥ CTAHOBJEHHAsl 1O BOXOPOAY
¢ ucnosar3oBaHueM ypaBHeHus (86.4) 1wKana Ha3biBaeTcss 3 M 11 M p H-
YyeCcKOMH WKaJdoO#l TeMneparTyp.

§ 87. BHyTpeHHfsl dHEPTrHMSl M TEIJIOEMKOCTh MAEaJBbHOrO rasa

OnbiT NOKasblBaeT, YTO BHYTPEHHSS 3HepPTHsA HAeasbHOro rasa 3a-
BHCHT TOJIBKO OT TEMIepaTyphl:

U=BT. 87.1
3gecb B — Ko3(bHIMEHT NpPONOPLHOHAIBHOCTH, KOTOPHIH OCTaercs
NOCTOSIHHEIM B BecbMa LIMPOKOM HHTEpBaJje TEMIEpPaTyp.

OrcyTcTBHE 3aBUCMMOCTH BHYTDEHHeH SHEpruH OT 3aHHMaeMmoro
ra3oM ofbeMa yKasblBaeT Ha TO, YTO MOJIEKYJIH HAeaJbHOrO rasa no-
IaBJAILLYI0 4acTb BpeMeHH He B3aMMOZEHCTBYIOT APYr € APYTOM.
JeitcTBUTENBHO, ecay Okl MOJIEKY Bl B3aHMOAEHCTBOBAIH MeXAYy coboii,
BO BHYTPEHHIOIO 3HepPrui0 BXOAWJa Obl cjaraeMblM IOTeHLHaJbHasf
SHeprus B3aUMOJeHCTBUsI, KOTOpasi 3aBHcesa Obl OT CpeJHero paccros-
HUSl MEX]Y MOJIeKyJaMH, T. e, ot V173,

OTMeTHM, YTO B3aHUMOJEIlCTBUE JOJKHO HUMETb MeCTO NpH CTOJK-
HOBeHHUAX, T. €. NPH cOJIHIKEHHH MOJIEKYJ Ha OUeHb MaJloe PaccTOsHHe.
OnHaKo TakHe CTO.IKHOBeHMS] B Pa3peKeHHOM rase NPOHCXOAAT Peikxo.
TlogaBasiollyio YacTb BpeMeHH Ka)K[asi MoJieKyJsa NPOBOAHT B cBoGoa-
HOM FoJseTe,

Tennoemxocmor Kakozo-Aubo meaa HA3bIEALMCH 6eAUMUHA, PABHAA
KOAUMECMBY mMenaa, KOMmopoe HYMCHO coobujume meny, wmobbl NOBbICLMLL
e20 memnepamypy Ha oGuH Keavéur. Ecau coobllieHue Tesly KOJHYeCTBa
Tenaa d’Q moBHILIaeT ero TemnepaTypy Ha dT, TO TeNJOEMKOCTb IO
onpefesieHHIO paBHa

dl
Cresa =17 (87.2)
drta BeJMuMHA M3MepsieTcsl B JAXOYJAX HA KeabBuH (x/K).
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TenmoeMKOCTb MOJIST BeHlecTBa, Ha3bBAEMyIO MOJAPDHOH TeI-
JOoeMKOCTbIo, MH OyleM o6Go3HauaTb mnponucHoit 6yksoit C.
Hamepsiercss oHa B JKOYJIAX Ha Moub-KeabBHH ([xk/(Monb- K)).

Ten0eMKOCTb €IHHHLILI MACChHI BellleCTBA Ha3bIBaeTcA Y L € 1 b H O |
TenJoeMKOCTBhb . Ee Mu GyJem 0o603Hayath cTpouHoil 6YKBOH .
Hamepsiercss ¢ B JXKOYJAAX Ha Kujorpamm-kKeabBuH ([x/ (kr-K)).

Mexay MOJSPHOR H yAEJIbHOH TEMJOEMKOCTAMH OJHOIO M TOTO ¥Ke
BelllecTBa HMeeTCs COOTHOLUeHHe

c=C/M (87.3)

(M — monspuas Mmacca).

BennuuHa TenJoeMKOCTH 3aBHCHT OT YCJIOBHH, NPH KOTOPHIX Npo-
HCXOAUT HarpepaHue Ttenma. HauGosbluii nHTepec mpeicTaBjafeT TeM-
JIOBMKOCTb JJIs1 CjydaeB, KOrJa HarpesaHHe IIPOHMCXOAMT INPH IOCTO-
SIHHOM o0BeMe HJIH MpH IOCTOSHHOM JaBjeHuH. B nepBoMm ciayyae Ten-
JIOBMKOCTb Ha3hIBaeTcl TellJIOEMKOCTbI0O IpH IOCTOSHHOM OGbeMe
(o6o3nauaercs Cy), BO BTOPOM — TeNJOEMKOCTbIO NpPH IOCTOSHHOM
Aasienun (Cp).

Ecan HarpeBaHHMe INPOMCXOIMT NPH IIOCTOAHHOM oGbeme, TeJIO He
coBeplIaeT paboThl HaJ BHEIIHHMH TeJaMH M, cleloBaTeJ]bHO, COTIaCHO
nepBoMy Hayajay TepMoAMHamHkH (cM. (83.4)), Bce Temao HAET Ha NpH-
palleHie BHYTpPeHHEH 3HEprHH Teja:

d'Qy=dU. (87.4)

Ha (87.4) Buitekaer, YTO TEMJIOEMKOCTb JIOGOrO Teia MpPH IOCTOSTHHOM
obbpemMe paBHa

Cy= (g#)v (87.5)

Takasa 3anuck noguepkuBaeT TO OGCTOATENBCTBO, YTO NMpH AuddepeH-
uvpoBaHuu Bripamenus aas U no T o6beM ciexyer cuMTaTh MOCTOSIII-
HbIM. B ciyuae naeanbHoro rasa U 3aBHCHT TobKO OT T, TaK 4ToO BbIpa-
xenue (87.5) MOXHO mpeACTaBMTb B BHAE

dUy
Cv="11

(4TOGBEI MOJMYYHUTbL MOJSPHYIO TENJIOEMKOCTb, HYMKHO B3ATb BHYTpEH-
HIOIO SHEepTHI0 Mois rasa),

Bripaxenue (87.1) nna omHoro Mons rasa umeer sun U,.=B,T.
[Tponuddepenunposas ero no 7, monyuyuM, yto Cy=B,. Takum 06-
pasoM, BEIpaxeHHe M1 BHYTPeHHeH 3HepruM OAHOro MOJs HAeaJbHOro
rasa MOXHO NpeACTaBUTb B BHAE

U,=C,T, (87.6)

rae Cy— MoJsipHas TeIJIOEMHOCTh ras3a MNpH MOCTOSHHOM ofbeMe,
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BHyTpeHHAs 3Heprus NpPOH3BOJBHONH MacCHl rasa m OyleT paBHa
BHYTpeHHel S5HeprHH OJHOTO MOJs, YMHOXMEHHOH Ha 4MCJIO MoJiell rasa,
cojepaluxcsa B Macce m:

U=5CT. (87.7)

Ecan HarpeBaHMe rasa INPOMCXOAHT MPH TIOCTOSTHHOM JaBJIeHHH,
TO ra3 6YAeT pacuupaThCs, COBepIias HaJ BHELIHUMH TeJaMH INOJOXKH-
TeNbHYIo paGory. ClefoBaTenbHO, AJs MOBBIMIEHHA TEMIEPATYphl rasa
Ha OIVH KeJbBHH B 3TOM CJaydae NOHafoOMTCA GoJibiie Telia, YeM NpH
HarpeBaHHH NpPH MOCTOSTHHOM oObeme,— yacTb Tensia Oyler 3arpayH-
BaTbCA Ha coBeplleHHe rasoM pabGotbl. IlosTomy TemJoeMKocTb npH
NIOCTOSIHHOM JlaBJeHHMH JOJizKHa ObiTh 6OJbllie, 4€M TENJIOEMKOCTb MpH
MOCTOSIHHOM 00BbeMe,

Hanumem ypapuenue (84.4) nepBoro Hauasna TepMOAHHAMHKH AJd
MOJ1A rasa:

d'Q,=dUy+pdV,. (87.8)

B aTomM BelpaxkeHMH HHAeKc p nmpH d’'Q yKasplBaeT Ha TO, 4TO TeIlJIO
coofluaeTcsd rasy B YCJOBHAX, KOrja p mocTosinHo. Pasgenus (87.8)
Ha dT, monyuynM BbIpaiKeHHe IJIfi MOJSADHOH TeNJOeMKOCTH rasa HmpHu
NIOCTOSTHHOM JaBJIEHHH;

dUy OV
Cp=-ﬁ-—|—p (‘a—T—)p- (87'9)

Cnaraemoe dU,/dT paBHO, KaK Mbl BHJENH, MOJSPHON TENJIOEMKOCTH
npH nocTossHHOM ob6beMme. [lostomy ¢opmyaa (87.9) moxeT GbiTb Ha-
nHcaHa c/efyIomnuM obpasom:

C,=Cy+p (";’—TM)p (87.10)

Benuunna (9V,/0T), npencraBnsier coGoit mpHpamenue o6bema
MoJIsl ra3a IpH NOBHIIEHHH TeMIepaTyphl Ha OJHH KeJbBHH, IOJyvaio-
eecss B cJyyae, KOTAa p IOCTOSHHO. B cooTBeTCTBUH c ypaBHeHHEM
cocrosiuus (86.3) V,=RT/p. duddepenunpysa 310 BbipaxeHue no T,
nonaras p=const, Haxomum

() _E
or )p——?.

Hakonel, noactasus atoT pesyJbrtar B (87.10), monyyaem
C,=Cy+R. (87.11)

Takum ofpasom, pabora, KOTOpYIO COBEpLUaeT MOJb HIEaJbHOIO
rasa npH NOBLIIEHHH €ro TeMMNepaTyphl Ha OAMH KeJbBHH MPH MO-
CTOSIHHOM JaBJI€HHH, OKa3nlBaeTcsi PaBHOH Ta3oBOil NOCTOSHHOH R.
OrmMeTuM, yTO cooTHoweHMUe (87.11) moayueHo ¢ MCNO/Ib30BaHVEM ypaB-
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HEHHMS COCTOSIHUS MAeaJbHOTO rasa M, CJAeXOBaTeJbHO, CINpPaBERJIHBO
TONBKO AJA HAeaJbHOTO rasa,
BennunHa
'V=Cp/Cv (87.12)

npeficTaBaser co6oil XapaKTepHYIO AJIsl KaXAOro rasa Benuyuny. [as
ONHOATOMHBIX T'a30B 5TO OTHOLIeHHE GJU3KO K 5/3, 1Js1 ABY XaTOMHBIX —
K 7/5, Ana TpexaToMHbiXx — K 4/3 u T. A. B nanbuefimem (cM. § 97)
Mbl YBHJMM, YTO 3HaueHUe Y ONpejesifeTcs YHC/IOM H XapaKTepoM CTe-
nexer cBoGOABI MOJIEKYJIEL.

B coorBerctBuu ¢ (87.11)

_Ltp_Cy+R R
? C—V— CV - +CV'
OTKYAa
R
CV=Y—_1‘. (87.13)

IoncraBuB ato 3Hauenue Cy B dopmyay (87.7), moJyuuM cjeryrouee
BhIpajkeHHe;

_m RT (87.14)

ConocraB/ienne ¢ (86.4) naer ewe ORHO BhipaMeHHe A/ BHYTpeHHeil

SHEPruH HjaeaJbHOro raasa:

1
U=m pv. (87.15)

§ 88. YpaBHeHue apuabaTbl MHeaJbHOr0 rasa

B xone kakoro-nuGo mpouecca ra3, KpoMe ypaBHEHHUSI COCTOSIHHS,
NoJYHHSeTCS JONOJHUTEJLHOMY YCJIODHIO, ONpPCAC/IAEMOMY XapaKTe-
pom mpouecca. Tak, HanpuMep, B Xofe npoLecca, Ha3plBaeMoOro H 3 O-
6apHdYecKHUM, Bunoaaserca ycnosue p=const, IIpy m3ox o-
pPHYeCKOM Ipouecce BbIMoNHsieTc ycjaoBHe V=const. Hako-
Hel, NMpH M 30TepMHUUYUECKOM MpolLecce BBINOJHACTCA
ycaoBue T=const. Jlas upeansHoro rasa yciosue 7 =const pas-
HO3HAYHO YCJIOBHIO

pV=const. (88.1)

mie (88.1) HasblBaeTCsi YpaBHECHHEM H3UTEPMbl  HAEAJbHOTO
rasa, a KpuBas, olpefeisieMas 3THM ypaBHeHHeM, UMeHyeTcsi H 3 o-
TepMoIi.

AnurabaTHuecKHM HasblBaeTCs npoyecc, npomexarouuti 6e3
menaoobmena ¢ eHewHell cpedod. HalineM ypaBHeHue, CBSI3bIBalolllee
napamMeTphl MJeaJbHOrO rasa mpu aguabaTuyeckoM mpouecce. Iloxcra-
BUM B ypaBHenHe (84.4) mepBoro HayaJja TEPMOXHHAMHKH BbIpaiKeHHe

Ve anvra
v papnu
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dU pns upealbHOro rasa:
dQ="CodT +pdv.

Tak Kak Aas aguabatHueckoro npouecca d'Q=0, IOMKHO BBINOJ-
HATbCA YC/IOBHE

S CydT +pdV=0. (88.2)

Tenepb Boipa3uM p uepe3 V u T B COOTBETCTBHH C YypaBHEHHEM
COCTOSIHHS HJeabHOro rasa:

H NOACTaBMM 3TO Bhipa)keHue B (88.2). B pesysabrare, cokpallas Ha
OT/IMYHLIA OT HYJSl MHOXHTENb m/M, moayuum

CydT +RT % =0.

IlpeoGpasyeM mo/yyeHHOe BhbipaeHHe CJIEAYIOIMM OOpa3oM:

dT , R dV

Tt v =0

I'Ioc.neﬂ.Hee COOTHOILLIEHHE MOXHO 3anucatb B BHIE
R
d (1nT+C—va) =0,
OTKYJla cneﬂ.yeT, 4To ﬂpld a}UfIa6aTH'{eCKOM rlpouecce

InT +c—R,, InV = const. (88.3)

B cootserctBuy ¢ (87.13) otHowenne R/Cy MOXHO 3aMEHHTb yepes
y—1, rne y=C,/Cy. Tlpoussens B (88.3) Takylo 3ameHy H mporo-
TEHUHPOBaB MOJyyYyeHHOE BbIpaXKeHHe, NPHIEM K ypPaBHEHUIO

TVv-!=const. (88.4)

TTonyyeHHOe COOTHOIIEHHME IpeicTaBisieT cobofl ypaBHEHHME ajiHa-
6aThl MieafbHOro rasa B mepeMmeHHHX T u V. Ot 3Toro ypaBHeHMS
MOXKHO NepedTH K YPaBHEHHIO B mepeMeHHHIX p H V, 3amenus B Hem T
yepe3 p U V B COOTBETCTBHM C YDaBHEHHeM COCTOSIHHSI HJEasibHOro
rasa:

T=22
m R

INoncraBuB 310 BhIpaxeHnue B (88.4) u yurs, uto m, M u R — nocrosu-
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Hble, TONYYHUM
pV¥=const?), (88.5)

CootHomenne (88.5) ecTb ypaBHeHHMe ajuafaThl HeaJbHOTO rasa
B nepeMeHHBIX p U V. Ero HaspiBaoT Takxke ypaBHeHUueM Ily-
accoHa.

M3 conocraBneHus ypaBHeHHS ajuvabartel (88.5) ¢ ypaBHeHHeM
u3orepmn (88.1) cnexyer, 4ro aavabata HJEeT Kpydye, YeM H30TepMa.
Briuncaum dp/dV pas nsoTepMbl U afuabaThl B OJHOH M TOH e TOYKe
(p, V) (puc. 88.1). Huddpepenunporanue ypaBHenns (88.1) maer

\ pdV-+V dp=0,
OTKYyJAa AJda H30TEpPMbI NOJYYaeM

dp ____p
="V (88.6)
TIponudpepennuporan (88.5), mno-
ayuuMm pyV¥-dV4-V¥%dp=0, or-
KyJa

P

Aduadama

do_ b
I S A

Takum o6pa3oM, TaHTeHC yrJja Ha-
KJoHa aguabaThl B y pa3 GoJblie,

yeM Y H30TEepMEI.
Bo Bcex paccymIeHHSX Ml
0 V mpeanosaranu, uto COCTOSIHYE rasa
Puc. 88.1. B Kax /bl MOMEHT BPeMEHH Xapak-
TepH3yeTcs onpefiesieHHBIMK 3Haye-
HUAMH napameTrpoB p U T, T. €., MHEIMH CJIOBaMH, YTO paccMaTpHBae-
MBIl aguabaTHuecKuil mpoliecc fBJseTc o6paTMMeIM. Kak Mbl 3HaeM,
06paTHMBEIM MOXeET GHITH TOJLKO Hpolecc, NMPOTCKAIWHA OYCHL MCA-
JeHHo. BMecre ¢ TeM, NOCKOJIBKY COBEpLIEHHO He NPOBOIAIIMX TEINJIO
BelleCTB B IpUpOJe He CYLIeCTBYeT, KOJHYeCTBO TemJa, KOTOPhIM
of6MeHMBaeTCsl CHCTEMA C ee OKpYXKeHUeM, OYJeT TeM MeHblle, 9eM MeHb-
Ilee BpeMmsd JJUTcS Tipotiecc. TakuMm obpa3oM, GIM3KHMH K ajauabaTtH-
YeCKOMY MOTYT OHITH TOJIbKO GHICTPO NpoTeKamowye npouecchl. Ilpu-
MEpOM TaKOro Mporecca MOTYT CIYKHTb CXaTHe M paclIMpeHue, Mpo-
UCXOAsALIMe B KaXJOH TOYykKe Trasa, B KOTOPOM pacnpoCTpaHsercs
3BYKOBas BoJHa. HecMoTps Ha To, 9TO B npejeJax 60JbLIOrO 06beMa
COCTOsIHHE Iddd PR 3TOM OTHHOAb HE #BJIACICH PABHOBECHbIM (p ua7T
B Pa3HBIX TOUKaX pa3jHuHbI), NOBeleHHe rasa B MNpefenax KaxJAoro
AOCTaTOYHO MaJjioro ofbeMa BIOJHE YJOBJETBOPHUTEJBHO ONMCHIBAETCH

ypaBHeHHeM ajuabatel (88.5),

1) 3navenus const B popMysaax (88.3) — (88.5), oueBHAHO, PATHIHLI,
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§ 89, TMNoauTponuuecKue mnpouecch

[ToauTponuuecKHMH HaspBaOTCA NMPOLECCH, MPH KOTO-
PLIX menaocemKocms meaa ocmaemcs nocmossrod. TakuM obpasoM,
yCJIOBHE, KOTODPOE BHINOJIHAETCH B Xo[€ MOJHTPONMYECKOro mpoiecca,
3aKJI0YaeTcsa B TOM, 4TO

C=const. (89.1)

HafizteMm ypaBHeHHU e MOJHUTD ON K A HEEaJTbHOrO rasa,
Hanumem ypaBaeHue nepBoro Hayasna (84.4) AJA ORHOTO MOJA rasa,
npexcraBuB d'Q B Buge CdT, a dU — B Buge CydT:

CdT =CydT +pdV. (89.2)

B nonyueHHoe ypaBHeHHe BXOAAT Bce TpH napamerpa: p, V u T. Onun
H3 HHX MOMXHO HCKJIIOYHTb C NMOMOUIBIO YPAaBHEHHUs cOCTOSHUSA. UTOGH
NOJyYHTb yPaBHEHHe NOJHTPOIHL cpasy B NepeMeHHbIX p ¥ V, HcKito-
ynM T. Ins storo npoauddepeHunupyeM cootHoirenne pV=RT:

pdV+Vdp=RdT. (89.3)

Mceknouns u3 ypaBHennit (89.2) u (89.3) dT u npoussens npuBefeHHe
NOJOGHBIX YJEHOB, IOJYYUM

(C—Cy—R) pdV -+(C—Cy) Vdp=0.! (89.4)

3amenuB Cy+R uepes C, (cMm. (87.11)) u pasgenus (89.4) na pV,
npuieM K AiddepeHUHaNTbHOMY YpaBHEHHIO

(c_c,,)%q-(c—c,,)"_::o. (89.5)

Bemunuet C, C, u Cy ABAAIOTCA KOHCTAHTaMmH. I103TOMy HMHTErpu-
poBaHMe ypaBHeHHS (89.5) NPHUBOIUT K COOTHOIUEHHIO

(C—C)InV4(C—Cy) In p=const. (89.6)

Pas3fieqiuB 3TO COOTHOUIEHHE Ha C — (¢ (YTO BO3MOXHO, €CJH C#Cy)
M npou3Bead INOTCHUHDPOBaHHE, TMOJYUHM

pV» =const, (89.7)
rue
C—Cp

VYpaBHense (89.7) H ecTb HCKOMOE ypaBHEHHE MOJHUTPOILI uzeap-
Horo rasa pans-chiydasi, xorga C+=Cy. Benuuuna (89.8) HasmiBaercs
noxKasarteJeM NOJHUTPOMBA.

Uro6bl yCTAaHOBHTb XapakTep IOJHTPOIHYECKOro fporecca IpH
C=Cy, obpatumcsa K ypaBHeHuio (89.6). IIpu C=Cy 310 ypaBHeHHe
npunumaet BuA (C — Cp)in V=const, oTkyAa ciexyer, yro V B xoze
npolecca OCTaeTCsl MOCTOSHHEIM, TakHM 06pasoM, MOJIMTPOMHYECKHit
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npouecc ¢ C=Cy ABJAETCA HM30XOPHIECKHM MPOLECCOM. ITO MOXKHO
6blI0 TpefBUAETh 3apaHee, nockolbKy Cp=const ¥ npexncraBnsier
co6oit TeroeMKocTb MpU MOCTOSHHOM ofheme, T. €. NP H30XOpHYe-
Ta6nuua 89.1 ckoM npouecce. CoraacHo (89.8) noxasatenb
TIOTMTPONILL IPH H30XOPHYECKOM Mpolecce pa-

o BeH GeCKOHEYHOCTH.
polece " OcraJibHEIE PACCMOTPEHHEIE B IPEALIAYLIEM
naparpage Ipoleccs TaKKe OTHOCATCS K Ka-
MaobapHteckuis 0 éeroplfm NOJMTPONMYECKHX MPOLIECCOB, Hioé
MsoTepmuyecknii 1 apUyecKOMYy IIpOLIECCY COOTBETCTBYET n=
Anuabatnueckuit v |(eMm. (89.7)), wu3oTepmuuyeckomy — n=1 1,
Haoxopuueckuit ® |HaKoHel, aavafaTHuYecKOMy — n=vy. 3Haue-
HUSl NOKasaTeNst TMOJUTPONEI 1~ AJsl Iepe-

YHCJIeHHBIX NpoleccoB JaHk B Taba. 89.1.
PeminB ypaprenue (89.8) otHocutensHo C, nonyuum dopmyay Aas
TENJOeMKOCTH WJeaJbHOIO ra3a NpH MOJHUTPOMHYECKOM Npolecce:

Cy—C
c="V"Cr (89.9)

n—1
IloncranoBka n=9y ofpainaer BoipawkeHue (89.9) B Hysab (npu npo-
BepKe 3TOro YTBEPKIEHHS HYXXHO NPHHATE BO BHHMaHHe (OpMyJay
(87.13)). CnepoBaTenbHO, TEMJOEMKOCTb HJIeaJbHOrO rasa IpH ajua-
GaTHYecKOM Ilpouecce paBHa HyJmo. [IpH aguabaTvueckom npoLecce
TEeNJ0EMKOCTh PaBHa HYJIO AJsl BCeX TeJl. DTO BHITEKAeT M3 TOro, YTO
npH agnadatiyeckoMm mnpouecce d'Q=0, B To Bpems Kak dT OT/IHYEH
OT HyJsl.

TloactanoBka n=1 obpaujaer BeipaxkeHue (89.9) B 6eCKOHETHOCTh,
Takum o6pasom, npH H30TEpMHYECKOM Mpollecce TeNJoeMKocTh 6Gec-
KOHEUHO BeJIHKa. 3T0 OOBSCHAETCS TeM, YTO MPH M30TEPMHUYECKOM IpO-
uecce dT=0, B To Bpemsa Kak d'Q OT/IHYEH OT HYJ.

§ 90. PaGora, coBepwiaemasi MaeaJbHLIM Tra3oM
NPH pas3jMyHBIX Npoueccax

Pa6ora, KoTopasi coBepluaeTcsi HpPH mNepexoje M3 cocTosaHHA [
B cOocTOsiHHe 2 KaKHUM-aMG0 TesNoM Haj BHELIHUMH TeJaMH, paBHa
Vs
Ap={ pav (90.1)
v,
(cM. (84.3)). UToGB MpOM3BECTH MHTErPHPOBaHHE, HYXKHO BLIPA3HUTh p
yepe3 V. [las 3Toro Bocrosb3yeMcsl CBSI3bi0 MeXAY p U V npu pasauy-
HBIX Tpoleccax.
YpaBHeHMe NOJUTPONEI HieanbHOro rasa (89.7) MOXHO HamHcaTh
cylefyroiM o6pasom:

pV* =p,Vi=pV3,
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rie pi, Vi 0 p;, V; — 3HaueHUs JaBjeHHA M ofbeMa rasa COOTBETCT-
BEHHO B NEpBOM (HAayaJbHOM) ¥ BTOPOM (KOHEYHOM) COCTOSIHHAX, p M
V — naBnenne M o6veM B JMOGOM NPOMEXYTOUHOM COCTOsSIHHH. Bripa-
3UM B COOTBETCTBHH C 3THM COOTHOLUEHHEM JaBJeHHe ra3a 4yepe3 ero
o0BeM H 3HaYeHHs NapaMeTpOB B Havya/JbHOM COCTOSIHHHM !):

p=p,Vi/V=.
TToacranoBka 3Toro Belpa:keHHst B (90.1) paer
V,
dv
Ay =p,V* 3’ A (90.2)
vy

PaccMoTpuM cHayasa ciyudait n#=1; Torma uurerpan B (90.2) paseH

Ve
v_ 11 1
Ve T a—1\yp 1Tyt
vy

[ToxcraBuB 3TO 3HA4YeHHe HHTerpasa B (90.2) H NpOH3BeAS HECJ/IOXKHbIE
npeoGpa3oBaHHsA, MOJTYYHM:

au=2 [1=()) w03

HOJ'I)"-ICHHOC BbIpAXXCHHE MOXKHO npeo6paaoBaTb, BOCIIO/JIb30BABUINCh
TEM, 4TO, Kakoil Gbl nporecc HH NMPOUCXOAHJ C HAeaJIbHBIM Ira3oM, €ro
napaMmeTpol CBA3aHbl YpDaBHCHHEM COCTOSHHA. B YaCTHOCTH, 3TO cIpa-
BECAJIMBO H AJIs1 HA4YaJIbHOT'O COCTOAHMA:

PVi=73 RTx. (90.4)
IlpunsiB Bo BuuManue (90.4), HamuiueM BoipaxenHe (90.3) B Buie
m RTy ‘Vi\n—1
Ap=" R [1_(‘,_;) ] (90.5)

Beipaxenus (90.3) u (90.5) nawt paGoTy, coBeplliaeMyl0 MIeaJbHbIM
rasoM IpH J/OGOM MOJHTPONMYECKOM TNpolecce, KpPOMe H30TepMHue-
cKoro (cootBeTcTBYylowlero n=1) ). B wactHocTH, NpH aavaGaTHYECKOM

nporecce 1
Ao=3 1= (7)) o
HIIH A _m RTy P_(ﬁ)v—l] (90.7)
A7 vy | Ve ' .

UTo6bl BBIYHCIHTL paboTy HAeaNbHOro rasa NpH H30TEPMHYECKOM
npouecce, 3aMeHUM JaBjeHHe B dopmyJe (90.1) ero BopameHHeM

1) C TakuM Xe ycrneXoM MOXHO BHPA3HTb JaB/JeHHe uepe3 [apaMeTphl KOHEYHOTO
COCTOSIHHS.
2) Ilpu n=1 supaxenusa (90,3) u (90,5) cTaHOBATCA HeompeAeJeHHBIMHU,
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yepea JpyrHe BEJAHYMHHW B COOTBETCTBHH C YPaBHEHHEM COCTOSIHHMS.
B pesyabrate nonyuyum (T MOHO BhiHeCTd 3a SHakK UHTerpafa, Io-
CKOJIbKY OHa HOCTOSIHHA):

A,=2 RTS

Urak, paGora, coBepmiaeMas HJeaJbHHIM Ta3oM NpH H3OTEPMHIECKOM
npouecce, paBHa

Ap="rRTla 1‘ﬁ—1 (90.8)

Ilpu wuaoGapHueckoM npoiecce pa6ora, coBepliaemas JHOGEM Te-
JIOM, B TOM YHCJe H HIeaJbHbIM ra3oM, paBHa, Kak cjenyer u3 (90.1),

Ap=p(V,—V). (90.9)

Tor ke pesyabTaT nojyuaercs, ecaH nojoxutb B (90.3) n paBHLIM
HyJw. B 3akmoueHue OTMETHM, YTO NP4 H30XODHYECKOM IHpOLEcce
paboTa paBHa HYJIO, YTO CpaBefJ/IHBO A4 JUOGEIX Tell.

§ 91. Ban-jep-BaaabCOBCKHH Ta3

B § 86 orMeuasnock, 4TO NoBefieHHEe pealbHHIX [a30B XOPOLIO ONH-
ChIBACTCA ypaBHEHHEM
pVy=RT (91.1)

TOJIBKO NPH MaJIkX IJAOTHOCTSIX, T. €, IIPH He CJAHIIKOM GOJBIIHX AaB-
JIEHUsIX M JOCTATOYHO BBICOKHX TeMmé€patypax (cM. (86.8)). C moswiiile-

HHeM JaBJIeHHSI H YMeHbllle-
Ta6amua 91.1 HHEM TeMnepaTypsl HabJro-
JAtoTCsA 3HAUHTE/IbHBIE OTCTY-
IJIEHUS OF YypasHeHusi. Bo
BTOpOM CcTOJIOLE TaGa. 91.1
IIpUBEJCHbl 3HAUEHUS TPOU3-
BelleHHs pV asa Macchl aso-

o
p, amm| pV, at™m-an (p""ﬁ) (V=F), atm-a1

1| 1,000 1,000 Ta, 3aHUMamLlell NpH HOP-
égg (1),8% %.888 MaJIbHEIX yC/IOBHAX ofneM,
500 | 1390 1’014 PaBHBIA OJHOMY JIUTPY. Y Ka-
1000 | 2,069 0,893 3aHHBle 3HA4YeHHA JAaHBl 115

PasJMYHbIX JaBJe€HHH H Of-
HOIl M TOH Ke TeMmmeparty-
pet 0°C.

B coorBercTBHM ¢ ypaBHenueM (91.1) mpouspenenne pV mpH Heus-
MEHHOH TeMIepaType AOJ/KHO OCTaBaTbCd IOCTOSHHEIM, B JnelicTBu-
TEJIbHOCTH, KaK BHJHO M3 TaGJuubl, TIPH AaBJjenusix mopsagka 200 atm
Ha6J/II0JaI0TCA 3aMeTHbIe OTKJIOHEHHs, KOTOphle, HelpephiBHO Bo3pa-
cTasi ¢ yBeJIHY€HUeM JaBJjieHHs, AocTuraiot Bpu 1000 atMm 6oaee 100%.
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OTH OTKJIOHEHHS HE MpPEeACTaBJAIOTCS YAMBUTEJBHBIMA, MOCKOJIbKY MPH
yBEJIHYEHHH [JIOTHOCTH HAa4YHHAIOT MrpaTh Bce GOJBLIYVIO Pob 0GbeM
MOJIEKYJ H B3aMMOZEHCTBHE MeXJYy HUMH.

s oniicanus moBekeHMs rasoB B IUMPOKOM HHTEpBaJie MJIOTHOCTEH
6bL710 TIPEA/IOXKEHO MHOTO Pas3/HYHbLIX ypaBHeHH{. CaMbIM NMPOCTHIM H3
HHUX M BMecTe C TEM JAIOMHM JOCTaTOUHO XOPOINHe pe3yJbTaThl OKa3a-
Jocb ypaBHeHHe Ban-sep-Baanbca. 3To ypaBHeHHe MNoMyuyeHO MyTeM
BHeceHHs mnonpaBoK B ypasuenne (91.1) u umeer cieayomuil BUm:

( p+ Vi) (V,—b)=RT, (91.2)

rAe p — AaBJeHHE, OKasblBaeMOe HAa Tra3 M3BHe (PaBHOE [AaBJECHHUIO
rasa Ha CTeHKH cocyia), a U b — KoHcraHThl Bau-zep-Baanbca, umero-
IIHe /I PasHbIX Ta30B pas3jHYHbE 3HAYEHHS, OMpelessieMble OMBITHBIM
nyrem, Ecim faBieHve BHIpaXKeHO B nackansfx, a o6weM — B KyOH-
YyecKHX METpax Ha MOJb, TO KOHCTaHTa g usMepsiercsi B [la-m®/Monb?,
a KoHcranta b — B M%Mosb, MHorna KOHCTaHTY @ BEIpakaioT B
aTM-J1%/MOJb?, @ KOHCTaHTy b — B J1/MOJb.

H3-3a B3aMMHOro TpHUTAMKEHHA MeXIy MOJEKYJaMH ra3 KakK Owvl
CXKHMaeTcs GOBINMM JaBJeHHeM, 9eM JaBJeHHe p, OKa3blBaemoe Ha
ras cCTeHKaMH COCyJla, B KOTOpOM OH 3akoueH. [TonpaBka a/V?Z xapak-
TepH3yeT Ty A0GaBKY K BHEINHeMYy IaBJIeHHIO, KoTopas oOyc/oBJeHa
B3aMMHBIM MPUTSMKEHHEM MOJeKyJ APYT K ApYry. 3aMeTHoe Bo3jefi-
CTBHE MOJIEKYJI APYT HA JpPYyTa OCYLIECTBJASETCA B MpeAenax HeGoMbILNX
paccTOAHHH, Ha3bBAaEMBIX PafHYyCOM MOJEKYJAAPHOTO
Zeftcren A, Cuma B3aUMHOTO NPHUTAKEHUS JABYX  3J€MEHTapHBIX
0o6BEMOB, HMMEWOIMIMX pa3Mephl MOPsJKa 3TOTO pajMyca, INpPOMNOPLHO-
HaJibHA KaK YUCAY MOJIEKYJ, 3aKJUEHHBIX B OJHOM M3 00BEMOB, TaK
M YHCJY MOJEKYJ, 3aKJOYeHHHIX B ApyroM obGpeme, Kaxkzoe H3 aTHX
YHCes B CBOWO Ouepefb MPONOPUUOHANBHO HHCIY MOJIEKYJ B eIHHHIE
ofrpema, T. e, o6paTHO NpPOINOPUHOHANBHO OGbeMYy rasa. STHMH co06-
pPaKeHHAMH MOMKHO TMOSICHUTB TO OOGCTOATENBCTBO, 4YTO MOMpaBKa K
nasjenuio B (91.2) umeer Bup a/Vi.

BesecTBHE TOro, 4YTO MOJIEKYJBL OOJAjal0T KOHEYHHIM OGBEMOM,
IIPOCTPAHCTBO, JOCTYIIHOE IJIs ABHXKEHHS MOJIEKYJ, OKa3blBaeTCH MeHb-
M, yeM obbem cocyaa V. IlonpaBka b B (91.2) xapakTepusyer Ty
yacTb obbeMa, KOTOpasi HENOCTyNHA MAJIA JBHXKeHHs MoJekysa. Ona
paBHA HECKOJbKHM CYMMapHHIM o0beMaM MOJEKYJ, COAepHalHUXCH
B MoJle rasa,

YpaBuenue (91.2) manucaHo Ang ofHOro MoJst ra3a. UtoGsl mepefitn
K YPaBHEHHIO JJIS1 IPOM3BOJIbHOMN MacChl 77, HYXKHO yuecTh, UTO v MoJel
rasa [pH TeX Xe YCJOBUAX 3aHHUMAIOT B v pa3 Gosnbmui oobeM: V=vV,,.
3amenus B (91.2) V, uepe3 V/v, momyuum

(o4 30) (4—8) =i
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YMHOXHB 3TO YpaBHEHHE Ha v H BBEOA obo3HaueHns

a’'=v¥a, b'=vb, (91.3)
NpHXOAHM K ypaBHeHHI0 Ban-niep-Baassca ans v Moseit;
(p+ ‘%) (V—b")=vRT. (91.4)

BykBamu a” u b’ obGo3HaueHHl XoHcTaHThl BaHn-uep-Baannca paa v
moneit. MIx cBasb ¢ a ¥ b maercs cootHowenusamu (91.3). KoncranTa
a’ usmepsierca B Ila-M®, koHcTaHTa b" MMeeT pasmepHOCTb 00BeMa,

Hackonpko ypaeHeHue Ban-zep-Baanbca Jyuile mepenaer IoBe-
JeHue ra3oB, 4eM ypaBHeHHe (91.1), MOXHO CyAUTb IO JAHHEIM, NpH-
BelleHHBIM B Ta6na. 91.1. B TperbeM cronfue TaGauubl AaHBl 3HaYEHUs

a’ o o
BEeJTMYHHBI (p—l— T/T) (V—0b")?) nns Toit ke Macchl a3ota, AJs KOTOPOM

JlaHBl BO BTOPOM cTos6ue 3HayeHust pV. Kak BuaHO M3 TabJaHLEl, ypaB-
HeHHe Ban-nep-Baasnbca ropasfo ayuiue corsacyercs ¢ 3KCIEpHMEHTOM,
yeM ypaBHeHHe (91.1).

B cooTBeTcTBHM C TeM (haKTOM, YTO BCe peasbHble Ta3bl C YMeHb-
IIeHHEM IIJIOTHOCTM NPUGTMIKAIOTCA [O CBOUM CBOMCTBaM K HJeaJb-
HOMY ra3y, ypaBHeHHe BaH-zep-Baasnbca B Iipesese, npu cTpeMJeHHH
of6beMa K GECKOHEYHOCTH, NepexoiuT B ypaeHeHue (91.1). B atom
MOXHO yOeIuTbCsl, BhIHeci B ypaBHeHHH (91.4) p u V 3a ckobxu:

’ ’
pV (1+pLV“7) (1—”7)=er

¥ NPHHAB BO BHMMaHHe, 4YTO MNpou3BeAeHHe pV ocraercss NPHUMEPHO
[OCTOSTHHBIM.

Peanphrie rasm caenylor ypaBHeHHIO Ban-fiep-Baasabca sHiub
npubnuxkenHo, BoobpaxkaeMbii ras, TOYHO NOAYMHAICILMACA YypaBHe-
Huio (91.2), HasniBaeTcs BaH-Aep-BaajbCOBCKUM.

BHyTpeHHASl 3Heprusi BaH-Aep-BaajbCOBCKOTO rasa JOJIKHa BKJIO-
yaTh B ce6sl, KpOMe KHHETHYECKOH SHePTHH MOJIEKYJl, SHEPTHIO B3aHMO-
IeHCTBHS MeXAY MoJekyJamu, i HaXoxJeHHs BHYTPeHHeH SHeprHH
BaH-/lep-BaalbCOBCKOrO ra3a BOCNOJb3yeMcs TeM OGCTOSTENbCTBOM,
uyTo paboTa, coBepllaeMas NpH paclIMpPeHHH ra3a NpoTHB CHJI B3aHMHOTO
NPUTSXKEHHA MOJIEKYJ APYT K ApYyry, paBHa NpHPAalleHHIO 3HEPTHH
B3auMmogeiictBusa: d'A=dE,. CuJBl B3aHMHOTO NDHTSXKEHHS MeEXIy
MOJIeKyJ1aMH yuTeHHl B ypaBHeHuH (91.2) ¢ momompbio 106aBKH K JHaB-
Jenu1o, paBHoil a/V?%. CooTBeTcTBeHH0 pa6oTa NMPOTHB CHJ B3auMozeii-
ClBuy MEXAY MOJIEKYJaMH MoKeT ObITh NpeicTaBieHa B Bue (a/Vy)dV,,
(nono6Ho 3TOMYy pafora, coBepuiaemasi Ta3oM IIPOTHB BHEWIHHX CHJ,
onpenensercs BripaxeHHeMm p dV). Takum o6pasom,

a
dEP=V—2dV"'

M

1) B cooTeetcTHn c (91.4) 912 BeAMynHa AOJXKHA GHITL NOCTOAHHOM,



§92. BAPOMETPHUYECKAS $OPMVYJIA 289

HHuTerpupoBanue 3TOro BEIp2XKEHHS AdeT, 4TO

E

a
» =—ﬁ+const. (91.5)

BHyTpeHHss 2Heprus BaH-Aep-BaaNbCOBCKOro rasa 3aBHCHT Kak
oT o6beMa, Tak M OT Temnepatyphl. ClefoBaTesNbHO, BbIpaK€HHe A/
U, umeeT BHJI

U=F (M) —p-

(Mt BRJtounsd const Beipaxenuss (91.5) B f(7)). D10 BolpaxeHue B
npejese NpH CTpeMJIeHHH o0beMa K 6ecKOHeUHOCTH IOJIKHO Mepexo-
IUTb B BbIpaxkeHue (87.6) Aasi BHYTpeHHeill 3HepruM MJIeaJbHOro rasa.
CnepoBatensHo, f(T)=C,T

Hrak, BHyTpeHHsSs 3Heprus MoJsl BaH-Jep-BaajbCOBCKOro rasa
onpeeaserca (opmyJioi

Up=C/T—p-. (91.6)

BHyTpeHHAs 3Heprust v MoJeli 6yfeT B v pa3 GoJjblle:

U=vCyT—% (91.7)

(MBI yuan, uto via=a' u vV,=V). Ilo dopmy.saam (91.6) u (91.7) MoxkHO
HaXoIUTh NpPHGIUKEHHbIE 3HayeHHs BHYTPEHHEH >HEPrHH peasibHbIX
ra3os,

§ 92. Bapomerpuyeckas c¢opmyaa

ATtMocdepHoe faBleHHe Ha Kakoi-JHGO BbicoTe i 0GYC/OB/NEHO Be-
COM BhIlliesleXaIluX cjoeB rasa. O6o3Haunm GyKBOR p JaBJieHve Ha
BeicoTe A, Torna maenenne Ha BoicoTe h-+dh GyneT p+dp, npuuem ecnu
dh 6onblue HYJs1, TO dp 6yJeT MeHblle HYJs, TaK KaK Bec BhILIesexa-
IHX cJ10eB aTMocdepsl, a caejoBaTeJbHO, H AABJEHHE C BLICOTOH YOLI-
BaloT. PasHocTb AaBseHHii p U p—+dp paBHa Becy rasa, 3aKJIOYE€HHOTO
B ofbeMe LHJWHApPA C IIOWALBI0 OCHOBaHHSA, PaBHOH eAaHHHLe, H
BoicoToit dh (puc. 92.1):

p— (p+dp)=pg dh,
rAe p — IIJIOTHOCTb rasa Ha BbLICOTE h OTCEO}.'La
dp=—pg dh. 92.1)

B § 86 ormeuanoce, yTo npH ycjoBHfX, GIM3KHX K HOPMAJbHBIM,
BO3yX MaJlo OTJIHYaeTCA IO CBOEMYy IOBEleHHIO OT HAeaJbHOIO rasa.
IosToMy nJIOTHOCTB BO3AyXa MOXHO BBIUMCISTE HO ¢opmy.e (86.8).

10 H. B, Capenves, T, 1
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[ToxcranoBka storo BeIpaxenus B (92.1) naet
dp =—208 4p, (92.2)

Bxoxamas B 3Ty ¢opMmyay BeiuunHa M uYMC/IEHHO paBHa cpelHeit
MOJIEKYJAsIpHOH Macce BO3AyXa, ONpeJe/eHHOH C y4eToM NPOLEHTHOro
COepXkaHUA B BO3AyXe a3oTa, KHUCJAOpOAa M JADPYrHx rasos,
W3 (92.2) cnemyer, uTO "
dp__ g
> ="RT dh. (92.3)
Temneparypa T siBAsieTcsi HeKOTopoR dyHKuuelt ot h. Ecau BuA 3Tl
¢yHKIUH Hu3BecTeH, ypaBHeHHe (92.3) MOXHO NPOMHTErpHpPOBaTh MU

y
&
P22 P
%
2K
4 a
Puc. 92.1. Pne. 92.2.

HafiTit 3aBHCHMOCTS p oT h. [lns ciydasi, Korjaa TeMnepartypa nocTosiHHa,
T. €. /11 HM30TePMHYECKOH aTmocepbl, MHTErpHPOBaHHE YypPaBHEHHUs
(92.3) npHBOAMT K COOTHOLUEHHIO

lnp=—-A%l+lnC,

rie C — KOHCTaHTAa (3fech YAOGHO OGO3HAYMTb MOCTOSHHYIO HHTe-
rpupoBanus yepe3 In C), IloTeHuupys noJydYeHHoe BhIpaXKEHHE, Ha-

XOHM, 9TO
Mgh
p="Cexp ( BT )

[Moncrasus ctona h=0, monyaum, 4to C=p,, rle p, — AaBJeHHEe Ha
Bricote h=0,

Taxkum o6pasom, NpH CAENAaHHOM HAMH JIOTNYIIEHHH O MOCTOSHCTBE
TEeMIIepPaTypLl 3aBHCHMOCTD JiaBJIeHHSl OT BBICOTHI BhIpaxKaercs popMmy.Jioi

p=poexp (— &) (92.4)

Sra ¢opMmysa Ha3wBaeTcsi 6apoMeTpUdecKof, I3 Hee cie-
AyeT, 4To JaBleHue YOmIBaeT C BLICOTOH TeM CLICTpee, 4eM TsKelsee ras
(uem Gospie M) u gem Huke Temnepatypa. Ha puc. 92.2 u3obpakeHbr
IBe KpuBble Buja (92.4), KOTOpble MOXKHO TPaKTOBaTh JHUOO KaK COOT-
BETCTBYIOIHe pasHuM M (npu ofuHakoBofl T), qu60 KaK oTBEeYarouLHe
pasuum T (npu oauHakosoi M),



TJTABA XI
CTATHCTHYECKAST ®HU3HUKA

§ 93. Hexotopbie cBefeHHs1 H3 TEOPHH BepOSTHOCTEM

[Tycte MMeeTcsi HeKOTOpas MaKpOCKONIYecKasl cHcTeMa !), Haxoasd-
masics B 3alaHHOM cOCTOsIHHH, [IpeanoaokuM, 4To Kakas-To XxapakTep-
Hasl AJ1Si CHCTEeMBl BeJIMUYHHA X MOXET MMeTb JHCKDeTHble 3HaueHHs:

Xiy Xay wnny Xpp vvny Xy voey Xgo

OcyuecTBHM Haj cHcTeMOll oyeHb GoJellloe uucjao N HM3MepeHHi
BEJIMYHHLEI X, NPHUBONS CHCTEMY Iepell Ka)KIAblM H3MepeHHeM B OJHO
H TO Xe HCXOJHOoe cocTosiHHe, BMecTo Toro, 4To6E NPOM3BOAUTE NOBTOP-
Hble M3MepeHHs Hajl OAHOH H TOH Ke CHCTeMOil, MOXHO B3sATb N onH-
HaKOBBIX CHCTEM, HAaXOJAIIMXCSL B OZHOM M TOM K€ COCTOSIHMII, M OCY-
IIeCTBUTh OJHOKpPaTHOEe M3MepeHHe BeJHYHHAl X Y BCEX 3THX CHCTEM,
Tako# Ha6op OAMHAKOBBIX CHCTEM, HAXOAALIHUXCS B OLHHAKOBOM CO-
CTOSIHMHM, HashBaeTcsi CTAaTHCTHYECKHUM aHcamMOJaew,

HonyctiM, yto Ny naMepeHuit fanau pesyJbTar Xi, N; H3MepeHHH —
pe3yJbTaT Xg, ... , N; uamepeHnit — peayabtat x; B T. . QO N;=N —
yHeay cucreM B aHcam6ae). Beauuuna N;/N umeHyeTcs O T H O C H-
TENbHOH YacTOTOH MOABNEHUS pe3yJabTaTa X;, a Opefel
3TOH BEJWUYMHBI, NOJYYatoUuica npH cTpeMaeHH N K 6eCKOHEYHOCTH,
T. €.

. N
Pi=N!_12T’, (93.1)
Ha3blBaeTcsl BEPOATHOCTbLIO NOABJAEHUS PE3YyABbTa-
T a x;. B nanbHeiliueM aJsa ynpouteHus ¢opMya Mel OYIEM BbipaxkeHHe
s BepOATHOCTH mHcatb B Buae N;/N, nozpaaymeBasi, 4YTO NpoOHM3BO-
JAMTCA NpefesbHEIH nepexof npu N — oo,
ITockonbky X, N;=N, 1o

Sp=3%=1, (93.2)

1) MakpocKonuuecKoli HasbiBaercs CHCTeMa, 06pa3oBaHHag OTPOMHEIM QHCIOM
MHKPOYAcTHI (MOJEKYJ, aTOMOB, HOHOB, 3JIEKTPOHOS),

10#*
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T, €. CyMMa BEDOSITHOCTEH BCEX BO3MOXHBIX pe3YyJbTaTOB H3MepeHHs
paBHa eJUHHLE,
BeposiTHOCTR mOMYy4HTH peaynbrar x; Jm6o X, paBHa

N;+N
Piump=2it e Ny De_p oyp,

TakuM 06pa3oM, MBI NPHUILIK K TEOPEeMe O CJNOXEHHHU Be-
POSTHOCTe i, KoTOpass yTBepiKIaeT, YTO

P[ HaHn k=Pi+Pk- (93.3)

IMycth cHcTeMa XapaKTepH3yeTcs 3HAYeHHSIMH JBYX BeJHYHH X M Y,
npuuyeM o6e BEJUYMHEI MOTYT NPHHUMATh JAMCKPETHblE 3HAueHHS,
BEPOSITHOCTH IOSBJIEHHS KOTOPLIX PaBHHI

P(x,) — N (xl) H P(y ) N (yk)

Hafizem BepostHOCT® P (X;, Y,) TOro, 4TO NMPH HEKOTOPOM H3MepeHHH
sl x OyJeT NoJydYeH pe3yJbTaT X;, a AJd Y — pe3yJbTaT y,. Pe3yb-
TaT X; NOJYUYATCA B uMcje U3MepeHuH, paBHoM N (x;)=P(x;)N. Ecau
3HAUYEHHE BEJHYHMHEL § HE 3aBHCUT OT 3HAYeHUA BeJHYHHHI X, TO Pe3yJib-
Tar y, GyJeT moJy4arbecsl OMHOBPEMEHHO C X; B HHCJe ClyvyaeB, PpaBHOM

N (x5 y) =N (x))-P (y) = (P (x;) N) P ()
(N (x;) urpaer aas y poab N), MckoMmas BeposTHOCTL paBHa

N (x;,
P (v, y) ="C0 9 _p (1) P (y,).

Mer npunit K TeopeMe 06 YMHOXEHHH BepOsATHO-
CTeH, COIIACHO KOTOPOH 6epoamHoctb O0HOBPEMEHHO20 NOASACKUSA
CIAMUCMUYECKl He3asUCUMbLX CODbLMULL pasHa npoussedenlto 8epOAMHO-

cmetll amux cobuimuli:
P (x5 yo) =P (x) P (yy). (93.4)

3Has BepOATHOCTH MOABJEHHS Pa3/IMYHEIX Pe3yJbTaToB H3Mepe-
HHS, MOXHO HafiTH cpejHee 3HaueHHe BceX peayJ/braToB, [lo onmpepe-
JIEHUIO CpefiHero

<x> = 2___}\)’!"&' == 2 P'-x‘-. (93.5)

PacrpocTpanuM mnoJydeHHble pe3yJbTaTel Ha caydaft, Korja xa-
paKTepu3yiolias CHCTEMY BeJHYMHA X MOMET NpPHIIMMAaTbh HeNpepbIBHEII
pan 3HaueHHit ot 0 g0 oo, B aTom cnyuae roRCpAT, UTO BeJIMUMHA X
HMeeT CIJIOMIHOH (MJM HenpephiBHLIA) CNeKTp 3HauyeHHil (B NpexblLy-
IeM cJaydYae CIeKTp 3HaueHUH OblJ AHMCKDETHBIM).

Bo3sbMeM ouenbp Maayio BelMuHHY @ (cKaxeM, a=10"¢) U HafizeM
yHcno usmepenuit AN, npu Kotopeix 0<<x<<a, AN;, npu KOTOpBHIX
a<x<2a, ..., AN,, IpU KOTOpHIX pe3yJbTaT H3MEPEHHH HaXOLUTCA
B HHTepBajie OT X A0 X+a, ¥ T, A, BepoATHOCTb TOro, 9TO pesy/abTar
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B3MepeHHH OKaiKeTcsi B HHTepBaJse OT HYJd 10 @, paBHa APy=AN,/N,
B HHTepBaJe oT a Ao 2a AP,=AN,/N, , B uHTepBaJe OT ¥ J0 (x+a)
AP,=AN./N. Haueptum ocb x M OTJIOXHM BBEDPX OT Hee MOJIOCKH
IWHpHHLEL @ ¥ BeicoThl AP,/a (puc. 93.1, a). Ilonyuennas cronGuatas
IvarpaMMa HasplBaercsi THcTor paMmo#. [liomans mosock,
JeBblli Kpall KOTOpOil }MeeT KOOpAHMHATy X, paBHa AP, a mjomajb
BCel rucTorpaMMbl — enuuHue (cM. (93.2)).

#(z)
///ﬁdﬁ’{ﬂ?b =47, Mrowads = df,
g Z z+a z J . & T+dz z
a) 4}

Puc. 93.1,

T'nctorpaMma HarJIfiHO XapaKTepH3yeT BEpOSTHOCTb MOJYyYeHHs
pe3y/IbTaToB M3MepeHHH, 3aKJ/IOoualouluXcsd B pas/JHYHBIX HHTepBaJax
LWHPHHEL @. YeM MeHbllle IIMPHHA HHTEpBaJa g, TeM JeTaibHee GyfeT
0XapakTepPH30BAHO pacnpefie/leHHe BepoATHOCTel 3HaueHHWH Besu-
uuHH ¥. B npenese npu ¢ — 0 cTynenuaras JMHHUS, OrpaHHYHBAIOLLAS
rucTorpamMMmy, NpeBpaTHTCA B IJajkyio Kpusyio (puc. 93.1, 6). dynk-
uus f(x), omnpepensiomlas aHaJHTHYECKH 3Ty KpPWBYIO, Ha3bIBaeTcs
¢yHKuUHeH pacnpejeneHUss BepPOSATHOCTEH.

B cOOTBeTCTBHH €O CHOCOGOM MOCTPOEHHsI KPHBOH pacipejesaeHHs
IJIOLaAb CTOJ6HKA MMpPUHE! dx (cM. puc. 93.1, 6) paBHa BepOATHOCTH
TOro, YTO pe3yJbTaT H3MepeHUs OKamKeTcs B Npefesax oT X Jo x-1-dx.
(OG6Go3HauuB 3Ty BEPOSITHOCTb yepe3 dP,, MOXKHO HamHCaTb, YTO

dP .=f (x) dx. (93.6)

Hunexc «x» npu dP yKasbiBaeT Ha TO, YTO UMeeTCsl B BUIY BePOATHOCTb
AJis HHTEpBaJia, JIeBblil Kpail KOTOPOro JIeXXUT B TOYKe ¢ KOODAHHATOH X.
Tnowans, orpaHMYeHHastr KPHBOIl pacnpefefieHusi, TaK Xe KakK H
IJIOLIAAb THCTOrPaMMEl, paBHAa €AHHHLE. DTO O3HAayaeT, UTO

{f)de=S§ap,=1. (93.7)

HuTterpupoBatne NpoH3BOAUTCS NO BceMy HHTepBasly BO3MOXHEIX 3Ha-
yeHH i BeJaHuHHb X, Popmyaa (93.7) aBasieTcs ananoroM ¢popmy.s (93.2).

3nan ¢yHKuMio pacrnpesesenus f(x), MOXHO HalTH cpejHee 3Haye-
HHe pe3yJbTaToB H3MepeHHs BeJHYHHH x. B dN,=N dP, cayuaax
nosyvaercss pe3yJibTat, paBHui x. CyMMa TakuX pe3yJ/bTaToB Ompe-
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Jensiercs BolpaxeHneM xdN,.=xN dP,. CymMma Bcex BO3MOXHBIX
pe3yJbTaToB paBHa S xdN, = S xN dP,. Pasnenus aTy cyMMy Ha 4HCJIO
u3MepeHU# N, NoJyuHM cpelHee 3Ha4YeHHE BEJHYHHH X:

o= xap,. (93.8)

dra dopmyna aBasercs axasnorom dopmyasl (93.5).
IloncraBus B (93.8) Beipaxenue (93.6) ana dP,, npuieM K gopmyJe

<> = § xf (v) da. (93.9)

AnasnornyHble paccyIeHHs HAIOT, YTO cpefHee 3HAYEHHE HEKOTOPOM
(PyHKOMH @ (X) MOXKHO BBIYHC/AHTL IO dopmyJie

< ®> = o f@dx (93.10)

Hanpuwmep,

<> = {f(0) dr. (93.11)

§ 94, XapaxTep TenJoBOro JABHKEHHS MOJIEKYJ

EciH ras maxoguTcsi B PaBHOBECHH, MOJIEKYJEI ABHIKYTCS COBep-
IeHHO GecrmopsiiouHo, XaoTHYeCKH. Bce HanpaB/eHHsl ABHIKeHHS PaB-
HOBEpOSITHBl, HH OJHOMY H3 HHX He MOXeT
6biTb OTJAHO NpejrnouyTeHHe Mepel APYTHMH,
CKOpOCTH MOJIEKYJl MOTYT ObITb CaMBIMH pas-
JUYHEIMUH o BesanunHe. Ilpy kaxkaoMm coyna-
PEHHH C JAPYTMMH MOJIEKYJaMH BeJHYHHA CKO-
POCTH JaHHOH MOJIEKYJIbl AOJ/I3KHA, Booble ro-
BOpf, U3MEHSTbCS, IIPHYEM C PaBIIOi BepoOsT-
HOCTBIO OHa MOXeT KaK BO3pacTH, TaK H
YMEHBIIHTBCA,

MameHnenue ckopocTeft MoJieKyJ NpPH CTOJ-
KHOBEHHUSX NMPOHUCXOAUT CJydYaHHBIM 06pasoMm.
MoxkeT c1yuHTbCH, YTO KaKaf-TO MOJEKysa B
IeJIoOM psAfie NOCJeAOBaTeNbHBIX COYAApeHHU

Puc. 94.1. OyZeT MoJy4yaTh 3HEPTHIO OT CBOMX NapTHEPOB

10 CTOJIKHOBEHH M, B P€3yJ/IbTaTe Yero ee sHep-

THA 3HAYUTEJLHO NpeBaolineT cpennee 2uanenic {&). OAHaKo, Aaxe eciH
npeicTaBUTh ce6e Takod coBeplleHHO (aHTaCTHUeCKHH caydal, mpH
KOTOPOM BCE€ MOJEKYJBI rasa OCTaHOBATCH, MepefaB CBOIO 3HEPrHio
OJHOH-eIMHCTBEHHOR MOJIEKyJ/€e, TO U TOrJa 3HEepPrus 3TOH MOJIEKYJH!,
a cJefoBaTeNbHO, M €e CKOpoCTb, GyZeT KoHeuHa. Takum o6pasoMm,
CKOpOCTb MOJIeKYJl rasa BooOlle He MOXeT MMeThb 3HaueHHMH, HauMHas
C HEKOTOPOTO Upay KO 0O, YUHTHIBAfA, YTO NPOLECCH, KOTOPHIE NMpPHBEIH
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6Bl K COCPENOTOYEHHIO HAa OHOH MoJeKyJe 3aMeTHOH JOJH cyMMap-
HOHM 3Hepruy¥ BCeX MOJIeKYJ, MaJIOBEPOSITHEI, MOXKHO YTBEpXKAaTb, UTO
CaULIKOM GoJbIlIMe 1O CPaBHEHHMIO CO CPeJHHM 3HaueHHEM CKOpOCTH
MOTYT peasu30oBaTbCA KpaliHe pefKo. TOYHO TaK e TNpaKTHYeCKH
HCKJIOUEHO, YTO B pe3yJ/bTaTe cOyJapeHHH CKOPOCTb MOJEKYJ/IEl CTaHEeT
paBHoil TouHo HyJ0. CienoBaTteqbHO, OYeHb MaJble H OYeHb GoJbline
1O CpPaBHEHHIO CO CPeJHUM 3HaueHHeM CKOPOCTH MaJOBEPOSTHEHI, NpH-
yeM BepPOSITHOCTD J@HHOTO 3HaYeHH s U CTPeMUTCS K HYJIIO Kak Ipu v — 0,
TaK ¥ npu v— oo, M3 ckaszaHHOro cienyer, 4To CKOPOCTH MOJIEKYJ
TPYNIHPYIOTCH B OCHOBHOM BO6JIN3H HEKOTOpPOro HaHOoJiee BEpOSITHOrO
3HAUEHH4.

X aoTHUYHOCTD JBHIKEHHS MOJEKyJ MOXHO cleslaTb HarJasfHOH C mo-
MoOLIBIO caenyloumero npvema, OKpyxHuM Touky O cdepoll mpoH3BOMb-
Horo paguyca r (puc. 94.1). Jlio6as Touka A Ha 3rtoit cdepe onpenensier
nanpabneine ot O K A. CnepoBarenbHO, HanpaBJeHHS, B KOTOPHIX
IBHXYTCS B HEKOTODHI MOMEHT BpeMeHH MOJIeKYJbl rasa, MOTyT OLITb
3ajaHbl TOukaMM Ha cdepe. PaBHOBepOSITHOCTb BcCeX HaIpaBJieHHIT
NPHBOJHT K TOMY, YTO TOYKH, H300pakaiollye HalpaBJIeHHs IBHIKEHH
MOJIEKYJ, pachpezensitoTcs: no cdepe ¢ MOCTOSHHOHM MJOTHOCTBIO, paB-
HO#l YMCNly paccMaTpHBaeMEIX MoJsiekysn N, JelleHHOMY Ha IOBepXHOCTb
ceprl 4nr?, CoyaapeHus NPHBOAAT K M3MEHEHHIO HanpaBJeHHH OBH-
JKEHHsI MOJIeKYJ, B pe3yJbTaTe yero nojoxkeHus N Touek Ha cgepe
HenpepblBHO MeHAOTCA. OXHaKO Be/eACTBHE XA4OTHYHOCTH JBHIKEHHS
NJIOTHOCTB TOYEK B JIIO60M MecTe chephbl OCTaeTcs BCE BpeMs MOCTOSTHHOM,

Uncao BO3MOXKHEIX HanpaB/eHHH B IpOCTpaHCTBe GeCKOHeYHO
BeJuKo. Peajuayercsl e B KaxIbll MOMEHT BpeMeHH KOHeUHOe YHCJIO
HanpaB/IeHH#, pPaBHOe paccMaTpHBaeMOMY KOJHUecTBY MoJsekyJ. Ilo-
3TOMY MOCTaHOBKa BONPOCA O YHCJIe MOJIEKYJI, IMEIOUIUX 3a/laHHoe (H3006-
paxaeMoe TOYKOHl Ha cepe) HampaB/eHNe JBHKEHHA, JHIIEHA CMHIC/IA.
JefcTBHTENIBHO, NMOCKOJBKY YHCJIO BO3MOMKHEIX Hampas/leHHH 6ecko-
HEYHO BEJIMKO, 8 YHCJO MOJEKyJ KOHeyHOo, BepOSITHOCTb TOTO, YTO B
CTPOrO oIpefieleHHOM HalpaBJieHHH JIETHT XoTd Obl OfiHa MoJieKkyJa,
paBHa Hymo. IlpaBoMepHa nocTaHoBKa BONPOCA O TOM, KaKoe KOJIH-
YeCTBO MOJIEKYJ IBMMKETCS B HanpabJ/eHusXx, 6AM3KHX K IJaHHOMY
(onpenensieMoMy Toukoii A Ha cdepe). Takum HanpaBleHHSM COOT-
BETCTBYIOT BCE TOYKH 3JIeMEeHTa IIOBEpXHOCTH ctepni AS, B3dToro B
okpecTHocTH ToukH A (cM. puc. 94.1). Ilockoabky ToukH, HM3oGpaxa-
IolMe HampaBJeHHsl JBHKEHHA MOJEKYJ, pacnpefesieHEl 1o cdepe
paBHOMepHO, B mnpefenax AS oKaxercd KOJHMYECTBO TOYEK, PaBHOE

AN, = N 23 (94.1)

4nr2 *

Hugexc A npu AN yKasplBaeT Ha TO, YTO MMEIOTCS B BHIY MOJIEKYJIHI,
HanpaB/ieHUs] ABHKeHHs KOTOpHIX G/M3KH K HampaBJeHHIO, ONpeje-
JsieMoMy TOYKoi A,
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OrHowenne AS/r? ectb TenecHnili yronm AQ, onupawowmuiics Ha
naomanky AS. IloatoMmy dopmynay (94.1) MO¥HO 3amUcaTh CJeLYIOLTHM
obpa3oM:

AN,=N22, (94.2)

3necb AQ — TenecHslil yroJ, B npeieax KOTOPOro 3aK/I0YEHbl HaNpaB-
JIeHHs [IBHM(EHHMsl paccMaTpuBaeMblX MosieKyJs. HanomawuMm, uro 4=
ecTb MOJHBIA TesecHBI yros (oTBewarollMii Beeil MOBEpXHOCTH chephl).

Puc. 94.2 Puc. 94.3.

Hanpasnenne orpeska OA MOXKHO 3ajJaTh C NOMOIUBID MOJSPHOrO
yraa 4 u asuMmyTagasHoro yria ¢ (puc. 94.2). CnegoBaresnpHO, Hanpas-
JeHHs JBHXKEHHSI MOJIEKYJl ra3a MOXHO OXapaKTepu3oBaTb, 3aAaB
I8 KaXIOH MOJeKyJsl 3HAYeHHS YroB ¢ M @, OTCUMTHIBAEMBIX OT
HeKOTOporo (HKCHpOBaHHOrO HanpabBjaeHHst Oz (B KauecTBe TaKoOro
HanpaBJeHHsT MOXHO B3fTb, HallpUMep, HampaBJjeHHe HOPMaJaH K IO-
BEPXHOCTH COCyZla, B KOTODOM 3aKJIOUeH ra3) H NpPOBeAEHHOfi uepes
Hero mjaockoctu P,

OxpyxuM Havasno koopAuHat O cdepoil pagMyca r H HaiJeM 3Je-
MeHT dS cdepsl, COOTBeTCTBYIOLIMII npupamieHusM d4 u de yrjos 4
H @ (puc. 94.3). PaccMaTpuBaemblit 3/1eMeHT mpexcTaBJ/sier coboil mps-
MOYTO/NBHHK €O cTopoHaMH r d} M r sind dgp. Taxkum obpasom,

dS=rsind d9 dp. (94.3)

[TonyyeHHoe BbIpadceHHMe AaeT 3JeMeHT MOBEpXHOCTH r=const B coe-
pHUecKOil CHCTeMe KOODTWHAT,

Pasnenus BpipaxeHue (94.3) Ha r?, HafiieM 3JieMEHT TeJIeCHOro
yrJa, oTBevanolLHi HHTepBaJaaM yriaos oT 4 po ¢-+dd u ot ¢ Ko ¢+do:

dQs, o = sin $ dd do. (94.4)

IlBe cdepnl ¢ paguycamu 7 B r+-dr, IBa KOHyca C yIJaM# pacTBopa
1 1 $+4-d¥ u aBe nmockoctH, oGpasytowue ¢ P, yrasl ¢ u 94, Boige-
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JSIOT B MPOCTPAHCTBE NPSIMOYTOJIbHBIN MapaJiiesienine] co CTOpoHaMH
rdd, r sin 3dou dr (cMm. puc. 94.3). O6veM 3Toro mapasjesenunena

dV=r*ind drddde (94.5)

npejcTaBiaseT co6oil aseMeHT ofbeMa B cdepHyecKoil cHcTeMe KOOpAH-
HaT (oOBeM, OTBeyaloWHil NpUpalleHUu KoopAuHar r, &, @ Ha dr, db
u dy).

Ilepeitna B (94.2) oT aeavT K AudxpepeHLHasaM U MOACTABHB BhIpa-
menne (94.4) ansa dQ, npupeM K ¢opmyJe:

dQy sin ¢ d9d
— P9 __ P
dNs,o=N I =N rraml (94.6)
HNHpekcol 4 1 @ np¥ dN yKaspBaloT Ha TO, YTO HMEIOTCS B BHAY MoJie-
KYJbl, HanpaBJ/ieHHs JBHMEHHUs KOTOPbIX OTBeYaloT HHTEpPBajiaM YIJIOB
or ¥ o ¥+d¥ # or ¢ no @-+de.

§ 95. YUncno ynapos Moaekya 0 CTeHKY

PaccMoTpyM HaxoAsulMiics B paBHOBECHM ra3, 3aKJIOYEHHLIA B He:
KOTOpOM cocyje. BosbMeM 3sieMeHT noBepxHocTH cocyda AS u noacuu-
TaeM YHCJIO YJapoB MOJEKyJ 00 3TOT 3JeMeHT
3a Bpema Af,

Boinenum u3 N MoJsieky.l, 3aK/IOYEHHBIX B CO-
cyze, Te dN, MOJleKyJ1, BeJIHYHHA CKOPOCTH KO-
TOPLIX 3aKJ/iOo4eHa B npefejax oT v Ao vtdv. /7
M3 uncna 3THX MOJeKYyJ HampaB/jeHHS JABH-
MeHHsl, 3aKJ/IOYeHHble BHYTPH TelecHoro yrsaa |
dQ2, 6yaeT UMeTb KOJNHMYECTBO MOJIEKYJ, paBHOe {

||
i\

|

aQ, !

dNo, 9, g=dN,——= (95.1) NS I

(cM. (94.6)). U3 BhifeieHHBIX TaKUM OGPa3oM Mo- veosdaE !
JIeKY/ HoJeTAT 3a Bpems Af go nuowaakd AS Pue. 95.1.

M y4apATcs O Hee ) MOJIEKYJbl, 3aKJ/IOYeHHble
B KOCOM LMJMHIpe ¢ ocHoBaHMeM AS u BwicoToil v cos & Af (puc. 95.1).

1) MoxHo, ka3anock GHl, BO3pa3uTh, 9TO YaCTh STHX MOJEKYJ Ha CBOeM MYTH K
CTEeHKe MPeTeplHT CTOJKHOBEHHSI C ADYTHMH MOJIEKYJaMH, BCIAEACTBHE Yero H3MeHHT
HanpapeJieHHe CBOEro JBHXXEHHS M He JOCTHrHeT miowagku AS. OfHaKo coyAapenust ne
HapyWaloT XaOTHYeCKOro XapaKkTepa ABHMKEHHA MOJEKYJ: Nepexol HeKOTOpOro KoJu-
yecTBa MOJIEKYJ H3 TPYNNH, ABHXYINEHCA N0 HaNpaBJeHHIO K CTeHKe, B TPYNNH, IBH-
JKYLIHECA B APYrHX HanpaBJeHHSX, CONMPOBOXAAeTCA OAHOBDEMEHHLIM MEpexXOoioM Ta-
KOrO JKe YHC/a MOJIEKYJI H3 APYrHX TPYNN B FPYNINy, ABHMYILYIOCA MO HanpaBJeHHIO
K cretke. [To3TOMy NMpH BHIYHC/JEHHH KOJHYeCTBA MOJIEKYJ, AOJETAIOMHX JO CTEHKH,
COyaapeHHsi MOJIEKYJ APYT € APYTOM MOXCHO He MPHHUMAaTh BO BHHMaHHe,
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KonnuecrBo 3THX MOJIEKYJ1 pPaBHO

dQ ASvcos 9 At
dvy, 9, g=dN, 4::'(" v (95.2)

(V — ofzeM cocyna). UToOb NONYYHTE NOJHOE YHCJO YAAPOB MOJIEKYJ
o nowaaky AS, HYXKHO NPOCYMMHPOBaTh BhipaxeHue (95.2) no Tenec-
HOMY yray 27 (OTBeualouieMy HameHeHHsAM ¥ oT 0 40 7/2 M M3MeHeHUsAM
¢ or 0 10 2n) 1 mo cKopocTsiM B npefenax oT 0 KO Up,x, TAE Upay — HaH-
GonplIasi CKOPOCTb, KOTOPOH MOryT 06JajaTh MOJEKYJRl B JAHHKEIX
ycaoBusX (cM. npenbiayiuii maparpad).

HauneM ¢ cyMMHpoBanus o HanpabJjeHusM. [ns sToro mpepcra-
BuUM dQ B Buje sin & d¥ de (cMm. (94.4)) u nponaBeieM MHTErpHpOBaHHe
Beipaxenus (95.2) no ¥ B npezenax or 0 fo @/2 U no @ B npejenax
or 0 go 2m:

dNoAS AL i

__dNyu .

dv, = —4o— ] cos ¥ sin ¥ dd Sd(p.
0

HuTterpupoBanue no do gaer 2w, unrerpan no dd paeen 1/2. Cienopa-
TeJIBHO,
dN,v AS At
dV.U = -ﬂT- . (953)

3710 BbIpaXeHHe JaeT YMCJO yAapoB o miomanaxy AS 3a Bpemsa Af
MOJIEKYJI, JIETALINX B HalpaBJeHHAX, 3aKJIOYEHHKX B Npejenax TeJec-
HOTO yIJa 27, ¥ MMEIOLIHX BeJHUYHHY CKOPOCTH OT U A0 v-—tdv.

CyMMHpOBaHHe [0 CKOPOCTAM JaeT MOJIHOe YMCJO YAApOB MOJEKYJI
o nuowanaxy AS 3a Bpems Af:

vas, s =237 | van,. (95.4)
0

Bripaxenue

npejcTaBasieT coGoil cpefHee 3HaueHHe BEJIHUMHBI CKOPOCTH U, 3aMeHMB
B (95.4) uHTerpas mpousBefenuem N<vd, NMOAYUUM, YTO

vas, at = 5LV vy = 1 AS At n o), (95.5)

3peck n=N/V ecTb uMc/a0 MOJMEKYJ rasa B eiMHMIe ofnheMa.

Haxkoneu, paszenns Beipaxkenue (95.5) Ha AS u Af, naiigem uncio
yIapoB MOJIEKyJ rasa o6 €IMHHIY NOBEPXHOCTH CTEHKH B €IMHHLY
BPEMEHH:

v = 7“ n <. (95.6)
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[MonyuyeHHBIH pe3y/bTaT 03HAYaeT, YTO YHCAO YAapPOB NPONOPIHOHAIBHO
KOJIMUECTBY MOJEKYJ B eIuHHLE oObeMa («KOHLEHTpauUHH» MOJIeKy.I)
M cpelHeMy 3Ha4yeHHIO BeJHYHHBI CKOPOCTH MOJEKYJ ). 3aMeTHM, 4TO
BequunHa (95.6) npeicraBaser co60H IIOTHOCTb IOTOKA MOJIEKYJ,
najapouero Ha CTeHKY.

[IpencraBuM cebe B rase BooOpaxaeMylo €AHHHYHYIO IJIOWIAOKY.
Ecin ras HaxoguTcsd B paBHOBecHHM, yepe3 3Ty ILIOWAAKY Oyjer
nposeratb B OOOUX HaNpaBJeHHSX B CPeJHEM OJHHAKOBOE KOJHU-
yecTBO MOJIEKYJI, NpHYeM KOJMYECTBO MOoJe-

KyJ, MpoJeralouX B €AHHHLY BPEeMEHH B o 3

Kax/IOM M3 HanpaB/eHHH, TaKxe olpene.s- R 1,:

ercst ¢opmyJioit (95.6). 1% N o= 48
C TOYHOCTBIO 10 YHCJIOBOrO Ko3hduuHeHTa 1 N A

BhipaxeHHe (95.6) MoXeT GLITb NOJy4eHo C No- 18 2= ]

MOILbIO CIEAYIOIIMX YMPOUIEHHHX paccyxKie- o=

Huit. JonycTHM, YTO MOJEKYJIB ra3a ABHIKYT-

Csl TOTBKO BJOJIb TPEX B3aHMMHO IepleHAHKY- e — <00 A —— !

JIADHbIX HamnpasJeHHil. Eciau B cocyfe comep-

xuTca N MoJekysa, To B JmoBGoffl MOMeEHT Pue. 95.2,

BpeMEHH BAOJb KaXIOrO M3 HampaBJeHHi

Gyaer asuratbess N/3 MosieKys, OpUUeM MOJOBHHA M3 HUX (T.e. N/6
MOJIEKYJI) JBHIKETCS BAOJb JAHHOTO HANpaBJEeHHA B OAHY CTOPOHY,
nojoBHHa B Apyryio. CnefoBaTesbHO, B MHTEPECYIOIIEM HAac Hampas-
JieHUH (HampHuMep, [0 HOPMAJH K IaHHOMY 3JeMeHTY AS CTEeHKH cOcyZa)
JBHXKeTca 1/6 wacTb MoJIeKy.JI,

[IpeanosioxxuM, KpoMe TOro, YTO BCE MOJIEKYJbI ABHKYTCA C OXHHA-
KOBOIl CKOpOCTHIO, paBHOIt (v>. Torjia 3a BpeMa Af 1o s/ieMeHTa CTEHKH
AS poneraT Bce ABHIKYIIMeCS IO HampaBJIeHHIO K HEMY MOJIEKYJIHI,
3aK/IOYeHHbIE B O6beMe LHJIHMHApPA ¢ ocHoBaHueM AS M BbICOTOIl
<> At (puc. 95.2). Uucmo 3tHx MoJseky. paBHo Av= (n/6)AS<v)>Af,
CoOoTBeTCTBEHHO YHCJIO YAapoB 00 eJHHHUYHYIO IVIOIIAAKY B €AHHHIY
BpeMeHH OKasblBAeTCs pPaBHBIM

v= 5 n<u>. (95.7)

TTonyyeHHoe BbipakeHue orsudaercs oT (95.6) suib 3HayeHHeM WHC-
JIoBoro MHoxHTens (1/6 BMecro 1/4).

CoxpaHHB npefIo/iokeHHe O [BHXKEHHH MOJEKYJ B TpPeX B3aHMHO
nepreHJNKY/ISpHbBIX HanpaBjeHHAX, HO OTKa3aBLINCh -OT AOMYIICHUS
00 OQMHAKOBOCTH CKOpOCTEH MOJEKYJ, C/leAyeT BBACAUTH M3 4dUC/Ia
MOJIEKYJ1 B e[lUHHIlEe 00beMa Te dn, MOJIEKYJs, CKOPOCTH KOTODHIX JIeXaT
B HHTepBaJie OT v J0 v+dv. KojrndecTBo MOJeKyJ, HMEIOWUX TaKHe

1) Vlmeercs B BUAY MOAY/b cKOpocTH. CpellHee 3HadeHHe BEKTOPa CKOPOCTH MOJle.
Kyl B cllyude DABHOBECHS ra3a PaBHO HYJIO,
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CKOPOCTH H ZOJIeTAlOWMX A0 Iomafku AS 3a Bpems Af, paBHO
dv, = dn, ASv AL, (95.8)

TMonHoe yuc/io YAAPOB MOJNYYHM, NPOMHTErPUPOBAaB BhipamkeHHe (95.8)
Mo CKOPOCTSIM:

vmax

Ay = (av, =5 ASAt [ vdn, — ¢ AS Atn o>,
0
Haxonen, pasgenns Av ua AS u Af, nonyuum dopmyay (95.7). Takum
o6pa3oMm, NpeAnoJoxenne o6 OXHHAKOBOCTH CKODOCTEH MOJEKYJa He
BJUSIET Ha pe3yJbTaT, MoJdyvyaeMbli IS 4Mcla YHAapOB MOJEKYJa O
creHky. OfHaKo, KaK Mbl YBHAMM B cjeAyolleM maparpade, 310 npe-
NOJI0KEHHEe H3MEHsieT pe3yJbTaT BLIYHMCJEHHH JAaBJeHHS,

§ 96. laBiieHuHe ra3a Ha CTeHKY

CreHKHM coCyla, B KOTOPOM 3aKJIIOYeH ras, HOABEPTaloTCcs Henpe-
pHiBHOI GomGapaupoBKe MoJleKyJaMM. B pesysbraTe 3/1€eMEHTY CTEHKH
AS cooflnaercsi 32 CeKyHIY HEKOTOpBHIH HM-
nyJbc, KOTOpHI paBeH cuJje, AEHCTBYMOIER
Ha AS. OtHouleHHe 3TOll CHABI K BeJIHUHHE
AS gaer paBneHue, oKaspiBaeMoe Tra3oM Ha
CTEHKHU cocyha. BcrencTBre XaoTHYHOCTH ABH-
JKEeHMS MOJIEKYJ JaBJleHHe ra3a Ha pPaajHuHbIe
yYacTKH CTEHOK COCyAa ONMHAKOBO (pasyMe-
eTcsl, NpU YCJOBHM, 4YTO a3 HAXOAUTCA B
DPABHOBECHOM COCTOSIHHH).

Ecnau mpeanosoxutb, YTO MOJIEKYJBl OT-
CKaKHMBaIOT OT CTEHKHM IO 3aKOHY 3epKaJib-
HOTO OTPaXeHHUS (Yorp="0p,,) H BeJHUMHE CKO-

Prc. 96.1. pOCTH MOJIEKYJLI He H3MeHsercs ¥), TO UM-

nynabc, coobliaeMbll NpH yJape CTEHKE MO-

JekyJol, 6yler paBeH 2mucos$ (puc. 96.1; m — Macca Mosexy.Jel).

STOT MMMNYJIbC HAMNPABJEH MO HOpMaJsH K naomanke, Kaxznaa usdv,, ¢, ¢

Moslekya (cM. (95.2)) cooflaer creHke uMnynabc 2mo cosd, a Bce
5TH MOJIEKYJIbl — HUMNYJbC

T\\\\\\\ NN

=

a

RN

dK _ . dQs, o 2mv?cos? & AS AL
» ¥ v 4n V -

Y

-_
v

» Ve @ &V,

ITpocymMupyeM moJyueHHOe BhIpakeHHe MO HanpaBJeHHsIM B mpe-
Zenax TeJecHOro yrja 2n (oTBevalouiero uaMeHenusm 4 or 0 go n/2 u

1) B JeiicTBHTeNLHOCTH B3aHMOJEACTBHE MOJIEKYJI CO CTEHKOI COCYAa HOCHT 6oTee
CHOXKHEbIT XapaKTep (cM. cTp. 417), H crenanHuie HAMH NPEANO/IOKEHHA CNpaBeliBL
JHIb B cPeZHeM Jjisi 60JbLIOrO YHCJIA YAAPOB,
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u3aMmeneHuaM @ ot 0 1o 2x). B pesysbpraTe moJydnmM HMIyJbC, coodilae-

MbIl MOJIEKYJIaMH, CKOPOCTH KOTOPLIX HMEIOT BEIHYHHY OT U J0 v+-dv:
/2

2mu2 AS Al

Ko =dN, =7y

2%
cos? 9§ sin & dd 5" dep
0

(Mpl mopctaBuai BeipaxeHnue (94.4) s dQ). MuarerpupoBanue mo de
aaer 2m, waterpan mo d% paseu 1/3. CnenoBateibHO,

2
dK,=dN, 238

ITponHTerpHpoBaB 3TO BHIPAKEHHE N0 CKOPOCTAM OT 0 10 Up,y, MOJY-
YUM IOJNHLIA MMIYJbC, coobllaeMblll maowazke AS 3a Bpems Af:

max

AK '”ASA‘S v2dN,. (96.1)
0

Bripaxenue
®max
1

= S; v*dN,

NpeAcTaBaseT coGoff cpefHee 3HaueHHe KBajpaTa CKOPOCTH MOJeEKyJ,
Samenun B (96.1) unTerpaa npoussefeHueM N(v2), Noay4yHuM, 4TO

AK_”’ASA‘N< 2>——nm<vz>ASAt

(n=N/V ectb aucno mMojeKyJ] B efuHiue obbema). Hakonen, paszenus
3T0 BblpaxeHue Ha AS U Af, moJyyuM JaBJleHHe ra3a Ha CTEHKH cocyja:

2 m<02>
5

1
p=- nm{v*) = (96.2)
Macca Bcex MOJIEKYJ MO MPeANoJIOXKEeHHI0 oauHaKoBa. ITosTomy ee
MOXHO BHECTH NOJ 3Hak cpeiuero., B pesynbrate Bripaxkenue (96.2)
NpUMET BHA

2 2 2
p='§ n<m70'> =7 11 <€noc1)s (963)

rie <{E€poe;> — CPENHEE 3HaueHHE KHMHETHYECKOH 3SHEpPruM ImocTyma-
TeJIbHOTO JBHMKEHHS MOJIEKY.I,

TTonyunM BLIpa)keHWe JAnAs AaBIEHUA, HUCXOAS M3 YIPOUIEHHBIX
npeAcTaBJeHHA, KOoTopele mnpuBend Hac K ¢opmyJae (95.7). Cornacuo
STHM NpPEACTaBJEHUAM Kaxkias MoJieKyJsa coofllaeT CTEHKE MpH yAape
AMIYJAbC 2m<vU>. YMHOKHB 3TOT UMITYJbC Ha 9uca0 yAapoB (cM. (95.7)),
HOMY4YUM HMIYJbC, cooOMlaeMbIi €IMHHYHOH IJIOWAAKE B eAMHUILY
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BpeMeHH, T, €, JaBjeHue, TakuMm obpa3soMm, noJaydaercs dGopmyJa
= %n<v>-2m <v>=%-nm wH?, (96.4)

dra dopmy.aa oraHyaercs ot (96.2) TeM, UTO BMeCTO cpefHEro KBajapara
CKOpOCTH <U%> CTOMT KBajpar cpeaHeil ckopoctH <v>2, Brnocneacrenu
(cMm. § 97) Mbl yOepuMmcss B TOM, 4TO STH JBe BeJWYHHLL OTJIHYAIOTCA
IpYyT OT Apyra, T. e, <ui=~{u>l,

Ilpu 6osiee akKypaTHOM MOACYETE HYXKHO YHCJO MOJIEKYJ, Ompefe-
Jasemoe dopmyofi (95.8), YMHOKHTE Ha 2mv U 3aTeM NPOM3BECTH CyM-
MHpOBaHHe 10 BceM v. B peayJbTate NOMYUYHTCA MMIYJbC, COOOLIAEMBIH
niomanke AS 3a Bpems Af:

Ymax Ymax
AK = SO §dn, AS AL 2mo= 3 AS At m (| v dn, = AS Atnmco,
0

Paspenus 3710 Bripaxkenue Ha AS u Af, nonyuuM Ajs faBaeHHs GopMyay
(96,2). TakuM o6pa3oM, HCXOAA U3 YIPOUIEHHOrO TpeACTaBJIeHUd
O JBUXKEHUM MOJIEKYJ BJOJb TpeX B3aHMHO MNEepNEHAHKY/APHBEIX Ha-
npaBJeHMH, Mbl NOJYUYHJH TOYHOE BHIpaXKeHWe I1d JAAaBJAEHHA., 3ITO
oOBbsICHAeTCS TeM, YTO YKasaHHOe YIpoLleHHe NPUBOAKT, C OXHOH
CTOPOHBI, K 3aHHXEHWI0 YHCJA YAapoB MOJeKYJd 0 CTeHKY (Y ndv)d
BMecTO */,n<u), cM. (95.6) u (95.7)), a ¢ Apyroif — K 3aBHIILEHHIO HM-
nyJbca, nepeflaBaeMoro CTeHke NpH KaxjaoMm yaape. [lpu ynpoueHHoM
BEIBOJIe MBI NpUHMMAJIH, UTO NPU KaxKAOM yJape CTeHKe cooOllaeTcs
HMITyJbC, PaBHEI 2y, B JellCTBHTENBHOCTH XKe BeJIHUHHA cOO0LILaeMOro
CTEHKe HMIyJbca 3aBUCHT OT yrJja 4, BcJeiCcTBHe 4ero CpeiHMiH HM-
nyJssc, coofliaeMubli pH OAHOM yiaape, paBeH %/,mvu. B urore obe He-
TOYHOCTH B3aHMHO KOMIIEHCHPYIOT APYT Apyra H, HeCMOTpA Ha YMNpOLIeH-
HOCTb PacCMOTpeHHs, NoJydYaeTcsi TOUHOE BhlpaieHHe s JAaBJAeHHsd,

§ 97. CpegHisi SHeprusi MOJEKYa

Hanuiuem psanom nonydenHoe B NpefbiAyIieM naparpade BhpaskeHue
(96.3) ans paBneHWs M ypaBHeHHe COCTOSIHHA MAeasnbHOro rasa (86.7):

2 )
p= 'gn('?'nocr)’ p=nkT,
Ha cpaBHeHHs 5THX BhIpaeHHil cledyer, uTo

CEpoee> =5 kT (97.1)

HWtax, Mpl mpumIiM K BaXHOMY BBIBOAY: a0COAIOMHAS MeMNepamypa
ecmo 6eAUMUHA, NPONOPYUOHANLHAA CPEOHEl IHepeul NoCmynamenbtoeo
Osuscerusn mosexya. TlocTynaTeJqbHO ABMXKYTCA TOJBKO MOJIEKYJIBI
rasa, /s XUAKUX U TBEPALIX Tesl CPeJHSS SHEPTHsi MOJEKy.J NpoIop-
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LLHOHaJIbHA abCOMIOTHOH TeMmeparype JHIUb B TOM cJydae, KOrja ABH-
eHHe MOJIEKYJl MMEeEeT KJaccuueckuil xapakTep. B xBaHTOBOIl o6/acTy
TpONOPLUHOHANbHOCTb MEXK/Y CPeAHeil 3Heprueil MOJEKyJ/1 H abCOMOTHOMR
TeMIepaTypoil nepecraer cobJiOAATbCH.

Bripaxenue (97.1) 3ameuaTelIbHO B TOM OTHOLIEHHWH, YTO CpelHsA
3HEPrUs OKa3hbIBaeTCsl 3aBHCAlleH TOJMBKO OT TEMIIEPATYPHI M HEe 3aBHCHT
OT Macchl MOJIEKYJIH.

TToCKONBKY <€0er> =<mv¥/2>=(m/2)<v?>, u3 (97.1) BBITeKaer, 4TO

vty =3kT/m. (97.2)
Hpencmaua v2 B BHJAC CYMMHl KBaJpaTOB KOMIIOHEHT CKOPOCTH, MOXXHO
HaIIHnCaThb:
<> = > +-<vp> +<Upd.
BCJIEZICTBHC PaBHOIIPABHOCTH BCEX HanpaBJIeHHﬁ ABHKCHHS BbINOJI-
HACTCA PaBEHCTBO
U = <UD =<Up.

C Y4YE€TOM 3TOr0 HaXOAHWM, 4YTO

<> =1/, 2> = kT /m. (97.3)

®opmyna (97.1) onpepensieT 3HEPrHI0 TOJBKO MOCTYMATeNbHOTO
ABHXKeHHUs MojekyJasl. OfHaKo HapaQy ¢ MOCTYNMATEJNbHbIM ABHXKEHHEM
BO3MOKHbI TAKXKe BpallleHHe MOJIEKYJIbl H KoJIe6aHUs aTOMOB, BXOAALIHX
B CcoCTaB MoseKyJsbel. O6a 3TH BHJA OBHXKEHWs CBS3aHBL C HEKOTODBIM
3anacoM 3HepPruH, ONpefesUTh KOTOPHI MO3BOJIAET yCTaHaBJHBaemoe
CTaTHCTHYECKOH (HM3MKOH MoJoXeHHe O paBHOpaclpelesleHHH 3HEepTrUH
N0 CTeNneHAM CBOGOABL MOJIEKYJIHI,

Yucaom cmenened ¢60600bL MexaHuueckol cucmems HQ3618aeMCS
KOAUMECITIBO HE3ABUCUMBLY 8eAUHUH, C NOMOUbIO KOMOPLIX Modcem Oovime
3adano noaoxexue cucmemst, Tak, NMOJOKEHHE B IIPOCTPAHCTBE MaTepH-
aJbHOH TOYKH MOJIHOCTBIO ONpefenseTcs 3aflaHHeM 3HAUeHHi Tpex ee
KoopJMHAT (HAmpuMep, AEKapTOBLIX
KOOpJMHAT X, Y, 2 UJH chepHUecKUX
KoopauHat r, ¥, ¢ u T. A.). B coot-
BETCTBHH C 5THM MaTepHaJbHasd TOYKA
HMeeT TPH CTemeHH CBOGOALL,

Ilonoxenue a6GCoMOTHO TBEPAO-
ro Tejla MOXHO OINpele/UTb, 33/1aB

T 82127

\N\\_«\ \ ;‘l},y,,Zf
Prc, 97.1, Puc. 97.2,

TPH KOODAMHATHI €ro HmeHTpa Macc (x, y, 2), ABa yrja 4 U @, yKassl-
BAIOIMX HanpaBJeHHe KaKOH-IM60 OCH, CBA3AHHOH G TEJOM H IPOXO-
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Isued vepes ero ueHTp Macc (puc. 97.1), H, HaKoHel, yroJa 4, onpe-
JeNAOLNH Hanpab/ieHHe BTOPOH CBSI3aHHOH C TeJloM OCH, mephneHIH-
KyaspHo#t K nepsoil, TakuMm obpa3oM, abGcoJIIOTHO TBepAoe TeJIO IIMeeT
IecTb cTeneHeil cBoGonbl. MameHeHMe KOOPAMHAT LeHTpPa Macc IpH
HEeM3MEeHHEIX yrjiax 4, ¢ u { o6yCJ0BJIHBaeTCA MOCTYNaTesbHBIM IBH-
keHuenm TBepioro Tena. [TosToMy COOTBCTCTBYIOiIHE CTENMEHH CBOGOIE!
HasblBalOTCA MOCTynNaTeJabHBL MH. laveHenne uwo6oro ns
yraoB &, ¢, P npH HEH3MEHHOM MOJIOKEHHH HEeHTpa Macc 06YCJI0B./H-
BaeTCsl BpallleHueM Teja, B CBA3H C YeM COOTBETCTBYIOLLHE CTemeHil
cBoGOzBI Ha3blBalOTCA BpauaTeJbHBE MU, CrlezoBatenbio, H3
IIeCcTH cTemeHell cBOGOAB! abCOMIOTHO TBEPAOTO Teja TPH ABJAIOTCA
NICCTYNaTeNbHBIMH H TPH — BpallaTesbHBIMH.

Cucrema M3 N MaTepuaJIbHbIX TOYEK, MEXKAY KOTODBIMH HET JKECTKHX
cBsizeil, umeet 3N creneneil cBo6ojpl (MoJoXKeHe Kaxaol U3 N Touek

7
2 l,; 0"
@
LAY } s N /
<= < | _——Ojr_-o———o
\\L\ ’/ l,
=~ / '
or |
0[
Puc. 97.3. Puc. 97.4,

Jo/kHO OBITb 3aJaHO TpeMsl KoopAuHaTamu). JIo6asi KecTKas CBf3b,
YCTaHaBJHBAKOIas HEHM3MEHHOe B3aHMHOE paclloJioKeHHe JBYX Touek,
vMeHblilaeT yHcJo cTenmeHeil cBobGoAabl Ha efHHMIy. Tak, HamnpHmep,
€c/d CHcTeMa COCTOMT H3 ABYX MartepHallbHblX TOYeK, paccrosiHile [
MEXLY KOTOPBIMH OCTaeTcsl NOCTOAHHEIM (puc. 97.2), To uHcsIO0 cTeneHei
cB0o6OJIBI CHCTEMBI paBHO HATH. B camoMm Jese, B 3TOM ciyudae Mexay
KOODJAHHATaMH TOYEK HMMeeTcs COOTHOLLEHHe

(a—21)*+ (Yo—11)*+ (25—21)*=12, (97.4)

BCJIICTBHE 4Yero KOOpPJAHHATH He OyNyT He3aBUCHMBIMH: HOCTATOYHO
3aJaTh Jo0ble NATh KOOPJAUHAT, 11ecTasi onpejesuTcs ycaoBHeM (97.4).
YTto6el KmmaccuUIUMPOBAaTh 3TH NATH CTeneHed CBOGOALI, 3aMETHM, YTO
TNOJIOKEHHE CHCTEMBI, COCTOsIIlER H3 JABYX KECTKO CBA3aHHBIX MaTepi-
aJbHBIX TOYEeK, MOMKHO OMpEJeNHTh CJEeRYIOUMM oGpa3oM: 3alaTe TpH
KOODJMHATH! IIeHTpa Macc cucteMbl (puc. 97.3) u nBa yria 3 4 @, KoTo-
PLIMH ompejesisieTcsl HampaB/ieHHe B [IPOCTPaHCTBE OCH CHCTeMH (T. e,
npsAMoOH, mpoxojsulel uepes ofe Toukn)., Otcioga ciefpyeT, 4TO TpH
CTeneHH cBo6oAbl GYLYT NOCTymaTeJbHBIMH M JBe — BpallaTeJbHBIMH,
BpamarenbHrie cTeneHH CBOGOZR COOTBETCTBYIOT BpallleHHSIM BOKPYT
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IBYX B3aMMHO NeprneHAHKYJspHBIX oceil 0'0’ u 0"0", nepneHauKy-
JAApHeIX K ocu cucteMpl OO0 (puc. 97.4). Bpawenue Boxpyr ocu 00
IJs1 MaTepHaJibHBIX TOYEK JIMILIEHO CMBICAa,

Ecnu pgBe MaTepuasbHble TOUKH CBSI3aHBI HE JKECTKOH CBA3BIO,
a ynpyro#t (T.e. Tak, yTo BCAKOE M3MEHEHHe PaBHOBECHOTO paccros-
HHSl ro MEXAY TOYKAMU BJleYeT 3a coboil BOSHHKHOBEHHE CHUJI, CTpeMms-
IMXCH YCTAaHOBHTb MEXJy TOYKaMH [epBOHayajbHOE pacCcTOsHHE),
TO 4MCJAO cTeneHed cBoboapl 6yaeT paBHO IiecTH. [TonoxkeHue cucTeMBI
B 3TOM CJyyae MOXHO ONpeejHTh,
3aJlaB TPH KOOPJMHATHL LieHTpa Macc
(puc. 97.5), noBa yraa 4, ¢ M paccro-
AHMe Mexay Toukamu r. H3menenus
r COOTBETCTBYIOT KOJI€GaHHAM B CH-
cTeMe, BCJIENCTBHE 4Ye€ro 3Ty cTeneHb
cBO6OJbI HAa3bIBAIOT Koaeoba-
TeJabHO#K Hrak, paccMorpenras
cMcTeMa MMEET TPH MOCTyNaTesbHble,
IBe BpalllaTefbHble M OJHY KoJeba-
TENbHYIO CTeNeHb CBOGOZHI.

PaccmoTpuM  cucremy, cocros-
myo u3 N ynpyro cBsi3aHHBIX APYT
¢ JpYroM MaTepHaJbHBIX ToueK. Takas cuctema Hmeer 3N creneHeii
cBoGogpl. CylnecTByer paBHOBecHasl KOH(HTypauHAa ToYeK, OTBeyalo-
Hias MHHHMYMY T[OTeHUHaJbHOHl 3Hepruu cHcrembl. PaBHoBecHas
KOHQHUTYpauHs XapaKTepH3yeTcsl BIOJIHE ONpefeleHHbIMH B3aHMHLIMH
PacCTOSIHUAMH MeXAy TOYKaMH. Ec/H TOUKHM BBIBECTH H3 MOJIOMEHHH,
COOTBETCTBYIOUIMX PaBHOBECHON KOHGHIYpalMH, B cHCTeMe BO3HHKHYT
koneGauus, IlosoxeHHe CUCTEMB! MOXKHO ONpelesHTb, 33aAaB MOJOXKeE-
HHe paBHOBeCHOH KoHdUTypamMH M BeJHYHMHEI, XapaKTepH3ylollHe
CMellleHHsI TOYeK M3 PaBHOBECHLIX MoJioxKeHHH. IlocnenHue BeMYMHBL
COOTBETCTBYIOT KO/1e0aTeNbHBIM CTeNeHs M CBOGOLI.

[Tonoxenne paBHOBecHOil kKOHGHIYpaLlMH, KaK M MoJIOXKeHHe abCo-
JIOTHO TBEPJOrO Teja, ONpefessieTcsi lIecTblo BeJHYHHAMH, KOTOPBHIM
COOTBETCTBYIOT TPH IMOCTYNATeJbHble W TPH BpallaTesbHbie CTENeHH
cBoboabl. Takum o6pa3oM, KOJAMYeCcTBO KoseGaTeqbHLEIX CTemeHel CBo-
Goawl paBHO 3N—6 1),

M3 onbiToB N0 M3MepeHHI0 TEeNMJIOeMKOCTH ra3oB BhITEKAeT, YTO MpPH
onpeleneHUH 4YHUcJa creneHelt cBOGOABI MOJIEKYJE! CJAeAyeT paccMaTpH-
BaTh aTOMbl Kak MaTepHa/bHble Toukd. CieloBaTesIbHO, OLHOATOMHOM
MoJIeKYJle HYKHO MPUMHCLIBATh TPU MOCTYTNaTe/bHLIE CTeNEeHH CBOGOAH!,
IBYXaTOMHOH MOJeKyJe, B 3aBHCHMOCTH OT XapaKTepa CBS3H Mex1y
aToOMaMH, cJefyeT NMPHMIHCEIBATh JU60O TPH MoCTynaTtesbHLIE H JBe Bpa-

Puc. 97.5.

1) Ipeanonaraetcs, YTO PaBHOBECHEIE MOJIOKEHNS TOYEK HE JeXKaT Ha OIHOM Mpa-
Mofi. B npoTHBHOM cllyuae BpallaTe/ILHBIX CTeNeHeii CBOGOAK GY.eT TOIbKO ABe, a KoJc-
6atesnbHbIx 3N —5. C TakHM cayuaeM MBI HMeJH J€J10 NPY PaCCMOTPEHHH CHCTeMkl, CO-
cTosiluedl M3 JABYX TOYEK,
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IaTeJabHble CTeNeHH CBOOOMABI (IPH KecTKOM cBfA3H), MHOO, KPOME 3THX
NATH, ellle OAHY, KoJebGaTeJbHYIO cTemeHb CBOGOAbI (MPH ympyroi
CBfI34), TPEXaTOMHOH MOJIEKYJIe C XeCTKOH CBSI3bI0 — TPHU ITOCTY aTesIb~
Hble M TpH BpallaTeJbHble CTeNleHHW cBOGONBI, M T. A.

3ameTum, 4TO, CKOJMIBKO Obl cTeneHeil cBOGOJLI HH HMEIA MOJIEKYJa,
TPH U3 HHX — noctynaresbHble. [JockoJbKy HH OZHA H3 IOCTYNaTesb-
HBEIX cTeneHell CBOOOABI MOJIEKYJIHl He MMeeT NpeHMYLIeCTBA meper
OCTa/NbHBIMH, Ha KaXAyl0 H3 HHX JOMKHA NPHXOAUTBCA B CpelIHEM
ONHHAKOBasi 3HeprHsd, paBHas ofHOH TpeTH 3HaueHHsa (97.1), T. e.
1,kT.

B KnaccHyecKOH CTaTHCTHYECKOM ¢H3HKe BBIBOAMTCA !) 3 a KO H
paBHoOpacnpepxgeJJeHHU!SH, COIMAcHO KOTOPOMY Ha KaxOyo
cmenens 8060061 MOAEKYAbL NPUXOOUMCA 8 CPEOHEM OOUHAKOBAA KUHeNnU-
veckasn sHepeus, paeran */,kRT.

CorsiacHO 3aKOHY paBHOpacnpejesieHUs! cpefHee 3HaueHHe dHepTHH
OJIHOI MOJNEKynbl <e> OyzneT (npH TOH e Temmeparype) TeM GoJjblue,
yeM CJIOXHee MoJieKyJsa, yeM OoJsbllle y Hee creneHed cBo6oxbl. [Ipu
onpeneseHHH <{€> HYXHO YUecTb, UTO KoJieGaTe/bHaA CTeleHb CBOGOABI
JOo/MKHa 00/1aaTh BABOe GOJIblIEH 3HepreTHYeCKOH eMKOCTBIO MO CpPaB-
HEHHUIO C MOCTynaTesIbHOH WJ/IH BpaulaTe/lbHOH. 3TO 0OBSACHSAETCA TeM,
YTO IOCTYMmaTej]bHOe H BPAlllaTeNbHOE ABHIKEHHE MOJIEKYJBl CBS3aHO
C HaJIHYHeM TOJIbKO KHHETHYeCKOH SHEepPruH, B TO BpeMf KaK KoJseGa-
TeJIbHOE JBH2KEHHE CBS3aHO C HaJHYHEM H KHHETHUECKOH, H MOTEHLH-
aJbHOH SHEPrHH, TMPHUEM JJISi TapPMOHHYECKOTO OCLMJIATOpA CpelHee
3HaueHHe KHHETHUecKOH U MOTeHIHA/JbHOH 3HEpPrHHU OKasblBaeTcs OfH-
HakoBbIM. [loaToMy Ha KaXkAyW KoJeGaTelbHYIO CTeNneHb CBOGOJIM
JOJIKHBEI NPHXOAUTECS B CpPelHeM [Be NOJOBUHKM kT — OZHA B BHAE
KHHETHYEeCKOH 3HeprHH H OJHa B BHJe NOTeHIHaNbHOH.

Takum o6GpasoM, cpeAHAs 3HEprusa MOJEKYJHI JOKHA PaBHATbCA

<e> = kT, (97.5)

rae [ — CyMMa 4YHCJ/Ia IIOCTyNaTe/bHbIX, UHC/IA BpallaTe/IbHbIX H yABO-
€HHOro 4HC/a KoJebGaTesbHBIX cTeneHeil cBOGOJbI MOJNEKY/JIbI:

[= Npoer + Nppawy + 2nxone6- (976)

1A MOJIEKYJI C XKEeCTKOH CBA3BI0 MEXAY aTOMaMH { COBNAAaeT C YHCAOM
cTerneHeil cBOGOAbI MOJIEKYJIBI.

Monekyabl HAealbHOTO ra3a He B3aUMOJEHCTBYIOT MexkAy co6oil.
I103TOMY BHYTPEHHIOIO 3HEPIHIO OJHOIO MOJIAA MIEaJbHOTO ra3a MOXHO
HalTH, YMHOXHB YHCIO ABOrajpo Ha CpEJHIOIO SHEpruio OJHOHX MoJe-
KYJIbL;

Us=Np<e>= s NsiT=LR T (97.7)

1) 370T BHIBOA BHIXOAHMT 3a paMKH Kypca ofmeft Gpu3nKH,
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CpaBHeHHe 3TOr0 BhipaxeHus c (87.6) paer, uro

Cy=1+R. (97.8)
IIpunsie Bo BuHMaHHe dopmyay (87.11), naiizem, uto
C,=52R. (97.9)
CrenoBaTe/bHO,
y=g2=22, (97.10)

Takum 06pa3oM, BEJHYHHA Y ONpejesieTcsl HHCAOM M XapaKTepoM
cTerneHeil cBOOOALI MOJIEKYJHI.

Ta6auna 97.1

Yneno crene-
Heil cBo6oan
Xapakrep
Monexyna CBSI3H MEXAY . i Gy Cp v
aToMaMH e .
e &E| &
el 3|8
gl & 8
= o x
3 5
OxrOaTOMHAs - 3[—|—] 3 5 R 5 R |1,67
5 7
IOpyxatomnas |)Kectkasm 3| 21— 5 - R o3 R |[1,40
7 9
? Ynpyras 3l 211 7 5 R 5 R 1,29
6 8
C umcaom aro- | YKeerkas 3| 3|—1| 6 5 R R 1,33
MOB TPH H
6oJiee

B Ta6bn. 97.1 npuBeneHn 3unauenus C,, 7, NOJNYYEHHblE AJs
pasJHYHBIX MOJIEKYJ No opMynam (97.8), 97 9’3 1 (97.10). B ta6n. 97.2
COMNOCTABJIEHEl Pe3YJbTaThl TEOPHH € 3KCIEPHMEHTANbHBIMH JaHHBIMH.
Teopernueckue 3HaYeHHA MOJYHEHH! (32 HCKJIIOUEHHEM OJHOTO Cayyas,
YKa3aHHOTr'O B IPHMEYaHHH K TabJ/IHIIe) B MPEII0/OKEHHH, YTO MOJIEKYJIb
SIBJISIIOTCS JKECTKMMH; 3KCNEpHUMEHTA/NbHBlE 3HAUEHHA MNOJYUYEHH JIJIsi
TeMnepaTyp, GIH3KHX K KOMHArTHOH.

U3 Taba. 97.2, kasanock 6bl, CIENYET, YTO COTVIaCHE MEXKAY TeOpHel
'R SKCNePHMEHTOM, BO BCAKOM C/yuae JJA OJHO- M JBYXaTOMHBLIX MO-
JIeKyJl, OKasblBaeTcsl BIOJIHE YAOBJeTBOpHUTenbHbiM, OpHako B Jeii-
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Ta6auna 97.2

Cys Cp
Yucno T/ (Mons-K) A/ (moab-K)
aToMoB
Ta3 B MoOJIe-
Kyne

TEOP. 3KcI. TEOp. 3KcI. Teop . 3Kcr.

Tenunit (He) 1 12,5 12,5 {20,8 20,9 | 1,67 1,67
Kucnopox (O,) 2 20,8 20,9 |29,1 28,9 | 1,40 1,40
Okucw yraepona (CO) 2 20,8 21,0 |129,1 29,3 11,40 1,40
ITapu Bozm (H,0) 3 25,0 27,8 133,2 36,2 11,33 1,31
33,2%) 41,5%) 1,25%)

¥) IInn i=28, T.e. B NpelnoJIOXKeHHH, UTO HMeeTCH JIOMOJHHUTENbHO OJHA
KoJ1e6aTe/bHAs CTeNeHb CBOOOJEI.

CTBHTEJIBHOCTH 3T0 He TaK. COI/IacHO PacCMOTPEHHOH HaMH TEOpHH
TEMJIOEMKOCTH 'a30B JOJ/DKHEI GbITh LeJIbIMH, KPaTHbIME R/2, 6O YHC/IO
cTeneHed CcBOGOABL MOIKET
Ly 6biTh TONIBKO wHeJibiM. [loaTo-
P _ My Jaxe MaJsible OTKJIOHEHH
""""" 6] 3/ Cy n C, or 3HaueHHil, Kpar-
/ HBIX R/2, WrpalT NpHHIH-
_ nuajibHylo poab. Kak BuI-
2 2° HO M3 TabaMubl, TaKHe OT-
KJIOHEeHHs!, IpHYeM 3aBefOMO
————— NpeBhIlAOUIHe BO3MOXKHbIE
LIOrPEIIHOCTH  M3MepeHHuii,
/ HMEIOT MeCTO.
s Oco6eHHO pa3HTeNbHEIMH
0 7 CTaHOBATCA  PacXoXIeHHA
Prc. 97.6. MeXJy TeopHeH H 3KcHepH-
MEHTOM, ecJM oOpaTHTbCA
K TeMmnepaTypHO# 3aBHCH-
MocTH TenvioeMKocTdH. Ha puc. 97.6 wusobGpaxeHa KpuBas 3aBHCH-
MOCTH TemJIOeMKocTH KuioMona Cy OT TeMmmepaTyphl, NOJYydeHHas
ONbITHBIM NyTeM AJA BojaopoAa. CorJjacHO TeOPHH TEelmJIOEMKOCTb He
JOJDKHA 3aBHCeTb OT TeMnepartyphl. M3 pHcyHKa BHAHO, 4YTO 3TO OKa-
3LIBAETCA CNpaBe[yINBLIM TOJBKO B Npefesnax OTIENbHLIX TeMnepaTyp-
HHIX HMHTepBa/OB, NpHYeM B Pa3JHYHBIX HHTepBajlax TeMNJIOeMKOCThb
HMEEeT 3HaueHHs, COOTBETCTBYIOUIHE pPAa3JIHYHOMY UHCIY CTeneHeid
cBoGoapl Mosekyanl. Tak, Ha yuactke /—I" Cy pasHa ¥/,R. It0 03-
HayaeT, 4To MoJeKyJ/a BeleT cebs, KaK cHcTeMa, objajaiolas ToJbKo

Nl

Nolen
>

ey
=
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nocTynaTte/NbHBIMU cTeneHsMH cBoGoxwl. Ha yuactke 2—2' Cy paBHa
8/,R. CnenoBaTteNbHO, TPH TeMIlepaTypax, COOTBETCTBYIOIMINX 3TOMY
YUYacTKy, Y MOJIEKYJbl, B JONOJHEHHE K NpPOABJAKLIMMCA npH Gosee
HH3KHX TEMIEparypax TpPeM IOCTYNaTeNbHEIM CTeNneHaM cBOGOALI,
IoGaBasloTCs elle IBe BpamartenbHele. Hakonen, npu JAocTaTouHO
6onbwKX Temnepatrypax Cy Ienaetcsi pas-

HO# 7/,R, 4TO CBHAETEJNbCTBYET O HaJHUHH EBpay Exoned

IpH 3THX TeMIlepaTypax, KpoMme nocryna-
TeIbHOTO H BpalllaTeJNBHOTO [ABHIKEHHH,
elle u KoneGaHui Monekysl. B npoMexyT- T i (gbi, ;We
Kax MeXJy VYKasaHHbBIMH HHTepBaJaMH L aeHn)
TeNJ0EMKOCTb MOHOTOHHO pacTeT ¢ TeMIle- L

patypoi, T. €. COOTBeTCTBYeT KaK Obl He- 4
LeJIOMY TNepeMeHHOMY UHCIY cTeneHel €
CBOOOJbI. +

Takum o6pa3soMm, YHCJIO cTeneHeil CBO- o+
6o1El MOJIEKYJbl, NpOABJsAIONIeeCs B Ten- +
JIOEMKOCTH, 32BHCHT OT Temnepatypsl. Ipu T
HU3KNX TeMIeparypax HaGJiofaercsi TOJb- T
KO TOCTYmaTeJbHOE IBHXKEHHE MOJIEKYJI. T
Ilpu 6osee BHICOKHX TeMnepaTypax HapaaLy T
C TNOCTynaTesNbHHIM JBHXKeHHeM Hab.iona-
eTCsl TaKKe BpalleHne MoJsekya. M, Hako-
Hel, NpH eme 6oaee BLICOKHX TEMIEparty- 8>
pPaX K MNepBbIM ABYM BHAaM ABHKEHHSA JO- (cpedsue memn)
6aBasAIOTCA TakxKe KoJjiebaHHS MOJIEKYJa. - LED(nusnue
Ipu sTOM, Kak cleiyer u3 MOHOTOHHoro ¢ menr)
XOfia KPUBO#l TeNJI0eMKOCTH, BO Bpailaresip- Puc. 97.7.

HOe, a 3aTeM B KoJeGaTesNbHOE JBHXKEHHE

BOBJIEKalOTCA He cpa3y Bce MOJEKYJILl.

CHauaja BpalleHHe, HanpHMep, HauyHHaeT HaGJIORATHCA TOJNBKO Y He-
Gosbwoit moau Mosexkys. C noBbILEHHEM TeMIepaTyphl 3Ta JRoJs pac-
TeT, U B KOHEYHOM HTOre NpH AOCTHIKEHHU OnpejeNeHHOH TeMnepaTyphl
BO BpalaTe/ibHOe ABHXKeHHe GYINyT BOBJIEYEeHHl MPAKTHUECKH BCe MOJe-
KYJbl. AHaJIOTHYHBIN NPOLECC UMEET MECTO H AJIS KoJ1eGaTesIbHOrO ABH-
JHEHHsA MOJIEKYI.

O6bsicHeHHe TAaKOro NOBeAeHUs TeIJOEMKOCTH JaeTcs KBaHTOBOI
MexaHHKoH. Kak ycraHaBiuBaer KBaHTOBasi TeOpHf, 3HEPrHA Bpaila-
TEJBHOTO H KOMeGaTeJbHOrO0 JABHXKEHHH MOJIEKYJ OKasblBaeTcsl KBaH-
TOBaHHOH. DT0O O3HayaeT, YTO SHEPTrUs BpallieHHA W SHEPrus KoJjeGaHus
MOJIEKYJIBI MOTYT MMETb He JIIOOble 3HaYeHHs, a TOJbLKO AHCKPETHLIe
(1. e. OTZeNbHBlE, OTJIHYAIOILIHECS APYT OT Apyra Ha KOHEUHYIO BeJsH-
uuHy) 3HaueHus. CnenoBarenbHO, SHEPTHA, CBA3aHHAA ¢ 3THMM BHIaMH
OBUIKEHNsI, MOXET MEHATbCH TOJbKO CKauyKaMH.

HHTepBannl Mexay OTHENbHBIMH AONYCKaeMBIMH 3HaYeHHSMH 3Hep-
fUH (MJIH, KaK NPHHATO TOBOPHTb, MEXAY YPOBHSIMH 3HEPrHH) AJs
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Kone6aHHsi NpUMEpHO Ha Mopsiiok GoJblile, yeM I/ BpalleHHs. Ympo-
IeHHast cXeMa !) BpauateJbHBIX M KoJeGaTelbHHIX YpOBHeH IBYX-
aToMHOH MoJIeKyJHl JAaHa Ha pHc. 97.7.

B § 94 6but0 oTMeYeHO, YTO CKOPOCTH MOJIEKYJ T'PYMIHPYIOTCA B
OCHOBHOM BGJ/IM3H HeKOTOporo HauGosee BeposiTHoro 3HaueHHsi. CoorT-
BETCTBEHHO IOJABJSAIOLLAs YacTb MoOJieKys ob/ajaeT sHeprusMH, 6/ns-
KHMH K CpPeJHEMY 3HaueHHIO0 <{g), H JHLIb Manas J0/s MOJIEKYJ] HMEeT
SHepruM, 3HaYUTeNBHO MpeBHIatomHe <e>. [TosToMy, A1 TOrO YTOOHI
3aMeTHas JOJIA MOJIeKYJ OKa3asnach BOBJIEYEHHOH BO BpaliaTejbHOe
HJIH KoseGaTeJbHOe IBHXEHHe, HX CpelHsAsl 3HeprHs HOMXKHa OhITb
JOCTATOYHO BeJIHKAa IO CPABHEHHIO C PacCTOSTHHEM MeEXAY J03BOJeH-
HBIMH YPOBHSIMH COOTBETCTBYIOLIEH 3HEPrHH.

BosbMeM CTOJIb HH3KYIO TeMnepaTrypy, YTO CPeJHsAs 3HepPTHs MoJe-
KyJabl <€) 3HaYHTENbHO MeEHblle MNepBOro MJO3BOJEHHOTO 3HaYyeHHs
SHEprHU BpAlATENBLHOrO ABHIKEHHA (CM. HHXKHIOIO NYHKTHPHYIO Nps-
Myt Ha puc. 97.7). Toraa Juiub He3HAYHTENbHAsA YacTb BCeX MOJEKYN
BOBJIEKaeTcs BO BpalaTe/NbHOe ABHXKeHHe, TaK YTO NMPAaKTHYECKH MoJe-
KyJbl rasa GyIyT JABHMraThCsi TOMBKO nocTynarenpHo. HeGosbline
H3MEHEeHHs TeMnepaTyphl OYAyT NpPHBOAMTb K H3MEHEHHAM TOJBKO
SHEPTHH MOCTYMATEJNbHOTO JBHIKEHMS, B COOTBETCTBHH C 4YeM TemnJo-
€MKOCTb Ir'a3a OKasblBaeTcsl paBHOMH 2/,R (cM. yuactok [—I' Ha KpHBOHi,
usobpaxkeHHodl Ha pHc. 97.6).

[loBblleHHe TeMmmepaTyphl CONpPOBOMJAETCS BO3pacTaHHeM <&),
BCJIeICTBHe Yero Bce 60JblIasi 4acTb MOJEKYJ BOBJEKaeTCsl BO Bpaula-
TeJIbHOE JBHIKeHHe. DTOMY IpolLeccy COOTBETCTBYeT YHaCTOK KpHBOH
1'—2 Ha puc. 97.6.

[Tocste Toro Kak Bce MoJIeKyJbl 6YAyT BOBJIEYeHEl BO BpallaTe/bHOe
JBHIKEHHe, HauHeTCs FOPH3OHTaMbHEI yuacTok 2—2° [Ipu Temnepa-
Typax, COOTBETCTBYIOMIMX STOMY YYacCTKY, <€) ellle 3HaYHTeJIbHO MeHbllle,
yeM pacCTOsIHHE MEXIY J03BOJIeHHBIMH YDOBHSIMH KoJeGaTesbHON
3HEpPrHH, BCJEACTBHE Yero KoJeGaHHS MOJEKYJ1 NpaKTHUecKH OyayT
oTcyTcTBoBaTh. [IpH masbHelilleM noBLHILIEHHH TEMIIepaTyPH MOJIEKYJIbl
HayHyT BO Bce GonbllleM KOJHYECTBE BOBJIEKAThCA B KoJieGaTesbHoe
IBHXKEHHe, YeMy COOTBETCTBYET IEPEXOIHBIN YyacToK 2'—3 Ha KpHBOH
TemjoeMKocTH. HakoHel, mpu jmocTaTouHO BEICOKO#l TeMmepaType Bce
MOJIEKYJIbI OKaX{yTcsi BOBJICYEHHHIMHM B KojefaTe/lbHOe JBHXKeEHHe,
B CBA3H € YeM TeNmJOEMKOCTb CTaHeT paBHOH 7/,R.

Takum o6pasoM, KJjaccHuecKasi TEOpHA TeEIJIOEMKOCTH IpHGJIH-
3UTEJNbHO BEepHAa JIHUIb J151 OTAENbHBIX TEeMIepaTVDHBIX WHTEeDPRANOR,
NpHYeM KaXAOMY HHTEpBally COOTBETCTBYeT CBOE YHCJAQ CTerneHeH
CBOGOALI MOJIEKYJIBI.

1) B rneficTBATENIbHOCTH PAaCCTOSHHA MeXAy BpamaTe/bHLIMH YDOBHAMH HeoAd-
HaKoBH, OJHAKO 5TO HeCyMeCTBeHHO 1 PACCMATPHBAEMOro BOMPOCA,
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§ 98. PacnpepenenHe MakcBeana

Ina BeiicHeHHs cmoco6a, KOTOPHIM MOMKHO KOJNHYECTBEHHO OIH-
caTb pacnpefe/eHHe MOJMEeKyJ NO 3HAYeHHAM CKOPOCTH, BOCINOJb3Y.
eMcs cJeayIolHM npHeMoM. BosbmeM B BOOGpaXkaeMoM NpOCTPAHCTBe,
KOTOpoe Mbl 6yzneM Ha3biBaTh U-NIPOCTPAHCTBOM (IPOCTPAHCTBOM CKo-
pocTeil), NpsIMOYTOJIbHEIE KOOPAHHAT-
Hble OCHM, MO KOTODHIM cTaHeM OT-
KJIaJbIBaTh 3HAYEHHS Uy, Uy H U, OT-
JeJBHBIX MOJIEKYA (MMeroTcsl B BUAY
KOMIIOHEHThI CKOPOCTH M0 OCAM X, Y
H 2, B3ATBIM B OOBIYHOM NPOCTPaHCT-
Be). Torpa ckopocTH Kaxa0H MoJeKy-
sl GyZeT COOTBETCTBOBATh TOYKAa B
3ToM mpocTtpaHcTBe. M3-3a crosnkHo-
BEHHH NOJIOXKEHHsI ToueK OyayT He-
NpepblBHO MeHATbCA, HO HX IJIOT-
HOCTb B KaXJOM MecTe 6yJeT ocTa-
BaTbCSl HEH3MEHHOH (HamoMHHM, 4TO

paccMaTpHBaeTCA PaBHOBECHOE CO- o
CTOsIHHE rasa). Puc. 98.1
Beneacrehe PaBHONPAaBHOCTH CIEE

BCEX HampaBJIeHHH JBHIKEHHA pac-
TMOJIOXKEHHE TOYEK OTHOCHTEJIbHO Hauasna KoopAuHaT 6yjer chepHuecKH
cumMMeTpHyHbiM. CliefoBaTesbHO, IVIOTHOCTH TOYEK B U-MPOCTPAHCTBE
MOJKeT 3aBHCETb TOJBKO OT MOLYJA CKOPOCTH v (MJH OT v?)., OGo3HauuM
3Ty njoTHoctb 4epe3 Nf(v) (N — nosiHoe 4HC/IO0 MOJIEKYJ] B JaHHOM
Mmacce rasa). TorAa KOJHYECTBO MOJIEKYJ, KOMIOHEHTH CKOpocTel
KOTOPBHIX JIeXaT B mpefenax oT vy J0 Ux+dvus, OT Uy B0 Uy~+du, 1 0T,
20 v,~+du,, MOXHO NpPEeJCTaBHTb B BHJE
dN,,, o 0, = Nf (v)dv,dv, dv, (98.1)
(nponsBenenne dv, dv, dv, naeT sjJeMeHT o6beMa B U-NPOCTPAHCTBE).
Toukn, u3o6pazkaroliye CKOPOCTH, BeJHUHHA KOTOPHIX 3aKJlo4YeHa
B npejenax or v Ao v+4dv, nomamaior B 06JAaCThb, JEXAL[YI0 MEXIY
ctpepamMu paauycoB v H v+dv (puc. 98.1). O6bem obnacTu paseH 4nv? du.
CaefoBaTesIbHO, YHCJO TOYEK, HaXOJAIUHMXCA B 3TOM 06sacTH, ompeje-
JISIeTCA BBIpAXKEeHHEM

dN, = Nf (v) 4o do. (98.2)

D10 BHIpaXKeHHe JaeT YHC/IO MOJIEeKYJ, BeJHYHHA CKOpPOCTel KOTOPHIX
JEXHT B HHTepBaJe OT v A0 v+-dv. PasgenuB ero Ha N, moayunum Be-
POATHOCTb dP, TOTO, UTO CKOPOCTb MOJIEKYJIBI OKaKeICA B mpejenax
oT v Jo v-+dv:

dP, = f (v) 4n0? dv. (98.3)
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U3 cpaBHeHus artoro BblpaxkeHHs c (93.6) 3akmiodaeM, 4TO
F (v)=f (v) 4nv? (98.4)

HrpaeT po/b (OYHKLHUH pacnpefesieHUss MOJIEKYJ rasa 1o CKOPOCTSM.
Bup ¢yukuuu (98.4) ObT ycTaHOBJIEH TeopeTHUecKH MakceessioM
B 1860 r. B u3noxeHHOM HHMKe BBIBOZE 3aKOHA pacnpenesieHHsT MOJMeKy
rasa mo CKOpOCTAM MBI NPHUMepHO ciaenyeM Makcsesy.
CoraacHo dopmyne (93.6) BeposATHOCTb TOrO, YTO KOMIIOHEHTa CKO-
POCTH U, HEKOTODOil MOJIEKy/bl HMeeT 3HaueHHe B Mpefeaax OT Uy
J0 Ux+dv,, MOXeT ObITb NpeJCTaBJeHa B BHJE

dP.,x= ¢ (vy) doy, (98.5)

rae ¢ (vy) — dbyHKuus pacnpefeneHusi. AHaJjoOrHYHbIE BEPOSTHOCTH
IS ABYX JAPYTHX KOMIIOHEHT ONpeje/isiioTCs BhIpaXKeHHSAMHU

dP v, =@ (v,) dv, (98.6)
dP,, = (v,) dv,. (98.7)

B cusy paBHONpPaBHOCTH BCceX HampaBJeHHH ABHXKEHHUA aHAJHUTHUECKHIH
BUL GyHKUMA ¢ (vx), ¢ (v,) U @ (v,) ROKeH GhITb ONMHAKOB, 5TH (PyHK-
UMY OTJIHYAIOTCA JHIIb 0003HAa4YeHHEM apryMeHTa.

MakcBean npeanosoMH, YTO BEPOSITHOCTb Pa3qHYHBIX 3HAUeHHH
OJHOM M3 KOMITOHEHT, HalpHUMep U,, He 3aBHCHT OT TOrO0, KaKoBa BeJIH-
YHHA OCTa/IbHBIX JABYX KOMMOHEHT (B AaHHOM cJyyae v, H v,)?). 210
O3HayaeT, 4TO COOBITHf, 3aKJ/OYAOU[HeCss B TOM, YTO U, HEKOTOpOil
MOJIEKYJIBl HAXOAHTCA B MpPeAenax OT U, IO Ur+duy, U, TOMl Ke MoJe-
KyJ/abl — B Npejenax or vy, 1o v,~+dv, H, HakoHell, U, TOH Xe MoJe-
KyJbl — B @penenax oT v, A0 v,+dv,, ABIAIOTCA CTATHCTHYECKH
He3aBUCHMBIMH. I103TOMY BEpPOSATHOCTb TOTO, YTO KOMIIOHEHTBI CKOPOCTH
HEKOTOPOM MOJIEKYJ/Bl HMMEIOT 3HauyeHHs, JexallHe B rpejenax oT
Uxy Uy, U, 10 Ugtduy, vy-|-duy, v, | dv,, paBHA NPOHIBEACIIHIO BCPOAT-
Hocrefi (98.5), (98.6) u (98.7):

dpP, , o, 0, =@ (vx) @ (v,) @ (v,) dv, dv, dv, (98.8)

x

(cM. dopmyny (93.4)). Bmecre ¢ Tem, cornacho (98.1), 3Ta BepoATHOCTH
MOXeT GbiTb MpeicTaB/eHa B BHJE

dPo, o, 0= f (v) dv, dv, dv,. (98.9)
CpaBnenue BoipaxeHuit (98.8) u (98.9) nmaer, uto
f@=9¢@)e @) @,). (98.10)

B3aB JorapudM or obenx uyactefi 3TOrO0 paBeHCTBa, MOMYYHM:
Inf(@)=Ing (@, +Ine(v,)+I1ng (v).

1) 310 npeanoJoxeHHe MOXKET OLITH CTPOro JIOKA3aHO, OAHAKO JOKA3aTe/NLCTBO BEI-
XOJHT 8a paMKH Hauwero Kypca,
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IMpomiddepenutpyer nosydyeHHOe COOTHOLICHHE MO Uyl
f (U)iv___qywx) 98.11
) 05 9w (8.1
IMockonbky v=Vv',i+v';’,+v§, yacTHasd MPOH3BOAHAA OT U IO
v, paBHa

dv Uy

el

X

%x Viiqdte: ©
INoncraBuB 310 3HaueHHe npou3BofHoi#t B (98.11) M nepeHecs 3ateMm

U, M3 YHC/IHTeS JIeBOR YacTH B 3HaMeHaTesb IpaBoM, MpHIEM K pa-
BEHCTBY

fv) v @y ve’
IlpaBas 9acTh 3TOro paBeHCTBa, a 3HAYHT H JieBas 4acTb, He 3aBHCHUT
OT mepeMeHHLIX v, H U,. CilenoBaTenbHO, OHa He MOMET 3aBHCeTb H
OT Uy (Ux, Uy H U, BXOAAT B f (v) cuMMeTpH4HO; cM. (98.10)). Takum obpa-
30M, KamJoe U3 BRIpaXKeHHH, CTOALMX cjieBa U cnpaBa B (98.12), paBHo
HEKOTOpOM KOHCTaHTe, KOTOPYH Mbl 0603HauMM, uyepe3 —o (Bmocnej-
cmrﬁ{ BBISICHHTCSl, YTO 3Ta KOHCTAHTa MeHblle Hynd, T. e. a=(),
TaK,

1 CP’ (vx) 1 (9812)

q;;—((—li’;)?l;=—a HJIH q;((;’:)) — oY,
HuTerpupoBaHue JaeT, uTO
Ing @) =—2% +1n4,
rie A — KoHcTaHTa. OTCioga
9 () = Aexp(— k). (98.13)

AHaloruuHo
@ (v,)=Aexp (—%), ¢ (v,) = Aexp( au’) .

IlepemHOXUB HaleHHble (PYHKUHH, HafigeMm, 4TO
2 2 v2
f (v) = A% exp (—°‘("+—”21+‘)> Aaexp( ) (98.14)

U3 Buaa ¢yukuuit (98.13) u (98.14) caenyer, 4TO NocTosHHAs o
JOJIXKHA ObITb Gosiblile HysA. Ecau 6bl OHa Gbl1a OTPHLATEBHOH, 3TH
(GYyHKIHMH HeorpaHHYeHHO Bo3pacTajnu Gbl NPH YyBeJHYEHHH U.

[Nocrosinnas A onpenensieTcs H3 ycoBuss HopMHpoBKH (93.7).
CorslacHoO 3TOMY YCJIOBHIO

A j‘exp< “v">dv,,=l. (98.15)
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B § 94 orMeuanoch, YTO 3HaUeHHs1 U (2 3HAUHT U Uy) He MOT'YT IPEBLICHTD
HEKOTOpOe, XOTsl M OueHb GOJbllIoe, HO KOHeuHOe 3HayeHHe Up,,. Bme-
CTe C TeM, B KauecTBe NpPeJeJOB HHTErDHPOBAHMSI MBI B3SIIH —oo H
+o0o0. Takoe pacliHpeHHe NMpeAeJioB HHTETPHPOBaHHS He BHOCHT OLLY-
THMOlH owHOKY. [lombiHTerpasbHas (yHKUMS YObIBaeT C POCTOM Uy
cToNb GBICTPO, YTO NPH JOCTATOYHO GOJBIIMX U, OHA NpPaKTHYECKH
He OT/HYaercsi OT HyJs. [loaToMy BKJai y4yacTKOB MHTeIpHPOBaHHS
OT Upax 4O 00 H OT —Up,y RO —O0O SIBJSETCA NPEHeGPEKHMO MaJIbiM.

Hnrerpan B (98.15) mpencraBasier coGoit HHTerpan IlyaccoHa ¢
Bp=a/2 (cm. Ilpunoxenue 1, ¢opmyny (I.1)). Coramacho (I1.3)

+ ®

{ exp (—O%?‘)dvx= VE=vVZ. (98.16)

-0

IMoacrasuB 310 3Hauenne B (98.15), moayuum, utro AV 2n/a=1.

Orclona
A=V a/2x. (98.17)

TMoncraHnoBka HalineHHoro 3naveHus A B (98.13) u (98.14) npuBoAUT

K ¢opMyJaam o
¢ w) = exp (_ s ) (98.18)
f(v) = (—;E)a/zexp (—3‘%2) (98.19)

Uto6bl HaUTH HOCTOSHHYIO o, BBIUHCAMM C TOMOIBIO GYHKIHH
(98.18) 3nauenue <vi> U NpHpaBHseM NOJYyYeHHOe BhipaxieHHe HalaeH-
HOMY M3 BHIYHMCJIEHHS JaBieHHs 3HaueHHI0 kT/m (em. (97.3)). B coot-
perctBuM ¢ (93.11)

+ o + oo
—_ 2
Upd> = ‘S\ v (v,) dv, = % S exp (— aé" ) v3dv,. (98.20)

CoryacHo ¢opmyae (I.4)

+ o
o
fem (=% )oY o=V & (9821)

3amenun B (98.20) unterpan ero suauenuem (98.21), waiinem, urto
=V a/2n-V 2n/ad = 1/a.

Conocrasnenne ¢ (97.3) naer
a=m/kT, (98.22)

IloacranoBka storo sHaueHus B Qopmydasl (98.18) u (98.19) npusoauTt

avs
2
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K OKOHYAaTeJbHBLIM BBIpaXKEHHAM /1 (yHKUMI pacrnpeneseHus:

0 0)=(zar) " exp (— o), (98.23)
F O =(5m7)" exp (— 557)- (98.24)

Hanomuum, uyto ¢yukuus (98.24), OGyayuH yMHOMeHHOH Ha N,
onpezeqafeT MJIOTHOCTb TOYeK, H300paXKalOLIUX CKOPOCTH MOJEKYJ
B U-MPOCTPAHCTBE. YMHOXHB 3Ty (PYHKLHIO Ha du, dv, du,, MEl HaiileM
BepOATHOCTb dPy,, vy, v, TOFO, YTO KOMIIOHEHTHI CKODOCTH JIEXAT B Mpe-
Aenax OT Uy, Uy, U, 10 Uxtduy, v},—l—dvy, v,+dv,. lIpu sToM He TONABKO
BeJIHYHHA CKOPOCTH, HO U ee HarpaBJeHHe BapbHPYIOTCH JHIUb B He-
GoJIbIIMX Tpejenax, onpeiensemsix duy, du, M dv,. Ecan Hac uHTepe-
CYeT BEpPOSITHOCTh TOJNBKO BEeJHYHHBI CKOPOCTH, He3aBUCHMO OT Ha-
[IpaB/IeHUsl ABHKEHUA MOJIEKYJEl, T. €. dP,, TO HYXHO B3ATb QYHKIHIO

iy
) 10

451

g %
Puc. 98.2, Pnc. 98.3.

pacnpefenenus B Buae (98.4). YMHoxeHnue sTofi ¢yHKUMHM Ha dv paer
BEpPOSITHOCTb TOT'O, YTO MOAYJb CKOPOCTH HEKOTOPOH MOJIEKYJbl OKa-
KeTcs (MpH NPOM3BOJIBHOM HaNpaBJieHHWH ABHXKEHHS) B Ipejenax OT U
o v+dv.

Corgnacto (98.4) u (98.24)

F(v)= (%)3” exp (— ;”—k”;-) don, (98.25)

XapakTepHBIM MJIA 5ToH GYHKUMM SBASAETCA TO OGCTOATENBCTBO, YTO
B OKa3aTese SKCIOHEHTR CTOHT B3SITOE CO 3HAKOM MHHYC OTHOLUEHHe
KUHETHUECKOH 3HeprHH MOJIeKyJsbl, OTBeYallel paccMaTpHBaeMoii
CKOpOCTH v, K kT, T. e, BeIMUHHE, XapaKTePH3YIOWEH CPeIHIO 3Hep-
THI0 MOJIEKYJ rasa.

I'padux dyuknnu (98.23) nsobpaxken Ha puc. 98.2. On coBnagaer
¢ rayccoBofl KpHBOH pacnpelesieHHs CJAYydalHOH BeJIHYHHH.

Ipadux byukuun (98.25) nau Ha puc. 98.3. I[TockonbKy npH Bospac-
TaHHH U MHOMKHTE/b BHAA e~ %" yGhiBaeT GhicTpee, YeM pPacTeT MHOXHU-
TeNb V%, PYHKUHA, HAUMHAAChL B HyJe (13-3a %), JOCTHIaeT MaKCHMyMa

A



316 I'Jl. XI. CTATUCTUYECKAS ®H3HUKA

H 3aTeM acHMITOTHYECKH CTPeMMTCS K HyJwo. [lmouans, oxBaThiBaeMasi
KpHBOH, paBHa emuHuue (cp. c¢ (93.7)).

Haiizem cpelHIO CKOPOCTh MOJIEKYJ <U)> (UMeeTcsl B BHAY CPEAHsAA
apugmernueckass ckopoctb). Ilo ananorun ¢ (93.9) umeem:

v =50F (v)dv= (%) *® 4n Sexp (——%) v* dv.

IMepexoa x nepeMeHHOH §=0v? U HHTErpHPOBAHHE MO YaCTAM NPHBOAAT
K C/JeAYIOleMy pesyJibTaTy:

<vy =V 8kT/nm. (98.26)
Corunacho (93.11)

<v2>=szF @ do=(gr)" 4 OS exp (— g5 ) v do. (98.27)

B cootserctBuu ¢ dopmyJiof (1.6)

¢ my? ‘d—il/ 3 [omkT\5/2
€xp ("‘ kT ) V=% V wzrTy i\ m .
0

IoacraBuB 3To 3HaueHHe HMHTerpada B (98.27), noayunm s <o%)
yxe Hu3BecTHoe Ham 3HauenHe 3kT/m(cMm. (97.2)). B stom Her Huuero
VAHMBHTEJBHOrO, TAK KaK NPH HaXOXKAEHHH 3HayeHus o B (98.18) mul
HeXomuan M3 coothowenusa (97.3), T. e. IO CYIeCTBY M3 COOTHO-
wennsa (97.2).

)
F
Arw) r,)
[
T Ik
(my>7iz)
Y/,
(/7272)
1/ Voep” <UD “Uppa D Y74 L4 ;
Puc. 98.4. Pnc. 98.5.

Kopenub kBajpaTHHf U3 (v?> HasbBaeTcsi CpefiHe# KBaj-
PaTHYHOH CKOPOCTHI:

Uep. un =V 02> =V 3kT/m. (98.28)

CkopocTb, oTBeqaollas MakcuMyMy F (v), 6yaer HauGosee BeposT-
Hoil. B3aaB npousBoanylo oT Bhipaxkehus (98.25) no v, onycTHB 10CTO-
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AHHble MHOXHTSAN H NPHPaBHAB MOJYYHBILEecsl BBIPaXKEHHE HYJIIO,
npupeM K ypaBHEHIO

exp (——m/%) (2 _%) v=0.

Y I0OBNETBOPAOLIHE 3TOMY YpaBHeHHIO 3HaueHHss v=0 H v=00 COOT-
BeTCTBYIOT MHHuMYyMaM F (v). 3HaueHHe v, ofpauiamoliee B HYJab BbIpa-
»KeHle, crosulee B ckobkax, MpeicTaBiseT co60H HCKoMyr HauGoJee
BEPOATHYIO CKOPOCTb Upep!

Upep =V 2kT /m. (98.29)
ConocraBnenye BblpameHuit (98.29), (98.26) u (98.28) maer, utO

Upepi<0>iUcp wo =V 2:V 8/m:V 3=1:1,13:1,22,
Puc. 98.4 uatiocTpHpyeT 3TO COOTHOLIEHHE.

[Toacranus Beipaxenue (98.29) B ¢opmyny (98.25), HafizeM MaKcH-
Ma/JbHoe 3HaueHde GyHKuuu F(v):

F (Vnep) = (4/€) V m/20 kT ~V m/T. (98.30)

M3 dopmya (98.29) u (98.30) crepyer, uTO MpHU YBeJHUEHHH TeMne-
parypbl (MJH YMeHbIIEHHH MacChl MOJIEKYJ/Ibl) MaKCHMYM KPHBOH cMe-
aeTCcsl BMPaBO U CTAHOBHTCS HHIKe, MPHUEM, KaK Mbl 3HaeM, MJIOLIAfb,
oXBaTkiBaeMast KpHBOH, ocTaeTcss HeusMeHHo#. Ha puc. 98.5 conocras-
JieHbl IBe KpHBble pacnpeiesieHHs, KOTOpPHE MOXHO TPAKTOBaThb JIHGO
KaK OTHOCsllMecs K Das/HYHHIM Temneparypam Ty u T, (npH oauHa-
KOBOH m), U060 KaK OTHOCAIIHECS K Pa3/HYHBIM MaccaM MOJIeKYJ mj
" m, (npu onuHakoBoit T).

OTHOCHTE/NIbHOE KOJIHYECTBO MOJIEKYJI, CKOPOCTb KOTOPBIX MpPEBhI-
1IaeT HEKOTOpPOE 3HAaYeHHE U, onpelensiercs BbIpaxkeHHEM

{ F(0) do.

Uy
Ha rpaduxe 3ToMy HHTErpanqy COOTBETCTBYeT JiexKallas CpaBa OT U,
yacTb IIOWIaAH, OTPAaHHYEHHOH KpuBol. M3 puc. 98.5 BuAHO, uTO
OTHOCHTE1bHOE KOJIMYECTBO Ta6nnu wa 98.1
MOJIEKY/1, HMMEILNX CKOpo- :

CTH, NIPEBLILIALIHE Ug, CHJIb-
HO pacTeT C MOBLILEHHEM U/%ep | AN/N, %] U/%mep |AN/N, %
TeMneparyphl.

B Ta6a. 98.1 nmpuBeneHH
BLIYHC/IEHHBIE C  [IOMOLLBIO 0—0,5 8,1 2—3 4,6
$yukuun (98.25) oTHocH- ?:g:é's Zg:g 28 83
TeJbHble KOJNHMYECTBa MoJie-

Kyn AN/N ans pasiuuHbIX
HHTEPBaJOB cKopocTell. M3 Tabnuuel cieayer, uroy 70% Bcex MoseKyn
CKOPOCTb OT/IHHAETCH OT HauGoJsiee BepoATHOH He Gosblue yem Ha 50%.
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Cxopoctblo, 6osiee ueM B 3 pasa NpEBHILAIMEA Uy, o6Janaer B
cpeneM TosbKo 0,04 % Mosekys. CKOPOCTH e, INPEBLILAIOIHE & Upep,
HabJIoAI0TCA B CPefiHeM JHIIb Yy oAHOH H3 12 MHJIMapAOB MOJeKyJ.

ITponsBesieM OLIGHKY cpefHeH CKOPOCTH MOJIEKYJa Kucaopoxa. B
yHcaeHHs1 ynoGHee NPOH3BOAMTH, 3aMeHHB B (98.26) orHolleHHe k/m
paBHEIM emy orHolleHHeM R/M. Torna BbipaxkeHHe Jisi CpeRHeEH CKO-
POCTH TpHMET BHJA

)=V 8RT/aM. (98.31)

MonexkynapHas Macca Kucmopoaa paBHa 32. CiejnoBaresnbHO, Macca
Monst M=32-10~% kr/mMosb. KoMHaTHas TeMnepaTypa paBHa NMpHMepHO
300 K. IToxncraBus B ¢opmyny (98.31) uucioBble 3HaueHUs] BXOAAIIMX
B Hee BEJIHYHH, NOJYYHM

8-8,31-300

- ~ 500 M/c.

W=V 315.3310-

Takum o6pa3oM, Kaxjas MoJeKyJa KHCIOPOAa NPOXOJHT 3a CEKYHIY
nyTh, paBHHI B cpendeM 0,5 kM. [TocKoabKy MoJieKyJa mpeTepneBaeT
oyeHb YacThle COYAApeHUst C APYTHMH MOJIEKYJaMH, 3TOT NYTb COCTOHT
13 GOJIBILIOTO YHCA2 KOPOTKHUX NPAMOJHHEHHBIX OTPE3KOB, 06Pasyouux
JIOMaHYIO JIHHHIO.

Mouiekysisl BOZOpPOAA HMeIOT Maccy, B 16 pa3 MeHbIyio, ueM MoJe-
KyJIbl KHCJIOPOA@, BCeACTBHE YEro HX CKOPOCTh NPH TOH e TeMmepaTtype
6yner B 4 pasa GoJbllle H COCTABHT NPH KOMHaTHOH TeMIepaType B
cpemHeM NOYTH 2 KMm/c.

Ecnu uMeeTcs cMech rasoB, HaxoAslasica B paBHOBECHH, TO B Ipe-
JlelaX MOJIEKYJT KaXKIOro copTa MMmeeT MecTo pacnpeneneHue (98.25)
CO CBOMM 3HaueHHeM m. DoJsee TsKesEle MOJEKYNbl GYAYT ABHIaThCA
B CpellHeM C MeHbIleH CKOpOCTbiO, ueM OoJiee Jierkue.

Mcxonsn uz pacmpefenelnss MOJIEKYJ MO CKOPOCTSIM

3/2 2
dN,=N (27%) exp (——;’;T) 4 do, (98.32)
MOXHO HaHTH pacnpefesieHHe MOJIeKyJ NO 3HauyeHUsAM KHHETHUeCKON
SHEPTMH MOCTYNATeJbHOTO JABHXKeHHA (0Go3HauuM ee GykBoH ). Jlas
3TOTO HYXKHO TepeiiTH OT NepeMeHHOH U K mepeMeHHOH €, paBHOH muv?/2.
ITpouseeass B (98.32) noacraHoBky v= (2e/m)'/s u dv= (2me)~'/:de,
noJavanM

2 €

dNeg=N{ —— ) (kT)-%%exp [ ——

¢ | 4514 ( ) P ET

rae dN, 03HayaeT YUC/IO MOJIEKY T, KHHETHUECKast SHEPTHSA MOCTynaTenb-

HOro ABHXKEHHMS KOTODHIX MMeeT 3HaueHH$, 3aK/IOYeHHHIE B Ipeiejaax
oT & JO et+de.

) Vede,  (98.33)
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Takum oOpasoM, pacnpefieleHHe MOJEKYJ 1O 3HAYEHHAM e Xapak-
Tepusyerca ¢yHKUHEH

f(e)= Aexp (_kir-) Ve, (98.34)

rae A — HOPMHPOBOUHHIH MHOXuTenb, paBHmit (2[)/ n) (KT)-4.

§ 99. 3KcnepHMeHTANbHAs NPOBepPKa
3akoHa pacnpeaeneHds Maxcseana

ITepBoe 3KcnepHMEHTaNIbHOE ONpeseeHHe CKopocTell MOsIeKyJ1 GblIO
ocymectsneno Illreprom B 1920 r. I1pu6op, Hcnonb3oBaHHBIA AJ15 3TOH
LeJH, COCTOAN M3 ABYX KOAaKCHa/JbHEIX LHJIHH-
apos (puc. 99.1). Ilo ocn npuGopa Gwuia HaTA-
HyTa IJIaATHHOBas HHTh, NOKpHITasg cepeGpoM.
[Ipu HarpeBaHHH HHUTH 3JIEKTPHYECKMM TOKOM C
€e NoBEepXHOCTH HcrnapsaJHch aToMbl cepebpa. CKo-
POCTH HCHapHBLIHXCS aTOMOB COOTBETCTBOBAMH
Temneparype HUTH. [IOKMHYB HHTb, aTOMBI ABH-
rajJucb [0 pajMalbHBEIM HanpaB/lIeHHUsM. BHyT-
PEHHMH UMJIHHIP HMeJ Y3KYI0 IPOJOJbHYIO
lle/b, YEpe3 KOTOPYI TNPOXOAMJ HapyXy ya-
KHil [yYOK aToMOB (MOJIEKYJISIPHBI MYYOK).
Yto6el aTOMEI cepefpa He OTK/IOHAJMCH 3a CueT
COy/lapeHHil ¢ MoOJeKyJaMH Bo3lyXa, Becb NpH-
Gop Gel1 3BaKyHpoBaH. JloCTHIHYB nMOBEpXHOCTH
BHEIIHEr0 LHJHHIApA, aToMBl cepefpa oOcerasH

%

Ha Hel, obpa3ys cjoH B BHIe y3KOH BepTH- 5
KaJbHOH TNOJIOCKH.

Ecau npuBecTH Bech npuGOp BO BpalleHHe,
c/ell, OCTaB/fieMBIH MOJIEKYJ/ISIPHBIM ITy4KOM, Punc. 99.1,

CMECTHTCA 1O MOBEPXHOCTH BHELIHEro LHJIMH-
Ipa Ha HekoTopylo BenuuuHy As (cM. puc. 99.1). Dto mpousoiizer
MOTOMY, YTO 3a BpPeMs, NMOKa aToMbl cepe6pa MpOJIETAIOT 3a30D MEXAY
LHJIHHAPAMH, NpHGOp ycreBaeT NOBEPHYTbCA Ha HEKOTOPHIH yroa Ag,
B pe3yJbTaTe NPOTHB NyYKa OKaXKeTCA APYrofl yJacTOK HapyKHOTO
UHJIMHAPA, CMELleHHBIl OTHOCHTEJNbHO NepBOHAYalbHOrO cJeja S
Ha BeqUuHHY As, paBHYI0O RA@ (R — paaMyc BHeIIHEro IMJIHHAPA).
PaccmartpHBas ABH2KeHHe aTOMOB cepefpa B CBSI3aHHOH ¢ IMJIHHIpPAMH
Bpalarolneiicss cHcTeMe OTCYeTa, CMellleHHe cJjefa MOXHO OGBACHHTb
JeHCTBHEM Ha aTOMBl KOPHOJHMCOBOH cH/BI, paBHoH 2mlvel.
Paccrosinne As Mexny nepBOHayaslbHOH M CMeleHHOH MOJIOCKaMU
cepe6pa MOXKHO CBSI3aTh C YTJIOBOH CKOPOCTBIO BpallleHHs1 UHJIHHIPOB 0,
reoMeTpHeit npu6opa M ckopoctbio aromoB v, OGo3HauHB BpeMs mpo-
Jera uepe3 Af, MOXKHO HamHMcaTb, 4TO

As=0RAL, (99.1)
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[TockoabKy pajgMyc BHYTPEHHEro LMJHHApA MaJ MO CPaBHEHHMIO C pa-
AIlyCOM BHellIHero LHAHHApa R, BpeMs npoJera Af MOXKHO NMOJOXHTb

PaBHBIM
At=R/v.

IloacraBuB 370 BhIpaxenue B (99.1) u paspeluuB nosyyuBlleecs: ypas-
HelHe OTHOCHTENLHO 0, MOJYYHM

v=wR? As.

H3amepuB cMeluenne ciega As 1 CKOPOCTh BpaleHHsa nputopa, MOXKHO
OlIpeLesIHTb CKOpoCThb aToMoB v. IlosoxkeHHe, npaBaa, OCJOXKHSAETCA
TeM, YTO BCJEJCTBHE pacrnpeleseHHs MO CKOPOCTAM aTOMHI UMEIOT pa3s-
JHYHBIE CKODOCTH, H B pe3yJbTaTe CMelleHHBIH cjolt 6yleT pasMbl-
TeiM 1), Hlecenys npoduae ciena (cm. puc. 99.1), moxHo Geuto cocra-
BHTb NPHMEDHOE NpeACTaBJeHNe O pacnpeieleHHH aToMoB cepebpa no
CKOpPOCTSAM.

Peayabratel onkira lllTepHa noATBEpAMIH NpPAaBHJIBLHOCTb OLEHKH
cpelHell CKOpOCTH aTOMOB, KOTOpas BbiTeKaeT U3 pacnpejeneHis
Maxcsenna. O xapakrepe camoro
pacrnpefiefieHusi 3TOT OMBIT Mor
U JaTh JHIL BecbMa NpHOJHAKEHHEIE
CBeJEHHS.

BoJiee TouHO 3aKOH pacnpenene-
HUsS' OBl NpoBepeH B omnblTe Jlam-
MepTa (1929 r.), B KOTOPOM MOJIEKY-

Puc. 99.2. JAPHLIH Ny4YoK nponycKaJcs yepes
JiBa BpaLIAOMIUXCA AHCKA ¢ paaH-
aJbHBIMH IIENAMH, CMeLleHHEIMH
IpYT OTHOCHTEJBHO JApYra Ha HeKoTopeld yroa ¢ (puc. 99.2). M3 uucna
MOJIEKYJI, MPOJIETEBIUHX Yepe3 leJb B MePBOM JAHCKe, NPOJETAT uYepes
BTOPO#H IHCK TOJNBKO Te, KOTOPBIE NOJIVIeTAT K HeMY B TOT MOMEHT, KOT1a Ha
NyTd Myyka BCTaHeT npopesb BO BTOPOM aHcKe. Bosee GricTphle Mogse-
KYJIBl JOCTHTHYT BTOPOrO JHUCKA CJHILKOM paHo, a 6ojee MeNJIeHHblE —
CJIHILIKOM NO3JHO /ISl TOTO, YTOORI NPOMTH Yepes menb. TakuM o6pasom,
3TO YCTPOHCTBO MO3BOJISET BBIAEAUTD H3 NyUKa MOJIEKYJIBI, 06/MaaroliHe
ornpefieeHHBIM 3HaueHHeM CKOPOCTH (M3-3a KOHEYHOU IIHPHHEI lneJsed
npu6op BbAEAET MOJEKYJbl, CKOPOCTH KOTOPHIX JexaT B npenenax
HekoToporo HHTepBania Av). CpeaHAsA CKOPOCTb BBIIENAEMEIX NPUGOPOM
MOJIEKYyJl MOXKeT ObITh HailieHa M3 YCJOBHUS, UTO BpeMsa fi, 3a KOTOpoe
MONEeKYIH nposeTaioT paccrognue ! mexcny nuckany (4, —I/v), nomuuc
COBNafiaTb CO BpeMeHeM {,, 3@ KOTOpOe JMCKH NOBEPHYTCS Ha YIoJ
¢ ({;=¢/w). IlpupaBuaAB o6a BpeMeHH, NOJYYHM

v=0l/p.

Honesynapnsii

SAobyuwra
PN

nyon

1) lllupuua caost, modyuaiolierocss NpY HEMOIBHKHOM Npubope, onpejenserca
TOALKO TeoMeTpHeil npubopa, B YAaCTHOCTH LUMPHHON IeaH, Yepe3 KOTOPYIO BLIXOAHMT
MOJIEKYJAPHEIH NYUOK,
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Menss ckopocTb BpalleHHs npu6opa o (HIH Yyros MexXay AHCKaMi ¢),
MOXHO BbLAEJNATb U3 My4YKa MOJeKYJbl, 06/1a1a0lUHe pa3aHuHLIMH 3Ha-
YeHHUsIMH CKOPOCTH. YJ1aBJMBas 3aTeM 3TH MOJEKVJb B TE€YEHHe onpe-
JIeIEHHOTO BpEMEHH, MOXXHO OMpeleaHTh HX OTHOCUTENbHOE KOJHYECTBO
B MyuKe.

Pesysbrarel onbiTa JlamMMepra M ApYrMX OMNBITOB, NpeaNnpHHHMaB-
LIHXCSl C TOH 2Ke 1LIe/JbI0, HAaXOAATCS B MOJIHOM COIVIACHHM C 3aKOHOM
pacrnpeneseHHsi, YCTaHOBJIEHHBIM TeopeTHYecKH MakcBession.

CnenyeT OTMETHTb, YTO pacnpefeseHile MOJEKYJ MO CKOPOCTSIM
B Ny4YKe, BLIILUEJIIEM Yepe3 OTBepPCTHe B cocyle, HECKOJbKO OT/IHYaeTcs
OT pacnpejeseHHs, HMeoLlerocs B 3aMKHYToM cocyfe. Tak Kak GoJsee
GbICcTpLle MOJIEKYJIbl 6y1YT NPOXOAHUTh Yepe3 OTBepCTHe B OTHOCHTENLHO
GosblileM KoJuyecTBe, yeMm GoJiee MelsieHHble, NMY4YoK Oylaer oforauleH
6onee GLICTPBIMM MoJieKyJaaMH. IlocKOMBKY KOJHYECTBO MOJEKY!J,
NPOJIETAIOIIHX Yepe3 OTBepCTHEe B €JHHHUIY BpeMeHH, NPOMOPIHOHA/b-
HO v, pacmpejesieHre B nyuke OyleT XapakTepH3oBaTbcsl He ¢yHKuHeil
(98.25), a dyukuuen

2
Fy (v) = Ajexp (——;"kU—T) v,

rre A; — HOpMHpOBOUHHIA MHOXHTenb. HanGosee BeposiTHass cko-
pOCTb B 3TOM CJAy4ae paBHa v,’,ep=l/3kT/m, a cpeaHas CKopocTb
u'>=V 9 kT /8m.

§ 100. Pacnpenenenne Boabumana

TMonyuennas B § 92 GapomeTpHueckas dopmyJa
Mgh
p=p,exp (——RgT) (100.1)

(cM. (92.4)) maeT 3aBHCHMOCTb JaBJIEHHS OT BEICOTHI HaJ NOBEPXHOCThIO
3emaH aaf BooGpaxaeMolf H30TepMHMuecKol arMoctephl. 3aMeHHM
B TNOKasaresie 3KCIIOHEHTHl OTHOlleHHe M/R paBHbIM eMy OTHOLUEHHEM
mlk (m — Macca MoJeKyJbl, kB — mocrosHHasa DBoabumana). Kpome
TOro, TMOACTaBHM B COOTBeTCTBHH C (86.7) BMecTo p BhIpaxeHHe nkT,
a BMeCTO po — BHpaxeHHe nokT. CokpaTuB 3aTreM 06e 4acTH paBeHCTBa
Ha kT, npuaeM K ¢opmyae

n=n,exp (— mk—g,h). (100.2)

31ech n — KOHLEHTpALUHA MOJEKYJ (T. €. YHCIO HX B eqUHHLE 06beMa)
Ha BHCOTe A, Ny -— KOHIEHTpalUHs MoJeKya Ha BoicoTe hy=0.

U3 ¢opmyant (100.2) cnenyer, uro ¢ NOHHIKEHHEM TeMIepaTyphl
YHCJI0 YaCTHI[ Ha BHICOTaX, OTJHMYHBIX OT HYJA, yOhiBaer, obpalasch
B Hysab npu T=0 (puc. 100.1). IIpn a6GcontoTHOM HyJie BCE MOJIEKYJBI

11 u. B. CaBenbeB, T. 1
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pacnoJioxunuch 661 Ha 3eMHOR NMOBEPXHOCTH. I'Ipn BEICOKHX TeMmepa-
TypaX, HanpoTHB, n cl1abo yObIBaeT C. BLICOTOH, TaK YTO MOJIEKYJbI
OKa3blBAlOTCA PacrnpefesieHHbIMH MO BLICOTE NMOYTH PaBHOMEDHO.
roT dakT UMeeT npoctoe (H3uIecKoe oObsCHEHHe. Kaxnoe KOH-
KpeTHOe Pacnpe/ie/IeHHe MOJIEKYJI 10 BLICOTE YCTaHABJIMBACTCA B Pe3yJb-
Tate JeficTBHA OBYX TeHAEHLM:
7 1) npuTAxeHHe MOJEKYyJa K 3eMie
(xapaktepusyemoe CcHJIOH mg) cTpe-
MHTCS PacloOJIOXHTb HX Ha IOBEpX-
HOCTH 3eMJIH; 2) TenJoBoe ABHXKeHHe
(%>7) (xapakTtepusyemoe BesauuuHo#t KkT)
cTpeMHTCs  pa3bpocaTb  MOJIEKYJIbI
PaBHOMEPHO IO BCeM BhicoTaM. YeM
GoJblle m ¥ MeHblle T, TeM CHJIb-
Hee npeo6JafaeT neppas TEHAEHILHA,
H MOJIEKYJBL CTYILIAOTCA Y IOBEpX-
HocTH 3eman. B npegene npu T=0
Puc. 101.1, TENJIOBOE [JBHXKEHHe COBCeM Ipe-
KpauaeTcs, 4 NOA BJHAHHEM NpPHTA-
JKEHHA MOJIEKYJBl pacloJiaraloTcss Ha 3eMHOH mnoBepxHocTH. [lpu
BBEICOKHX TeMmepaTypax MpeBa/lHpyeT TeIJIOBOe ABHKEHHUE, H INIOTHOCTb
MOJIEKYJ1 MefJIeHHO YOBIBaeT € BRICOTOM.
Ha pasnofi BricoTe MosIeKy.na o06/afaeT pas/HYHBIM 3anacoM II0-
TeHIHaJbHOH SHEPTHH:

Ty

e,=mgh. (100.3)

CrenoBatenbHO, pacnpefeseHHe MOJIEKYJ IO BLICOTE SIBISIETCA BMecCTe
C TeM H pacrnpejieleHHeM HX 1O 3HayeHHAM [OTEHIHAJBHON 3SHEepPrHH.
C yuerom (100.3) dopmyay (100.2) MoxHO 3amucarh CJaeLYIOLHM 0O-
pasoM:

= n,exp <—:—;). (100.4)

Tfie 1 — NJIOTHOCTb MOJIEKYJl B TOM MecTe MpPOCTpaHCTBa, e MOTeH-
UHa/lbHAsi SHEPTHS MOJIEKY/bl MMEET 3HAaueHHE €,, Mo-— IJIOTHOCTD
MOJIEKY/1 B TOM MecCTe, Ille NMOTEHUHAJbHAs SHEPIUs MOJEKYJ/hl paBHa
HYJIIO,

M3 (100.4) cnenmyer, uTo MOJEKYJbl pacrnoJaraloTcs, ¢ GoJblieit
IJIOTHOCTBIO TaM, I'le MeHbllle HX NOTeHIHabHas SHeprus, H, Haobopar,
C MeHblIefl MJOTHOCTbIO — B MecTax, e MX NOTeHUHaJbHas SHeprus
GoJblue.

B cooreercrBun ¢ (100.4) oTHOIWIEHHE nj K f, B TOYKaX, IAe NOTeH-

UHa/bHass SHEpPrus MOJIEKYJIbl HMeeT 3HAaYCHHUA €por U sz, PaBHO

n:

Epi—E
= €XP <——”%) (100.5)
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BosbuMmaH Joxasan, uto pacnpenenenue (100.4) cnpasennuBo He
TOJIBKO B CJydYae NMOTEHLHANBHOIO NOJIS CHJ 3€MHOrO TATOTEHHs, HO H
B JIIOOOM MOTEHLHAMBHOM IOJIe CHJ AJisi COBOKYINHOCTH JIOGHIX OXHHa-
KOBBIX YacTHL, HaXoAALWMXcA B COCTOSHHM XaoTHYECKOro TeMJIOBOro
nuxkeHusi. B coorBercTBHM ¢ 3THM pacnpenenenne (100.4) HasmiBaioT
pacnpegfeneHneM Bonbumana,.

B To BpeMs KaK 3aKoH MakcBessia JaeT pacnpepeneHHe dacTiIl
no 3HAUCHHAAM KHHETHYeCKOH 3HepruH, sakoH DoablMana paer pac-
npejeJeHle YacTHLL NO 3HAYEHHAM [IOT€HUHaNbHOH sHepruu. Ilas
o6oux pacnpejeNeHHil XapakKTePHO HAJHYHe 3KCHOHEHLUHANbHOTO MHO-
XHUTesld, B I[0Ka3aTesJe KOTOPOrO CTOHT OTHOLIEHHe KHHeTHYeCKOH
HJIY COOTBETCTBEHHO MOTEHLUHANbHOH SHEPTHH OJHOH MOJIEKYJHl K Be-
JUYMHE, OINpejeNsiollell CPeIHIOI 3HEPrHI0 TeIJIOBOrO JBIKEHHA
MOJIEKYJIBI.

CornacHo dopMyne (100.4) KonM4ecTBO MoOJIEKYJ, MOnajgaiulx
B npeneskl o6beMa dV=dx dy dz, pacnosoXeHHOro B TOUKE ¢ KOOpAH-
HaTaMH X, Y, 2, PaBHO

AN,y 2="o exp( —(kii)) dx dy dz. (100.6)

Mel nonyuyunu eme omHO BhIpaXKeHHe 3aKOHa pacnpefeneHns Boabu-
MaHa.

Pacnpenenenns MaxkcBenna u DonbuMaHa MOXHO OOGBEJHHHTH
B OOMH 3aKOH MakcBenaa—DbBoabumamna, coriaacHo
KOTOPOMY 4YMCJIO MOJIEKYJI, KOMIIOHEHTHI CKODOCTH KOTODBIX JieXaT
B MpEAENax OT Uy, Uy, U, 10 Uxtdvy, v,+dvy, v ,+dv,, a KoopAHHATHI
B npejenax or x, y, z po x+dx, y-+dy, z-4dz, paBHO

2
dNy,.o, vz,,,,,,,,=Aexp< M) dv,dv,dv,dvdydz  (100.7)

(cM. (98.1), (98.24) u (100.6)). 3pece A — HOPMHPOBOYHBI MHOXKHTEIb,
pammii ne(m/2nkT)’/s. Hanomuum, uto e,=¢,(x, y, 2) U v’= 02—1—

vi+ ol

% pacnpenenenuu (100.7) noTeHuHanbHasi 3HEPrHs €, MU KHHETH-
yeckas SHeprus mv*2, a caefoBaTe/NbHO, H NOJHas 3Hepruﬂ E, moryTt
NpUHHMaTb HeNpephIBHEIT psa 3Hauenuit, Ecnu nonnas  sHeprus
YacTHUBl MOXKeT NPHUHUMAaTh JHIIb OUCKPETHhI pax 3HaueHuii: Ej,

E,, .., KaKk 3TO HMeeT MecTo, HanpuUMep, AJs BHYTPeHHell SHEPrHH
aToMma, TO pacmpefeseHde BonbuMaHa UMeeT BHA
N;=Ae-Ei/*T, (100.8)

rie N; — uMcno yacTHL, HAXOAALIMXCA B COCTOAHHM ¢ 3Hepriedl E;,
A — KO3pHIMEHT NPONOPUHOHANBHOCTH, KOTOPHIA JOJ/KeH yJOB-

JIETBOPSATH YCJOBHIO
IN,=A e EifT =N

11¢
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(N — mosnHoe 4HCJIO yacTHL B paccMatpuBaemoi cucteme). Iloacrasus
HallleHHOe H3 MocJielHero COOTHOIeHHs 3HaueHue A B ¢opmyay (100.8),
MOJYYHM OKOHUYAaTeJIbHOe Bblpa)KeHHe pacnpefeseHus DoabpuMaHa agas
c/lyyass AUCKPETHBIX 3HAueHHH SHepTHH:

Ne~Ei/kT
3 e~ EilkT ’

N, = (100.9)

§ 101. Onpegenenue IleppeHom uncaa Asoragpo

Pacnpenenenue (100.2) 6biio nosmomeno Ileppenom (1909 r.) B
OCHOBY OMNBEITOB NO OnpefiesieHHIo uucjaa Aporazpo. BapeweHHbie B
JKHIKOCTH OYeHb MeJNKHe TBepble YacTHLHl HaXOAAT-

L | cfl B COCTOSIHHM HeNpecTaHHoro GecrnopsJo4yHOTO JBH-
‘ >KeHHs, Ha3blBaeMOro G6POYHOBCKHM [IBHIKeHHeM (CM.
il § 79). IlpuunHa ero 3akJ/wouaercss B TOM, YTO NpPH J0-
CT2aTOYHO MaJblX pa3Mepax 4YacTHI HMMYJbCHl, CC-
oblaeMble 4acTHIE yAapAOWUMHCA O Hee C PasHbIX
[[=—— ] CTOPOH MOJeKyJami, OKaSbIBAIOTCH HECKOMMEHCHPO-
BaHHbIMH. O YacTHLY 3aMeTHHIX pas3MepoB yAapseTcs

Puc. 101.1. onpoBpeMenHO GOMBIIOE YHCAO MOMEKYJ, TaK UTO CyM-
MapHBI pe3yJ/bTaT yAapoB MOJIEKYJ A0CTAaTOYHO XOPO-

1o ycpenusercs. [IpH ManbIx pasMepax 4acTHLB HAUHHAIOT NMPOABAATh-
Cs1 OTKJIOHEHHS CKOPOCTell OTAEeNbHEIX MOJIEKYJ H YHC/Aa yAapAIOLHXCS
MOJIEKYJ1 OT CPeIHH X 3HaueHH . Ec/IH CKOpPOCTb HJTH YHC/IO MOJIEKYJ1, YAa-
PAIOLILMXCS O YAaCTHIY € OAHOH CTOPOHBI, OKaXKyTCA HHBIMH, YeM IS MoJle-
KYyJ, YIapAIOMWHXCA ¢ APYrOf CTOPOHBI, TO Pe3yJbTHPYIOMHI HMIYJIbC,
cooblLaeMblit yacTyle, OYAeT OTJIMYEH OT HYJS, U YacTHLA HayHeT JBH-
ratbCsi B COOTBETCTBYIOIleM HampaBiaeHHH. B caepylomuit MoMeHT
pe3yabTHPYIOMUH HMITYJIbC HMeeT HHoe HanpasieHHe. Clief0BaTesbHO,
yacTHUa OyHeT Bce BpeMsi MepeMeInarbcsi GecrnopsAoYHbIM 06pa3oM.

BpoyHoBcKoe nBHXKeHHe yKasblBaeT Ha TO, YTO AOCTATOYHO Masnble
YaCcTH1bl BOBJIEKAIOTCS B COBEpIUaeMoe MOJIEKY1aMH TelJIOBOe JBHKEHHeE.
[IpunuMas yuacTHe B TEeNn/IOBOM ABMIKEHHH, TaKHe YacTHLH! AOJMKHBI
BecTH ceff NMofoGHO THIaHTCKHM MOJIEKYJaM, H Ha HHX JOJ/IKHEL pac-
NpPOCTPAHATbCA 3aKOHOMEPHOCTH KHHETHUYECKOH TeOpHH, B YaCTHOCTH
3aKoH pacnpenenenust boabumMana (cm. (100.2)).

OCHOBHYIO TPYIHOCTb B ONbITax IleppeHa COCTaBASJIO HPHIOTOB-
JeHHe OJHHAKOBBIX YacTHL M onpejeneHHe HX Macchl. IIpHMEHHB MHO-
I'OKDAaTHO METOA LEHTPHUQYTHPOBaHHS, [leppeHy yIaloch NPUTOTOBUTDH
BecbMa OJIHODPOAHYIO 3MYJIbCHIO M3 NMPAKTHUECKH OJMHAKOBHIX LIAPHKOB
TYMMHTyTa !) ¢ pajuycamH TNOPAAKA HECKOJbKHX JecATHIX JoJjeit
MHKpOMeTpa. DMyJIbCHA NOMeINajach B MJIOCKYIO CTEK/ISHHYIO KIOBETY
ray6unoit 0,1 MM M paccmaTpHBasach C HOMOIUBIO MHKpOcKona (pPHC.

1) TYMMHIYT — CTYylueHHBI MJ€UHHI COK, NIOMyyaeMbiil H3 HaApe30B B KOpe He-
KOTOpBHIX BHIOB AepeBbeB, pactymux B Oct-Unaun u na Lleityione,
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101.1). Mukpockon HMMeJ cToAb Manyl rAyGHHY nOMA 3PeHHs, YTO
B Hero ObIM BHAHBI TOJIbKO YaCTHLBI, HaXOASLHeCs B FOPH30HTAILHOM
cr1oe ToqHMHOR npumepHo 1 MkM. Ilepemelnas MHKpOCKON B BepTH-
KaJqbHOM HanpaBJIeHHH, MOXHO GbUIO Hcc/eloBaTh pacnpeaeseHne
GpPOYHOBCKHX YacTHIL N0 BhICOTE.

O603Ha4HM BBLICOTY CJ1051, BAAHMOTO B MHKPOCKOI, Haa AHOM KIOBETHI
6yksoit k. Uncno wacTuu, nonajamllinx B NoJe 3peHHS MHKPOCKONa,
onpezensercsa (GopMyJo#H

AN=n(h)SAh,

rae n(h) — uyncn0 GPOYHOBCKMX YacTHIL B eJHHHLe o0beMa Ha BHI-
cote h, S — muowanp, a Ah — rny6uHa moJs 3peHHs MHKpOCKoma.

IlpumenuB K OpOyHOBCKMM yacTtHuaMm dopmyay (100.2), moxHo
HanucaThb:

n(h) = nyexp (—';—;’f),

e n, — YUCJO YacTHL B eauHuue o6vema npu h=0, p’ — Bec Gpoy-
HOBCKOH YacTHUB! B 9MYJbCHH, T. €. Bec, B3ATBHIA ¢ yYeTOM MONpPaBKH
Ha 3aKOoH ApxHuMmeja.

Hanucas BepaxkeHHe uHcaa yacTHy AN 1A IByX pasHEIX BBICOT
h, u h,, noayuaeM:

AN;=n,exp (—%) Sah, AN =neexp (—E2) San.

Hakonen, morapu¢mupys orHomenne AN,/AN,, npHXoiuM K cJe-
JYIOLIEMY BRI aMEHHIO:

ANy =P' (ha— 1)

AN, kT °

In

C nomowbio 3Toit popmydbl no uamepeHubiM p’, T, (hy—h,), AN; u
AN, MOXHO OMpeneJUTh NMOCTOSAHHYI0 Donbumana k. [lanee, pasgenuB
ras’oByl0 MOCTOAHHYIO R Ha k, MOXHO Oblo HaliTH yucao Aporai-
po NA.

IMonyuennoe IleppeHoM Ha pasaUYHBIX SMYJbCHSIX 3HaueHHe N,
Jexano B npegenax ot 6,5-10% 10 7,2- 102 Mob~1. OnpeyeneHHoe Apy-
rimu, Gosee TOUHBIMH MeToJaMH 3HaueHHe N paBHo 6,02- 102 moab~1,
Takum o6pa3oM, 3HaueHHe, mnoaydeHHoe IleppeHoMm, HaxoauTca B
XOpOILIEM COTJIaCHHM CO 3HaYeHHSIMH, MOJYYEHHBLIMH ADYTHMH MeTOLaMH,
YTO AOKa3blBaeT NMPHMEHHMOCTb K GPOYHOBCKHM 4YacTHIaM pacrnpeae-
seHus: BosabiMana.

§ 102. Maxpo- u MukpococtosiHusl. CTaTHCTHYeCKHA Bec

CocrosiHMe MaKpocKonuueckoro Tena (T. €. Tena, o6pa3oBaHHOrO
OTPOMHBIM KOJIHYECTBOM MOJIEKYJ) MOXKeT OBIThb 3aflaHO C IOMOLLbIO
obreMa, JAaBJeHHs, TeMIepaTypbl, BHYTpeHHe#l SHeprHH H IpyrHX
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MaKpPOCKOMHYECKHX (T. €. XapaKTepH3YIOLIMX Bce TeJO B IeI0M) BeJH-
ynn. OxapakTepH3oBaHHOE TaKHM Crnoco60M COCTOSIHHE HAa3bIBaeTCs
MaKpocoOCTOSHHEM.

CocTosiHHe MaKDOCKONMHYECKOro Tesa, OXapaKTepH3oBaHHOE Ha-
CTOIBKO MOAPOGHO, YTO OKa3biBAlOTCH 3aJaHHRIMH COCTOSIHHS BCeX
06pa3sylolX Teso MOJEKYJ/, Ha3blBaeTCA MU KPOCOCTOAHHEM.

Bcsikoe MakpococTosiHHe MOXKeT GLITh OCYILECTBJI€HO PasJIHYHBIMH
CrocojaMH, KakiOMy H3 KOTOPHIX COOTBETCTBYET HEKOTOpoe MHKpO-
cocTosiiue Tesia. Yucao pasaudnsix MUK pOCOCIMOARUIL, COOMBEMCMBYOUILY
OQHHOMY MAKPOCOCIMOAHU, HA3LIBAETCA CTATH CTHYECKHUM Be-

COM HJH TepMOANHAaMHUYe-

i CKOH BepOATHOCTDIO MaKpoco-

L cTosHHUA, TaKuM 06pa3oM, CTaTHCTHYECKHH

I BeC IpeacTaBJsieT cobOH UiHcaI0 MHKPOCKO-

4% 1 MHYECKHX CINOCO60B, KOTOPBIMH MOXKeT
1
1
1

™ ,‘f

GBITh OCYLOECTBJIEHO MAaHHOE MaKpococTo-
AHKe,
Puc. 102.1. YUrto6bl MOACHHTb IMOHATHE CTAaTHCTHYE-
CKOro Beca, paccMOTpliM cnocobbl, KO-
TOPBIMH MOJIEKYJNBl Fa3a MOryT pacnpeiensiTbCi MeXAy JABYMfA
MOJIOBUHAMH C€OCYyJa, B KOTopoM 3akJrwoueH ras. Ilyctb ofiiee umcio
monexkysn paBHo N. B KkauecTBe XapaKTepHCTUKM COCTOSIHHSI rasa
NpHMeM YHC/IO MOJIEKYJ, HaXOAALUIMXCA B JIeBOH IOJNOBIHE COCYAQ,
KOTOpoe Mbl 0603HaYMM OYyKBOM £ (COOTBETCTBEHHO YHCJIO MOJIEKYJ B
npaeoii nonosuHe cocyaa 6ynetr paBHo N — n). CocTosiHHe OTAeNbHOH
MOJIeKyJsbl 6yaeM XapaKTepH3oBaThb YKa3aHHeM Ha TO, B KaKOH H3
MOIOBHH COCYJ1a OHa Haxoautcsi. Takoe omnMcaHHe COCTOSIHHS rasa H
COCTOSTHHH OTAG/bHBIX MOJIEKYJ1 SIBJASETCA, KOHEYHO, AaJeKO He IoJ-
HbM. OJliako OHO J0CTaTOYHO AN TOro, 4TOGH BHACHHTb Ha 3TOM
npuMepe XapakTepHble 0COGEHHOCTH CTAaTHCTHYECKOTO NIOBEJEHH A JTI06hIX
MakKpocHCTeM.

HauneMm co ciyyas, Korja moJiHOe YHCJO MOJIEKYJ PAaBHO YEThIpeM
(puc. 102.1). Kaxzas Mosekysna ¢ paBHOH BepOSITHOCTbIO MOXET HaXo-
IMTbCA Kak B JIeBOH, TaK W B IIpaBoH noJsioBuHe cocyja. ITostomy Bepo-
ATHOCTb TOrO, YTO, CKaxeM, MoJjieKyJaa I oKaxeTcs B JieBOH IMOJIOBHHE
cocyaa, paBHa 1/2. IIpe6GriBaHne B JIeBOH TOMOBHEE COCYAa MOJIEKYJEI [
u npe6biBaHHe B TOH ke MOJIOBHHE COCYAa MOJIEKYJbl 2 ABAAOTCA CTa-
THCTHYECKH He3aBHCHMBIMH COObiTHsAMH. ITo3TOMy BepOAiITHOCTH OAHO-
BPEMEHHOro HaXOXIAEHUSA B JICBOH YacTH cocyja MoJekya I B 2 paBHa
npOU3BeeHHIO BeposTHocTel, T. e. (1/2)%. Ilpononikas 3TH paccyxae-
HHUS, MONYYHM, YTO BePOATHOCTb OJHOBPEMEHHOIO HaXOXAeHHS B JIeBOH
IIOJIOBHHE COCYAa BCEX 4YeThpex Mosekysa paeHa (1/2)s.

AHanornyHble paccyxkIeHHs JalT, YTO BEPOSATHOCTb J0GOro pas-
MeIlEHHsA MOJIeKYJ B cocyle (CKaxkeM Takoro, NpH KoTopoM l-A H
4-a MoJeKynbl 6YAYT HaXOAHTbCS B JIeBOH MOJIOBHHE cocyla, a 2- H
3-1 — B npasoii), Takxke paBHa (1/2)*, Kax/oe U3 pasmeleHHil npes-
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CTaBJIseT co00il HEKOTOpOe MHKPOCOCTOsIHMeE Ta3a. 3 ckasaHHOro BhillIe
cleLyeT, YTO BEPOATHOCTb BceX MHKPOCOCTOSIHHI OJMHAaKOBa M pab-
Ha (1/2)%.

B Ta6a. 102.1 npuBeneHH! Bce MEICAHMEIE CNIOCOGEI pacrnpesencHIs
MOJIEKYJl MeXJIy MNOJOBHHAMH cocyla (Bce MHKPOCOCTOSIHHs rasa).
CocTosiHHMe, XapaKTepi3yeMoOe TeM, 4TO, CKaXkeM, B JIEBOI1 YacTH cocyna

Ta6anua 1021

Cectosinne Cnocobn peann3audH COCTORHHUA Unerno
CnOCéﬁOB
M:‘;;"(‘;m M“o’:_“:';‘(c;_' Ne Moneky, Ne mosekyat, pe;g;«:g:};m
cnena cnpaaé HaxoqRIMXCSl C/1eBa | HaXOAALHXCA cnpaBa coc:?zﬂ)mm
0 4 — 1, 2, 3, 4 1
i
1 3 1 2,3, 4
2 1, 3, 4 4
3 1, 2, 4
4 1, 2, 3
2 2 1, 2 3, 4
1, 3 2, 4
1, 4. 2,3 6
2, 3 I, 4
2, 4 1, 3
3' 4 1.1 2
3 1 1, 2, 3 4
1, 2, 4 3 4
1, 3, 4 2
2, 3, 4 1
4 0 1,2, 3 4 — 1
Bcero cnocobop 24 =16

HaXOAMTCA OJHA Mo.jeKyJa (Ge3pasnvuyHO Kakas), a B npaBoll gacTH —
TPH MOJIEKyJbl, NpejcTaBjser coboil MakpococtosiHHe. 3 Tabmnuwt
BHJIHO, 9TO TAKOMY MAKPOCOCTOSSHHIO COOTBETCTBYET 4 MHKPOCOCTOSHHA,
CrepnoBaTtesbHO, CTaTHCTHYECKUH Bec JaHHOTO MAKPOCOCTOSHHSA paBeH 4,
a BepoATHOCTb (OOLIYHAsi, a He TepMOAMHaMHueckas) paBHa 4/16.
MakpococTosiHHe, NPH KOTOpOM B 00EHX 4YacTAX cocyla HaXolMTcA
OZAMHAKOBOE YHC/IO MOJEKYJ, peasH3yeTcsl C MOMOLIbIO ILECTH MHKPO-
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cocrosinuit. COOTBETCTBEHHO €ro CTAaTHCTHYECKHH Bec paBeH 6, a Be-
positHocTb (0GblyHas) paBHa 6/16.

M3 paccMoTpeHHOro npuMepa BBITEKAeT, YTO BC€ MHKDOCOCTOSHUSA
JAHHOi CHCTEMHl PaBHOBEPOSITHLI, BCJEICTBHE Yero CTaTHCTHUECKHI
BEC OKa3blBAeTCs NPONOPIHOHANBHEIM BepOATHOCTH (0BGLIYHOH) MaKpo-
COCTOsIIMA. YTBepHKIeHUE O pPaBHOBEPOSITHOCTH BCEX MHKDPOCOCTOSIHMMH
JIEXKHT B OCHOBE CTATHCTHYecKOoH (PM3HKM M HOCHT Ha3BaHHe 3 P T O-
AMYECKOH rUmnorTesHl.

Coraacho ta6a. 102.1 B ciydae yethipex MoJlekyJ uMeercsi 6os1bLUast
BepOsITHOCTL (paBHast 1/8) Toro, 4To Bee MOJeKyJ bl co6epyTca B ORHOH
113 MOJI0BLI: cocvaa (s1eBoji uan npasoit). OAHaKo ¢ yBeJHUeHHEeM YucIa
MOJIEKYJl MO.T0XKEHUe CYLIeCTBEHHO MEeHSeTcs.

Haliacs 4Mcio crnoco6oB (4MC/I0 MHKPOCOCTOSIHHit), IOCPEACTBOM
KOTOPLIX MOXKCT OBITh OCYILIECTBJEHO MAaKPOCOCTOSIHHE, XapaKTepusy-
€MOoe TeM, 4TO B J1€BOI NIOJIOBHHE cOCY/ia OKaXeTcs 1 MOJIeKYJ1 U3 O6LIero
uncia ux N, a B mpasoit nonoBuue — (N — n) mosekysa. [las atoro
NpOHYMEepyeM MoOJIeKYJ/Ibl, MPHOHCAaB WM Homepa oT 1 xo N. 3atem
CTaHex OTOHpPAaThL MO ONHOM MOJIeKyJe H IOMellaTb UX B JIeBYIO IOJo-
BHHY cocyaa. [lepByio MoseKyJy Mo:xHO Bhibpath N crnocobamH, BTO-
pyio — (N—1) cnocobom, TpeTbio — (N—2) cnocobaMH, HaKOHEI,
n-10 MoJeKya1y Moxuo BuGpath (N — n--1) cnocobom. Ocrabuivecs
(N — n) MoJexys noMecTHM B NPaBYIO MOJOBHHY cCOCyja.

M3 ckasanHoOro Bhlllle CJELYeT, YTO YMCJO 2 CNOCOGOB, € MOMOIIBIO
KOTOPBLIX MOXHO OTOGparth CAyuaiiHeiM o6pa3oM H3 ofbwero unciaa N
MOJIEKY.T 12 MOJIEKYJ1 ISl JIEBOH TOJIOBUHBI COCYRA, PABHO

z=N(N—1}(N—2). . (N—n-+I).
JOMHOXHB M pa3sfenuB 3T0 yucio Ha (N—n)!, nmosyyum BbIpakeHue

ik 102.1
Z=tN=ny (102.1)
Onnako me Bce z cnoco8oB NPHBOAAT K OTJIHYAIOIMMCA APYT OT
apyra nmukpococrossHusM, OTlesnbHble MHKPOCOCTOSHHS OTJIHYAKOTCA
TOMBKO COBOKYNHOCTbIO HOMEpPOB MOJeEKYJ, OTOOpaHHBIX /A KaxJIoH
13 MOJOBHH COCYAa, HO He IOC/1eN0BaTeJbHOCTbIO, B KOTOPOH 3TH
MoJeKyabl otOupaauce. Hanpumep, mpu N=3 u n=2 noayuamoTrcs
BLIOOPKH

1—-2 2—1 3-—1
1-3 2—-3 3-2

M3 nux BuiGopku 1—2 u 2—1 oTBeyaloT OXHOMY H TOMY K€ MHKDOCO-
CTOSIHHIO (B JIeBOil MosioBHHE 1-f M 2-1 MOJIeKyJbl, B NpaBod — 3-5).
To e camoe otHocuTcsi K Bhibopkam 1—3 u 3—1, a Takke 2—3 u
3—2. Taxkum 06pa3oM, BHIGOPKM, OTIHYAIOUIHECS TOJBKO MNEpPecTaHOB-
KOH 11 HOMEPOB MOJIEKYJ, OTOGPaHHBIX AJISl JIEBOl MONOBHHBI COCYAA
(takuXx BbIGOPOK f!), COOTBETCTBYIOT OAHOMY M TOMY e MHKDOCO-
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crogHuo. CiejoBaTe 1bHO, 4TOOBI MOJYYHTH YHCJIO MIKPOCOCTOAH:I,
C NOMOLIBIO KOTOPLIX MOXKeT ObITb OCYILUECTBJEHO MaKpOCOCTosiliHe
(n, N — n), uyxHo pasgeautb uyucio (102.1) Ha n!. B pesyabrate pad
CTaTHCTHYECKOrO Beca TNoJy4YaeTcs

ni
BLIpajXkeHHe
N!
Qn, N—nm)=r—r (102.2) Wz
Jlerko  yGeiuTbca B TOM, 4TO
Q(2,4—2)=6, a Q(1,4—1)=4 (cm. V] z

taba. 102.1).

B Ta6n. 102.2 npuBepeHkl 3Ha-
yeHHsl Q, BbIUMC/AEHHbIE N0 JopMmyJie
(102.2) ans cayyas N=24. Iloanoe uMc/0 cnocoboB pacnpedeseHnst
24 MosekyJ MexAy ABYMs IOJIOBHHAMH cocyja paBHo 2%4=16 777 216,
H TOJbKO B JIBYX C/lyuyasiX BCe MOJIEKYJb! OKa3bIBaIOTCA COCPEJOTOYEH-
HbIMH B OJHOH H3 MNOJOBHH cocyla. BeposTHocTb Takoro cobwiTis
paBHa npumepHo 1077, B ueTnipex KyOHueckHX caHTHMeTpax Bo3iyXa
coaepkuTCs 0Koso 10%° MoseKysi. BepoATHOCTB TOrO, UTO BCe 5TH MoJle-
KyJ/bl cobepyTcd B OfHOM M3 NOJOBHH COCYAa, paBHa JBYM, JEJEeHHbIM
Ha 7ABa B creneHu 10%°, yto cocTaB/sieT NPHUOAU3UTENBHO 10-3-10%
3Ta BepOSATHOCTb HACTO/bKO Masa, YTO NPAKTHUECKH ee MOMXHO CUHTATb
paBHO#l HYJIIO.

Ta6aunyga 102.2

Puc. 102.2.

Uscao mone- Yicsio mone-
Kya Kya
Q BepoATHOCTL Q BeposartHoctb

ciepa |cnpasa cjcBa | cnpana

0 24 1 6-10-7 9 15 1 307 504 7,8.10-2

1 23 24 1,4-10-8 10 14 1961 256 0,117

2 22 276 1,6-10-5 1 13 2 496 144 0,149

3 21 2024 1,2.10-4 12 12 2704 156 0,161

4 20 10 626 6,3-10—* 13 11 2496 144 0,149

5 19 42 504 2,5.10-3 .. .. B

6 18 134 596 8.10-3 23 1 24 1,4-10—6

7 17 346 104 2-10-2 24 0 1 6-10—-7

8 16 735471 4,4.10-2

Bcero 224 =16777 215 cnoco6os

Ha puc. 102.2 usobpaxken rpa¢uk, NoKasblBalOlMH, Kak MeHsercs
UHCJIO MOJIEKYJ £ B OIHOH W3 NOJOBHH COCyJa C TeueHHeM BpEeMeHH.
310 4uCI0 KoNMeGJeTcs OKOJIO CPelHero 3HaueHHs, paBHoro N/2.
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Chayuafinble OTKJIOHEHHMsI 3HaYeHHH KaKoH-nn6o ¢usiyeckoil Be-
JMEZHHBL X OT ee cpefHero 3HayeHMs <x)> Ha3pBawTCd PJYKTY a-
L¥AMH 3Toi BeauuuHel. O603HaYMB QuIyKTyauuio depea Ax, moay-
UHM, UTO

Ax=x—<x. (102.3)

Cpentee apupmernyeckoe Beauuuunl (102.3) papHo Hy.mo. delicTsu-
TeJbHO,

Ax) ={(x— <X =<xd>—<x>=0.

[NosToMy B KagecTBe XxapaKTepHCTIKH GayKTyaunit GepyT cp e 4 H 10 10
KBaJAlpaTHUHY GAYKTYyallHlo, paBHYI

V<(@ax)?. (102.4)
Bo.nee NMokKa3aTte/JbHa OTHOCHUTEJ/IbHAA (bﬂym‘yauua BeJIHYHHBL X,
KOTOpaH onpeae.nﬂe'rci[ OTHOILEeHHEM ~
V <(Ax)>
> (102.5)

B cratucTHuecKoli GM3MKe LOKa3LIBaeTCsi, YTO OTHOCHTeNbHas (ayk-
TValusl aJiUTHBHOH BeJIMUMHLL (T. €., TaKOH BeJHYHHBI, 3HAYEHHe KOTO-
POl Ans Tena paBHO CyMMe 3HA4YeHHH AJA OTAEJNBHHIX ero 4acrteli)
06paTHO INpONMOpPLMOHAJbHA KOPHIO KBajpaTHoMy M3 uMciaa N obpa-
3YIOWUX TeJO MOJeKYJ:
V((AX)‘) ~ l_ . (1026)
x> VN
BoludennM na ocHOBaHMM JaHHEIX Tabs. 102.1 oTHOCHTENBHYIO
QNyKTyauuio yucaa MoJeKyJl B JieBOil nojoBuHe cocyla. Brluucsenus
6yneMm npou3BoauTh mo dopmyse (93.5). B taba. 102.3 npupeneHtl
3HaueHHs (AYKTyaluil U UX BepOATHOCTH P. B coOTBercTBuIl C 3THMH
JaHHBIMH

n—N/2)*> =
=(—2)2-1/16-(—1)2-4/16+(0)2-6/16 -+ (--1)2-4/16 - (42)2-1/16=1,

CienoBaTenbHO, cpefHAsA KBaJpaTHyHas (uykTyauus pasHa J/1=1,
a OTHOCHTe/IbHaA ¢GuyKTyauus paBHa 1/2 (cpepHee 3HaueHHe n PaBHO 2).
Anasorusrie BLIYHC/EHHS, TpOM3BEJEHHbIE C IIOMOLUBIO JAHHLIX
Taba. 102.2, nator ang cpejHeil KBaZpaTH4YHOH GaAyKTyauuy 3HaueHile
2,45, a Aas OTHOCHTE bHOH GAyRTyaumi — sHayemne 0,204, Jlerwo
y6enuTbCcAa B TOM, 4YTO

0,5:0,204=1"24:4. (102.7)

310 cooTHolleHHe coraacyercs c topmyaoit (102.6).
M3 T1aba. 102.2 caexyer, 4TO OTKJIOHEHHMSI OT CpefHero gucjaa Mo-
Jekya (paBHoro 12) ne Gosiee ueM Ha 2 MoJeKy/kl OCYLLECTBJ/AIOTCA C
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BEpOATHOCTRIO, paBHoit 0,7, a OTKJOHeHHs He Oojee yeM Ha 3 Mo.Te-
KY.Ibl — C BeposiTHOCThiO, paBHOH 0,85. Eciu GBI yHCJIO MOJIEKY.T MOTVIO
ObITb APOOHBIM, MEI MOIVIH Obl CKa3aTb, 4TO 6O/BLIYIO YacTb BpeMeHH
ras HaxoAuTCA B TaKHUX COCTOSIIMfX, B KOTOPHLIX OTKJOHEHHS YHc.Ja
MOJIEKYJl OT CPEJHero He MpEeBRILAIOT CPeIHIO KBaApPaTHYHYIO (JIYK-
Tyauuio, T. e. 2,45. .

CocraBHB nponopumio, -atanoruunyto (102.7), zna N=4 u N=
=10%, MOMyYHM OTHOCHTEJIBHYIO (WIYKTYalHio (0. ¢.) uucjaa MOJeKy.t
B JIeBOH MOJOBHHE cocyja AJjas cayuyas, xoraa N=10?, 3ra npomnop-
IHS lMeeT BHI

0,5:0. . =}/ 10%°:4,

oTKyAa 0. $.=10-2°, TlonyueHHwl#f pe3yJbTaT O3HayaeT, YTO YHCJIO
MOJIeKy/l B OJHOH H3 [MONOBHH COCYZA NpeTepreBaeT M3MeHeHHS, B
OCHOBHOM HE MpeBhlUAioUHe eMMHHLY A€~ [, g .. . 109.3

cATON 3Hayamed UHQPHL.

Mzl paccmotpenn GUIyKTyauHu yucsa Mo-
JIeKyJl, B OLHOH H3 NOJIOBHH cocyZa. Jpyrue =Nz d
MaKpOCKONHYECKHe XapaKTepHCTHKH, TaKHe,
Kak JaBJieHHe, IVIOTHOCTL rasa B pasHHIX —9 1/16
TOYKaxX NpOCTPAHCTBAa H T. J., TaKiKe HCIHbI- —1 4/16
TBIBAIOT (QUIYKTYallH, T. €. OTKJOHEHUs OT 0 6/16
CpefHHX 3HauyeHHH. +1 4/16
PaBHOBecHEIM ABIAETCA TaKOe MaKpOCco- +2 1/16
CTOSTHHE CHCTEMBI, KOTOPOE He HMeeT TEHAeHIHH

K H3MEeHEeHHIO C TeYyeHHeM BpeMeHH. fIcHo, uTo
OTCYTCTBHE TaKOM TeHAEHIHH GyleT CcH/IbHee BCEro BBIPAXK€HO Y Hail-
6o/iee BepOSITHOIO M3 BCEX MaKPOCOCTOSIHME, MEICJHMMBIX IJIi LaHHOH
cucTeMbl. BeposTHOCTE COCTOSIHMA MPOMOPLUHOHAJbHA €r0 CTaTHCTHue-
cKoMy Becy. [TosToMy paBHOBecHOe COCTOSIHHE M30JHPOBAHHON CHCTEMBI
MOXKHO ONpEeJeNHTh KaK COCTOfHHE, CTaTHCTHYeCKHH BeCc KOTOpOro
MaKcHMaJIeH.,

Cucrema, Haxoidmlasicdi B PaBHOBECHOM COCTOSIHHMH, BpeMsi OT Bpe-
MEHH CaMOMNPOM3BOJBLHO OTKJOHAETCH OT paBHOBecHsi. ONHAKO 3TH OT-
KJIOHEHHS ABJIAIOTCA HE3HAUMTENbHBIMH H KpaTKOBpeMeHHbIMH. [lonas-
JISIIOILYIO YacTb BpeMeHH CHCTeMa NMPOBOIMT B PaBHOBECHOM COCTOSHHH,
XapaKkTepH3yeMOM MaKCHMaJbHbIM CTATHCTHYECKHM BECOM.

CratucTHyecKasi (pu3HKa BCKpHIBaeT NpPHPOLY HeoOpaTHMBIX npo-
neccoB. IlpeanosioxxuM, 410 BHayase ra3 HaXoAMJCA B JeBOH NOJNOBHHe
cocyna, KOTopas OTZAeNsjiach Neperopoikod OT npaBodl mycToil moJio-
BUHE. Eciin y6partbh neperopoiky, ras caMonpOH3BOJIBHO pacmpocTpa-
HHTCA Ha Becb COCYA. JTOT npolecc 6yLeT HeoOpaTHMBIM, TaK Kak Bepo-
ATHOCTb TOTO, YTO B Pe€3y/bTaTe TeMNJOBOTO ABHMEHHS BCE MOJIEKYJIbI
cobGepyTcss B ORHOH M3 NOJOBHH cocyja, NMPakTHYeCKH paBHa HYJIO.
CnenoBatenbHO, caM no cebe, Ge3 BO3AEHCTBHSA H3BHE, ra3 HE CMOMKET
CHOBA COCDENOTOYHMTbCA B JICBOH MOJOBHMHE COCYAA.
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Takum oGpa3oM, Npouecc PacnpOCTpaHeHHs rasa Ha BeChb COCYA
OKa3bIBaeTCsl HeOBPaTHMbIM BCJIEICTBHE TOro, YTO OGpaTHBI eMy Mpo-
LLeCC MaJIOBEpOsITEH, STOT BHIBOJ MOXKET OBITh PAaCMPOCTPAHEH M HA ApY-
rve npouecchl. Beskuil HeoGpaTHMBIIl mpouece — 3TO TaKoW IIpolecc,
O6paTHHII KOTOpPOMY KpaiHe MaJjioBepOsiTeH.

§ 103. 3HTponus

B npempipyuweM naparpade Mbl YCTaHOBHJH, YTO BEPOSATHOCTD
MaKpoCOCTOsiHHA (B JHaJbHeHlieM Mbl GyJer TOBOPHTb TNPOCTO — CO-
CTOSIHUS) MPOMNOPUHOHAJbBHA €ro CTaTHCTHYeCKOMY Becy 2, T. €, uHcay
MHKDPOCKOITHYEeCKHX CMocoG0B, KOTOPHIM MOXET OBITb OCYILECTBJIEHO
JaHHoe MaxpococTtosiHue. ITo3ToMy B KauecTBe XapaKTepPHCTHKH Bepo-
ATHOCTH COCTOSIHMSI MOXHO ObLIO OBl B3fITH CaMO 3TO YMCJ0, T. €. 2.
OnHaxo Takasi XapakTepUCTHKa He o6/afaJja Obl CBOACTBOM aJAMTHB-
Hoctd, UToGBl yGemuTbCsi B 3TOM, pa3o0beM JaHHYIO CHCTeMy Ha JiBe
NpaKTHYeCKH He B3aWMojeHcTByromHe mopcHcreMsl. IlycThb 3tM noa-
CHCTEMBl HaXONATCH B COCTOSHMSIX CO CTaTHCTMYECKHMMH BecaMM 27 M
2,. Uucso cnoco6oB, KOTOPLIM MOXET OCYILECTBJAATLCA COOTBETCTBYIO-
Ilee COCTOSIHUE CHUCTEMbl, PABHO NPOU3BEAEHHIO UHCEJ ClocoboB, KOTO-
PBIMM MOTYT GbITh OCYLIECTBJIEHBEI COCTOSIHHSL KaXXAOH U3 MOJACHCTEM B
OTAEJBHOCTH:

Q=9192. (1031)

Otciona cnenyer, uto & JeHCTBHTEJbHO He SBAseTCA aJJHTHBHOH
BeJIMYMHOI,
BasiB sorapu¢gM oT cootHowenus (103.1), nonyunm

InQ=InQ;+InQ,. (103.2)

W3 (103.2) Buano, uto InQ2 — agnutuBHag BenuuuHa. MwmeTb geno
C aJIMTHBHBIMH BeJMYMHAMH MHOTO Mpolle ¥ yaoGHee. IToaTomy B Ka-
YyecTBe XapaKTepHCTHKH BEepPOATHOCTH COCTOSIHMA TNPUHHMMAaeTcsl BeJiH-
yMHa S, INpONOpLUHOHaJbHAs JorapH(My craTHCTHueckoro Beca. [lo
NpHUYHHE, KOTOpast BBIACHHTCA HHMKe, K03GhGbHUHEHT NpOnopHUOHANL-
HOCTM BbIOMDAlOT PaBHBIM TOCTOsIHHOH Boabumana k. OnpepesneHHyio
TAKUM CNOCOGOM BeNHUYUHY

S=kInQ (103.3)

HashBAlOT S HTPON U € CHCTEMEL.

I:Is CKa3aHHOro B TpeAplAylleM naparpade BLHITEKAOT CJeayloliye
CBOHCTBA 3SHTPONUMU:

1. OuTponMs H30JHPOBAHHOH CHCTEMBI NPH INpPOTEKaHMM HeoGpa-
THMOTO Mpotiecca BospacTaeT, [lefCTBHTe/NbHO, H30/MHpOBaHHaf (T, €.
npejpocTaB/IeHHAs caMoil ce6e) cHcTeMa MePeXONHT M3 MeHee BEPOATHBLIX
B Gosiee BEpPOSATHBIE COCTOSIHHS, YTO CONPOBOXK/IAETC POCTOM BeJIH-
yuser (103.3).
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2. DHTpONHMA cHCTeMbl, HaXojsilleficd B DaBHOBECHOM COCTOSTHHH,
MaKCHMaJbHa,

[opuepkHeM ellle pa3 He aGCOJIOTHO CTPOTHH XapaKTep BbICKa3aH-
HbIX yTBepxkieHuit. Hanpumep, sHTponMsi cHcTeMbl, HaXxoasuweics
B paBHOBECHOM COCTOSIHHM, IpeTepneBaeT He3HauWTeJbHble KPaTKo-
BpeMeHHble oOTpHuaTesnbHble GuykTyauud. OfHako 3TH (GIyKTyauuH
CTOJIb MaJbl, YTO NMPAKTHYECKH SHTPOINHIO MOXKHO CYMTATh NOCTOSHHOH
H PaBHOH MaKCHMaJIbHOMY 3HayeHHIO.

YTBEpHKIAECHUE O TOM, UTO IHMPONUA US0AUPOBAHHOL CUCMEMbL MOKCEM
monexo 603pacmarme (1160 MO JOCTHMKEHHH MaKCHMaJ/IbHOTO 3HayeHHs
OCTaBaTbCSl HEU3MEHHOH), HOCHT Ha3BaHHe 3a KOHa BO3pacTa-
HUSA SHTPONHUH WIM BTODPOTrO HadaJja TEpMOLH-
HaMHUKH, HMHavue MOXHO cKa3aTh, YTO 3SHTPONHUSA W30/JMPOBAaHHOMN
CHCTEMBEI He MOXET yObIBaTh.

Htak, npu mpoTeKaHWH B H30/MMPOBAHHOH cHcTeMe HeoGPaTHMOTro
mpolecca 3SHTPOMHS BO3pacraeT, T. €. BLINOJHAETCS COOTHOLIEHHE

dS>0. (103.4)

Uto6El BLIICHUTb, KaK BejeT ceff SHTPONHS HeH30JHPOBaHHOH
CHUCTEMbl, YCTAHOBHUM CBfi3b MeXJYy TNpHpaileHHeM 3HTPONHH dS H
KOJIMUEeCTBOM COOGLIeHHOro cucreme Tervia d’'Q. Byayunm dyukuueit
COCTOSIHMSA, SHTPONHS JOJKHA ONpeleATbCs NapaMeTpaMH COCTOIHHA
Tesa (MM cucTeMbl Tes), CaMbpIMH TPOCTHIMH CBolicTBaMM 06Jajaer
uaeasbHblit Ta3. Ero paBHOBecHOe COCTOSTHME MOJIHOCTBIO ONpeAe/sieTcs
3ajlaHieM JBYX NapaMmeTpoB, Hanpumep obobema V u temnepatypml T.
[Toneitaemcss HafiTh Bup ¢yHkuuud S=S(V,T) 119 0JHOATOMHOTO
HJeajbHOro rasa?),

PaccmoTpuM Haxoaswuiics B paBHOBECHH OJHOATOMHBIH HjeasbHbIf
ras, 3akJ/iO4YeHHHIH B cocyle oGbema V. BHemnue cusoBsie noss GyleM
CYMTaTb OTCYTCTBYIOIMMH. UHcio monekyn rasa passo N, Temmepa-
Typa rasa paBHa T.

MaxkpococTosHHe rasa xapakTepH3yeTcs 3HaueHUAMH napameTpos V
u T, MHKPOCOCTOSIHHE oOIpefiesisiercsl 3aJaHHeM KOOpPAMHAT H CKOpO-
crefi Bcex N Monekyn. PacnpefeneHne MosekyJ 1o KOOPAMHATaM H
pacrpese/ieHde IO CKOPOCTSIM SBJSIOTCA He3aBUCHMBIMH. [lostomy
CTATHCTHYeCKUi Bec 2 MaKpPOCOCTOSIHMSI MOMKHO IpeACTaBHTb B BHJE
NpOM3BEJIEHH MHOXHTeNA ., ONpele/sIoUlero KoJAHYecTBO PasJuy-
HBIX pa3MellleHHHl MoJIeKyJ B TpOCTPaHCTBe, U MHoOxurens £, on-
pele/iAlONIero 4UCJ0 Pa3jIMYHLIX pacnpefieleHHH MoJeKyJ Mo CKOpo-
CTAM:

Q=0 ,-Q,. (103.5)

IefictBuTeNIbHO, KaXoe H3 L, pacrnpefeNeHHil B IPOCTPAHCTBE
MOX@KET peaJH30BaThCsl COBMECTHO C JIIOGHIM M3 Q. pacnpejeneHHH
no ckopoctaM. Orciofia BeiTekaeT gopmyna (103.5).

1) Hanaraemnit Huxe BuiBoj npHHagiexur H, B, Hapoxuomy,
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Takum o6pasoM, B paccCMaTPHBaeMOM CJydae BRIpaXeH!e AN IHT-
PONHM HUMeeT BHA

S=kInQ=kInQ,,+%InQ,,. (103.6)

M3 aToit dopMyJsbl cenyeT, YTO HaXOXKAeHHe 3HTPONHH HAEaJbLHOTO
rasa CBOJMTCA K HaxoxJeHHI0 guces Q. 1 Q.. BusacHUB, Kak 3TH
yycJia 3aBHCAT OT MapaMeTpoB rasa V U T, Mbl HalJleM SHTPONHIO Kak
(QYHKUHIO JaHHBIX TIapaMeTpOB.

YTo6H onpefeNuTb SucaA0 L., pa3obbeM obbeM V, 3aHMMaeMull
rasoM, Ha oJfuHaKoBhie KyGuueckue savefikd. OGbeMm siuefikm AV BH-
6epeM Tak, 4TOOHl YHCJIO fYeEK

r=VIAV (103.7)

6LLT0 MHOTO MeHblLe Yicya MoseKya N (r<€N). Toraa B Kaxayio ssueky
6yler monajatb B cpelHeM MHOro MoJjekyJ. Huxe mur yBHauM, 4TO
pasMep sideek (Kpome ycloBusa r<€N) He OKa3sbBaeT CYILEeCTBEHHOTO
BJIHSIHUSL Ha BBIpaKEHHE AJIs1 SHTPONHH,

- 7-7 A : 2-7 4. .' P : ‘r-a 74, (
l 2 ”[ 1 2 nz «s ’2 - Ia.
Puc. 103.1L.

PaccMOTpUM MaKpOCOCTOSIHME, XapaKTepH3yeMoe TeM, uto B l-if
AYefiKe HaXOOUTCA n; MOJIEKYJ, Bo 2-H siueilKe — n, MoJekyJ, ...,
B r-fi suefike — n, monekyn (X n;=N). Haiigem uuciao cnoco6os
(T. €. 4HCJIO MHKPOCOCTOSIHMH), KOTOPHIMH MOXeT GhITb peaJM30BaHO
TaKoe MakpococTosiHue, [[1s1 3Toro 3aduKcHpyeM BHYTPH siu€eK «Me-
cTa», B KOTOpble Mbl GyJeM «IOMELLaTb» MOJNEKYJIbl, OCYINECTBJSS HX
pacnpejenenue no siyeAkam (Ha puc. 103.1 atu Mecta oGosHaueHb
TOYKAMH).

Mounekyspl MOTYT 6bITh pasMelnensl No o603HaYeHHEIM Ha puc. 103.1
mectaM N! cnocobamu (N! — uncio nepectanoBoK N MoJsekya no N
MectaM). OnHako mnepecTaHOBKH, NIPH KOTOPHIX l3MeHsIeTCS TOJBKO
NOpSIZIOK pasMeIleHHs1 MOJeKyJ no n; MectaM l-it sigefiku (TaKuX mepe-
CTaHOBOK m,!), nMu60 pasMelnennie MoJeKyJa MO fn, MecTaM 2-fi sigefKu
(TaKMX NepecTaHoBOK M,!) M T. 1., He NPHUBOAAT K HOBOMY MHKpOCO-
crofnuo. HamomHuM, 4To OTfe/NbHHE MHKPOCOCTOSHHS OTJIMYAKOTCSH
TOJbKO HOMepaMH MOJIEKYJ, MONAJAIINX B pasilluHbe AYEHKH., 3a-
¢$UKCHpYeM HoMepa rn; MOJeKyJ, KOTOophle Haxonsitca B 1-f suefike,
KaxaoMy H3 BO3MOXKHEIX pacnpele/eHHH OCTaJbHHIX MOJEKYJ Mo
IpyTUM f4efiKaM COOTBETCTBYeT f,! pa3/MYHEIX pa3MelmleHHA MOJeKyJ
B 1-i ayeiike. [TosToMy, pasje/uB IOJHOe YMCJO NMepecTaHOBOK N! Ha
ni!, Mbl HCKJ/IIOYHM M3 PAacCMOTPEHHsl Te€ NMEPECTAHOBKH, KOTOpPhIE OTJIH-
4aloTcs JHIb CNocofoM pa3MellleHHs MoJleKkya B 1-i sueiike, PasaenHs
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satem N!/n;! na n,!, Mbl HCK/IIO4MM U3 PACCMOTPEHHS Te NIEPECTAHOBKH,
KOTOpble OT.IHYAIOTCA JHIUb CNOCOGOM pPasMelleHHs MoOJIeKyJa Bo 2-it
auveiike, Ilpoto.:kas STOT mpouecc, NMPHAEM K BbIPaKEHHIO

M (103.8)

P tngl.. .l

KOTOpOe flaeT 4HCJIO paclpefesieHHH MOJIeKYJ Mo sdyefikam, OTJHyaro-
LUXCcA JHIIb HOMEDaMH MOJIeKYJl, HaXOAMUIMXCA B PasHbIX sYefikax
(cp. ¢ (102.2)). D10 yncno mpencrasaser coboit «NPOCTPAHCTBEHHYIO»
9acTh CTATHCTHUYECKOTO Beca.

IMockonbKy MO NpeANoIOKeHHIO BHEILIHee CHIOBOE MoJle OTCYTCTBYET,
B PaBHOBECHOM COCTOSIHHM MOJEKYJbl pacnpefesiioTcss mo ofneMy ¢
MOCTOSIHHOH mJoTHocTelo. ChefoBaTeIbHO, uHucaa fy, May, .., N
OKasbIBaIOTCA B CpeIHEM OAMHAKOBLIMHM M PaBHHIMH n=N/r (HanoMHHM
4TO r — YHC.10 siveek). Takum oOpa3oM, J/1s PaBHOBECHOTO COCTOAHHS
«IPOCTPAHCTBEHHAs» YaCTh CTATHCTHYECKOrO Beca paBHa

r
’

Q= (T"f)'—
JlorapudmMHpoBaHHe jaer
InQ,=InN!—rlnn!. (103.9)
CoraacHo gopmyse Crupaunra (cM. Ilpunoxenue I1)
InN!~NInN—N. (103.10)

Bocno.1p3oBaBLKch 3Toil hopMy.toit, npeobpasyem (103.9) ciexyrowin
obpasoMm:

InQ~NInN—N—r(nlnn—n)=NInN—NlInn=NIn(N/n)
(bl yusu, uyto rn=N). OtHoweHre N/n paBHo V/AV. CnegoBatenbHo,
InQ,=VIn(V/AV)=NInV —NInAV. (103.11)

Iepefinem K HaxomieHuro ... BegeM mpocrpaHcTBO, O ocam
KOTOPOro OTK/aJbIBAIOTCA KOMIIOHEHTHl CKOpocTeH MoJeKyJs (npoct-
paHCTBO cKopocTeil). Pa3ofbeM 3TO MPOCTPAHCTBO Ha OAHHAKOBBIE
Kybudeckne siuefikn ob6meMom AA. Hixe BBIACHUTCS, YTO 3HayeHHe
AA, xaK ¥ 3HaueHHe AV, He CyIeCTBEHHO; BaXHO JIMILIb, YTOOL O6BEM
AA 6nl1 10CTaTOYHO BEJIMK JJIS TOro, YTOOKI B HEro «Iomnaaajo» MHOro
MOJIEKYJI.

B paBHOBECHOM COCTORHMM IIJIOTHOCTh P TOYEK, H30OpaKaloLlUX
CKOPOCTH MOJIEKYJ, onpejejsierci ¢dyHKUHeH pacnpeaeneHus Maxc-
Beasa (cM, (98.1), (98.14) u (98.24)):

P=Nf (U Uy v;) =
2 2 2 a
=NAaexp(_ﬂM)=N( m) exp (— ).

2T 2n kT 2T
O6o3nauns cKOpOCTb, OTBEYAIOMYIO i-f ggefike, Yepe3 v;, MOJYYUM AJIS
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«MIJOTHOCTH MOJIEKYJ» B i-H siYeliKe 3HaueHHe

m \3/2 mv%
pi:N(2nkT) €Xp <_'2k—T>

HakoHell, YMHOXHB NJIOTHOCTb P; Ha o6beM siuedkH AN, MOJyYHM 9HCIO0
MOJIEKYJ f;, MONajalolnx B i-10 siYeHKY:

m 3/2
ni=N (g7) exp< M)Ax (103.12)

Ilo ananoruu ¢ (103.8) sakarogaeM, YTO YHCAO cNOCOGOB, C MOMOULEIO
KOTOPHIX MOXIIO Paclpelie/IUTh MOJEKYJbl N0 fiyedKaM NpH 3aJlaHHBbIX
yuchax f;, paBHO

AL (103.13)

ok = nilngl. . .ongl...
B oranuue or (103.8) uncio syeek Temepb GeckoHeyHo Beauko. Ogf-
HAaKo /A fiyeeK, JOCTATOYHO yJaJieHHHIX OT Hayaja KOOpAHHAT, uhcia
n; NPaKTHYECKH paBHHI HYJIO. JlorapudmupoBande Beipaxenus (103.13)
Jaet
anCK=1nN!——Zlnnil
Ilpumenus dopmyay (103.10), moayuum
InQ,.~NInN —N-—Z (n;lnn;—n)=NInN—2nlnn; (103.14)
i i
(E n,- = N).
Coraacio (103.12)

lnn,-=1nN+lnAA+%]n<2'zk) +InT — ;:;f
IloacraHoBka sToro BeipaxeHus B (103.14) npuBoznt K dopmyJe

lnQ,=NIN—(nN+1InAA]-
o In - —oln T)Z Pit g S ni—t . (103.15)

BripakeHue E”i mo 9KBHBAJICHTHO N< ) N+ kT cyMMa

> n; paBHa N. Yurs 31'0 nepenumem (103.15) c.neﬂ,ylomHM o6pasom:
InQ,=NInN— N InN— NlnAA—

— S NIngt S NInT+ o Ng kT =S NInT —NInAA+
-|—-2—N[ —lnm]=-2—NlnT—N1nAA+7Na. (103.16)

3nech yepes o 0003HaYeHO CTOsilee B KBaJApaTHBIX cKobKax BbIpaxe-
HHE, HE COoEpiXKallee NapaMeTpOB COCTOAHHUA rasa.
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[Monoxus B (103.11) u (103.16) N paBHbiM uitcay Aporagpo Ny
W MOJACTaBMB 3ateM 3TH Buipamenus B (103.6), npuiem K dopmyne pis
SHTPONHH OAHOTO MOJsi OXHOATOMHOrO KJEaJbHOro rasa:

Su=kNAINV —EN 10 AV +3 kNs InT — Ny N AA -+ 3 kN s .

IMpoussenenne kN, paBHO rasosofi nmocrosnnodl R. CnenoBaTe/bHO,
Su=RInV-+3RInT—R In(AV-AA) + 3 Ra.
Beensi oGo3HaueHue
Se=—RIn(AV-AN) + 3 Ra (103.17)

W yutd, uTo %/,R €CTb MOJISIpHAas TEIJIOEMKOCTb OJHOAaTOMHOIO rasa Inpi
nocrofsHHoM ofbeme Cy,, NPHAEM K OKOHUaTesJbHOH dopmy.e:

S,=RInV-+C,InT+S,. (103.18)

Ora ¢opmyaa onpefiesisieT MOJNSPHYIO SHTPONHIO OXHOATOMHOTO ) Hje-
aJbHOrO rasa Kak (pyHKuHMO mapamerpoB cocTossHuA V u T Bocnosb-
30BaBIINCh YPaBHEHHEM COCTOSIHHS, MOMKHO IepedTH K BEIpaXKeHHIO
JJs. SHTPONHM 4epe3 ApYyTHe MapameTphl, HanmpHMep uyepe3 V u p.

M3 (103.17) BuaHO, uTO BHIGOp pasmepoB siueek AV u AA Bauser
JMLIb Ha 3HayeHHe aJANTUBHO!N KOHCTaHTH Sy, C TOYHOCTHIO 10 KOTOpOii
onpenensiercd 3HTponusA ¢opmyJoi (103.18).

Tlpu cooBmennn rasy tenna d'Q namensiercs au6o T (IpH NOCTOSIH-
HoM V), au6o V (npu mocrosnHo#t T), subo o6a napamerpa 7 u V.
CooTBeTCTBeHHO H3MEHSIeTCH TaKKe M sHTponus. UTOGH cBsizaTb 3TO
nameHenne ¢ d'Q, Bo3pMem auddepeHuman Beipaxenus (103.18) u
yMHOXKHUM ero Ha T. B pesyabrare nonyyum

T
TdSM=§—MdVM+C,,dT

(4TOGBI MOAYEPKHYTb, YTO UMeETCs B BUAY MOJb rasa, MBI IIOCTaBH.IH
npH V HHJAEKC «M»).

Cnaraemoe C,dT gnaer npupauieHde BHyTpeHHeH 3Hepruu rasa
dU,. Tlonaras npouecc coobuieHus Temsia d’Q oGpaTHMBIM, MOXHO
npezacTaBuTh caaraemoe (RT/V,)dV, B Bupe p dV,=d'A. Takum 06-
pasoM, MH NPHXOAMM K COOTHOLIEHHIO

T dS, =pdV,+dU,.

B cuay apmutuBHOocTH S, V u U aHajiornuHoe COOTHOIIEHHE HMeeT
MeCTO AJs1 NPOU3BOJBHOM Macchl rasa:

T dS=pdV4+dU =d’ A+dU.

1) B § 107 6yaer noxasaHo, uto dopMyaa (103.18) cnpasesnpa H A/1 HACATLHOIO
Ia3a c MHOTOAQTOMHBIMH MOJEKYJIaMH.
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CorJlacHO TepBOMY HauaJly TEepPMOAMHAMHKHM NpaBas 4yacTb 3TOro pa-
BeHctBa ecThb d'Q. CiefoBarenbHoO,

T dS=d'Q.
Orcroga

dS(,“,.:‘—i'Ti (o6patumblil npouecc) (103.19)

(MHAEeKC «OUT» O3HaYaeT «OJHOATOMHBI HEaJbHEIN ras),

Mbr nonyunsam c¢opmyay (103.19), paccmaTpuBast OAHOATOMHBIR
uieanbHblii rad. OfHaKo ee JIETKO PacnpoCTPaHHUTh Ha JIOGYI0 TepMo-
IMHaAMHMYecKylo cHcreMmy. [lomycTHM, HYTO HMeeTcsl HaXOAAUIasics B
PaBHOBECHOM COCTOSIHMH HM30JMPOBaHHasi CHCTeMa, B COCTaB KOTOpOH,
HapsAay C OXHOATOMHLIM HJeasbHbIM ra3oM, BXOAAT Jpyrue Teja, COBO-
KYIHOCTb KOTOPHIX Mbl Ha30BeM IMOAcHcTeMoil. Bce uyacTH cHcTEMEI
MMeIOT OIMHAKOBYIO TeMneparypy (MHa4e COCTOSIHHE CHCTEMEI He Oyjer
paBHOBECHBIM). BcileicTBHe aAXMTHBHOCTH 3HTPOIHMIO CHCTEMBI Sgyer
MOXKHO NPEICTaBUTL B BHJE

Scncr = Snoncncr + Sonrv

rae S;oacper — SHTPOMHS  TOACHCTEMBI, a S,,r — SHTPOINHSL OJHO-
aTOMHOro HAeasbHOro rasa. IlycTb TeMneparypa rasa npereprea
GeckoHeyHo MaJylo dayKryaunuio dT. Beaencrsue 3toro ras noayuut
OT nmoAcHcTeMbl KoanyectBo Tensaa d'Q,,. Iloacicrema nomyunt
npu stoM Temo d'Quoieger=—d Qogr. B cuay madoctu dT stOT
mpolLecc MOXHO cuHTaTh obparHmbiM. CiiefloBaTe/bHO, SHTPONMSA rasa
nonyunt npupamenne dS,,.=d Q,./T.

Ilpu mpoTekaHuu B H30HMPOBaHHON cHcTeMe oOpaTHMOro Mpolecca
SHTPOMNUSA CHCTEMBhl OCTaeTci NocTOsiHHOH. OTCIOAd BHITEKaeT, 4To

dSc"cr = dSnoncncr + dSonr =0.

Yurs 3HauenHe dS,,., NOJYYHNM AJIS TNPHPAILEHHS SHTPOMHH MOA-
CHCTEMHEl BLIpajkeHHe
—d’ d’
dSnoncncr= _dSour — Qour —_ Qnoacuner .

3 T T
Takum o6pasom, U 1151 COBOKYNHOCTH NMPOH3BOJIBHLIX TEJ OKa3hIBaeTCH
cnpaBelJIMBOl (popMyJa

dl
=—T£ (o6parumsil npouecc). (103.20)

3nech d’Q — KOIHYECTBO MOJMYYEHHOrO0 CHCTEMOR TMpH ofpaTHMOM
npouecce Temna, T — TeMneparypa CHCTEMSI.

OTuMeTuM, 4TO, B TO BpeMsi Kak d’'Q He sBJSETCH MOJHEIM Audde-
pexnuuasom, Buipaxenue (103.20) ectb nonubiil anddepeHuHan (HT-
ponus — (PYHKIHSI COCTOSTHUSA).

Tenepb MoxHO 06BACHHTB, noueMy B ¢opmyJe- (103.3) Gnia B3siTa
B KauecTBe Ko3(pHilHeHTa NpPONOPUHOHAJBHOCTH mocToAHHAA Bouabil-
MaHa k. Baaromaps 3toMy Kos(pHUMEHT MPONOPLHOHAJBLHOCTH MEXAY
dS n d’'Q/T nonyuusaca paBHeiM enuuuue (cM, (103.20)).
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CocTosiHHe, OCVIIECTBJASieMOe OTHOCHTENIbHO MaJbIM YHCJIOM CHOCO-
6oB, Ha3bIBaeTCA YN OP AAOUYEeHHBM HWIMHECJAYYailHEHM,
CocTosiHHe, OCYUIECTB/IsieMOe MHOIMMH DPa3/IMYHEIMHM CIocob6aMu, Ha3bl-
BaeTcs 6ecCNOPAAOYHBM HIH cayqyaiHB M, Takum 06-
a30M, SHTPOMHUS SBJSETCH KOJHUYECTBEHHOH MEpOll CTemeHH MOJIeKy-
JspHOro Gecrnopsiika B cucrteme, 310 06CTOSATENLCTBO NO3BOASIET NOHATE
cmbicat cooTHoweHns: (103.20). Coofuierne cHcTeMe Tensaa MPHBOLHMT
K YCHJIEHHIO TEIJIOBOI'O ABMXKEHHS MOJIEKYJ U, C/IeJOBaTe1bHO, K YBe-
JIYeHHI0 cTeneHH Gecnopsiika B cucreme, Uem Bhllle Temmepatypa,
T. €. 4eM 6oblie BHYTDEHHASl 3HEPIHsl CHCTEMBI, TeM OTHOCHTEIbHO
MeHbllleli- OKa3plBaeTcsl 1o/ Gecriopsika, 00yCJ0BIeHHOTO COOGLIeHHEM
SaHHOro KoauuectBa Tensa d'Q.

Ons cnpasenauBoctd paBeHctBa (103.20) BecbMa cyllecTBeHHA
06paTUMOCTb Hpouecca, B Xo4e KOTOPOro cucreme cooblliaeTcs TemJao
d'Q. Ecan xoanuectpo Tensa d'Q coobuiaeTcs clcTeMe B Xole Heobpa-
TIMOrO IIpouecca, SHTPONHA BO3pacTaeT KaK BCJENCTBHE cOOOLIeHHs
Tenja, TaK M BoIeACTBHe HeoGpaTHMOCTH npouecca, Ilostomy HMmeet
MeCTO HepaBeHCTBO

das > d'TQ (HeoGpaTuMmslfi mponecc). (103.21)

[Mpn d’'Q=0 370 HepaBeHCTBO mepexoiuT B cooTHowWweHHe (103.4).
ITon T B dopmy.e (103.21) nogpasymeBaercs TeMnepaTypa peaepByapa,
OT KOTOpOro JaHHas cucTeMa nogyyaer temno d'Q. Temmepatypa cu-
cTeMbl NpH HeoGpPAaTHMOM IpoHecce MOXeT He HMeTb OlpeleseHHOro
3HAYeHHs, NOCKOJIBKY COCTOSIHHE CHCTEMBl He SIBJifieTCH PaBHOBECHRIM.
dopmyant (103.20) u (103.21) MOXHO 0OBEAMHHTL BMeECTe, HaNucas,
470
d'Q
dS>= - (103.22)
3HaK paBeHCTBa OTHOCHTCA K OOpaTUMbIM, 3HaK HepaBeHCTBa — K
Heo6paTHMEIM IpoLeccaM.

CootHowrenre (103.22) cnyXHT OCHOBOH AJs1 TePMOAMHAMHUYECKHX
NpHMeHEeHHN MOHATHA SHTponuH, O6 3THX NPUMEHEHHAX HIAET peyb B
cenyoweil riase,

Ilpn aGcomoTHOM HyJe BCSIKOE Teso, KaK NpaBuiio ¥), HaxomuTcs
B OCHOBHOM COCTOSIHHHM, CTATHCTHYeCKH}i Bec KOTOPOrO paBeH eIHHUile
(Q=1). dopmyaa (103.3) maer B 3TOM cJyyae A/ SHTPONUHU 3HaueHHe,
paBHoe HyJio. OTciofla BLITEKaeT, YTO SHMPONUSR 6CAKO020 meAa cmpe-
MUMCA K HYMO Npu CMpemMAeHUU K HYMO MEMNEpamypot:

lim $=0. (103.23)
. T—+0
270 yTBepKJeHHe NpeicTaBisieT coboi colepakaHHe TaK HasblBaeMoOH
TeopeMn Hepwsncrta, HHoraa yteepxaense (103.23) HasuBaloT
TPeTbMM HayaloM TEPMOAUHAMUKH,

1) M3 atoro npasuia GhlBAlOT HCKJIOYEHHA, KOTODEIX Mhl KacaTbcs He GyneM,



TMTABA XII
TEPMOAMHAMHKA

§ 104. OcHOBHBIE 33KOHBl TEPMOJHHAMHKH

TepMoauHaMHKa NepBOHA4aJbHO BO3HMKJA KaK HayKa O Ipespa-
LIleHHAX Tely1oTH B pabory. OfHaKO 3aKOHBHI, Jexalide B OCHOBe TepMO-
AMHAMUKH, HMEIOT HacTOJIbKO OOLIHH XapaKTep, UTO B HacTOsILee BpeMs
TepMOJAWHAMHYECKHEe MeTOAbl ¢ GOJbLIHM YCNeXOM INPHMEHAIOTCS MIJIA
HCCJIeJOBAaHHST MHOTOUYHC/ICHHBIX (PM3HYECKHX H XHMHYECKHX MpOLEeCcCcOB
U 1/ U3YyYeHHs CBONCTB BelllecTBa H ManyueHHs, Kak yxe oTmeyasoch
B § 79, npu M3ydeHHWH CBOHCTB M NpOLECCOB IpeBpailleHUsl BellecTBa
TepMOAMHAMHKa He BJaeTcs B pPacCMOTPeHHe MMKPOCKOMHYecKol Kap-
THHBI sABJeHHi, OHa paccMaTpHBaeT siBJIeHHs, ONMUPasch Ha HM3BJEYeH-
Hbl€ U3 ONbITa OCHOBHBbIE 3aKOHBI (Hayasa). Ilo 3ToH mpuuMHe BEIBOAHI,
K KOTOpPbHIM INPUXOAMT TepMOAMHAMHKa, HMEIOT TaKylo Ke CTeleHb
JIOCTOBEPHOCTH, KaK M Jexalue B ee ocHOBe 3akoHbl. [locnesnue ke
SABJASIOTCS  OGOOIIEHNEM OFPOMHOTO KOJIHYECTBA OMNBITHBIX JI@HHBIX.

OcHOBY TepMOJHHaMHKM 00pasyloT ee fBa HayaJsa, [lepBoe HayaJjo
YCTaHaBJHBaeT KOJHWUYECTBEHHbIE COOTHOLLUEHHs, HMEolHe MeCTO MNpH
npeBpallleHHsIX 3HePTHH M3 OAHHX BHAOB B Apyrde. Bropoe Hauaso
onpefie/ifieT YCJOBHS, IPH KOTODHIX BO3MOXHBI 3TH INpeBpallleHud,
T. €. OnlpejesifieT BO3MOXHblE HaNpaB/IeHHS MPOLECCOB.

TlepBoe Hauaso TepMOAMHAMHMKH YTBEDPIKIAeT, UTO KOAUMECTEO
menaa, coobwaemoe cucmeme, 3ampaiusaemea Ha npupawerue 8HYmpen-
Hell 3Hepauw cucmemol u cogepliuerue cucmemot pabome:r HAO GHELUHUMU
meaamu:

Q=U,—U+A (104.1)
Uy B auddepeHuranbHol dopme:
d'Q=dU+d'A (104.2)

(cM. (83.2) u (83.4)).

IlepBoe Hayas0 MHOrAZ GOPMYJIMPYETCHA CAEAYIOLMM OOpa3oM: He-
803MO%ceH nepnemyym mobuire (Seunoll dsueamens) nepgozo poda, m. e.
maxotl nepuodusecku Oedicmsyrowyuti deuezamens, Komopell cosepuiar 6ot
pabomy 8 Ooabuiem KoAuHeCmSe, Hem HOAYHAEMAR UM U3SBHE SHEP2UR.
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Beskuit ABuTaTtesqb npeicrtaBaseT cofOf CHCTeMy, COBEpLIAIOLIYIO
MHOTFOKDAaTHO HeKHMH Kpyromoi mpouecc (uukim). ITycTh B xome nnkia
pabouee BemecTBO (HampuMep, ra3) cHauaJjia paciuupsiercs A0 oGbeMa
V,, a 3aTeM CHOBa CxKHMaeTcsl O NepBoHauaJibHOro ob6nema Vi (puc.
104.1). Uto6b1 paboTa 3a uukJ Obljia Gonblie HyJs, JaBieHHe (2 cle-
LIOBAaTeJIbHO, M TeMIepaTypa) B NpoOLEcce pacUIMpPeHHs AO/KHO OhITh
6osible, yeM NpH cxkatuu. [li1g 3Toro pafoueMy BelIeCTBY HYXKHO B
Xole paciuHpeHHs coofllaTh Temsjo, a B XOAe CXKaTHA OTHUMAaTb OT
Hero Terio.

CoBepuinB LMK/, paGouee BelIeCTBO BO3BpallaeTcd B UCXONHOE CO-
crossune. [To3ToMy H3mMeHeHHe BHyTpeHHeH 3HepruM 3a LHKJI paBHO
nymo. KonuuectBo Tensa, coobiiaemoro paGoueMy Telly 3a LHKJ,
paBHo Q, — @Q;, rae Q,— TenJo, .
nonyyaemoe paGoYMM TeJOM TpH 14
paciidpeHud, a @Q; — TenJo, oria- & a’l
BaeMoe npu cxaruu. PaGora A, co- i A>0
BepliaeMasi 3a IIMKJ, paBHa mJo- i !
wann nukaa (cM. § 84). Takum obpa- |
30M, Bolpaxenue (104.1), uanucas- !
HOe JJiF LHKJa, HMeeT BHA !

1]

A=Q;—Qi  (1043) o

[Teproauyecku JeHCcTBYIOMHUA Pic. 104.1.

JBHUraTesb, COBeplLIaILHi paboTy 3a

CYeT NoJyyaeMOTo M3BHE TelJa, Ha3blBaeTCd TE€MJ OBO# Ma w -
H o ii. Kak cnepyer u3 (104.3), He Bce mosyuyaemoe M3BHE TemJo @y
HCTHoMb3yeTcA AJs1 NoJydeHHs nosesHodl paGoth. asi Toro yToGHl ABH-
ratejp paboTaJ UMKJAMH, YacTb Tem/aa, paBHasA @;, J1OMKHA GHITH BO3-
BpalleHa BO BHEIIHIO CpPefy H, CJeJoBaTeNbHO, He HCNOJIb3yeTca Mo
Ha3HaueHHIo (T. e, AJA COBepLIeHUs MoJe3HoH paGothl). OueBHAHO, YTO
yeM NoJiHee NpeBpalllaeT TelJIoBas MallMHa MOJyYyaeMoe H3BHe TelJio
Qi B mosesnyio paGoty A, TeM 3Ta MamuHa BeiropHee. IToaToMy TemJo-
ByI0O MalUHHY IPHHATO XapaKTepu3oBaTb KO3bPHULHEHTOM
noaesadHoro jgeHdcTBHA m (COKpalleHHO K. I. A.), KOTODHIi
onpejeseTcss KaK OTHOLIEHHEe coBepluaeMod 3a LMK pa6otel A X no-
Jy4YaeMoMYy 32 HHMKJ Tenay Q:

A
n=g- (104.4)

&i 4,<0

Nt
<

INpunsiB Bo BHUMaHHe cooTHoweHHe (104.3), Belpa:keHHe A K. 1. 1.
MOXXHO 3alHCaThb B BUJE

_Qi—Q:
Tl_ Q]. . (104.5)

H3 omnpegeneHds K. 0. K. cjaeayeT, 9T0 OH He MoxeT ObITh Goublue
€UHHIBL.



342 IJ. XI1l. TEPMOJHHAMHKA

Ecan ofpatuTh LMKJ, M300pameHHBIH Ha puc. 104.1, noayuurtcs
LMK XOJNOAU/NBbHOM MamMHbl, TaKas MalInHa OoTOHpaeT 3a LUK OT TeJa
¢ TeMnepatypoit T, KoauyecTBo Tenna Q, U otiaer Teay c Gosiee BHICO-
Koit TemmepaTypoit Ty xonudecTBo Temsa Q;. Hax mawmsoft 3a muk.
IosmxHa ObITh coBepuieHa paGota A’ DbdeKTHBHOCTb XOJOXHJIBHOM
MalMHEL XapaKTepU3YIOT ee XOJOAHJIbHLIM KOo3(dHIHeHTOM, KOTOpHIH
OnpeaeiifloT Kak OTHOLIEHHe OTHATOro OT OXJaXK[aeMoro Teja Tella
Q: kK paGore A’, KoTopasi 3aTpauMBaeTcsi Ha NpPUBENEHHE MALIHHEI B
AeiicTBHe:

Q: __ Q
A7 Qi—Q

BTopoe Hauaso TepMOAMHAMMKH, KaK H NepBoe, MOXeT GhITh cgop-
MYJ1IPOBAaHO HECKOJBbKHMH croco6amu. C ofHoil H3 (OpMYHPOBOK MBI

nosHakoMusuch B § 103, Ona sakir